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Surge Impulse Breakdown of Air 

BY J. J. TOROK.* 

Associate, A. I. E. E. 


Synopsis, —This paper describes a phenomenon which is used 
as a method of studying the development of high-^voltage sparkover. 
It has been found that if a voltage which rises very rapidly to a value 
more than sufficient to cause bi'eakdown if continuously applied is 
impressed upon a sphere-gap, and this is very quickly reduced to a 
low value, luminous streamers are produced instead of the usual 
intense spark. These streamers can he ohsei'ved unth the eye and 
can he recorded on a photographic plate by the use of a quartz lefts. 
The phenomenon described and recorded is of intense intei*est 


because it 'presents the intermediate stages between the initiation of 
and the actual flashover between the spheres. 

The effect on time lag of flashover with special reference to the state 
of ionization of the gas previous to flashover is also dis<ynssed. 

Besides giving information on the mechanism of development of 
spark-over, this method of suppressed discharge^' has been used to 
determine the nature of the electrostatic field about insulators and 
between electrodes of various shapes, 

m * * Hf 


I N studsdng spark discharges, various investigators 
have tried to obtain the relation between voltages 
applied, lengths of gap, shape of electrodes, 
humidity, pressure, state of ionization, and various 
other factors in gaseous dieleclric breakdown. 

H. Hertz* discovered that the spark passed more 
easily when the electrodes were exposed to ultra violet 
light and later, E. Wiedemann and A. Ebert“ proved 
that the spark was affected only when the light was 
projected on the cathode. G. Jaumann^ concluded 
that the sparking voltage was determined also by the 
rate of rise of voltage dv/dt. E. Warburg^ concluded 
from experiments that ultra violet light reduces only 
the time lag of the spark because of the photoelectric 
effect, i. e., the liberation of electrons from the cathode 
by light. 

Townsend,® who developed the theory of ionization 
by collison, summarizes his views as follows: “In order 
to start a discharge it is necessary that there should be 
some ions in the gas initially, and when the force in 
the field between the electrodes is raised to a certain 
point, these are multiplied by collison to a sufficient 
extent to maintain the discharge.® At first the negative 
ions alone generate others as they move through the 
gas, but as the force increases and the sparking potential 
is approached, the positive ions also acquire the 
property of producing others to an appreciable extent.”^ 
In his theories, Townsend does not attempt, quantita¬ 
tively, to account for time lag of spark discharges. 
He merely states that time lag is a direct function of 
the initial ionization of the gas and an inverse function 
of the overvoltage. Attempts have been made, 
however, to extend Townsend’s theory to account for 
time lag of sparks, but none has been successful in 
accounting for time lags of a shorter period than 10~^ 
seconds which experimenters, such as Pedersen,® 
Peek,® and Burawoy,*® find to exist at atmospheric 
pressures and large gap lengths. 

*'Westingliou^..Ele(5. & Mfg. Co., East Pittsburgh, Pa. 

1. For references see BibKography. 

Presented at the Winter Convention of the A. I. E, E., New 
Yorkf-N. Y., Fehruari^ 13-i7,1SS8, "... 


W. Rogowski'* has made a thorough analysis of Hie 
time lag problem, and has applied Townsend's theory 
quantitatively to a homogeneous field. In his calcula¬ 
tions he assumes that the field contains at least one 
free electron which steuls'the ionization process. The 
time of breakdown was taken to be the time for the 
current to reach twice the value which would have 
been obtained if there was no ionization by collison of 
positive ions. This time is found from the determina¬ 
tion of the rate of ionization, the respective velocities, 
and the distance traveled by both the positive and 
negative ions. The calculations are carried to a fair 
degree of refinement. The results he obtained show 
that the doubling of the current is reached after a time 
interval of d/u in which d is the distance between 
electrodes (in his case 1 cm.) and u the velocity of the 
positive ion (which he found to be approximately 
10® cm/sec.). The time required to double the cur¬ 
rent would be of the order of 10~® seconds. A 
discrepancy arises between the calculated and experi¬ 
mental time lag of spark formation. 

Rogowski points out that the electron moves rapidly 
enough to transverse the entire field (1 cm. in length) 
many times during 10-® seconds. The sluggishness of 
the positive ion causes much difficulty and is probably 
the weak point in Townsend’s theory. Rogowski 
believes that space charge plays an important part in 
the breakdown, which would enable Townsend’s theory 
to hold for surge breakdown by merely changing the 
number of electrons produced by positive ions in one 
cn;. of travel. 

Apparatus 

For the study of impulse characteristics of gaps and 
other apparatus, it is necessary to have a controllable 
source of high-voltage impulses. Sxirges are usually 
produced artificially by discharging condensers through 
a resistance by means of a sphere-gap. The voltage 
piles up across the resistance which gradually discharges 
the condenser. The discharge may be a damped 
oscillation or a d-c. impulse, depending upon the value 
of the constants of the circuit. A surge generator of 
this nature, which the a^iuthor used in studying time 
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lags of sparks, was fully described by D. P. Miner.** 
Fig. 1 is a schematic diagram of the surge generator. 
It consists of ten groups of condensers, nine of which 
are charged in parallel through one-megohm resistors, 
and the first group of the series is charged directly 
without current limiting resistors. The purpose of 
eliminating the resistance in the first stage is to fix 
the potential of the charging apparatus to the voltage 
of the first group during discharge. is set to break down 
at a given voltage, while the other intermediate gaps, 
Gi, Gs, Gi, .Gio are set for voltages approxi¬ 

mately 25 per cent higher than Gs. When the condens¬ 
ers become charged to the voltage E, for which Ga is 
set, the gap Ga breaks down throwing groups two and 
three in series. The voltage now across the ends of 
these two groups is 2 J5, which is above the breakdown 
voltage of the gaps at the terminals, consequently they 
too will break down. Thus, all the gaps break down in 
succession. Since th^e are ten groups charged to a 
potential of E, the final voltage across the terminals of 
the condenser groups will be 10 E. The rated voltage 



Pig. 1—Diagram of Connections for IO^Stage Surge 
Generator 

of each condenser group is 100 kv. Thus the maximum 
surge voltage obtainable without reflections is 1000 kv. 
By reducing the gap spacings a lower surge peak is 
obtained. 

Visual Evidencb of Time Lag 
The study of time lag demands a knowledge of wave 
form of the impulse obtained from the surge generator. 
While attempting to determine the wave front of 
steep waves by reflection methods, the author noticed 
that occasionally a glow resembling a corona discharge 
occurred between the 75-cm. spheres used as a mea¬ 
suring gap. It had been generally accepted in low 
frequency work that the sphere-gap flashover takes 
place without the initial corona formation that precedes 
a needle-gap flMhover. The observance of this glow 
discharge led to a speciab^tudy of the conditions under 
. which it occurred. \ 

The surge generator was coriuected directly to a trans- 
''^ission line 60 ft. long as shown in Fig. 2. The end of 
line was grounded, thus causing the voltage afi&s. 


(75-cm. spheres) to be suddenly reduced when the wave 
reflected from the grounded end reached Ga; con¬ 
sequently the voltage impressed on Gs rose very steeply 
and then dropped very sharply as a result of the reflec¬ 
tion at the end of the line. Under these conditions, 
when trying to measure the crest of the voltage with a 
76-cm. sphere-gap at Gs, a glow, instead of a spark, 
appeared between the two spheres. This phenomenon 



Fig. 2—Diagram for Using Transmission Line 


showed that the voltage was so quickly reduced to a 
negligible value after ionization began that a complete 
spark \vas prevented from forming. 

Improvement over Transmission Line 
The voltage wave impressed upon the sphere-gap 
was then of the nature shown in Fig. 3. The ionization 
by collision would probably start before E, but the 
developed spark might not occur until point / was 
reached due to the time lag of the sphere-gap. If the 
voltage was brought to zero somewhat faster, the 
developed spark might not occur at all, even though the 
air between the spheres would be sufficiently ionized 
to cause a luminous glow. Since the wave shape 



Time 


Fig. 3—Qsnbbal Shafb of Wav® Imfrbssed on Sfhbrb-Qaps 

obtained in this way had such a flat top, conditions were 
quite critical, and therefore any slight overvoltage or 
decrease in spacing of the spheres caused a complete 
breakdown, while if the voltage did not quite come up 
to that for which the spheres were set, no luminous 
discharge would occur at all. A less critical arrange¬ 
ment was found by using a second sphere-gap, Gi Fig. 4, 
instead of the grounded transmission line. This 
circuit was a great improvement oybr the original 
one as it was much more flexible./’By _-vaT 3 dng the 
setting of the second sphere-gap Gi, it was possible to 
'■obtain a photograph of the dischgiiifjp in the first ga^p 
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Ga in any stage of its development. The second sphere- 
gap reduced the voltage to a negligible value much more 
rapidly than was possible with the transmission line, 
where the wave front was the controlling factor. An 
example of a discharge across the first sphere-gap 
obtained in this way is shown in Fig. 6. 

Prom the known characteristics of the surge front, 
a fair conception of the time required for a streamer to 



Fig. 4—Method for Utilizing Sphere-Gap Instead of 
Transmission Line 

bridge a 40-cm. gap was obtained. This time using 
75-cm. spheres was found to be of the order of 10~* 
seconds. The wave used had a rate of rise of approxi¬ 
mately 5000 kv. per microsecond. Thus, knowing the 
sphere-gap settings (and their corresponding static spark- 
over voltages) atwhich suppressed dischargesfirstappear 



Fio. 5 Fio. 6 

Fig. 4—a Typical Suppressed Dischahoe in which Cathode 
IS Grounded 

Fig. 5 —Suppressed Dischakoe with Anode Grounded 

and the maximum separation at which complete spark- 
over is obtained, the time elapsing between the two 
periods can easily be found. 

Discharges of the nature shown in Fig. 5, or “sup¬ 
pressed discharges” as they might be termed, give 
much information concerning the process of breakdown. 
The bright streamers on the ungroimded positive 
sphere in Fig. 6 span only a portion of the distance 


between the sph^es. The rest of the gap is bridged by 
a light purple haze. Differences in inteninties of lumi¬ 
nosity of various portions of the field indicate in a rough 
way that the state of ionization is not uniform through¬ 
out. It is probable that the bright anode streamers 
have already the properties of arcs’^ while the haze 
extending from the ends of the streamers to the cathode 
is still a glow discharge. Evidently then, the break¬ 
down starts at the most intense portion of the field 
(assuming a uniform density of free electrons through¬ 
out the field) and progresses into the field until it meets 
a streamer developing from the electrode of opposite 
polarity. In the case of sphere-gaps, when one sphere 
is grounded, the gradient at the surface of the un- 



PiG. 7 —Streamebs AppiacTBD BY Space Chaboi) 

grounded sphere is much higher than the gradient on 
the grounded sphere. This fact is clearly illustrated 
by Figs. 6 and 6. In Fig. 5 the cathode is grounded 
while in Fig. 6 the anode is grounded. The streamers 
on the grounded sphere have developed but little, 
showing a weak field at that point. These figures 
indicate rather clearly that a spark develops from a 
dark current to a glow discharge which in turn assumes 
the properties of an arc at points where the current 
densities are highest. 

Space Charge 

Under atmospheric conditions comparatively low 
voltage is necessary to maintain arcs. Thus when a 
streamer develops into an arc it has the effect of a 
needle extending into the electrostatic field. The 
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field form under these conditions will change, resulting 
in the development of new streamers and an accelera¬ 
tion in their rate of development. 

The manner in which the development of slower 
streamers is affected the change in field form is 
shown in Fig. 7. The upper or cathode streamers are 
concave outwards. The center streamer, having prob¬ 
ably started first and developed faster than the rest. 



Pig. 8—^Poemation op Streamers in Space Between 
Electrodes 

reduced the gradient between the tip and the ^here 
from which it developed, and caused the lines of force 
of the electrostatic field to be concave outwards. 

Most theoretical determinations of time lag of sparks 
assume a fixed homogeneous field throughout the entire 
process. These assumptions do not hold beyond the 
time when a streamer fornis. As pointed out herein, 
these streamers are in effect conductors extending 
into the electrostatic field. Since the entire potential 
appears at the tips of these streamers, the spacing 
between electrodes will be materially reduced, produc¬ 
ing an increase in the gradient between the anode and 
cathode streamers. The maximum gradient appears 
at the tips of the streamers because they can be con¬ 
sidered as needle electrodes. As the streamers grow 
the gradient increases, and since the rate of ionization 



Pig. 9—Electrodes Used to Obtain Homogeneous Field 

is a function of the gradient, the streamei^ must develop 
more rapidly in the more advanced stages. Thus, the 
development of the streamers cannot be considered as 
uniform. 

Suppressed discharges have been obtained on gaps 
varying from 0.26 cm. to 75 cm. spacing. For volt¬ 
ages ranging below lOO-kv. crest, 6.26-cm. spheres were 
used; then for potential ranging between 100 kv. and 
500 kv., 60-<an. sph^es were utilized. For all voltages 
above 500 kv., 76 cm. ^heres were used. While 
observing these discharges, on small spacings (0.25 cm. 
to 2-cm.) several discharges occurred which had their 
intense streamers in the center with a faint glow ex¬ 
tending from both ends to the electrodes. Fig. 8 
illustrates this phenomenon. 

This type of discharge was obtained only after several 


lower voltage surges, not resulting in breakdown of the 
air, were impressed on the spheres. Several explana¬ 
tions for the phenomenon were considered, the following 
two being the most logical; first, that the location of 
the first streamer is a matter of probability, and the 
resulting variability in its location becomes more 
marked as the initial number of free electrons in the 
field diminishes; second, that a current of air carries 
out the air ionized by application of voltage below the 
breakdown value, replacing it with air containing the 
normal number of free electrons. The surface friction 
prevented the air next to the electrodes from being 
swept out. When a surge of higher junplitude than the 
rest was applied, the air in the center of the gap became 
ionized to a higher degree than that at the surface, 
due to the greater initial number of free electrons at 
that point. As ionization progressed, a streamer 
formed in the center, but before it could reach either 
electrode, the voltage was reduced by the suppressing 
gap. 

Should the second explanation be correct, it would 



Pig. 10—Scheme for De-Ionuing Air Between Spheres bt 
Condenser Potential 


mean that the breakdown (at least with very steep 
surges and normally ionized field) is not produced by 
electrons traversing the entire field but that each portion 
of the field is ionized separately by the local ions, 
these sections being joined together as the streamer 
progresses. 

, Using spherical electrodes this phenomenon was 
reproduced quite often, i. e., 1 out of 10 times. Again 
when the field distribution is considered it is difficult to 
attribute this t 3 Tpe of suppressed discharge to prob¬ 
ability, The highest gradient is at the surface of the 
spheres, while the gradient at the center is appreciably 
lower;' thus the velocity of the electrons and positive 
ions will be higher near the surface than in the center 
and more electrons will be produced there. With 
higher density of free ions near the surface, the prob¬ 
ability of the arc originating at the center would be 
much less. However, when electrodes of the tsqje 
shown in Fig. 9 were used, the phenomenon occurred 
3 out of 10 times, the gradient throughout the field 
being more nearly homogeneous than with spheres, 
which gives the probability theory more weight. 

The Effect of Varying the Initial Density 
OF Ions 

The original nmnber of ions in the field can be varied 
by two means,—by controlling a source of ionization and 
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by (IniwiiiK the free ions out of the field. The latter 
can be effected by impressing a constant voltage below 
breakilown value on the electrodes. In applying the 
linst method, .soft X-rays were used to ionize the field. 
The set-up used is shown schematically in Pig. 10. 
(Japs G.i and Gt had a constant potential impressed 



Fui. n FoKM DlsrHAltciK 


conditions would show suppressed discharges appearing 
across G^. The results of this test are tabulated in 
Table L Under these conditions, suppressed discharge 


TABLE I 



(ii 


■2 

a 

'i 


Ooiulitions 

Sci), 

in. 

cni. 

V / 

Sop. 

m. 

cm. 

Kv. 

Sop. 

In. 

cm. 

Kv. 

l^emarks 

Excited 

No X-rays.. 

1. (iS 

oO 

\M 


2. Its 

tuj 

Complotic llasliovor 

Kxcilml 

X-rays on (U 

1. ds 

,»5f) 

1 0 

r.7 

3. l.v 
3.S 

81 

on Gi ciuisod at 
2.3:ii-cm. .spacints 
and .suppressed dis- 
charge occurn^ 
very seldom above 
that value. 

Ooiupleie flashover 
ceased on Cn for 
separations above 
3.1 S era. but .sup¬ 
pressed dishargo 
appealed from 
3.18 cm. 10 3.H cm. 


at Gi could rarely be obtained, and even then the glow 
at the ends of the streamers was very faint. The 
maximum voltage indicated by (7.i was 66 kv. X-rays 



Fiii, 12 Fui. IS Fiu. 14 Kiu. 15 

12, 13, II, 15 —Sirccfijssfvfi HrAoss ovf BiiE.i.rcD'iw.v ok. Am. 

1 i itely «tago 
i;i. Hooondary 

H. BptiCA almost 8paim(Hl by NtnuamorH 
15. Oomptor.0 (INchargi) 


upon them, which in this case is always the condenser 
charging potential E. When (?i broke down the two 
banks of condensers were thrown in series, impressing 
2 f] on gaps (/,, Ga, and G,. In this manner surges were 
applied to sphere gaps which were constantly excited. 
Under these conditions the number of ions in the field 
just before breakdown was reduced to a very small 
(Iuantit 5 ^ Ga was set slightly above the breakdown 
value of Gi m that Gt would break down before G». 
Gi was used to measure the voltage and under suitable 


were directed on G, Fig. 10 to increase the ionization 
in the gap. Now, however, the spacing in G, had to be 
increased to 3.18 cm. before complete breakdown ceased. 
This setting corresponds to 81 kv. Suppressed dis¬ 
charge appeared up to a separation of 3.8 cm. or 89 kv. 
The glow at the tips of the streamers was now very 
pronounced. These two tests indicate rather strongly 
that the time lag of sphere-gaps is a function of the 
number of ions in the field when the surge is applied. 
The prominence of the glow at the ends of the streamers 
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in the case of previously ionized gaps together with the 
increase of sp^ of breakdown is in full accord with the 
assumption that the free ions originally in the field 
produce numerous ionized sections which finally join to 
form streamers. The rapidity of development of these 
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Pig. 16—Bi.ecteostatic Field Around Insulators Modified 
BY Arcing Ring and Arcing Horn 

streamers might be taken as a function of the number of 
thesd ionized sections. 

Electrostatic Field Determinations 
It seems possible to study the progressive stages of 
breakdown by the suppressed discharge method. This 



Pig. 17—^Fibld Around Insulators as Improved by Circular 
Arcing Rings 


will yield important information as to the character of 
breakdown with various type of apparatus. Fig. 11 
portrays a rare type of streamer development. The 
streamer starts at the side rather than in the center and 
develops according to the electrostatic field at that 
point. This cut reveals the effect of the earth upon 
the electrostatic field between the spheres. 


Figs. 12,13,14,16 were selected from a large number 
of tests as representing progress of breakdown from 
initial streamer formation to arc-over. 

One application of the suppressed discharge which 
has proved useful in engineering work is shown in Figs. 



16,17, and 18. A picture of the electrostatic field sur¬ 
rounding an insulator string at the time of impulse 
application is produced and shows the corrective or 



Fig. 10 —The Early Stages op Insulator Plashover 


destructive effect caused by use of special transmission 
fittings. In Fig. 16 a horn was used at the top and a 
ring at the bottom of an eight unit string. The con¬ 
centration at the horn tips is shown and also the 
drawing-in of the field at the top of the string. This 
leads frequently to cascading fiashover. In Fig. 17 
two arcing rings were used and the field is much im- 










Ki'b. 1928 


TOROK: SURGE IMPULSE BREAKDOWN OF AIR 


355 


proved. A flashover clear of the string will result from 
this field. Special elliptical rings were attached in 
Pig. 18 and the resulting field is well distributed. 

Fig. 19 reveals the manner in which a string of 
insulators cascade. The bottom insulator is already 
shunted by a streamer, while the one above it is just in 
the process of cascading. A streamer is forming from 
the cap of each of the two bottom insulators. The 
streamer progressing from the cap of the one next to 
the bottom is barely visible. Unfortunately the 
sti’eamers develop much more rapidly in the latter 
stages making it very difficult to obtain suppressed 
discharge after the streamers have spanned a third of 
the spacing between the electrodes. Thus a complete 
story of dielectric breakdown by this method is almost 
impossible, but much can be learned from the earlier 
stages of development. 

The writer wishes to express his appreciation to 
Dr. .J. Slepian for many suggestions and comments 
which have been of great assistance in carrying on this 
work and in preparing this paper, and also to Messrs. 
Fortescue and Tenney for their valuable criticisms. 
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Discussion 

C. L. Fortescue: I will bring out some important practical 
deductions from the results Mr. Torok obtained with the sup- 
pres,sed flashover of spheres. 

First I want to review what he found for these spheres. The 
stages of breakdown are: 1, free electrons are drawn into the field; 
2. free electrons are increased by ionization by collision, recom¬ 
bination taking place also; 3, a critical stage is reached where the 
rate (d* ionization and volume density of the free’ electrons has 
reacliod a critical point, which shows itself in the emission of 
ultra-violet rays. This results in the final stage when it is be- 
lievefl that molecular dissociation of the air molecules takes 
place, which is shown by intense white streamers which form 
at the electrode having the highest intensity, and these streamers 
grow outward from the electrode and finally grow together and 
cau.se the breakdown. The growth of these streamers takes 
place progi’essively from the electrode outward, and it appar¬ 
ently has a velocity of propagation which is proportionate to 
the difference of potential between the electrodes, so that from 


this point on the breakdown takes place as a function of time. 
It is not instantaneous but takes an appreciable time. 

This is the factor which is responsible for the fact that with 
very steep wave fronts an insulator, or a string of insulators, has 
what is known as an impulse factor. That is to say, it breaks 
down at a higher value than the normal 60-cyele flashover. 

I wash to show the reason for this by means of the accom¬ 
panying Fig. 1. The steepness of the wave fronts is shown by 
straight lines, and the slope determines the steepness. The 
surges we consider are surges which would keep on rising if the 
insulator or spark-gap did not flash over. The horizontal line 
shows the voltage at which the insulating string or sphere-gap 
will have reached the critical stage, where, you might say, it is 
just at the point of breaking down. 

Breaking down is not an instantaneous process; it takes time. 
So during the time while the breakdown is taking place the 
voltage is still rising, and, the actual arc-over will take place at 
some higher voltage, the magnitude of which will depend upon 
the character of the insulator or spark-gap. Now^ if we were to 
have a wave which just reached the 60-eycle flashover or critical 
point, and then remained at that voltage for an appreciable 
length of time, and then came down, the flashover would take 



Fig. 1— Time-Voltagb Flashover of Insulation 

place at some appreciable time from the point at which it reached 
that voltage, and the potential recorded would be the same as the 
60-cyele flashover potential or slightly higher. However, if the 
same wave had been still going up, the voltage recorded would 
not be the 60-oycle voltage but the flashover would take place 
at some time after this stage had been reached and at a higher 
value. This time can be calculated by the velocity at which these 
streamers come together. 

The steeper the wave front the higher the voltage that will be 
reached before those streamers come together. But the velocity 
increases with the potential, and the actual time that elapses 
between the critical point and the point of flashover becomes 
somewhat less as the steepness increases, so that we can figui’e out 
the points for each steepness and we will get a curve like that 
shown in Fig. 1. That is what Mr. Torok’s results indicate, and 
as a result of his work we have been able to calculate the flash- 
over curve for different steepnesses of wave front of strings of 
insulators, and have been able to duplicate those results by 
actual observations very closely. In fact the curves check so 
well that the discrepancies are within the errors of observation. 

Another important thing that this shows is that the sphere-gap 
always has a time lag, though this happens to be very small. 
The sphere-gap is not instantaneous. From the results of Mr. 
Torok’s tests I have made some calculations on the probable 
impulse factor of the sphere-gap. For instance, for a wave 
front which has a steepness of about 10,000 kv. per microsecond, 
the impulse factor would be about 1.05. The steepest wave we 
get in lightning does not go much above 4000 kv. per micro- 
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second, and at that value the impulse factor is probably not 
more than 1 or 2 per cent above unity at the most, so that we 
can always rely on the sphere-gap to give the correct surge poten¬ 
tial for all waves that we are likely to get in service, and therefore 
for all practical waves in the laboratory. We can, of course, 
produce waves in the laboratory that have a much greater steep¬ 
ness than those that are encountered in lightning. 

Now one more point. These results of Mr. Torok also throw a 
great deal of light on the phenomena of lightning. Mr. Simpson, 
one of the British authorities on lightning, has shown, at least 
he has satisfied himself, that certain experiments which he has 
made indicate that when a cloud is negatively charged the 
lightning stroke will start from the earth instead of the cloiid. 
His experiments have convinced him that this is true, and he has 
also shown photographs supporting this point of view. 

In Pig. 2 herewith, is shown a cloud about 1 km. above 
the earth’s surface. Simpson says that the lightning discharge 
starts in the earth and goes up and then branches out into a 
portion of the cloud and discharges this portion of the cloud. 
He claims that when the cloud is positively charged the stroke 
does not branch out and only a very small portion of the cloud is 
discharged. And therefore, he says that the severe discharges 
from the clouds are all negative. Apparently this is true, for we 
have always found in our field investigations in lightning that 
all the severe discharges were negative. 



Let me point out what probably occurs as a result of Mr. 
Torok’s investigations with spheres. These streamers do form 
at the earth and they are propagated toward the cloud at a 
certain velocity which is quite fast. We don’t know just what it 
is between cloud and earth but between spheres it happens to be 
about one-tenth the velocity of light. The cloud is not dis¬ 
charged when the streamer reaches the cloud. That is only the 
beginning of the discharge. All that has happened is that a 
conducting path has been formed between the earth and the 
cloud. After this is formed, a part of the cloud discharges to the 
earth in the form of a surge. In other words a dynamic surge is 
formed along the path that has been made, conducting by f.Iiig 
first, initial streamer, a condition which Mr. Torok describes. 
So that when this portion of the cloud is discharged a wave or 
surge is set up which, if it strikes a transmission line, is already 
dynamic and divides into two ways forming the surge encountered 
in lightning. This surge, being dynamic, does not reach as high 
values as if it were simply a case of a certain charged capacity in 
the cloud combining with the capacity of the transmission line 
to produce a potential on the line, but the dynamic surge divides 
and is reduced thereby. Otherwise it would be very hard to 
account for the fact that a great deal more damage is not done by 
lightning. The potentials of the clouds are so high that one 
would expect very much higher potentials in surges than actually 
appear, if the phenomena were the same as that of the discharge 
between two condensers, one of which is charged to a high poten¬ 
tial and the other is uncharged. 

The foregoing gives, I believe, a correct scientific explanation 
of the lightning discharge, and one wliichwill account for the 
surge potentials which are encountered in the field. 


J. A. Duncans Mr. Torok refers to Rogowski’s analysis of 
the time lag problem on the basis of the Townsend Ionization by 
Collision Theory. Rogowski has, as Mr. Torok says, been 
rather careful with his mathematics and I shall assume that it is 
correct. After reading his paper, my understanding of his con¬ 
clusions is as follows: 

A few electrons are assumed to be present in the air previous to 
the application of the electric field. A field of 30,000 volts per 
cm. is suddenly applied. The electrons acquire velocities which 
on the average are of the order of magnitude of V = 4.3 X 10' 
cm./second. This means that an electron will move completely 
across the gap, which in his case was one centimeter, in about 
2.3 X 10-8 seconds. In sb doing, it will ionize a great number of 
molecules, each of which gives rise to one new electron and one 
positive ion. These new electrons will all immediately proceed 
to move towards the anode and acquire velocities comparable 
to 4.3 X 10^ cm./sec. and will in turn each produce a groat many 
more new ions by collision as they go. The new positive ions, 
on the other hand, move toward the cathode with velocities only 
of the order of U = 0.96 X 10^ cm./sec. and will take several 
hundred times as long to get under way to the extent of produc¬ 
ing further new ions by their collisions with molecules. 

Breakdown is assumed to have occurred when the curront 
reaches a valxie twice as great as that which would result from, 
the ions produced by collision of negative electrons only. In 
other words, it occurs after the positive ions begin to have an 
appreciable effect, according to his picture. The time is too long 
in comparison with experiment simply because the positive ions 
move relatively slowly. 

The question naturally arises whether there is some other 
secondary agency which begins to produce new ions and hence 
aid in the increase or doubling of the current long before the 
positive ions begin to have an effect. 

r 

According to Haas, (Introduction in Theoretical Physics» 
Vol. 11, Par. 119) it requires several times as much 
energy to ionize an atom into positive and negative ions as it 
does to excite it to a condition such that it can radiate light. 
This excitation consists of knocking an electron out of its normal 
^orbit to an outer orbit, from which it may later fall back. The 
electron remains in the outer orbit for a time whose order of 
magnitude is 10-« sec., according to Haas, and then falls all or 
part of the way back to its original orbit and in so doing, emits 
light. This light will be scattered in all directions, some falling 
on each electrode. Suppose some of this is ultra-violet light. 
In this case, new electrons will be emitted by the photoelectric 
effect at each electrode. Those emitted from the cathode are 
available for a very marked increase in the current which increase 
can take place in less than 10seconds. The elapsed times 


occurring are as follows, for the one cm, gap: 

Time for 1st set of electrons to each anode_= 2.3 X 10 sec. 

Time allowed for emission of light.= lx 10 sec. 

Time for passage of light to cathode 


■ “0-33 XIO-I" see. 

Time for second set of electrons to reach 

anode.« 2.3 X 10 

Total elapsed time.=« 5.6 X 10“«sec. 

In this connection it is interesting to note that the photo¬ 
electric effect, i. e., the emission of electrons from the surface 
of metals on which ultra-violet light is allowed to fall, was 
discovered by Hertz when he observed that the light from one 
spark-gap between aluminum electrodes in air had an appreciable 
effect on the ease of discharge of a second gap if this light fell 
on the electrodes. 

What I am now suggesting is simply that it seems conceivable 
to me that in a single gap there might exist a similar effect even 
in a time shorter than 10-^ see. 
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Mr. Torok has made a much deeper study of breakdown phe¬ 
nomena than I have and I trust he will be so land as to tell us 
whether such a supposition, in the light of his experience, is 
conceivable to him. 

Joseph Slepians Mr. Torok in his paper brings out that the 
Townsend theory of breakdown in spark-gaps apparently fails 
at atmospheric pressures when the speed with which the spark- 
gap breaks down is considered. In the mechanism required by 
the Townsend theory, time of the order of 10 or 10“^ see. would 
be required for breakdown. The pictures which Mr. Torok 
has obtained seem to point out also pretty definitely that the 
Townsend mechanism does not hold at atmospheric pressure, 
and they suggest what may be the way out of the difficulty. 
The Townsend mechanism apparently works very well at low 
pressures. It requires electrons moving toward the anode to 
ionize by collision, and also requires the positive ions generated 
by collision to return towards the cathode. The return of these 
positive ions is necessary in order to bring out by collision a new 
and increased supply of electrons to carry on the breakdown 
process. But it is the slowness of the positive ions in returmng 
toward the cathode that causes the difficulty with the application 
of the Townsend theory to breakdown at atmospheric pressures. 

According to the Townsend mechanism it would seem that 
the conductivity should develop over the whole breakdown path 
in a rather unifonn manner. That is, the whole path should 
first become slightly conducting, and then more and more highly 
conducting. The pictures of suppressed discharges should then 
give either faint breakdown paths or more intense breakdown 
paths. The pictures actually show the path completely broken 
down in one part and not at all broken down over the remainder. 
They show that the breakdown progresses rapidly across the 
gap, being almost complete over part of the gap before it begins 
in other parts of the gap. The pictures strongly suggest that 
the single passage of the initiating electron across the gap is 
enough to give breakdown. According to the Townsend theory 
when the single electron goes across the gap and is accompanied 
by its tremendous progeny of electrons that it generates on the 
way, the initiating electron and its descendants all travel to¬ 
gether and leave behind them only a trail of slow-moving positive 
ions, which could hardly be called conducting. 

But Mr. Torok’s pictures suggest that the trail which the 
initiating electron does leave behind is highly conducting. A 
possibility which occurred to me is that at atmospheric pressures 
the multiplication by collision of the initiating electron is so rapid 
and the multiplication takes place in a path of such small section, 
that the mere passage of it, with its accompanying new electrons, 
is enough to raise the temperature of the path to a high degree 
and to leave behind a path that is at such high temperature that 
it is thermally ionized, and continues to be ionized by virtue of 
high temperature. 

On this basis, I have calculated what the temperature would be 
in the path traversed by the initiating electron, and was rather 
surprised to have it come out sufficiently high. In fact, on this 
basis I was able to check quite closely the values for breakdown 
of spark-gaps at atmospheric pressure, and also to get the right 
order of magnitude for the time of breakdown. 

I believe that a very valuable part of Torok’s work is in the 
suggestions which it leaves for future work, such, for example, 
as t- fl-Tdog into account the temperature rise in the path of an 
electron, as I have attempted to do. 

F. W. Peek, Jr.« I began to study this subject about 1913 
and in 1915 presented a paper before the Institute on the Effect 
of Transient Voltages on Dielectrics* (See Trans. A. I. E. E., VoL 
XXXIV, part II, 1915, p. 1867. Cathode-ray oscillographs 
that could record transients of short duration were not available 
so it was necessary to devise an impulse generator for which the 
waves could be calculated. Such a generator was devised and we 
were able to determine time and time-lags for all types of gaps, 
insulation, insulators, etc. It was found that these time-lags 


came conveniently in millionths of seconds. For this reason the 
term “microsecond” was used and found to be an exceedingly 
convenient unit. 

The early work with this lightning generator showed that the 
impulse sparkover or breakdown voltage was always higher than 
the 60-oycle or continuously applied breakdown voltage due to 
the time-lag. The ratio between the impulse breakdown voltage 
and the 60-eycle voltage was called the “impulse ratio.” This 
term is still used to indicate the relative values of insulation for 
lightning or impulse breakdown. The higher this ratio under 
given conditions the greater the lag. This research showed that 
for electrodes giving an approximately uniform field, as for 
instance the sphere gap, the lag was small or the impulse ratio was 
approximately unity over a large range of impulses. It also 
showed that for irregular fields the lag was appreciable and the 
impulse ratio increased with the steepness of the wave front. 
In other words, it was found that the lag was not constant but 
varied with the duration or rate of application of the voltage ^ 
well as with the type of electrode used. Since the impulse ratio 
of the sphere-gap approximated unity except for the very steepest 
waves, it offered a means of measuring transient voltages and has 
been an almost indispensable tool in such investigations. 



Fig. 3 


This early investigation was carried up to about 200,000 volts. 
Since then the work has been carried on to considerably over 
2,000,000 volts. Recently I ha'^e been able to obtain actual 
oscillograms of the calculated time-lags and waves of^ the 
original investigation. These measurements were made with a 
cathode-ray oscillograph of the Dufour type developed in our 
general engineering laboratory at Schenectady. 

The oscillograms checked our early work very well. Similar 
oscillograms have also been made of the very high-voltage waves 
with a similarly good check of the calculated values. 

A great deal of practical value came out of this early investi¬ 
gation. For instance, since the sphere-gap had practically no 
time-lag it offered an ideal lightning-arrester gap. On ^e other 
hand the information made it possible to design bushings and 
insulation with high time-lag or great lightning strength. 

The more recent work at the higher voltages has also been of 
practical value in determining the best means of building trans¬ 
formers and other apparatus to resist lightning. One instance 
that might be mentioned is the grading shield for insulators which 
is of particular value at high voltages, since it not only prevents 
cascading but also increases the lightning arc-over. 

Mr. Torok’s pictures showing the value of the grading ring are 
quite interesting and confirm my own work. 
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I have also observed the partial or incomplete lightning arcs 
due to transients of short duration. The accompanying Pig. 3 
is a good example of this. In this figure the completed arc is 
shown as well as other incomplete arcs along the lines of force 
between the gap. In the course of my investigations I have 
obtained similar photographs of bushings, insulators, etc. I 
hope that Mr. Torok will be able to continue his very interesting 
work. 

H. J. Ryan: (by letter) Mr. Torok's unique experiments 
made by a new mode of procedure yielded important results 
which are placed in the light of a clear understanding. These 
are the pioneer group of a long line of experiments that will 
foUow quickly, now that the value of the “arrested” method is so 
well demonstrated. The role of the space charge in the Town¬ 
send theory of ionization by collision whereby the heavy positive 
ions also attain velocities high enough to produce other ions by 
collision, has been clearly emphasized. The participation of the 
positive as well as the negative ions is necessary in the process of 
sufficiently augmenting ionization by collision to retain the 
Townsend theory in accounting for the enoinnous conductivity 
that is known to develop with great suddenness in sparkover. 
In addition to local citations by Mr. Torok, see the brief paper on 
“Ionization by Positive Ions,” in the December 23, 1927 issue of 
Science by Dr. Leonard B. Loeb and his more extended paper on 
Theory of Electrical Brealcdown of Gases at Atmospheric 
Pressure,” soon to appear in the Journal of the Franklin Institute 
of Pennsylvania. In concluding the latter paper, Dr. Loeb says 
“experiments should be undertaken in laboratories equipped for 
the purpose to look for both the spark-lag and the non-uniform 
field.” 

It is of great practical as well as theoretical value to know the 
facts about the time-lag and the other essential physical charac¬ 
teristics of sphere-gap discharges. The result recorded and 
discussed in connection with Fig. 8 well authenticates the 
important fact that the blue-white channel which grows into a 
sparkover with enormous suddenness is formed of dissociated air 
without the presence, necessarily, of electron-laden metallic vapor 
drawn from the electi’odes. When not too explosive the spark 
merges later into an arc pervaded by metallic vapor. The time 
factor in the rapid production of the high conductivity of the 
spark channel is well established in the, paper. The impedance 
of all ordinary high-voltage sources having small terminal 
capacitances is too great to accord sufficient current acceleration, 
di/dt.^ to develop strong sparks. Only when the capacitances 
of the electrodes are relatively large can the current acceleration 
be great enough to develop sparks that are strong enough to be 
easily distinguished from the arcs that follow. 

To date, then, it appears that sparkovers are due to highly 
conducting channels of electrically broken down or dissociated 
air produced when the intensity of migration of ions formed in 
corona exceeds a critical value. The voltage consumed in 
producing this critical intensity of migration of corona ions in the 
air at 25 deg. cent, and 76 cm. pressure is approximately 4 kv. 
eff. per cm. or 10 lev. eff. per in. At higher driving voltages the 
ionized air is electrically dissociated so as to become suddenly 
enormously more conductive. The magnitude of the conducting 
channels thus established is largely determined by the strength of 
the current that the impedance of the rest of the higher-voltage- 
source circuit wall permit to flow. Many able physicists are at 
work upon the intimate eharaeteristics of this greatly enhanced 
ionization that results in sparkover and which for present pur¬ 
poses we are calling electrical dissociation. 

That air may become electrically dissociated and rendered 
enormously conductive can be conveniently demonstrated in the 
high-voltage laboratory by using nitrogen-filled incandescent 
lamps as discharging electrodes. The lamp bulbs are mounted 
axially with their convex walls face to face and. separated by a 
short distance, 1 to 3 in., according to size. On applying to them 
gradually increasing voltage, a value of voltage is soon found 


at which the nitrogen goes into corona and an abundant supply 
of ions is thus produced. The space charges that result within 
the bulbs migrate to and are bound at the inner faces of the 
opposing bulbs to form a strong field between them through the 
open air. Such air then goes into corona too, copiously forming 
ions that are made simultaneously to migrate with an intensity 
that exceeds the critical migrating intensity resulting in the 
dissociation which forms the highly conducting blue-white 
channels characteristic of sparkover. The channels separate and 
convey the ions to respective outer bulb-wall to be bound to the 
opposing charges existing on the inner bulb-walls. Thus spark¬ 
overs are produced between glass walls as electrodes with no 
possibility of electron-laden metallic vapor taking part. In 
performing this experiment care must be taken to shut off the 
supply voltage quickly after the sparks between the bulbs have 
been started, otherwise the pyroelectric effect that follows will 
produce thermal punctures. It is well to remember that addi¬ 
tional condensers connected between the electrodes or better, 
perhaps, between each electrode and ground will increase the 
available current acceleration necessary for well defined spark¬ 
over action. 

This sparkover experiment vdth the nitrogen-filled incandes¬ 
cent lamps was suggested by Bradley Cozzens of our present 
high-voltage laboratory staff. 
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Fra. 4— ExjECtro static Field Outlined by Corona 
DURING Impulse Tests on a 73,000-Volt Oil Pilled Bushing 
Subjjscted to Impulses of 850,000 Volts 

E. D. Ebys (communicated after adjournment) Mr. Torok’s 
observations concerning the study of the electrostatic field by 
means of the suppressed discharge as illustrated in Pigs. 16 tol9 
of his paper remind me of a similar study which I made in 1924, 

At that time we were investigating the impulse flashover of 
high-voltage bushings of the oil-filled type. These bushings 
offer a splendid means for study of impulse phenomena because 
they are immune from damage under such impulses and may be 
tested repeatedly without failure. Among the interesting tests 
we made were some arranged to show the distribution of the 
electrostatic field around the bushing under impulse conditions. 
The distribution under 60-cycle conditiens had been observed 
repeatedly and had actually been measured and plotted. It was, 
of course, out of the question to measure the (hstribution with 
impulse voltages, but we found we could photograph the electro¬ 
static field and thus secure a very fair idea of its distribution. By 
applying impulses of different magnitude up to and including 
the flashover voltage, and by photographing the corona formed 
by these impulses with a special lens and rapid film, we were 
able to secure a very good idea of the electrostatic field under 
impulses. 

In Pig. 4, herewith, there is shown a photograph of a 73,000- 
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volt oil-filled bushing subjected to about 850,000 volts. This is 
below the fiashover voltage of the bushing, and the discharges 
at the most intense points of the field reach only a short distance 
into space. The shape of the field is well outlined by the corona. 
A similar view taken during the same series of tests was published 
in the Electrical World June 12‘, 1926. The more intense illu¬ 
mination of the film was produced in that instance by applying 
ten successive impulses during the exposure. 

In Fig. 5, herewith, there is shown a view of the electrostatic 
field surrounding an 88,000-volt oil-filled bushing when subjected 
to impulses of about 1,000,000 volts. This view is particularly 
interesting in showing the concentration of the luminous field 
at points on the electrodes. Just above the porcelain shell, 
shafts of light are seen emerging from the surface of the clamping 
ring, these spots probably indicating small beads on the surface 
of the casting. Likewise, below the porcelain shell the con¬ 
centration of tho field upon the heads of the clamping bolts is 
very conspicuous. 

During the same series of tests, impulses were applied to 
the bushing, subjected to a spray of water, in accordance with 
usual wet-test practise. The voltage required to produce flash- 
over under these conditions was approximately the same on the 
average as required when the bushing was dry. This fact is of 



Fig. 5— Electrostatic Field Outlined by Ck>itoNA 
DURING Impulse Tests on an 88,000-Volt Oil Filled Bushing 
Subjected to Impulses op 1,000,000 Volts 

special importance in a discussion of the performance of bushings 
under service conditions. It demonstrates that the wet flash- 
over voltage of a bushing is of interest only in terms of the system 
frequency. If the wet fiashover is of such value that it exceeds 
any low-frequency potential that can occur on the system, there 
is nothing gained by increasing it further. Since voltages of 
the order of magnitude of fiashover of bushings of good design 
occur in service only under impulse conditions where the wet and 
dry fiashover voltages are the same, it becomes of prime impor¬ 
tance to relate properly the impulse fiashover of the bushing to 
other insulations on the system and particularly to the puncture 
strength of the bushing itself under impulses. Beyond question, 
a bushing should be self-protecting under impulse voltages as 
well as at system frequency, so that it may withstand impulse 
fiashover without puncture in service. 

The illustrations in Mr. Torok’s paper in which insulators 
are shown, and the accompanying pictures of similar tests on 
oil-filled bushings illustrate also why the impulse ratio of these 
devices is approximately the same as that of the needle^ap. The 
wide departure from uniformity in the distribution of the electro¬ 
static field permits portions of the space near the electrodes to 
become completely conducting before the intervening region has 
become sufficiently stressed to permit discharge. If a design of 
bushing or insulator approaching a sphere-gap in characteristics 


were to be subjected to impulses, the impulse fiashover voltage 
would be relatively lower. Such a bushing or insulator having a 
normal 60-cycle fiashover voltage would invite premature flash- 
over under impulses. For this reason, a bushing with a high 
impulse ratio is desirable—that is, one having an impulse voltage 
comparable with that of other gap spaoings on the sys’ein. 
While points on the electrodes of a bushing will reduce its 60-eycle 
fiashover, they serve the more important function of maintain¬ 
ing a high impulse ratio. 

K. B. McEachron: (coinmunicated after adjournment). 
The method of studying the breakdown of air under impulse 
conditions given by Mr. Torok, sheds further light on the mech¬ 
anism of the propagation of lightning through the earth’s 
atmosphere. A more complete understanding of how the 
breakdown between the cloud and earth is accomplished would 
aid materially in determining tho effects on electrical circuits 
located within the cloud field. It has been stated, based on 
Simpson’s theory, that the discharge of a positive cloud is slow 
and therefore not harmful to the electric circuits and apparatus 
involved. On the other hand, discharges from the negative cloud 
are abrupt and give rise to dangerous voltages on transmission 
circuits. These statements are said to be determined from the 
results of klydonograph studies on transmission lines in which 
the highest voltages are found to be negative, indicating direct 
strokes, and the smaller voltages positive indicating induced 
charges, but from negative clouds. 

If it wore known that the negative discharges were the result 
of direct strokes and conversely that all of tlie direct strokes 
produced negative figures, the case would be somewhat more 
definite, but unfortunately such correlation of data is lacking. 
Positive and negative surges have both been found of magnitudes 
indicating potentials on conductors of 1800 lev. or more. On 
some of tile systems studied, almost no difference in potential was 
found between the positive and negative surges. 

In the very nature of the ease one would exj>oct nearly 
always to have many more induced surges than direct strokes 
and consequently find one polarity predominating. Although 
on some systems this has been true, there have been notable 
exceptions. In view of the nature of the data yet available, it 
does not appear that any definite statement can be made as to 
the polarity of clouds which give rise to dangerous surges. The 
same cloud may have, of course, different polarities at different 
points within the cloud. 

Studies similar to that of Mr. Torok’s coupled with an in¬ 
vestigation of the lightning discharge itself will do much toward 
reaching the true determination of the mechanism of the light¬ 
ning discharge. 

Prom the paper and the ensuing discussion, I gather the impres¬ 
sion that the effects due to polarity are masked by the fact that one 
of the two spheres was grounded. If Figs. 5 and 6 of the paper 
are comparably, one would be inclined to the belief that with 
ungrounded spheres, a discharge would appear having a greater 
volume on the positive sphere than on the negative sphere. 

• When viewed through a stroboscope, 60-cycle discharges 
appear almost entirely on the positive conductor. A study was 
made of this discharge a few years ago at Purdue University.^ 
Using a synchronous camera the corona discharge from a pair of 
needles was spread along a time axis. Occasionally when a 
critical potential was reached, a spark would occur which was 
associated with the positive needle but not always with the nega¬ 
tive. The negative point during these tests always showed a very 
intense point of light. The investigation was conducted in two 
ways; one in which the field was alternately positive and negative, 
and the other in which the needle was moved synchronously so 

1. “A Photographic Study of High-Voltage Discharges,” Bulletin 
No. 19, Engineering Experiment Station, Purdue University, Lafayette, 
Ind. 

Ttvn Phoioffraphic MeUiods of Studying High-Voltage Discharges, K. B. 
McEachron, Thaks, A. I. E, B., Vol. XLII, 1923, p. 947, 
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that any given location was subjected to a pulsating field always 
of the same polarity. With either method, it was found that the 
streamers and corona discharge were associated with the positive 
needle. 

I believe it would be of value if Mr. Torok would give us the 
benefit of his ideas and experience with relation to the effect of the 
polanty of the sphere on the discharge so that his results may be 
correlated Avith the facts relating to 60-cyele dischaiges. 

J. J. Toroks I wish to emphasize a few points that probably 
have not been made clear in my presentation. 

Each photograph portrays the effects of a single surge on the 
apparatus under test. Mr. Peek and Mr. Eby have described 
tests in which they have made similar photographs of electro¬ 
static fields. However, in their determinations, the voltage 
applied was always below breakdown value, and for that reason 
only the corona discharges were recorded. In our tests the 
voltage was raised well above the continuously applied break¬ 
down potential and then was reduced to a negligible value 
before the developing streamers spanned the entire gap. This 
method has many advantages since it furnished: 1, a reliable 
determination of conditions throughout the entire field, 2, in¬ 
formation on the process of breakdown at any stage of develop¬ 
ment, and 3, an indication of the process involved in the 
breakdown of air. 

Mr. Duncan has suggested that the ionizing properties of 
ultrarviolet light might be used as a basis for explaining this phe¬ 
nomenon. The ultra-violet light theory has been given considera¬ 
tion, but it seemed inapplicable in this c^e. The recombination 
of the free positive and negative ions liberates a given quantity 


of energy, only a part of which appears in the form of ultra¬ 
violet light. If all this energy were used in producing new 
electrons in the field (which is hardly possible), the ma.ximum 
number of ions generated could not exceed the original number 
that had recombined. Thus from an energy standpoint, it 
is hard to justify this theory. Ultra-violet light may aid in 
the formation of the pink glow in the dark portions of the field, 
but the white streamers are probably formed by intensive 
thermal ionization, by which means a much greater proportion 
of electrons is produced than by ultra-violet light. 

The time lags of sphere gaps and other apparatus can l)e 
attributed to the slowness of development of the white streamers, 
A study of the development of these streamei*s in various types 
of fields was made. It was found that the development dei)euded 
upon the intensity of the field. In the near future some of these 
results as well as the methods by which they were obtained will 
be published. 

Mr. Peek pointed out that his investigations showed that 
calculated waves cheeked very closely those recorded by the 
cathode-ray oscillograph. The surge-generator circuit used in 
producing these suppressed discharges contained many gaps 
which changed their resistances sufficiently on breakdown to 
modify the wave front. In some types of surge gonerator.s, there 
are fewer gaps, which reduces the arc-resistance variation. 

As to the theory involved in the breakdown of air, the calcu¬ 
lations that Dr. Slepian has made will probably eliminate many 
of the discrepancies and make it clearer than I could. 

Regarding Mr. MeEachron*s question on polarizati<in of the 
spheres, we are now working on this and it will be reported later. 
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Synopsis,—The general solution to the slightly damped network part shows how the expansions of the first part may be eorrdaied 
is expressed in terms of the undamped solution by means of series with the Heaviside formula to form the complete approximate 
expansions. The first part of the paper gives a method for evaluate solution. An example illustrates the application to a simple 
ing the complex roots of the deterndnantal equation, and the second network. 


I N working out the general solution of an electrical 
network, subjected to suddenly applied e. m. fs., by 
the classical method, there are two steps which 
involve a disagreeable amount of calculation—the 
determination of the natural angular velocities of the 
system, and the evaluation of integration constants or 
transient current amplitudes. The use of Heaviside's 
expansion formula does considerable toward simpli- 
f 3 nng—at least systematizing—^the latter; but there 
still remains the neeesaty of solving high powered 
algebraic equations, which, when the network contains 
more than two meshes, becomes a tedious process. 
Primary among the factors which contribute toward the 
unwieldiness of the solution are the dis^pative terms 
introduced by the pres^ce of ohmic resistances. The 
solution for an idealized system .with no ohmic losses 
is much simpler both analytically and in consequent 
nummcal manipulation. In the first place, , the deter- 
minantal equation for this case contains only even 
powers of the independent variable, say p, and, when 
solved for p\ contains only negative real roots which 
may be evaluated by Newton’s or Lagrange’s approxi¬ 
mation methods when the degree is above the third in 
p*. Secondly, only purely imaginary or purely real 
quantities enter into the manipulations involved in 
evaluating integration constants instead of complex 
quantities. As soon as resistance enters into the prob¬ 
lem, and in actual cases it always does, the work in¬ 
creases manifold. In practise, however, it is very 
frequently the case that although resistances are 
present, they are very small and cause only a relatively 
slow attenuation. We call such circuits “highly 
oscillatory.’’ Practically every network used in con¬ 
nection with radio telephony comes under this head. 
It would seem, therefore, both useful and very logical 
to approach this case from the standpoint of the per¬ 
turbation problem, and consider the slightly damped 
network as perturbed out of its undamped condition. 
It is the object of this paper to show how, by means of 
expansion in series, this standpoint may be carried out. 
The same idea may be applied to the distributed con¬ 
stant problem and many others; and it is hoped that 

1. Instructor in Eleetrioal Engineering, Massachusetts In¬ 
stitute of Teelmology, Cambridge, Mass. 

Presented oU the Winter Convention of the A, I, E, E,, New 
York,'N, Y„ February 13-17,1938, 


interest may be stimulated in this general direction. 

If we consider the meshes in our electrical network 
numbered from 1 to «, and let X«, p«, <r« be the total 
inductance, resistance, and elastance, respectively, in 
mesh i, and further let — \ih, — Pm — <rn be the total 
inductance, resistance, and elastance, respectively, 
common to meshes i and k (Xij, being the sum of mutual 
and common self inductances), then the system of 
homogeneous differmtial equations describing the 
natural mode of oscillation of the system, when written 
for the mesh charges, takes the form:* 

ail Xi + citiXs-t , , . . -f- ai„ x„ = 0 

asi Xi + OisXs + ■ . • . + a 2 n a;» = 0 

a»i Xi “i“ ctns Xs -j- • . . * “b a„ii = 0 

d* d 

with 0«: = Xtt ^ ^2 + Pik O’ik 

t 

and Xk = y ikdt 
0 

The use of mesh charges Xh instead of mesh currents 
avoids the appearance of integrals in the system (1) 
and also brings out a clos^ analogy between the elec¬ 
trical system and the equivalent mechanical systan in 
which displacements take the place of electrical charges. 
If we assume as solutions to system ( 1 ) the normal 
functions: 

a;, = Xk (3) 

there results the system of simultaneous homogeneous 
algebraic equations: 


bii Xi + 6i2 ^2 + . 

0 

11 

+ 

bziXi + 622+ . 

. . . + b 2 n Xn =* 0 

bnl Xi + bnl X2 + . 

... + &» Xn =* 0 


where; 6<j, = (p) = Xa p* + pa P + Oa (5) 

The assumptions (3) will be useful if system (4) leads 


( 1 ) 


( 2 ) 


2. See Carson’s ‘^Electrio Circuit Theory and Operational 
Calculus,” McGraw-Hill, 1926. Our system of equations (1) 
is identical with Carson’s system(14), p. 10, with the substitution: 

d Xk • 

ik - '—-, allowing for differences of notation, of course. 

d t 

Our following equations (4) and (6) correspond in the same way 
to Carson’s equations (15) and (16), pp. 10 and 11 
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to non-trivial solutions for the amplitudes Xu- This 
will be the case if the determinant of the system 
vanishes, i. e., if: 



bn . . i 

. . 6 ,« 

D (p) = 

621 . . 

• ■ & 2 n 


bnl . . . 

• • bnn 


( 6 ) 


For the solution to be unique it is further necessary 
that D have the rank » — 1, i. e., that at least one of its 
first minors shall not vanish. Equation ( 6 ) is in 
compact form the determinantal equation of the oscil¬ 
latory system. Since each element is in general a 
pol 3 momial of the second degree in p, D will be a 
pol 3 momial of the 2 nth degree in p, and according to 
the fundamental law of algebra ( 6 ) can be satisfied 
in 2 n ways. Hence 2 n solutions (3) exist with 2 n 
arbiirary amplitudes Xi to satisfy the 2n initial 
charges and currents in the given electrical system. 

Con^tent with our major premise, we proceed to 
expand ( 6 ) in powers of pi* by Taylor’s theorem. We 
have:* 


(P) = r (P) ] 

L -*»»•* =0 

. ^ r ^ (p) 1 

But according to the rule for differentiating deter¬ 
minants:'' 


d£)(p) bHCp) ai.ft bbik 

Pik b hik b pik ~ b pik 


A first approximation to the roots of (10) is given by: 

D* (p) = 0 ( 11 ) 

which is the determinantal equation for neglected 
attenuation. As already pointed out, it contains only 
even powers of p, the roots for p* being negative real, 
and hence those for p purely imaginary. Let the roots 
of ( 11 ) be given by: 

p = p* ( 12 ) 

According to the Newtonian method* we then put 
for the roots of Z) (p): 

P = p* + 5 (13) 

and substitute this value into D* (p) of equation (10). 
For the second term in ( 10 ) it is sufficient to substitute 
( 12 ). We then have:. 


D (p) = H* (p* -h 5) -t- p» 2“ (P*) • (14) 

Expanding the first term in a Taylor's series about 
p = p* we get: 


H* (p* + S) =D* (p*) + j-j + . . .. (15) 

Now if we note that 


D* (P'1 =CnP- + C,_8 p»-® -t- . . . -h Co 

= On ip* H- 5)» 4 -‘C«-* (p* + «.)»-* + . , . + c. 
and (p* -|- 5)" 


— 



_5_ n(n-l) / 

p* 2 1 \ p* / ■*■ 


= Bik(p)up ( 8 ) 

where B,* (p) is the minor of bik in ( 6 ). Since D (p) is 
a whole rational function in p<*, the expansion ( 7 ) 
will contain a finite number of terms. From ( 8 ) it is 
evidait* that successive terms will rapidly become 
smaller if pu < < p - We will assume this and 
consequently neglect all powers of the pu ’s above the 
first. If now we adopt the notation: 


r D (p) 

= D* (p) 

L 

Pik “0 

r Bik (p) ] 

^ Bik* (p) 

L 

Pik 


our determinantal equation ( 6 ) becomes: 

n 

D (p) = D* (p) -I- p 2* Bik* (p). = 0 (10) 

_ 1 

3. See Wood’s “Advanced Calculus,” Ginn & Co., 1926, 
p. 49, equation (1), or any similar text covering Taylor’s theorem, 

4. See, for example, R. F. Scott’s “Theory of Determinants,” 
Cambridge University Press, 1880, p. 35. 

5. This will be clear if we note that Rijfeis two powers lower 
in p than />. Hence the second term of (7) divided by the first 
will be of the order: f>ik/v* 


we see that terms of (IS) above the first degree in 6 
may be neglected if; 

n -1 8 

-f- -7- < < 1 (W) 

which is the criterion for a “highly oscillatory” network 
in the sense in which that term is used in this paper. 
Substituting (15) into (14) and noting that: 

D* (p*) = 0, 

and also that 


r bD*' 

1 = 'S?** 

-bP* 

b bik 1 

L bp . 


- b bik 

bp J, 


= 2'* 2 X« p* Bik* (P*) (17) 

1 

n n 

we get 8 2“2 (p*) + 2 * Ba* (p*) = 0 


6. See, for example, Woods & Bailey, * ‘A Course in Mathe¬ 
matics,” Ginn <& Co., 1907, p. 114. The method is there shown 
applied to the solution of numerical equations, but the general 
idea involved is the same as that used in this paper. 
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or 5 ^ - -5 - 


(18) 


and hence that ( 21 ) can take the place of the double 
sum in (7). Appljdng the Newtonian method as 
before we find: 



From the form of (18) it is clear that S will 
always be real, and hence represents the damping 
factor associated with the frequency given by p*. 
The complete complex “natural angtilar velocity” 
30 -^called, is given by (13). The form of (18) is in itself 
interesting. The damping factors appear as the 
negative quotient of the averaged mesh resistances 
weighted by the unperturbed minors, and double the 
medi inductances avei«.ged in the same way. The 
dimension of S and its similarity to that for the simple 
R, L, C circuit are evident. The latter may serve as a 
simple illustration of our result. Here, 

Dip) = b ip) = Lp^ + Rp + = 0. 


D* (p) = Lp* + = 0; p* = ■. 

The Bik* are unity in this case and we have, 



and hence, p - — 


_R . 1 

2L ^TC 


The exact root differs from this only in that the damped 
angular frequency. 






R? 

LC 4 U 


appears in place of the vmdamped. 

Although equation (18) is applicable more directly 
to the mathematical representation of the network 
itself, the same idea can be carried out on the deter- 
minanta l equation in its polynomial form. If we 
have given: 

D ip) = A„ p" + A„-i p»-‘ + . . . + Ao = 0 (19) 

it can easily be shown that the corresponding deter- 
minantal equation for the undamped case is approxi¬ 
mately'' given by simply striking the second, fourth, 
etc., terms, i. e., that: 

D* (p) = An P’' + A ,-2 p»-* +• . . . -f- Ao = 0. (20) 
Then if we let, 

G (p) = A«-i p"“' + A„-3 P’‘~* + . . ■ + Aip (21) 

it will be seen that, G (p) =0, 

7. For the preceding simple example this happens to be 
exact; but in general the resistance terms will contribute a small 
ashre to the coefficients of oven powers of p. 


To illustrate the application of ( 22 ), let us consider the 
numerical quartic: 

D ip) = p‘ -f 50 p* -H 8.91 X 10® p* + 2.03 • 10^ p 

+ 1.601-10„ = 0 

HereD’'' (p) = p‘ + 8.91 lOSp® + 1.601-10“ = 0 
and p* = ± y 800 and dh 3 500. 

For the first of these: 


/bD*\ 

G (p*) = T 3 9.36-10*; ( XiT ) = =F i 6.23-10» 

\ op 'p =p* 

and hence 6 = — 15. 

For the second: 


/bD*\ 

G(p*) = ±y3.90-10-(^)^_^^ = 
and hence = — 10 . 


±y3.90-10». 


The final roots are: 

- 10 db y 500 and - 15 ± y 800 

which are exactly the ones used in making up the above 
equation, the differences due to the approximate method 
of solution not being noticeable on the slide rule used 
in the calculation. 

It frequently happens that due to the absence of 
independent inductance or elastance in one of the 
meshes, the determinantal equation comes out to be 
of an odd degree. The numbm* of natural angular 
frequencies contained in the systmn in that ease will be 


— 5 — where n is the degree of the equation. The odd 

root will be purely real. The fact that it possesses a 
normal coordinate® as well as the rest of the frequences 
but vanishes for vanishing resistances, seems to indicate 
physically that in the latter case a regrouping of the 
meshes can be carried out so as to reduce their number 
by one—there being always as many normal coordinates 
as there are meshes, (physical dimenaons in the equiva¬ 
lent mechanical system). It would seem as though 
for this real root our method would fail, since its 
imaginary part is zero. However, it can be shown that 
so long as this real root is within the same order of 
magnitude as the real portions of the rest of the roots, 
the method still holds with fair accuracy. Let us 
suppose we have an equation of even degree given by: 

_ D (p) = 0; 

8. See paperTby the writer entitled “Making Normal Co¬ 
ordinates Coincide with the Meshes of an Electrical Network,” 
Proceedings of the I. R. E., Nov. 1927, p. 935. 
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and we introduce an extra real root p — — a. Then 
the equation of odd degree becomes: 

D, (p) = (p + a) Z) (p) = 0. (23) 

The equation for neglected resistance would then be: 
Do* (s>) = pD* (p) = 0, 

which contains the zero root mentioned above. Hence, 
substituting p = 0 + 5 into (23) and expanding we get: 

Do (5) = Do (0) + ^ ( • • =0. 


which is the root correct to within 0.2 per cent. 

Our next step is to show how nicely the above method 
of arriving at the approximate complex roots iits in 
with an approximate determination of the transient 
current amplitudes by mean.s of Heaviside’s well-known 
expansion formula. The latter may be pul into the 
form:* 


- K 2- 


(. 5 ^-T 

V dp //.. 


(24) 


and 8 — 


Do(0) 

/dDo\ 
\ dp 


But: 

Do(0) 

- aD(0), 

and 

/ d jDo \ 

V K 

-0 \ ^p fp 

so that: 


aD(0) 

g ___ 

T 

WAN . -. / 2>D 


\ dp /<>-o 

from which it is clear that the method still gives satis¬ 
factory results if: 

/ dD \ 

or by using the notation of equation (19), if; 


a < < 


ao 

Oi * 


In our numraical example above, this means that an 
additional real root (p -f a) may be introduced and 
re-evaluated by formula (22) with good results as long as 


a < < 


1.601-10“ 
2.03-10^ ~ 


which condition is easily fulfilled if a is not much 
larger than the real portions of the other roots. Note 
that for the evaluation of this real root equation (22) 
simply becomes equal to the negative quotient of the 
last two coefficients of the odd powered determinantal 
equation in the form of (19). After this odd root has 
thus been determined, it is best to divide it out and 
then treat the remainder as in the case where D (p) 
is of even degree. To illustrate let us take our pre¬ 
vious numerical example, and introduce the root 
p = — 100. It then becomes: 

D (p) = ps + 160 p^ -I- 8.96-10' p» + 1.094-10» p* 

+ 1.62-10“ p + 1.601 *10» - 0. 

Here: D* (p) = p« -|- 8.96-10* p‘ -f 1.62-10“ p, 

and (? (p) = 160 p* + 1.094-10* p* + 1.601-10“. 

By applying (22) for p* ^ Owe get: 

- 1.601-10“ 

1.62-10“ “ ~ 


when written for the current in me.sh; due to u .smldtmly 
applied direct voltage E in me.sh k or vice versa. 
D (p) is the determinant given by (6), un<l /f,* the 
respective minor of this determinant. Tlie summa¬ 
tion is to extend over all the nwrt.s of the detenninantal 
equation: 

D (p) « 0. 

For the case of slight damping, however, the s<du(ion 
is given approximately by: 


iik = E 


(p,.*) * 


fii 


/ dD 
\ 0 


p h 


(2S) 


But the denominators in this sum are already known 
from equation (17), so that we merely have to substi¬ 
tute these same value.s into (25) in order to get the 
complete solution. The approximate .solution to the 
determinantol equation dovetailH nicely with the 
process of evaluation of the Iramsient cunrent ampli¬ 
tudes. Substituting (17) into (2S), we can write for 
Heaviside’s expaasion formula in approximate form: 


E 


... - ^ N- 


Po* hi* Eik*(p^*) 

1 


( 2 «) 


If the determinantal equation (6) has no zero root, it 
means that the mesh in which the e. m. f. is imprest 
contains a conden.ser so that the .steady state become 


0 . 


It will bo 8fi«n with a littlo iiivcHtigation that our; 


n (V) 


P % (pi 


where Z (p) is the transient iiu{Kulan«u iw usually fluflneii in 
eonneetion witli Heaviside’s expansion foriiiuhi. Now: 



B 


ill) _ ,IB 
d p d p 

IP 





B Ip*) 


I ■ff’ ^ I “ p* (4^) ■+ 2 (p”). 

^ “P -'Pmpp V dp ^pmpf, 


Comparing with the usual form of Heaviside’s formula, tlie form 
(24) will be seen to bo ideiitif»al with it. For additional 
mation on this point, see “Notes on Operational CiJeulus/* by 
V. Bush, obtainable from the Bleetrieal Engineering Bepl. of the 
Massachusetts institute of Technology, Cambridge, Maii« 
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zero. Since the terms in (26) are conjugate pairs, the 
current will be twice the real portion, or: 





1,3,5.. 




Bi,* M 

n 

1 


sin|p»*J«| (27) 


In order to illustrate the entire process of solution 
outlined in this paper, let us consider a simple network 
consisting of two inductively coupled meshes with a 
suddenly applied constant potential of E volts in the 
first,—the circuit constants being given by: 

Xii = 0.3 henries; Xu = — .1 henries; X 22 = 0.2 henries. 


Pii = 5 ohms; pu = 0; 


oTii = 10* darafs; <ri 2 = 0; 
Then, 

|.3p* + 10« -.Ip*I 


D* (p) = 


.Ip* .2p* + 10» 


P 2 S = 5 ohms. 
cr24 = 10* darafs. 


= p* + 6.04 TO* p* + 2-10'* = 0. 
From which pi, 2 ’'' = ±i2.45T0*; pa./ = ±y 1.87TO*. 
We then find 


Bn*(Pi.i*) = - 2T0*; Bi2*(Pi.2*) = - 6T0*; B 22 * (Pi.**) 

= - 1.79 TO*. 


and B,i=*(pa,4*) = 9.93T0 *;Bi2*(Pm*) 


= - 3.6T0»;B2a* (p»,4*) = - 5T0*. 

n 

From which 2’* (Pi.^*) “ “ 9.95T0®; 

1 

n 


“ 4.966-10*, 

1 

n 

and 2’*2 \ikBik* (Pi. 2 *) = — 5.96 10'; 

1 

n 

2" 2 XikBik* (Pa.4*) = 6.97-10'. 

1 

and substituting into (18) we have: 


9.95-10* 
“ ~ 5.96-10' 


- 16.7 


b 


3,4 


4.96- 10 

5.97- 10' 


= - 8.33 


Then substituting into (27) we get for the current in 
mesh one: 


in = E (2.74-10-* sin 24500 t 

+ 1.78 TO-* e-*-»»‘ sin 1870 1). 
The current in mesh two is found from this by simply 

multiplying the first term by (p' !*) * 

,, Bu*(Pm*) 

and the second by p , —r;—. 

Bii*(P3.4*) 

We find «|2 = E (8.22T0-* €-*«•’* sin 245001 

- 6.28-10-* e-* *»‘ an 1870 <)• 
It is quite apparent that the saving in tedious manipula¬ 
tion over the usual method is considerable. 


Discussion 


V. Bushs Unfortunately, every time we try to apply 
Heaviside’s expansion tlieorem to any network of moderate 
complication we i*iin into insurmountable diilfionlties in eomputar 
tion. Those appear specifically in an equation of a higher order 
Avhich we must solve for the roots. Dr. Guillemin has shown us 
how in general, in any case where the dissijiation is small, we can 
arrive at tliose roots and at a form of the expansion theorem 
which is sufilciontly acjcurate by methods which are much 
sliorter than the complete methods. Tho object is tlie exposition 
of modified forms of treatment for oscillatory cases of low 
damping. 

E# A. Guillemin: There is an additional point in connection 
with the approximate mothofl of solution, which was not men¬ 
tioned explicitly in the paper, but which may be of interest to 
those who wish to apply it to specific problems. 

Two methods of attack for tho evaluation of the complex roots 
wore presented: ’J'hc first was based upon the determinantal 
equation in its determinant form (Equation 6), and the second, 
upon the determinantal equation in its polynomihal form 
(Equation 19). The correlation of this profjess of evaluation of 
roots with the Heaviside formula (Equation 25), however, was 
oaiTied tlirough only on the determinant basis, and brought'into 
tho explicit form given by Equation 2,7. Tho same correlation 
may, of course, be carried through in connection with the 
determinantal equation in its polynomial form, as follows: 

( & D* \ 

—~— j p s= p* and the re¬ 


sult substituted in Equation 25. Grouping pairs of conjugate 
terms, tho final result is: 


iin 



buBin* (p*„) ■ 
1 0 (p%) I 


sia I vv*\ t • 


1.3,5 

On applying this form it should be noted that 0 (p\) is a purely 
imaginary quantity and of the form dz j times an absolute 
magnitude which may be numerically positive or negative in 
itself. It is this numerioal quantity (with proper sign) which is 
to be substituted in the above fonnula. 
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Synopsis.—The principle of superposition, discussed first for paper shows that the principle of superposition is a necessary conse- 
dielectrics by Hopkinson, has been shown for a long time in experir guence of MaxweJTs theory. It goes somewhat further and shows 
menu However, its validity for the several theories which have been that the principle is valid for any theory which leads to a system of 
advanced for dielectric behavior has been shown in only a few cases, linear differential equations with constant coefficients. 

One of the exceptions is the important theory of Maxwell} This ♦ ♦ ♦ ♦ * 


I F we have a plane layer dielectric with n layers and 
denote the thickness of the rth layer by Or, its specific 
inductive capacity by Af, and its specific reastance 
by r, then the common current density u in each layer 
is given by 

U = (J) + hr)fr ( 1 ) 

when D denotes time differentiation,* /, stands for the 
displacement in the rth layer, and 6 , is an abbreviation 
for the ratio 4 v/K, Vr. Furthermore, the displacements 
/ are connected with the applied e. m. f. E by the 
equation 

Oilfl + 0 : 2/2 -f- . . . -1- Oinfn = E (2) 

wha*e a, is an abbreviation for the ratio 4 t Or/Kr. 
These equations lead to a linear differential equation of 
order n— 1 for each of the displacements/, the equation 
satisfied by/„ being 

OCi < 3:2 

jD -|“ 61 Z) 62 

+ D-f 6 , ~D~+br 

it being understood, however, that this is merely a con¬ 
venient way of writing the differential equation which 
results when both sides are cleared of fractions by multi¬ 
plying through by the product of all the denominators 
(Z) + br). The dielectric being supposed initially 
uncharged we have to find solutions of (3), consistent 
with (1), which have all the same value E(0)/ai 
+ . . . +a„)when< = 0 . 

The differaitial equation (3) has on the left hand side 
a differential expression F (D) of order n - 1, the 
coefficient of the highest order derivative D”-^ being 
(«! -h a 2 + . . . -I- a„), and we shall denote this 
coefficient by A, for convenience. The right hand side 

1. Johns HopMns University. 

2. See MaxwelFs Theory of the Layer Dielectric, F. D. 
Murnaghan, Trans. A. I. E, E., Vol. XLVI, 1927, p. 259. 

3. The symbol D stands for d/d t and is used throughout the 
paper symbolically as an algebraic quantity. For the use of 
the symbolic operator £) -f 6 in the solution of linear differential 
equations with constant coefficients see any standard treatise 
on the subject, for example, Cohen’s Differential Equations 
(Heath & Co), p. 96. 

Presented at the Winter Convention of the A, I, B. E., New 
York, N, Y., Feb, 13-JT, 1938, 


of (3) is the result of differentiating the function F of f in 
the manner indicated by the product of all the (Z) b) 
save the single one (Z) -f 5,). It will be convenient 
first to consider the auxiliary equation 

F (Z>) y = F «) (4) 

since if we have a solution y of this equation the function 
/r obtained by operating on y by the product of all the 
{D b) save the single one (Z) -H br) will satisfy the 
equation (3). In fact since the coefficients in the poly- 
nominal F (D) are constants we may interchange the 
order of the differentiations indicated by F (Z)) and 
by the product of the factors (D + b). Hence 
F(Z)) . (Z)-f-fti)( , . .)(D + bn)y 

= (D + bO (. . .) (Z)-f-6„) . F(D)y 
= (D + b:) (. . .) (D + b„)E(t) 

We now proceed to find, by a method due to Cauchy, 
that particular solution of the equation (4) which van¬ 
ishes, together with all its derivatives up to the 
n — 2nd inclusive when t = 0. The homogeneous 
equation correq)onding to (4), i. e., 

F (Z)) z = 0 (5) 

being of order » — 1, has n — \ distinct solutions which 
we may denote by (zi, z,, . . . z«-x), and the general 
solution of (5) is, in accordance with the theory of 
linear differential equations, a combination, with con¬ 
stant coefficients, of these n distinct solutions. Thus 
the general solution of (5) may be written in the form 
z = Cl Zi -f- C 2 Z 2 + . . + C«-i Z«-: (6) 

The constants C are entirely arbitrary and we choose 
them so that the function z of f defined by (6) vanishes 
together with its derivatives up to the n — 3rd inclusive 
when < = t; the n — 2nd derivative, on the contrary, 
assuming the value F (t)/A. The prescribing of the 
values of z and its derivatives up to the n — 2nd, in¬ 
clusive, in this way for a particular value roft gives 
us exactly n — 1 linear equations for the determination 
of the values of the constants C which occur in (6). 
These constants will depend on the particular value t of 
t chosen to enable us to determine them by means of 
the conditions stated and they will, in addition, be 
proportional to F (r) since the right hand members of 
the n — 1 linear equations for the C’s are all zero save 
one which is precisely E (r)/A. We riiall indicate 
these facts by writing z of (6) in the form 
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2 = £7 (t) » {t, t) (7) 

The fact that the coefficients in the differential operator 
F (D) of (5) are constants tells us further that the 
function v of the two arguments t and r does not really 
involve them separately but is rather a function of their 
difference {t— t). In fact the functions 2 i, etc., are 
exponential functions of the time and these exponential 
functions reproduce themselves, multiplied by a con¬ 
stant factor, when differentiated with respect to the time. 
Hence each C occurs, in the n — 1 linear equations which 
serve to determine them, multiplied by the same factor 
e®’’’’, say, in each of the equations. This tells us that 
the V (t, t) of (7) is of the type 

V (t, t) = Bx + ... + B^-x (8) 

where the B’s are pure numbers independent of both 
t and T. The 5’s are the zeros of the polynominal 
F (D). We have found, then, a function 

z = E (t) . V (jt — t) (9) 

which satisfies the homogeneous equation (S') and 
which vanishes together with its derivatives with respect 
to t up to the n — 3rd inclusive when t = t {Le., when 
the argument t — t of the function v is zero); the 
n— 2nd derivative assuming the value E {t)/A when 
the argument of v is zero. We now proceed to show 
that the function y of the single variable t, defined by 
the integral 

i 

y = J E {t) . V (t — t) d T (10) 

0 

is that particular solution of the equation (4) which 
vanishes together with its time derivatives up to the 
n — 2nd, inclusive, when t = 0; in fact, since the 
variable t occurs in two places—the integrand and 
the upper limit—in the expression for y we have for 
the time derivative of y 

D y — ^ E (t) . D V {t— t) dr E (t) . » (0) 
b 

The second member on the right hand side vanishes, 
since the function v has been so arranged as to vanish 
when its argument is zero. Proceeding to the second 
time derivative we find in the same way that 

I 

D^y = S B (t) . D*» (< - t) d T 
0 

and so on up to the n - 1st time derivative, which is 
slightly different; here the second term in the expresaon 
for the time derivative of the integral does not vanish, 
since the n — 2nd time derivative of v does not vanish 
when the argument of v is zero but has the value 1/A 
then. We have, therefore, 

t 

Dn-i y — I* £7 (t) . £)”“* V {t — t) d T + E it)/A 
b 

Upon combining these results and remembering that 


the coefficient of the highest order derivative, U”-', in 
F (D) is A, we have 

t 

F (D) y = JE (r) . F (D) V it- t) d T + E (t) 

The first member of the expression on the right vanishes 
since the function s of < is a solution of the homogeneous 
equation (5), i. e., F iD) v (t — r) =0 for all values of 
the argument (< — r). This shows that y, as defined 
by (10) is a solution of (4), and since all the derivatives 
up to the n — 2nd, inclusive, are expressed as integrals, 
the range of integration being from zero to t, all of these 
derivatives and the function y itself vanish when t = 0. 

The various displacements are now obtained from 
the auxiliary function y by operating on it in turn by 
the product of all the (B + 6)’s but the single one 
(I) -|- 6,). Prom the expressions just given for the 
various time dmvatives of y up to the n — 1st we have, 
for example, 

I 

/x= fE(T).(D + b 2 )(. . .)(D +bn)v(t- T)dT 

+ E it)/A (11) 

showing that the common initial value of all the dis¬ 
placements is E (0) /A. It will be convenient to intro¬ 
duce the notation 

hi it — r) = iD -f- bi) (. . .) (B + 6n) ® (^ t) (12) 
etc., the function h, it — r) being the result of operating 
on the function v it — r) by the product of all the 
(B + 6)'s but (B + br). We have, then, the various 
displac^ents given by the formulas 

t 

fr= f Eir) . hrit-T)dT + E it)/A (13) 

0 

The n functions h, all have the same value 1/A when 
the argument (< — t) is zero. The formulas (13) 
become more significant, from a physical point of view, 
if we change their appearance by an integration by 
parts. On introducing the functions <pr it — r) by the 
equations of ddinition 

I 

<pr it — r) = ^ hr it — s) d s 1/A (14) 

T 

so that 

iprit-T) =-hrit- T) 

a T 

we have from (13) 

/, = B (0) <pr it) - E it) <pr (0) 

+ ( ^<prit-r)dT + Eit)/A 

The second term in the expression on the right hand 
cancels the fourth, since when the argument of <pr is 
zero, the two limits of the integral of (14) coincide so 
that (pr (0) = 1/A. Then we have the final definite 
result 
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* ^ 

fr = E (0) <Pr (t) + J -J- <Pr(t- t) dr (15) 
0 “ ^ 


collecting, and coordinating the existing knowledge as to the 
various properties of dielectrics. In considering Maxwell’s 
theory it was realized that in several particulars it was incomplete 


This equation gives a physical interpretation to the 
functions (p; for, on writing E (t) = 1 in (15), we see 
that (pr (t) is the displacement in the rth layer when a 
constant unit e. m. f. is applied at time « = 0 to the 
dielectric supposed uncharged. 

The result given in (15) is the mathematical ex¬ 
pression of the Boltzmann-Hopkinson Principle of 
Superposition as applied to the displacements. It is 
evident from its mode that the principle of superposition 
is valid not o^y for Maxwell’s theory of dielectric 
absorption but for any theory which leads to a system 
of differential equations which are linear and have 
constant coefficients. For example a theory in which 
the current density was connected with the displace¬ 
ment by a second order equation of the type 
(D* -f br D + Cr) fr^u would have the principle of 
superposition as a consequence. 

Once the displacements have been found the current 
density u follows at once from (1). Writing 

^ (f - t) = (I> -I- hr) (p, (< - t) ( 16 ) 

(it is easily verified that the expression on the right 
has the same value for all the layers) we find 
u{t) =E (0) ^ {t) 


as originally presented by tbe author. Among the most im¬ 
portant of these was the absence of the complete oxpi-ossion for 
the charging current in the most general case of n laycj%s, and 
the absence of a formal statement or proof that the Bol1.zmann- 
Hopkinson principle of superposition was a necessary conse¬ 
quence of Maxwell’s theory of dielectric absorption. (.)n tin* 
first of these questions Maxwell contented hinwolf with a general 
statement, and he doubtless was convinced of the cer1-ainl\' 
of the second, because he was intimately aequaintie<l with 
Hopkinson’s work and indeed discussed Avith him the (experi¬ 
mental evidence of the presence of the principle of supt^rpositiou 
in Hopkinson’s experiments on dielectrics. Responding to 
questions on the mathematical aspects of these problems, I)i*. 
Murnaghan was kind enough to become deeply interost.ed in 
them and has given us his paper’ of last year, clearing up the 
first of the problems mentioned above, tie now pro.s(ints a 
second paper 'analyzing the relationship of superposition and 
Maxwell’s theory of dielectric absorption. As Avill be clear in 
the concluding paragi'aphs of the paper, it is shown that the 
principle of superposition is valid for tJm displacements in a 
layer dielectric, but not for the total current. The final Umn 
in Equation 17, indicating the important addition, might ho 
called the variation of the average geometrbal displacomont. 

Whatever may be said as to the diificultios onemuntored in 
an effort to apply Maxwell’s theory. Dr. Murnaghan’.s two 
papei’s constitute important commentaries on the th(u>ry, and 
will be of great assistances to all students in rounding out the 
picture conceived by Maxwell. 


r dE I 

The physical meaning of the function f (t) is evident 
from this fomula; it is the current at time ( due to a 
constat unit e. m. f. applied to the uncharged di- 
deetric at time ( = 0. ITie principle of superposition 
is not valid for the entire current but the first two tarns 
of (17) may be found by means of that principal and 
then the complete cuirent follows by adding the dis¬ 
placement current which is given by the third term. 

We have given elsewhere^ the expression for the 
function in terms of the constants of the layer di¬ 
electric and the formula (17) furnishes a ready method 
for calculating the current due to any type of applied 
e, m. f. 


Discussion 

J. B. Whitehead, (by letter) Most electrical engines 
who are eoncemed with the behavior of dielectrics and limlati 
we awMe that Maxwell’s theory of dielectric absorption 
residual ehaige cannot be applied for the predetermination 
toe properties of composite dielectries and insulation. 1 
M^efls theory is the only rational theory which has be 
propos^ m this field, and the only one which seems to offer t 
experimentol verification. Furthermore, t 
p^ent indifference on the part of physicists to this importa 
and higMy interesting phenomenon is explained in many i 

SSltira ® 

““ Electrical Insulation of the National E 
searehConne ilseveral years ago set for itself the taskdf reviewin 


V. Bushs 1 have found it difficult indeed to gut at Iho ijoint 
of this paper, and hence 1 should like to give niy interpretation 
of it in engineering language. 

In applying t)ie Boltzmann-Hopkinson extension tlnioreiu, 
or the superposition principle, we are passing from too d-c. 
transient of a network to too a-c. tran.sient, or, more gonorally, 
we are passing from the response to a unit o. m. f. to the respon.se 
to any applied voltage whatever. This can bo done whenever 
the network is linear, that is, where the effect of two volts is 
exactly twice the effect of one volt. If we cannot tons suporpo.se 
results wo cannot use the superposition principle, and the reverse 
is also true. Now, as far as this is concerned with dioloetries 
It doesn’t lead us very far, because in the most interesting coses 
rwults do not add simply. If we assume Maxwell’s theory of 
dielectries, they do; but unfortunately practical dielectrics do 
not work that way. I see, however, in Dr. Murnaghan’s paper 
a matter of more general interest than this and which I do not 
think he brought c>ut so that it is immediately apparent. There 
is difficulty in applying the superposition principle even in 
certain finear oircuits. Sometimes the response to a unit applied 
e. m. f. is impulsive. If we suddenly apply a unit e. m. f. to a 
simple eonden^r the current is impuLsive; that is, it is mathe¬ 
matically in^te and lasts for an infinitesitnal time. In such n, 
case it is difficult to apply the principle and we recpiire some 
further treatment. Such networks are of course only matlie- 
matieal fictions, as there is always in practical oases some soricis 
resistance present in the ciroiu't or the source. Wherever such 
ffifflculties are encountered we can use the last equation in 
Dr. Mumaghan’s paper and arrive at a result. An engineering 
way of doing the same thing is to insert a small series resistance 
te make the circuit behave normally. That will always avoid 
impulsive response. 


But if we wish to treat the simpler circuit, and without thu.s 
avoiding the discontinuity, we can do it in the way there sugl 
gested. which in brief is this: We apply the superpo.sition 
pnnoiple usi ng the response to the unit e. m. f, ignoring the 


4, A. I. E. E. Journal, February 1927 p. 132. 


1. MaxwelFs Theory of the Layer Dielectrics, P D 
Trans. A. I. E. E., Vol. XliVI, 1927, p, 259. 


Murnaghan, 
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sudden impulse, and then we add on another term which takes 
account of the effect of the impulsive part. 

The superposition principle has been often treated in In¬ 
stitute papers, and the mathematical use of it is extensive. 
I should like to refer to the 1926 paper of Vladimir Karapetoff, 
and of J. B. Whitehead, and particularly to the discussion of 
those papers by Joseph Slepian; and I should like more especially 
to refer to the work of J. R. Carson in a number of papers where 
he has treated this matter in condiderable detail. Carson’s 
proofs and modiffed forms furnish, in my opinion, an excellent 
and complete guide to its validity and use. 

E R. LeGhait: One reason why the subject treated by 
Mr. Murnaghan is of a great practical interest is because the 
equation expressing the principle of superposition offers a ready 
means for finding the relationship between the absorption and 
the a-c. losses of a dielectric. 

For instance if in Equation 17 of Mr. Murnaghan’s paper, 
the memory function ^ (1) has been determined by absorption 
measurements and if one expresses that E is an alternating 
electromotive force of a certain frequency one is able to deduce 
therefrom the losses and dielectric power factor at that fre¬ 
quency. One sees at the same time the influence of the nature 
of the memory function on the sliape of the power-^factor fre¬ 
quency eiuve and one grasps very clearly the fact that absorption 
and a-c. losses are nothing but two different aspects of the same 
underlying phenomenon. 

Moreover the following fact is put in evidence, namely that 
for any dielectric following the principle of superposition the 
a-c. losses vary as the square of tlie. voltage. This means that 
for such a dielectric the power factor is independent of voltage. 

In practise the power factor lias been found to remain constant 
with voltage for all substances for which the principle of super¬ 
position was found to hold and in general for most solid dielec¬ 
trics, at least when the conditions of test are such that no 
secondary phenomena ai’e involved. 

In the case of non-impregnated paper we were able to check 
experimentally the relationship between absorption and a-c. 
losses derived theoretically from the expression of the principle 
of superposition. This was found possible provided the memory 
function rj/ {t) is well determined experimentally for the values of 
t that are of the order of magnitude of the duration of a cycle of 
the alternating current for which the losses are measured. 

For complete dielectrics like oil-impregnated paper tho con¬ 
ditions are very different. It is well known that the anomalous 
absorption current in liquid dielectrics does not follow the 
principle of superposition. In correlation with this the power 
factor of oil-impregnated paper even, and especially at very low 
stresses, does not remain constant with voltage. It varies 
widely on the contrary and its variations are maidcedly affected 
by frequency and temperatures. 

In this case we liave not at our disposal the so convenient 
expression of the principle of superposition and it is very difficult 
to find a relation between absorption and a-e. losses. This lias 
however been done to some extent qualitatively at least. More¬ 
over the cause of tho variations of power factor with voltages 
has been traced back to the fact that the anomalous currents in 
the minute particles of oil present in the insulation do not follow 
the principle of superposition. 

We believe that a close study of the phenomena presented 
by composite dielectrics that are in contradiction with the 
principle of superposition is capable of throwing new light on the 
mechanism of losses in that type of insulation and of determining 
the part played in then* formation by the different elements enter¬ 
ing in its constitution. 

M. G. Malti: Since no physical statement of the Boltzmann- 
Hopkinson principle of superposition is given in Dr. Murnaghan’s 
paper, I should like to supply a statement of this principle and 
then show that it holds true within a very limited range of potential. 

Let three condensers A, B, and C, be identical in every respect 


as to the thickness and material of dielectric, as well as to the 
area and material of plates. Let continuous potentials Eat Eht 
and Ec be applied to condensers A, R, and C respectively such 
that Ea ~ Eb Ec and let the charges Qat Qbt and Qct acquired 
by these condensers, be determined as defined by the writer.^ 
The principle of superposition states that, under these conditions, 
Qa — Qb Qe- 

This principle assumes a linear relation between Q and E as 
shown by (a) in Pig. 1 herewith. As a matter of fact the relation 
is linear only up to a certain value Ea of the applied potential. 
For values higher than Ea the relation follows the curve 

While Dr. Murnaghan’s paper is a fine piece of mathematical 
work its utility is limited to potentials lying within the initial 
potential range o — Ea because the principle of superposition 
fails beyond this range. 

Joseph Slepian: It has always seemed to me that undue 
prominence has been given to the Maxwell multi-layer theory of 
dielectrics. It is true that a dielectric built up of layers, as 
Maxwell postulates, will show the phenomenon of absorption 
and that by using enough layers an absorption curve may be 
obtained which .will approach as near as is desix*ed to actual 
observed absorption curves. But it does not follow that if a 
dielectric shows an absorption curve it must be built of layers. 



Fig, 1— Rklation between Charge and Voltage in Solid 
Dielectrics 

The situation is something like this: Gi veil a box with a pair of 
terminals which when measured from the terminals acts as if it 
contained a resistor whether the measurements are made with 
continuous current, or with transients of tlie most varied sort. 
Can we then conclude that there is a resistor in the box? Clearly 
not. Ne(.works can be set up in many ways whioli will perfectly 
imitate a resistor if measurements are confined to the terminals, 
as for example, in Figs. 2 and 3 shown herewith. So far as the 
terminals go these two circuits act exactly like ohmic resistors. 

2. See Eq. (9) in A TIutoty of Imperfect Solid Dielectrics, by M. O. Malti,. 
TitANs. A. I. E. E., Vol. XIjVI, 1927, p. 016 

3. Ibid, bibliography Nos. .54-21, 109-21,107-24 and the following: 

3/93 •‘Hysteresis and Viscosity of Mica for Kapid Oscillations.” P,. 

Janet. C. K, Vol. 116, p. .373,1893. J de. Pbys. 3, 2, p. 387, 1893. 

34/95 “On the Question of Dielectric Hysteresis,” A. W. Potter and D. IC. 
Morris. Proc, Roy. Soc. 67, p. 469, 1896. 

36/95 “Energy Loss in DieJectrics,” P. Granlor, Electrician 36. p. 7. 1895. 
18/97 “Conversion of Electrical Energy in Dielecttdcs,” H. Throlfall.. 
Phys, Reo. 4, p. 457 and 5 p. 21, 65, 1897. 

52/04 and 53/04 “Solid Dielectrics,” V. OrOmieu and L. Malcles C. R. 
139, p. 790 and 969, 1904. 

60/11 “Measurement of Losses in Fibrous Dielectrics,” H. Jordan. 
Elek. Zeits,, Vol. 32, p, 127, 1911. 

8/14 “Passage of Electricity through Paraffin,’' G, G. deVlllemont^e, 
O. R. 158, pp. 1414, and 1671, 1914. 

102/21 “Viscosity of Dielectrics,” J. Granier, Reif. Gen. de Elec. Vol. 10,. 
p. 219, 1921. 

13/23 “Reversible Inductivity of Rochelle Salt Crystals," J. G. Prayne,. 
Phg.s. Rev. 21, p. 348, 1923. 
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No amount of inatliematieal inanipiilation of the terminal 
quantities is ever going to give exact information as to what is 
inside the box. The obvious thing to do is to get into the ]>ox, 
open it up» and examine what is going on there. 

In ray disoussion of Dr. Murnaghan’s paper of a year ago 1 
mentioned, in this connection, the work of the Russian, Joffe, 
who was actually getting into the box, but probing the interior 
of insulation imder stress. If we can’t get into the box, then 
the thing to do is to find the conditions wherci the simple Ohm’s 
Law fails in some way. In the ease of the network shown in 
Pig. 2, by going to such voltages that the condenser breaks 
down something will bo learned of the network structure. In 



the case of the transmission line Pig. 3, the current might be 
raised until the resistor burned out, and then by examining the 
characteristics of what was left something might be learned. 
To obtain real information about dielectrics, we must go beyond 
the Boltzmann-Hopkinson principle, out of the range wJiere it 
applies. 

Professor Muirnaghan recognizes this situation and brings it 
out in the last part of the abstract which to my mind is tlie most 
important result of Ids paper. Ho says it goes somewhat further 
and shows that the principle is valid for any theory winch leads to 
a system of linear differential equations with constant coefficients. 

This overthrows any peculiarly preeminent pla(J 0 for the 
Maxwell Theory. 

bet me now raise the question—over what range is the Boltz- 
mann-Hopldnson principle valid? In almost any physical 
system, if small enough values of the variables are considered, 
as small velocities or small forces, we find that the system is 
described by moans of linear differential equations. Honco tlio 
Boltzmann-Hopkinson principle or an equivalent principle 
should apply to ahnost any physical system if only the variables 
are kept small enough. Since this is true of almost every physical 
system, we say no more about a dielectric when we say that it 
satisfies the Boltzmann-Hopkinson principle for small values of 
electric forces, than if wo say that it satisfies tho law of conserva¬ 
tion of energy. 

Now, over what range does experiment show the superposition 
principle to be true? We do not need to go back very far in our 
own literature to get many cases where the Boltzmann-Hopkin¬ 
son principle fails. In fact it seems that if any reasonable range 
of voltage gradient is considered, the principle is not valid. 
Ourtis, in his very excellent paper of last summer on the “Con¬ 
ductivity of Dielectrics” says that below three to four hundred 
volts per cm. tlie conductivity currents in liquid dielectrics are 
proportional to the voltage, but for higher voltages, in some 
•oases a saturation current is obtained and in other cases the 
•current may increase more rapidly than in proportion to the 
voltage. Just recently a paper by Toryama has appeared in tho 
Archtv fur BUchtrolechnik giving curves for the conductivity 
of transformer oil. These curves of current against voltage are 
•convex downwards for all voltages from zero to breakdown. 
Of course if we limit ourselves to a small enough portion next 
to the origin, that portion may be rtigarded as straight, and that, 
I believe, is all there is to the Boltzmann-Hopkinson principle 
■applied to dielectrics. 


V- Karapetoff: This discussion sounds somewhat like an 
obituary of the Boltzmann-Hopkinson principle, and probably 
even the author will agi*ee that tlie princi])le is inadequate, 
and yet like anything else in tho progress of science it was iiecc^s- 
sary at one time until it has been worn thi*eadbai*o. We see now 
that any hypothesis that leads to a system of linear differoiitiiil 
equations with constant coefficients will give similar results, hut 
essentially the shortcoming of this principle lies in the fact that 
it tries to build an ultra-microscopic structure and beJiavior of 
dielectrics on the basis of macroscopic imtvges. In other words, 
tliis is one of those themntjs winch may be (tailed “hulk llieories,” 
that is, ti*ying to account for tlie ultimate? structure of matter l\v 
using imfigos borrowed from the experience of our senses. 

Seeing that we are now in a transition state to .something more 
refined, and even ideational rather than mattirial, 1 have felt a 
need for a word which would characterize the present outgoing 
theories, and s<i 1 have coined the adjective “niaerocosmo- 
morpliic.” “Macro” means “big;” “cosmos” moans “the 
world;” and “morphic*.” moans “of the sliape of.” Thu.s tho word 
means built like the big world. Tho Boltzmann-Hopkinson 
principle is macrocosm o-morphic and therefore i.s dest/ined to 
fall. Wo know from studies of X-Rays that simple cry.stalline 
bodies contain atomic/ lattices. For instance, rock salt contains 
alternate atoms of so<lium and of chloriiu? in a definite arrangc*- 
meiit, and so both the results of a mcudianical stress or (»f an 
electrical stress appli(?d to a crystal of roc*.k salt, must bo expn?Hsc(l 
in terms of deformation of latticcvs and not of fictitious layers. 
Much of the advanc/cd work done in Europe by Joffe, Rogowski, 
Bmekal, and others, is direete<l toward a study of these lattices. 
Perhaps they are also macroeosino-morphic, but at anj? rate? a 
little more? refined than plain layers. 8o we shall have to suck 
this now theory dry and tlum go to something still more r(?ftned. 

E. R. LeGhait: In the discussion of the comparative ad¬ 
vantages of micro and maf?ro structures of di(?lectrics as bases for 
the explanation of the? ihonomena, I think it is well to boar in 
mind tho wide range covered by the latter. 

Those plumomomi are caused fundamentally by displacements 
of charges that lag behind tho variations of the electromotive? 
force. To explain this fact, some tlieori(?s assume a certain 
viscosity within tho atom that imp<?des the displacomoiit of the 
electrons and causes an actual lag in polarization. Maxwell and 
his Followc?rs consi<l<?r on tlu? contrary tliat the lag of the dis¬ 



placements is not duo to a lag in polarization but to the fact that 
it is the voltage distribution inside of the dielectric that lags 
behind the variations of the applied electromotive force. They 
thus look upon tho dielectric as a conglomerate of particles 
that separately would possess only the properties of specific 
inductive capacity and conductivity and woidd not have any 
absorption. Of these two points of view, one based on a micro- 
struoturo of the dielectric and the other on a macro structure, 
which is to be preferred? 

I do not think it is either possible or desirable that all the 
anomalous phenomena of a given dielectric he explained on the 
basis of the same structure. I think that for the phenomena 
involving a considerably long duration of time, like losses at 




Feb. 1928 


MURNAGHAN: THE PRINCIPLE OP SUPERPOSITION 


371 


low frequencies, a macro structure ought to be considered, and 
that for those where very short durations of time are involved 
like losses at high frequencies, it is a micro structure that is the 
most suitable. 

I believe that when one studies the anomalous properties of 
insulation and in particular the dielectric losses of impregnated 
paper at commercial frequencies, one finds great experimental 
evidence in favor of Maxwell’s theory, or at least in favor of the 
idea at the basis of that theory, which is that the phenomena are 
due to the presence in the dielectric of materials of different 
specific inductive capacities and conductivities. 

The observed variations of dielectric power factor of such 
insulation with frequency and temperature as well as absorption 
measurements point out in favor of the opinion that these effects 
are due to extra-molecular currents inside of the dielectric in 
accordance with the Maxwell theory. 

Dr. Slepian expressed the opinion that the study of the 
anomalous effects was incapable of giving any indication on 
their ultimate cause and deplored the impossibility of opening 
up the dielectric and seeing what was inside of it. In connection 
with this it is interesting to make tests on paper while it is being 
dried out. Such tests show very clearly the influence of the 
presence of particles of a material of high conductivity (moisture 
in this ease, imbedded in the dielectric) on its anomalous prop¬ 
erties, and are a further confirmation of the value of the Maxwell 
theory. 

However, I think that this theory as well as any assumed struc¬ 
ture of the dielectric in accordance with it ought to be considered 
as merely explaining the anomalous properties within a certain 
range with a sufficient degree of approximation. In view of this, 
I think that one ought not to consider the heterogeneous dielec¬ 
tric as a conglomerate of particles of different materials that 
separately would only possess the properties of specific inductive 
capacity and conductivity with the exclusion of any kind of 
anomalous property. Let us remember that a perfect dielectric 
having only the property of specific inductive capacity c^m be 
looked upon as composed of atoms inside of which electric 
charges may be displaced, imbedded in a medium of infinitely 
high resistivity, the inter-atomic spaces. Such a dielectric can be 
considered as the limit case of a dielectric that would show only 
anomalous properties involving infinitely high and infinitely low 
time constants. 


I think that instead of considering the composing materials of 
a heterogeneous dielectric as not having any kind of anomalous 
property one should merely consider them as not capable of 
showing alone any anomalous phenomena involving time con¬ 
stants of the same order of magnitude as those entering in the 
phenomena caused by their juxtaposition in the dielectric. 

F. D. Murnadham There seems to be an impression in the 
minds of some readers that my paper is an advocate’s brief 
pleading for a favorable view of Maxwell’s Theory of Dielectric 
Absorption, but this impression is not correct. Professor 
Whitehead wished to give the theory a clear test and in order to 
do so found it necessary to complete in some points the mathe¬ 
matical argumejit and this was solely what I intended to do. 
Dr. Slepian’s quotation from Professor Wilson’s paper is, there¬ 
fore, quite a propos; my paper is intentionally vacuous of physics 
and those who watch with interest the ever shifting sands of 
physical speculation may therefore justly charge me with trying 
to give my paper a permanent rather than a temporary value. 

In the interest of frank discussion I must disagree with Pro¬ 
fessor Bush’s comment that “Carson’s proofs and modified 
forms furnish an excellent and complete guide to its (i. e., the 
superposition principle) validity and use.” , When I first became 
interested in the present question I had access to Carson’s 
interesting papers but found that my rather unintelligent use 
of his results led me into deep and troubled waters. What was 
the trouble? Carson was dealing with solutions of certain linear 
differential equations so that, in the first place, his work had to do 
not with the current but with the displacement in. the various 
layers of the layer dielectric. In the second place a differential 
equation, by itself, is not a well set problem; one must know the 
initial conditions or values of the unlmowns and their derivatives. 
The initial values of the displ^ements in our problem are not 
zero and I presume that Carson had in mind only the case when 
the initial values of the unknowns are zero. Be that as it may, 
his formulas do not apply to the present case which was the 
statement and proof of the superposition principle for the 
current, I feel it necessary to make these remarks as it would 
otherwise seem that I was thrashing very old straw indeed. The 
fact is that, in my opinion, even the men in high places quote 
incorrectly the superposition principle; to be explicit I have not 
seen my formula (17) in the literature although I have seen others 
which, if I read them aright, are incorrect. 
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Synopsis,—This pa'per discusses the interconnection between 
three of the leading power supply companies in the eastern pari 
of the country, the Philadelphia Electric Co., the Pennsylvania 
Power <& Light Co,, and the Public Service Electric <& Gas Co, It 
outlines the physical aspects of the tie-in between the companies 
which is a S^Chlcv, ring of high-Load capacity, triangular in shape 
with sides respectively 4^ mi,, mi,, and 77 mi. long. The 


advantages of the interconnection are enumerated as well as some 
of the operating problems. 

Preliminary to the discussion of the interconnection the paper 
discusses the Conowingo hydroelectric project, an important 
factor in the interconnection scheme. The plant has an initial 
installation of 280,000 kv^a. in generators. 


A s a sound basis for developing the relation between 
the Conowingo project and the three-party 
interconnection agreement recently completed 
between The Philadelphia Electric Co., the Pennsyl¬ 
vania Power & Light Co., and the Public Service Elec¬ 
tric & Gas Co., it seems advisable to begin by restating 
briefly the more important features of the Conowingo 
project. However, it is not the intention to duplicate 
in this paper the excellent work which has been done 
by many writers in presenting detailed information on 
all phases of the preliminary investigation, design, 
construction, and proposed operation of the Conowingo 
project. 

Conowingo Project—General 
The total drainage area of the Susquehanna River 
basin, as indicated in Pig. 1 is 27,400 sq. mi. divided 
as follows: 

In Pennsylvania, 21,060 sq. mi. (77 per cent of the 
drainage area and 47 i)er cent of the area of the 
State) 

In New York, 6080 sq. mi. (22 per cent of the drainage 
area and 13 per cent of the area of the State) 

In Maryland, 260 sq. mi. (1 per cent of the drainage area 
and 2 per cent of the area of the State) 

The boundaries of the drainage area in Pennsylvania 
are quite familiar to most persons, but the extension of 
the watershed in New York, northward almost to 
Utica, and eastward to about 40 mi. from the Hudson 
River near-Albany, is probably less well known. 

The Conowingo dam, on account of its location a few 
milfts above tide water, intercepts the run-off from 
practically this entire area. United States Weather 
Bureau records over a long period of years indicate the 
precipitation to vary from 31.4 to 44.3 in. per year, 
averaging 39.4 in. 

In making preliminary studies on the economic 
desirability of proceeding with the project, a long series 
of river-flow records was required. Since such records 
were available for Harrisburg, and the added drainage 

1* Vice-president and Chief Engineer, The Philadelphia Elec- 
trie Company. 

PresmUd al the Winter Convention of the A, I. E, E., New York, 
N. r., February lS-17, 1928. 


area between Harrisburg and Conowingo is almost 
exactly 12.6 pot cent of that above Harrisburg, it has 
been assumed throughout that the flows at Conowingo 
are 12.6 per cent greater than at Harrisburg. Accord¬ 
ing to the flow records from 1891 to 1926, the average 
annual discharge at Harrisburg varied from 21,600 sec. 
ft., (a run-off of 12.2 in. over the drainage area), to 



52,600 see. ft., (a run-off of 29.7 in.). The average for 
the period was 35,300 sec. ft., (a run-off of 19.9 in.), 
or about 50.6 per cent of the average precipitation. 

The extremely variable flow, both seasonally and 
from day to day, of the Susquehanna River is not 
sufficiently emphasized in the foregoing average values. 
Pig. 2, containing superimposed hydrographs plotted 
from Harrisburg data, with an auxiliary scale for 
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correction to ConowhiKo, brings out more clearly the It is this feature, more than any other, which has 
variation of the monthly average between the winter prevented the construction of a power plant in this 
and spring high Hows, and the low flows of summer and reach of the river earlier, since the project has been 
fall, but even this figure cannot illustrate the extent of studied for about forty years almost continuously by 
the' low-flow periods in any particular year. About various competent organizations. High-capacity, ini- 
COOO sec. ft. of water at full load is required for each of tial installation was imperative on account of the size 
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FuJ. 3—Gif.NBiiAL Plan op tiik Conowingo Dam 
AND Power Plant 


the seven units initially instilled. The records indi¬ 
cate that several time.s the average flow of the river 
at Conowingo was less than 6000 sec. ft. for four months 
or more, while in one period of 4J4 months (concluding 
with the first half of December, during winch the annual 
peak of The Philadelphia Electric Co. System frequently 
occurs) the average flow did not exceed 6000 sec. ft. 


of the dam. This precluded independent operation and 
building up of local load and involved transmi^on to 
existing load centers together with the^ provision of 
expensive, relay, steam-generating capacity for use in 

the low-flow periods. • n 

That the project has now become econonucauy 
justified is because The Philadelphia Electric Co. sys- 
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tem load is large enough to absorb nearly the entire 
output of the plant at all times; while operation in 
connection with the existing steam stations in Phila¬ 
delphia (utilizing Conowingo Station on the base of 
the load in high flows and on the peak in low), makes 
relay steam capacity unnecessary. 

Conowingo Dam. Five possible sites for the dam and 
power house were subjected to a careful detailed study, 
which indicated that the selected site—about two miles 
below the former village of Conowingo—^best satisfied 
the various conflicting requirements. Construction was 
begun in March 1926, and since that time weather and 



Fio. 4 —Ckoss-Section op Main Spillwav Section 
Conowingo Dam 


river-flow conditions have been so favorable that the 
original schedule for completion has been materially 
bettered. The dam is completed, and the pool full at 
present. It is expected that the first two units will be 
in regular operation early this year. 

A lake has been formed, extending approximately 14 
mi. upstream to the tail-race of the Holtwood Plant 
of the Pennsylvania Water & Power Co. At normal 
and maximum elevation of 108.5 ft. above sea level, the 
area of the pond will be about 8600 acres. With 7 ft. 
draw-down, storage is available to the amoimt of 
2,500,000,000 cu. ft., which will be utilized in dry 
periods to supplement the river flow. 

Since the former location of the Columbia and Port 
Deposit Branch of the Pennsylvania Railroad along the 
east bank of the Susquehanna River was to be sub¬ 
merged, it was necessary to provide a new road bed 
above the 108.5 ft. pond level from just below Holt- 
wood to the dam and, below the dam, dropping down 
at a maximum of 0.35 per cent to the original grade at 
Port Deposit—^about 16 mi. in all. 

The Philadelphia-Baltimore Pike has been relocated 
so as to cross the river on a bridge placed on top of the 
dam structure. This bridge superseded the old .steel 
bridge upon its demolition and flooding. 

The dam is a gravity-section, concrete structure. 


As indicated in the plan, Fig. 3, starting from the west 
(left) side, an abutment section approximately 100 ft. 
long adjoins the power station section, 960.5 ft. long. 
The headworks structures for the four future units, as 
well as for the seven to be installed at this time, have 
been completed. The next section of the dam, 135 ft. 
in length, contains three regulating gates; then follows 
the main spillway section extending 2250 ft. A cross- 
section at this point is shown in Fig. 4. The fixed 
crest at elevation 86 is surmounted by 50 crest gates, 
supported by concrete piers rising from the dam on 
45-ft. centers. The piers serve the further purpose of 
canying the highway bridge already mentioned and 
the gate-crane bridge. 

With all gates open and all wheels at full draft, about 
880,000 sec. ft. will be discharged without raising the 
pool level above the normal of 108.5 ft. In comparison, 
the greatest recorded flood (in June 1889, coincident 
with the Johnstown Flood) was 750,000 sec. ft. 

Beyond the main spillway section is the east abut¬ 
ment section about 1200 ft. long. 

Conowingo Power Station. Fig. 5 is a cross section 
and Fig. 6 a plan of the power station. Seven generat¬ 
ing units are initially installed, each consisting of a 
turbine of 54,000 hp. at full gate and 89 ft. net head. 



Fig. 5—Conowingo Power Station Cross-Section 

81.8 rev. per min., direct connected to a 36,000-kw., 
40,000-kv-a., 13,800-volt, three-phase, 60-cycle gen¬ 
erator, and also to a 715 kv-a., 70 per cent power factor 
auxiliary alternator for supplying the more essential 
auxiliaries, namely the ventilating fans, governor pump, 
and unit exciter. 

The generators, coupled in pairs, feed four 80,000- 
kv-a., 13.8/220-kv., transformer banks placed in open 
top compartments immediately above the 13.8-kv., 
switch structures. One extra 26,667-kv-a. trans¬ 
former is provided as a spare for the four banks. 

The output of the step-up transformers is controlled 
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by the 220-kv. switching station on the roof of the Power station to steel towers with 

power plant. The single Une diagram, Fig. 7, indicates a!,^roximatel^ The 

the four ti-ansformer banks and two 220-kv. lines now a nornial span gt which provides for three 

installed, and also the two banks and one Une to be nght-of-way width is 315 ft. which proyiae 


INITIAL POWEB station 661 FT. 
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added upon completion of the ultimate installation of 
the power station. 

Fig. 8 is a late view of tiie dam and power station 
from the west bank down stream. 

220-Kv. Lines 

The 220-kv. transmisaon lines from Conowingo 


single-circuit tower lines spaced 85 ft. apart. The two 
outer tower lines have been built initially, resulting in 
a present spacing of 170 ft. between Unes. The three 
conductors of each Une are 795,000-cir. mils aluminum 
steel, reinforced, and are arranged horizonta;lly with 
a spacing of 25 H ft. Each tower Une also carries two 
183,000-cir. mils aluminum steel, reinforced, ground 
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wires. The conductors and ground wire on suspension 
type towers are carried on a new type of clamp which 
releases the conductor, and thereby, relieves the tangent 
towers of excessive longitudinal stresses in the event of 
wire failure. The insulators are of a high-strength 
t3T)e with fourteen units in suspension strings and 
sixteen units in strings in strain position. Fig. 9 shows 
the crossing span from Rowland’s Island to the east 



Pio. 8—CoNowiNQO Dam and Power Station, from Wert 
Bank—Downstream Side 

bank of the Susquehanna River, with the access cable- 
way from the west bank to Rowland’s Island in the 
foreground. Pig. 10 illustrates typical tangent-tower 
construction. 

Interconnection — General. The term “intereonnec-i 
tion” is used to denote many gradations of physical! 
connection between separate systems, ranging from ties 
of very small capacity between outlying points of ad- 



PiQ. 9 —Susquehanna River Crossing Sfan. Rowland’s 
Island to East Bank. Access Cablew.ay from W'est Bank 
TO Rowland’s Island in Foreground 

joining or interpenetrating systems (which, if utilized 
to the utmost, could not materially affect the operating 
economies of the system taken as a whole), up to trunk 
lines connecting principal centers of load and generation, 
involving a comprehensive mutual progrand with large 
investment, and promising commensurate return. To 


the latter class belongs the interconnection between 
The Philadelphia Electric Co., the Pennsylvania Power 
& Light Co, and the Public Service Electric & Gas Co., 
the first step of which is now practically ready for 
operation. It is the pmpose of the three companies by 



Pig. 10—CoNOwiNGO 220-Kv. Line Towers at Porters 

Btudgb 

this interconnection so to coordinate their construction 
and operation programs as to result in a maximum 
saving of investment and operating expense. The 
studies made preliminary to the final agreement indi¬ 
cate that the present contemplated construction, 
namely, a complete 220-kv. ring between the systems 
with suitable facilities for connecting each system to 
the ring, will, when carefully operated, utilize to the 



Pig. 11—Diagrammatic Map of Pennsylvania-New Jersey 
Interconnection 


best advantage all of the diversity occurring between 
the system loads for the coming ten years. 

The points selected as terminals of the 220-kv. r ing , 
forming roughly, an equilateral triangle, are: Plymouth 
Meeting near Norristown, for The Philadelphia Electric 
Co.; Siegfried near Allentown, for the Pennsylvania 
Power & Light Co.; and Roseland near Newark, for 
the Public Service Electric & Gas Co. The actual 
distances (line mileage) are: Pl3miouth Meeting to 
Siegfried, 49 mi.; Siegfried to Roseland, 82 mi.; Rose- 
land to Plymouth Meeting, 77 mi. 
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Fig. 11 shows a diagrammatic map of this inter¬ 
connection. A portion of the existing line from Wallen- 
paupack Hydroelectric Station of the Pennsylvania 
Power & Light Co. will be utilized as a portion of the 
Siegfried-Roseland line when this is built. 

The line now practically completed, is that from 
Plymouth Meeting to Siegfried. It is of the same 
general type of construction as the Conowingo Line, 
though a number of details relating to foundation, 
tower design, and insulators were not identical. 

In the interconnection plan, each company designs 
and constructs the lines lying within its own operating 
territory, although all three have agreed upon the 
climatic loading conditions and the general basis of 
design. 

There are many points at which saving can be made, 
both in generating-capacity investment and in operat¬ 
ing expenses, when two or more large systems of ap¬ 
proximately equal system loads are interconnected by 
tie lines heavy enough to interchange any amount of 
energy which the economics of the situation may re¬ 
quire. The principal saving in this case results from 
load diversity, in that the peak load of the combined 
systems is smaller than the sum of the individual peaks. 
A second important factor is reserve diversity, since the 
companies by pooling the reserve capacities which they 
maintain are able to dispense with a certain portion of 
this reserve without loss of reliability. A third factor 
is the staggering of construction among the com¬ 
panies, which permits the installation of two or three 
generating units in any particular year, for example, 
where four or five might be required with the three 
systems operating independently. 

The distribution of combined load, in the most 
economical manner utilizing the more efficient stations 
of the combined systems for base load and the less 
efficient as peak stations, is a source of material savings 
in operating expenses. The furnishing of emergency 
power in excess of normal reserve requirements when 
this is available in the other companies results in no 
actual money saving but does improve reliability of 
operation. 

Load Diversity, Load diversity between two or more 
systems may be analyzed into several distinct elements. 
In this case the principal portion of the load diversity 
is due to the difference in the shape of the individual 
daily load curves on any selected day during the peak 
period of the combined systems. Ftirther contributions 
are made by the difference in the season of annual 
peak and by the non-coincidence of those accidental 
high days which cause weekly or monthly peaks on the 
individual system. As an instance, throughout the 
year the daily peak load of the Pennsylvania Power & 
Light Co. is in the morning, with the afternoon load 
slightly lower and the evening load materially reduced. 
Their annual peak load occurs in October. 

The load curves of the Public Service Electric & Gas 


Co. and The Philadelphia Electric Co. are quite similar, 
both containing large evening loads throughout the 
year, and in particular a high peak near 5:00 p. m. 
throughout the winter months. The yearly maximum 
load of both usually is found in December. 

Reserve Diversity. The experience of the three 
individual systems with calls upon their own reserve 
generating capacity indicates that these are relatively 
infrequent and no loss in reliability is expected, under 
the assumption that the interconnecting companies 
will not all require their share of the total reserve 
diversity simultaneously. 

Economic DistrUmtion of Combined System Load, 
In a single system of steam generating stations, es¬ 
pecially when serving a compact territory, the proper 
apportionment of load among stations seldom offa« 
serious difficulties. It is usually found economical, as 
the system grows, to build up one station at a time 
from initial to ultimate capacity rather than to have two 
or more under way, simultaneously. Thus each 
station in its operating performance reflects current 
practise during its design and construction period, 
and the cost margin between stations is sufficient to 
render obvious the correct distribution of load. Trans¬ 
mission limitations and minimum loading requirements 
of stations may enforce departures from this ideal 
distribution. In the ease of a system of wide area 
and low concentration of load, ,it may prove more 
economical to establish two or more centers of supply, 
and increase them in capacity according to the re¬ 
quirements of their districts, rather than to provide the 
transmission facilities required to permit all the growth 
to take place at one station. . 

No matter to which class the concerned systems 
belong, the interconnection of two or more systems 
which have grown up entirely independently, and which 
are therefore likely to include stations of approximately 
equal-operating performance, offers many delicate 
problems of load apportionment. 

Load Dispatching. The interconnection headquarters 
for general administration and load dispatching is to be 
established at Siegfried. The load dispatchers at this 
point will be in direct communication at all times, 

. through the load dispatchers of the individual systems, 
with the steam and hydrogenerating stations of the 
three companies. They will be advised of the expected 
outputs from the various hydro plants of the system 
as far in advance as estimates can reasonably be made, 
and will plan the operation of the steam stations to 
carry most economically the remaining load. Load 
records, metering, etc., will all center here. The 
preliminary studies of the interconnection project have 
demonstrated conclusively that an opportunity for 
large savings exists, but only the most alert and skilled 
load di^atching will realize all of the possible benefits. 

The detailed technique of interconnection operation 
has not been entirely worked out as yet, but the two 
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companies which are immediately to be connected 
by the Plymouth Meeting-Siegfried line are in close 
touch with one another on these matters, and before 
operation commences will have worked out a complete 
schedule. 

StaMlity and Reliability. While a detailed discus¬ 
sion of the stability and reliability of the 220-kv. 
interconnection lines is out of place in the present pai)er, 



Fig. 12 —^Plot Plan op this Plymouth Meeting 
Substation 

it can be stated that these considerations were among 
the foremost governing the entire study and design. 
It is expected that adequate stability under all loading 
conditions will be afforded the 220-kv. ring by the 




CDOSS SCCTm 66 KV. SUBSTaTKM LOOWC WEST 

Pig. 13 —^Pi-tmogth Mbetino Substation Ckoss-Bection 

s 3 mchronous condensers located at the terminal sub¬ 
stations (in the case o'^ The Philadelphia Electric Co., 
initially 90,000 kv-a.). 

Connections prom 220-Kv. Lines to 
The Philadelphia Co. System 
Pl/ymovih Meeting SvbstaMon. Plymouth Meeting 


Substation, the junction point for the 220-kv. Cono- 
wingo and Interconnection lines, and the 66-kv. lines to 
Philadelphia, was laid out on a tract of about 40 acres, 
as shown by Fig. 12. The Conowingo and Intercon¬ 
nection lines terminate at the 220-kv. buses, to which 



Pig. 14 —Singlbi-Line Diagram op Plymouth Meeting 
Substation 

are also connected the 220/69-kv. transformers tying 
in with the 66-kv. lines to Westermoreland Substation in 
Philadelphia. 

As the cross-section (Pig. 13) and the single-line 
diagram (Fig. 14) indicate, two 220-kv. buses are in¬ 
stalled, provision being made for an ultimate of five 
220-kv. lines and six transformer banks, with each bus 
sectionalized by an oil-circuit breaker. Any bank or 



Pig. 15—Pbu-spective Sketch: Plymouth Meeting 
Substation 


line may be connected to either 220-kv. bus, through 
breakers. The initial installation consists of three 
lines, two from Conowingo and one from the Siegfried 
Substation of the Pennsylvania Power and Light Co., 
and two transformer banks, together with a portion of 
both buses. 

A more comprehensive view of the substation, 
although not accurate in all details, is given by the 
perspective sketch. Fig. 15. On the 66-kv. side of the 
subjstation, tvfro buses vdll be installed with provision 
for an ultimate of twelve 66-kv. lines, together with 
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the six transformer banks. Sectionalizing is pro¬ 
vided for at two points in each bus. The initial instal¬ 
lation consists of two lines to Philadelphia, and two to 
the Philadelphia Suburban Counties Gas and Electric 
Co., and parts of both buses. 

A condenser building and a control room are located 
between the 220-kv. and 66-kv. sections of the station. 



Pia. 16 —Two-Circvxt Toweb—^Plymouth Mektino— 
Westmoreland 66-Kv. Line 

Three condensers are being installed initially, with pro¬ 
vision for an ultimate of six units. 

The transformer banks are self-cooled with a nomi¬ 
nal rating of 100,000 kv-a.; however, with the air-jet 



Pia. 17 —^Four-Circuit Tower—^Plymouth Mebtino 
Westmoreland 66-Kv. Line 

radiator cooling to be installed, their capacity will be 
increased to approximately 130,000 kv-a. These 
transformers are of the three-winding type, with the 


220-kv. and 66-kv. windings connected star and 
solidly grounded. The delta, tertiary winding is rated 
at 13,300 volts. Ratio changing tmder load equip¬ 
ment, giving a voltage range of 15 per cent, is provided 
with these transformers. 

The sjmchronous condensers, which are connected 
to the transformer tertiary windings, are each rated at 
30,000 kv-a. and are equipped with extra high-speed 
excitation. 

Relay protection on the 220-kv. lines consists essen- 






Pig. 20—Single-Line Diagram op Wkstmorelano 
Substation 


tially of special t 3 q)e C Z relays and directional, 
ground-current relays. Transformer banks and con¬ 
densers have the usual differential protection. The 66- 
Icv. lines are also protected by C Z and ground-current 
relays. 

The 220-kv. oil-circuit breakers have an interrupting 
capacity rating of 2,500,000 kv-a., and the 66-kv. line 
breakers a rating of 2,000,000 kv-a. 

66-kv. Lines. The transmission lines, for connection 
from the 220-kv. system to the existing 66-kv. Phila¬ 
delphia Electric Co. transmission system, are carried 
from the Plymouth Meeting Substation approximately 
ten miles to Westmoreland Substation in northern 
Philadelphia, generally following along the banks of the 
Schuylkill River. For approximately one-half of this 
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distance the conventional two-circuit tower construc¬ 
tion is used, with an average span length of 800 ft. 
(Fig. 16). On account of the limited space available 
for the remainder of the distance, a special type of 
four-circuit towers has been utilized; and some of these 
bridge the railroad right-of-way of the Eeading Co. 
On this portion of the line, a normal tower spacing of 
600 ft. has been adopted; and the towers located with a 
view to the requirements of future electrification 
catenary structure (Fig. 17). Two circuits each, of 
500,000 cir. mils copper, have been constructed initially 



Fig. 21 Conowinco Station Opehation; High-Plow 
Conditions 


and provision has been made for an ultimate of six. 
Two ground wires are installed for each of the two 
drcuit towers. 

Westmoreland Substation. Westmoreland Substation 
is the Philadelphia terminus of the 66-kv. lines from 
Plymouth Meeting Substation. 

As may be seen from Figs. 18,19, and 20, the general 
scheme of connections and the physical arrangement of 
equipment are similar to those of the 66-kv. portion of 
Plymouth Meeting Substation and other Philaddphia 
electric 66-kv. substations, two 66-kv. buses being 
provided to which any line or Iransformer bank may be 
connected through oil-drcuit breakers. At Westmore¬ 
land Substation, provision is made for an ultimate of 
twenty-three 66-kv. sections, five or six of which will be 
utiliz^ by 66/13.2-kv. transformer banks, and the 
remainder by transmission lines to Plymouth Meeting 
^bstation and to other 66-kv. substations of the 
Philadelphia Electric System. Bus sectionalizing, in- 
eluding reactors, if their use is found necessary, is pro-* 
vided for at two points in each bus. 

The initial ^tallation is two overhead lines to 
Plymouth Meeting Substation, two xmderground lines to 
Richmond Substation, two underground lines to Schuyl¬ 


kill Substation (together with portions of both buses), 
and two 66-kv. feeders to two 18,760-kv-a., 66/13.2-kv. 
transformer banks in a nearby substation. By late 
summer, two 66/13.2-kv. transformer banks and two 
s 3 mchronous condensers will be installed in the 13.2- 
kv. section of the station. Ultimately, three and 
possibly four transformer banks and three condensers 
will be installed. 

The two banks to be installed will be rated at 60,000 
kv-a. each with possible provision for increasing this 
rating by air-jet radiator cooling. The banlis will also 
be provided with ratio changing under load equipment 
giving a 10 per cent voltage range. 

The synchronous condensers will be rated at 30,000 
Icv-a. each, and will be equipped with high-speed 
excitation. 

Relay protection on the 66-kv. lines consists of C Z 
duplex relays for protection against both line-to-line 
and line-to-ground faults. Transformer banks and 
condensers will have the usual differential protection. 



Fig. 22— Conowingo Station Opebation; Low-Flow 
Conditions 


The 66-kv., oil-circuit breakers have an interrupting 
capacity rating of 2,000,000 kv-a. 

Relation Between the Conowingo Project and 
THE Interconnection 

The Conowingo and Interconnection projects have 
many favorable reactions upon each other. One of 
these is the cominon use of facilities for connecting the 
220-^. lines with the Philadelphia Electric Co.’s 
existing transmission system. The cost of Plymouth 
Meeting Substation and of Westmoreland Substation, 
for either the Conowingo project or the int«-connection 
separately, would have been considerably greater than 
the proportionate share of the actual combined con¬ 
struction cost. 
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While two 66-kv. lines from Plymouth Meeting Sub¬ 
station to Westmoreland Substation would have been 
required for the Conowingo project alone, and one for 
the initial interconnection step alone, on account 
of the short period of simultaneous maximuTn demand, 
only two lines are being installed for both the first year. 

The output of the Conowingo project can be com¬ 
pletely absorbed earlier with the interconnection, since 
the minimum combined load of the three systems is 
well above the full load capacity of Conowingo Station. 
Likewise, Conowingo’s value in replacement of steam 
generating capacity at all times of the year is greater 
with the interconnection. 

Figs. 21 and 22 illustrate the more effective utilization 
of the water available for Conowingo Station, both in 
high-flow and low-flow periods with the interconnection. 
In Fig. 21, which represents winter, high-flow con¬ 
ditions, the lower load curve is that of the Philadelphia 
Electric Co. system alone, and the upper, that of the 
interconnected companies combined. The cross- 
hatched ai’ea indicates the energy that can be developed 
from the Conowingo Station, sufficient water being 
available to run all the turbines in the station at full¬ 
load for 24 hr. Operating in conjunction with the 
Philadelphia Electric Co. system load alone, the area 
indicated by. the double-cross-hatching would be lost 
on account of the decrease of the system load below the 
capacity of the station during the night hours. On 
the other hand, operating with the interconnected 
systems, the minimum load fe well above the capacity 
of Conowingo Station at all times, and the entire 
available energy can be utilized. 

Fig. 22 illustrates winter, low-flow conditions, in 
which a very small amount of water per day may be 
available. In this case the economical method of 
operation is to utilize all of the available water energy 
in carrying the peak load, leaving the base load to the 
team-generating stations, since in this manner the 
hydro plant replaces the greatest amount of steam¬ 


generating capacity. The cross-hatched areas on 
the two curves are equal, and it will be readily noted 
that, utilizing exactly the same limited amount of 
water in either case, the replacement of other generating 
capacity by Conowingo Station is about 50 per cent 
greater when operated on the Interconnection load 
curve, than on that of the Philadelphia Electric 
system alone. 

During the summer months, when the load curves 
of both the Philadelphia Electric Co. system alone, and. 
of the interconnected systems, are nearly flat for several 
hours, the low-flow energy applied at the top of the 
curve will result in a lower replacement of steam 
capacity by Conowingo Station, possibly no greater on 
the Interconnection load than on the Philadelphia 
Electric Co. system load alone. At such times, on 
account of the short starting period required by hydro 
generating units, every generating unit not required for 
the normal load can Ise utilized as standing, reserve 
capacity for the entire interconnected system. The 
amount of expensive, steam-reserve capacity will thus 
be reduced. 

It is hoped that this brief presentation of the largest 
interconnection yet attempted, embracing three of the 
leading power supply companies of the United States, 
and including Conowingo Station (in its xiltimate 
capacity the largest single hydroelectric station), may 
be of value to all those interested in the general subject, 
and especially to those who find themselves faced by 
similar problems. 

The author desires to express his thanks to Messrs. 
F. C. Ralston, R. A. Hentz, and P. H. Chase of 
the Philadelphia Electric Co., for their helpful assist¬ 
ance in collecting and compiling the material contained 
in this paper. 

Discussion 

For discussion of this paper see page 408. 



Progress and Problems 

From Interconnection in Southeastern States 

BY W. E. MITCHELL* 

Fellow, A. I. E. E. 

Synopsis. Great progress has been made. Interconnection made possible more economical operation of existing plaiiu (iml 
Mtween independent systems is primarily a protective measure, has resulted in the use of a larger proportion of the arailnhlc irater 
The greatest economic benefits have been realized when the inter- on systems combining steam, storage, and rurv^f-river hgilrm lrctric 
connections have been made by subsidiary companies of one holding plants. 

company. The capacity of tie lines and {he arnount of power inter- Long-time forecasting of load and rainfall eonditions is im- 
ehanged has increased greatly. The size of generating units has portant in economical system planning. The liO-Icv, and Idi'-kv. 
increased, as heu the size of power plants, resulting in lowered line construction is discussed, also the value of ground n-in s and 
cost pwkw. The problem of satisfactory voltage and power factor lightning arresters. The growing importance of carrier ciirrnit for 
cordrol has mreased in complexity as has that of system load dis- supervisory control and communication and their annlicntiou arc 
patching. Whue much improvement has been made in oil circuit discussed. 

breakers, Oiey stUl leave much to be desired. Interconnection has ♦ * • » ♦ 


I N 1924 in a paper on Interconnection of Power 
Systems in the Southeastern States, the author 
suggested that our great problem for the next 10 
years would be to increase the capacity of the inter¬ 
connecting links between diiferent systems, to develop 
water power distant from the power market, and to 
construct the mine mouth or other strategically located 
(from an economic standpoint) high capacity steam 
plants, and connect them with the great load centers by 
means of high-capacity networks. He also suggested 
that we should plan for at least 10 years in the future. 

l^ss than four years have passed, yet tremendous 
strides have been taken along these very lines. The 
economic possibilities of interconnection are being 
cle^ly realized. One of the results has been the co- 
or(hnation in a number of instances of the various 
individual operating companies under one holding 
company, thus deriving the benefit of massed capital, 
massed resources, and unified control. Interconnection, 
group management, low-cost steam generation, and 
long distance transmission have come as a logical 
succession of natural economic steps. 

Interconnection between independent systems is, 
first, a measure of protection in emergencies. It 
cannot be a success unless the executives and operating 
forces of the respective companies realize it is a give- 
^d-take proposition, and have mutual regard for the 
interests of both companies in the service of the public. 

In the. Southeast, what we term an “operating 
committee,” (on which are representatives from Ala¬ 
bama Power Co., Tennessee Electric Power Co., 
Georgia Power Co., Columbus Electric and Power Co., 
Augusta-Aiken Railway & Electric Co., Southern 
Power Co., and Carolina Power and Light Co.) has 
been functionmg for over four years. This committee 
meets abou t eight times a year and compares operating 

A«i‘ y*®^^*^^®*** General Manager, Georgia Power Co., 
Atlanta, Ga, 
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data, load, rainfall, storage reservoir conditions, and 
other problems of mutual interest. This has proved of 
the greatest value to all concerned. Getting better 
acquainted and the resultant better understanding, 
together with a greater knowledge of each others’ 
systems and their points of strength or weakne.s.s, have 
facilitated the prompt handling of the exchange of power 
in emergencies. Frequently, improved operating econ¬ 
omies through interchange have resulted from a 
greater knowledge of conditions throughout the entii*e 
territory. 

Unquestionably the greatest benefits are derived, 
however, (and this applies both to the general public 
as well as to the individual companies), when the inter¬ 
connected companies while maintaining their inde¬ 
pendent corporate identity are subsidiaries of one 
holding company. It is practically impossible to have a 
unified development program for five independent 
companies, but if these are imder the same financial, 
engineering, and management control, then genuine 
system planning on a large scale will take place and the 
most economical plants and tie lines will be built first look¬ 
ing only to the maximum results for the group as a whole. 

Electrical development in the Southeast has kept 
pace with the rest of the country as the tabulation 
on the following page wiU show. 

The accompanying map. Pig. 1, shows the transmi.s- 
sion lines of these companies covering a large part of 

seven of the most progressive states of the new industrial 
south. 

The system of the Southeastern Power and Light 
Company is operated in parallel practically all of the 
time, and much of the time it is in parallel with both 
the Tennessee and Carolina systems. For successful 
parallel operation and, at the same time, to secure the 
pro^r load division between the various generating 
stations and between the systems themselves, it is 
essential that the frequency be very closely controlled. 

We endeavor to maintain the frequency rigidly at 
60 cycles. By the installation of master clocks at the 
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TABLE I 



1923 

1926 

1927 

Installed generating capacity f Hydro-kv-a. . 

\ steam-kv-a., . . 

782,000 

.3.*i.3,000 

1,170,505 

1,362,167 

Total generation—^kw-hr. 

.3 250 000 000 


622,487 

Peak load —^kw-hr. 

740 000 

Qnn rtriA 

4,150,000,000’** 

Hydro storage —^lav-hr. 

225 000 000 

oUU,UUU 

OACv *7f\f\ 

870,000* 

Miles of 110.000-volt lines. 



418,000,000 

Miles of interconnecting lines. 

Interchange power between companies—^kw-hr 

228,500,000 

457,000,000 

4,497 

538.41 

673.000,000* 


^Estimated. 


larger generating stations, and the use of extremely seasons. The system supplying the bulk of the power 
accurate frequency recorders at load dispatching regulates the frequency. Special attention has been 
centera, it has been possible to make material improve- given to the adjustment of governors at all generating 
ment in the control of frequency over the interconnected stations, so that they will be as nearly as possible equally 
systems. Pig. 2 is a t3q)ical frequency chart taken when sensitive, in order that all stations may carry their 
the Southeastern Power and Light Company system was proper share of the load fluctuations, 
operating in parallel with Tennessee Power Company. The problem of voltage control grows more important 

While this chart probably does not indicate as steady a and more complicated as larger s 37 stems are tied to- 
frequency as exists upon metropolitan systems, it does gether and as additional interconnections are made. 



Fig. 1—^Map Showing Transmission Systems in Southeastern States 


show the narrow limits within which it is possible to 
regulate the frequency upon a very extensive system. 
It should be noted that one cycle is represented by a 
space of 2^ in. on the chart, so tiiat a variation of 
0.05 cycles covers about one-eightih inch. 

During the wet season the basic load is carried by 
the run of river hydroelectric plants, and the load 
fluctuations by steam plants and vice versa during dry 


On the system of the Southeastern Power and Light 
Company, there is at present installed a total synchro¬ 
nous condenser capacity of 130,000 kv-a. This capacity 
is fairly well distributed over the system at important 
load centers. The condensers are all controlled by 
automatic voltage regulators. Three 5000-kv-a. con¬ 
densers and one 10,000-kv-a. condenser are equipped 
for full automatic control; that is, from the starting to 
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the stopping operation. Alabama Power Company 
has installed a 25,000-kv-a. turbo generator at the 
Gorgas steam plant, with provision for disconnecting 
the generator and the turbine and operating the genera¬ 
tor as a synchronous condenser. During the wet 
season, when the steam unit is not required for supply¬ 
ing power, the generator is disconnected and operated 
as a synchronous condenser, supplying approximately 
15,000-kv-a. con’cctive capacity to the system. In 
addition to this, the hydroelectric units are used for 
power factor con-ection, as required during the peak 
load hours, and when not required for supplying power. 
Usually, during the dry season of the year, when steam 
plants ai'e operating on base load, a large portion of the 
hydroelectric capacity is used during peak-load hours 
for power factor correction. It is the practise, when 
these units are operating as synchronous condensers, to 
close the gates tightly. Vacuum breakers have been 
installed upon all of the more important units so as to 
reduce the power input to the generators when they are 
operated as synchronous condensers. The action of the 
water wheel when running at full speed is such as to 
pick up water at its center and discharge it at the perim- 



Fio. 2 —Tvpicai. Frequency Chart op Southeastern Power 
& Light Co. System 


eter, much the same as a centrifugal pump, whenever 
the gate openings are so low that the wheel is not fairly 
well filled with water. It is evident that this increases 
the power input to the unit. The opening of the 
vacuum breaker so as to admit air and break the column 
of water being pumped, therefore, results in considerable 
saving in losses, with a consequent reduction in gate 
opening for low ratings and saving in water. In the 
more modem plants, automatic vacuum breakers have 
been installed. Naturally the hydroelectric plants are 
not as beneficial as synchronous condenser stations 
located at load centers. However, they are in general 
at opposite ends of the system from the steam plants, 
and therefore they have been of much use in. the cor¬ 
rection of voltage. It has been more economical to 
use them for this purpose than to install the additional 
synchronous conde3aser capacity which would be 

required. . „ i * 

It has not yet been found necessary to install regulat¬ 
ing transformers in tie lines to govern the division of 
load and wattless current, but it is very likely that this 
or some other method will be required as the number of 
ties between the systems increases. With the increas¬ 
ing amount of load carried over the lines, the problem 
of system stability has been encountered. In 1926, 
when it was necessary to supply abnormal loads over 


two tie lines between Alabama and Georgia, frequently 
an outage of one of the tie lines due to lightning or 
other trouble would result in a separation of the 
Alabama and Georgia systems by pulling out the other 
tie lines. Operating experience indicates that with 
a load of 30,000 kw. on each line, an interruption on 
one line will result in the separation of the two systems. 
As a result of this experience, an extensive series of 
stability tests was made in cooperation with one of the 
larger manufacturers. A technical paper is now being 
prepared describing in detail these tests. 

On a large network system, it is becoming increasingly 
difficult, and, in fact, practically impossible, to make the 
necessary calculations for load division over transmis¬ 
sion lines, voltage regulation, etc. Therefore, the 
practise has been established of at least once or twice 
each year taking simultaneous readings at all of the 
most important generating stations and load centers 
of the interconnected network. Readings of load, 
power factor, voltage, etc., are taken simultaneously 
and tabulated and are of considerable assistance in 
engineering calculations, as well as in the proper opera¬ 
tion of the system. In order to analyze troubles and 
provide remedies, permanent recording equipment, such 
as the Hall Recorders, or oscillographs, are now being 
installed at stragetic points upon the system. These 
instruments, starting automatically and practically 
instantly when trouble occurs, should prove of con¬ 
siderable value in analyzing trouble and in determining 
settings for relays, loading of lines, etc. 

The problem of relaying is becoming increasingly 
difficult as single circuit transmission lines are added. 
A great need is being felt for a system of relaying which, 
while selective, will instantly disconnect a faulty 
circuit. At present, the ordinary induction type over¬ 
load relays are being used on single-circuit lines, 
naturally having a short time setting to secure selective 
operation. In a few instances, it has been found that 
the settings on these relays have been such as to hold the 
short cilrcuit on the system long enough to affect the 
system stability, and in one or two instances, has 
resulted in rather serious interruptions. Upon the 
double-circuit tower lines, the balanced relays are 
functioning very satisfactorily. However, during light¬ 
ning storms, frequently both circuits on the tower lines 
are interrupted simultaneously. 

There are at present three heavy ties between the 
Alabama and Georgia companies of the Sou^eastem 
Power and Light Company system—^two direct and 
one through the Columbus Electric and Power Com¬ 
pany, So far, the main flow of power has been from 
West to East and this will probably continue to be the 
oasp: for about three more years. However, there are 
now numerous short periods when surplus run of river 
power is sent from Georgia to Alabama. So far we 
have been able with the existing synchronous con¬ 
denser capacity to handle as much as 90,000 kw. over 
these tie lines and maintain satisfactory voltage con- 
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ditions. Within four months a hew 154-kv. tie., 145 
mi. long, will be completed between Martin Dam and 
the E!ast Point Substation at Atlanta of the Greorgia 
Power Company. This tie will have a capacity of 
approximately 60,000 kw. It will be a single-circuit 
line of special cross-braced H frame steel towers, 60 ft. 
high with 39-ft. steel crossarms mounted 56 ft. above the 
ground. Conductor spacing is 19 ft. 6 in. Conductors 
will be 397,500 cir. mils A. C. S. R. with two No. 2/0 
composite aluminum steel ground wires flexibly 
attached to the towers. Insulation for 154 kv. will 
consist of 11 units in suspension and 12 units double 
yoke on strain with grading shields used throughout the 
line. 

On September 18,1927 a 90-mi. line between Gorgas 
Steam Plant and Wilson Dam was put in operation at 
154,000 volte, this being the highest voltage at present 
in use in the southeastern states. This line was built 
during the wai’ and used at 110,000 volts until this 
changeover. The need of additional capacity caused 
the change-over. This line now has a capacity of 
60,000 kw. 

A third 154,000-volt line of the same type as the 
Martin Ea.st Point line is practically complete now 
between Martin Dam and Leeds substation. For the 
present and until the construction of Lower Tallassee, 
this line will be operated at 110,000 volts. 

The construction of these lines brings out forcibly 
the economy of unified control. They permit the post¬ 
poning of the construction of additional power plants 
by one company until those under way by other com¬ 
panies under the same control are loaded up. 

As the .systems grow larger, interconnection between 
those under one management makes for greater operat¬ 
ing efficiency. Full advantage is taken of diversity of 
time, diversity in rainfall, and in seasonal load. With¬ 
out the tie lines this would be impossible. To a some¬ 
what leaser degree, these same factors may be taken 
advantage of by means of ties between independent 
companies. With the large storage reservoirs practi¬ 
cally no water goes to waste during the summer, season. 
If one section has a heavy rain and another none, the 
tie lines permit sale of the surplus at such a price that 
the company that has had no rain can afford to buy 
power and store its own water. Matters of this nature 
are handled by the load dispatchers or operating 
engineers and may cover a period of a day, week, or 
even longer. 

With the more careful studies of the curves of rainfall 
and run-off and expected load, a greater use is made of 
all hydroelectric plants. The run of river plants 
which on the isolated system wasted water all night 
long because it had little or no storage, now that it is 
linked into a comprehensive system, generates many 
more kw-hr. than it previously did, thereby probably 
saving fuel generation. 

On a system combining run-of-river and storage 
hydroelectric plants and steam plants, great savings 


can be made by accurate knowledge of river flows and 
available plant capacities. This involves not only 
studies of all available data as to river flow in the past, 
but the forecasting of the future flows and the formu¬ 
lating of careful rule curves for the day to day operation 
of storage plants. Much careful study is being given 
to this by all large systems and what the subsidiaries 
of Southeastern Power and Light Company have done 
is only typical of the other companies. Messrs. J. P. 
Armero and D. M. Booth have, however, done some 
very interesting original work on this problem, which 
they describe as follows: 

“In order that future operating conditions can be 
forecast as intelligently as possible, careful studies have 
been made of the hydrographs of all rivers involved 
over a period of not less than 25 years. From these 
studies a forecast hydrograph is drawn for the ensuing 
year. This hydrograph is determined in this manner: 

“To obtain results with values of any proximity what¬ 
soever to the actual hydrograph, the data of the rivers 
studied had to be treated as periodograms or curves 
representing functions which, although depending on 
cyclic variables, do not by themselves show a definite 
cyclic character. They are,' in fact, cyclic functions 
whose periods are so long that the observations available 
cover but a small fraction of a cycle. The object 
of the periodogram analysis is to determine from the 
table of observations the equation of the curve, and 
with this to compute the values to be expected from the 
functions during the rest of the cycle. The periodo¬ 
gram is formed by the addition of a series of sinusoidal 
functions, and in some eases contains also lineal 
functions and constants. Generally, it is impossible 
to find the actual composition. Unless the observation 
covers at least one cycle, the problem is indeterminate. 
The indetermination is removed when a number of com¬ 
ponents is known, but even in such cases it is necessary 
for obtaining consistent results that the data be free 
from any error or perturbation. The results shown here 
in plotted form have been prepared by using a method 
whereby each component’s period was estimated, and 
then computing their phase and amplitude. This 
method of attack is especially useful when observations, 
although not covering the whole cycle of the resultant, 
cover at least one cycle of each component. 

“Fig. 3 shows the actual massed hydrograph and re¬ 
sultant curve obtained by the addition of the com¬ 
ponents found by the analysis. 

“Fig. 4 shows the forecasted and actual hydrograph 
for 1926—Coosa River. 

“Fig. 5 shows the forecasted and actual hydrograph 
for 1926—Tallapoosa River. 

“This gives an idea of how closely the actual flow has 
followed the forecasted during previous years. Ba^d 
upon studies of previous years flow, with consideration 
of wet, dry, average, or medium years, and with the 
aid of the study as mentioned above, rule curves are 
made up, covering the operation of the storage plants. 
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Figs. 6 and 7 ^ow typical rule curves for the Georgia 
and Alabama storage reservoirs. The rule curves are 
followed very closely, and deviations are permitted 
only within certain limits, and to take care of unusual 
conditions on stream flow plants. Of course, oc¬ 
casionally there is insuflBcient rainfall to fill up the reser- 




Fig. 3 —Massed Htdrogeaph and Rebcltant Cuevb 
Coosa and Tallapoosa Rivees 


voirs ^ong the rule curve. By following these curves, 
the various plants are operated in so far as possible at 
their most efficient points. Occasionally it is necessary 
to increase the load beyond the most efficient point to 
eliminate higher priced power during peak hours. 
By properly coordinating the operation of all plants on 
the systems, these occasions are rare." 



Fig. 4—^Forecasted and Actual Htdbogeaphs op Coosa 
Rivee —1926 


Operating and maintenance practise has also im¬ 
proved with the exchange of operating data and ideas. 
More careful maintenance schedules for all equipment 
are followed, thereby reducing maintenance cost and 
keeping all equipment in better and more efficient 
cohdition. This is particularly true of steam plants 


where all heavy maintenance work is done during the 
four normally inactive months of December, January, 
February, and March. 

Tables I, II, and III show the effect in a system oper¬ 
ating both steam and hydro plants of load growth and 



Fig. 5—Pobbcastbd.and Actual Hydroorai'Iik op 
TaujApoosa Riveh—1026 


rainfall on production and operating costs of typical 
steam and hydroelectric plants. 

At the present time the first 66,667 kv-a. unit of four 
which will ultimately be installed in a new mine mouth 
steam plant at Gorgas is now under construction. 
This plant, together with the existing steam plants and 


TABLK I 

PLANT PERPOBMANOE—HYDBOELBOTBIO PLANT 
OPERATING IN A SYSTEM WITH STEAM PLANT 


Year 

Output 

X^oad factor 

Maximum 

demand 

1023 

163,094,600 

29.4 

60,500 

1924 

255,520,500 

48.5 

60,000 

1925 

227.387.000 

44.0 

58.500 

1926 

802.292,000 

58.3 

50,200 

1927 

291.880,000 

56.7 

58,000 


OPERATION AND MAINTENANCE COSTS COMPARED 



Unit 

cost in mills per kw-hr. 

Year 

Operation 

Maintenance 

Total 

1923 


., 

0.1553 

1924 

0.122 

0.023 

0.1450 

1926 

0.117 

0.073 

0.1900 

1926 

0.080 

0.047 

0.127 

1927 

0.074 

0.131 

0.205 


.Maintenance unusually high In 1027 due to coat of welding runners. 


the big storage plants at Martin and on the Tallulah 
River, make possible the maximum use by both Georgia 
Power Company and Alabama Power Company of their 
run of river hydro plants. All combine to develop 
more kw. of capacity per dollar of investment and to 
produce more kw-hr. at a lower cost than would be 
possible under independent management. In a similar 
manner the Southern Power Company, the Carolina 
Power and Light Co., and Tennessee Electric Power Co. 
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TABLE U 


COMPARISON OP YEARLY STEAM PLANT PERPORMANOB 


Year 

Tons coal 
per year 

Output kw-br. 

Load 
factor 
in per cent 

Maximum 

demand 

kw. 

Lb. coal 
per kw-hr. 

1920 

118,159 

88,088.100 

20 

45.000 

2.56 

1921 

137,763 

112,000,600 

25.6 

55,000 

2.46 

1922 

188,773 

188,414,600 

43 

66,600 

2.00 

1023 

145,184 

145.250,200 

33.1 

54.600 

2.00 

1024 

198,947 

207,678,000 

34 

78,500 

1.91 

1925 

334,196 

350.796.400 

64 

78,800 


1926 

190,624 

198,064.800 

29 


1.90 

•“1927 

263,807 

276.553.800 

46 

1 76,000 

1.90 


Unit cost mills per kw-hr. 


Oper. 


0.81 

0.40 

0.62 

0.38 

0.32 

0.60 

0.34 


Maint. 


0.67 

0.40 

0.95 

0.49 

0.40 

0.73 

0.62 


Fuel 


4.92 

4.00 

4.00 

3.82 

3.80 

3.80 

3.80 


Total 


6.30 

6.30 

4.80 

6.47 

4.69 

4.52 

5.03 

4.66 


•“11 months only. 

The cost of coal in the above figures is $4.00 per ton at the plant. 


TABLE in 


SOME MONTHLY PRODUCTION COSTS FOR A LARGE HY DRO- 
ELECTRIO PLANT OPERATING IN SYSTEM WITH STEAM 
RESERVE PLANTS IN MONTHS OF DIFFERENT FLOWS 



High flow 

Medium flow 

Low flow 

OrosR gi'nevation in kw^hr. 

38,474,600 

119,600 

16,505,800 

103,500 

0,250.200 

1X6,900 


38,355,000 

58,200 

16,402,300 

9,134.300 


50,000 

36,000 


2,221 

1,000 

1,297 

•Operat-iuK cost... 

$ 2,270 

$ 1,840 

$ 1.746 

Labor... 

$ 1,654 

$ 1.524 

$ 1,634 

iMatorial.... 

$ 017 

$ 316 

$ 211 

cost. ........... 

$ 2,266 

$ 5,574 

$ 8,919 

Labor. * * . . 

S 1.710 

$ 1,670 

$ 1,709 

Material,.. 

$ 556 

$ 3.904 

$ 7,210 

Production cost. 

niiKaf aHnn cost.. 

$ 4,536 
$ 921 

S, 7,414 
$ 1,219 

$ 10,664 
$ 946 

^Prtlnl nfivi»ftl!... 

$ 4,670 

$" 4,653 

$ 4,714 

Average number men. 

43 

46 

46 


Note: Maintonwico during medium and low months includes contract 
expense shown under material for welding runners. 


are working to the same end on their great systems. ^ 

The development of all the economical hydroelectric 
sites is not distant. The material improvement in 
steam generating efficiencies, together with the lowering 
plant costs, the reliability of the large steam units and 
the varying character of our southern stress are all 
making utility engineers in the south realize that a 
greater and greater proportion of power will be produced 
by steam in the future. 

The extent and feasibility of interconnection and 
long distance transmission was thoroughly demon¬ 
strated in 1925 when over 600 mi. of line between 
Muscle Shoals in northwest Alabama and points north 
of Raleigh, North Carolina were linked up for several 
weeks and large blocks of power transsnitted. 

The year 1927,asfarasAlabamaandGeor^werecon- 

cemed, was nearly as dry as 1926. Georgia had very 
little additional generating capacity and a very greatly 
increased load. Due to coordination of the systems, 
however, and the additional tie lines, water was con¬ 
served in the Burton storage all during the spring and 
drawn out in the late fall when most needed. Under 
independent operation tihe tendency wotild have been 
to have taken a chance on getting summer rains (which 
never came) and so to have drawn upon the stored 
water that when the final pinch came there would have 


been none left and then industries would have been 
forced to curtail because the tie lines could carry no 
more and the hydro plants would have been greatly 
reduced in capacity by lack of water. The accompany¬ 
ing load curves. Figs. 8,9, and 10, and the rule curves. 
Pigs. 6 and 7, demonstrate most clearly the value of 
unified operation of two large systems. 

On December 3,1927, systems from Chicago to Mobile 
and Pensacola were interconnected and thus ovct a 
thousand miles of transmission line and literally millions 



KOIB * 

Q —Rule Curve Burton Reservoir—GEO saiA Power 
Company 

of kw. of generating capacity operated in parallel for 
some fifteen minutes. No power was interchanged 
but the availability of the interconnections in case of 
emergency was demonstrated. 

In October 1927 a large cotton mill in Georgia had a 
failure in their isolated plant. Within twenty-four 
hours from the time notice was received, the Power 
Company hsis picked up over 3000 hp. of the mill’s 
load and within seventy-two hours had picked up the 
entire 10,000 hp. This was only possible due to the 
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capacity of two big interconnected ss^stems, but it 
meant continued employment for seyeral hxmdred 
people who would otherwise have been thrown out of 
work for two or Ihree months.. 

In 1927 the Savannah River dropped to a flow nearly 
as low as in 1926. The local plant near Augusta was 


power purchased from Company B, and Company C’s 
needs were completely taken care of. 

The growth of each independent system, but even 
more the unified control of several systems, has pro- 


Purchased Power 


] Steam Generated Power 
Hydro Generate Power 
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Fig. 7 —^Rulb Ctjkvb, Martin Lakb—Alabama Power 

Company 

entirely inadequate under these conditions to carry 
the systmi load so that for several months from 15,000 
to 20,000 kw. capacity was taken over the interconecting 
110-kv. line with the Georgia Power Company and 
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AM TIME P.M. 

Fig. 9— Georgia Powku Co. Load Curve Nov. 2. 1U25 

moted the use of larger power plants and larger generat¬ 
ing units. When a system load is of the order of 400,000 
kw. the jinnuEil growth will be 60,000 kw. at least; 
therefore, it is logical to install very large units. In the 
Buck steam plant, a powdered fuel plant, which the 
Southern Power Company recently put into operation. 


Rik 


rnrclmsed. Power 


Steam Generated Power 


1^ Hydro Generated Power 
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.S—-GhBOHdiA !Powbh Co. Load Cubvbj Oct. 8 , 1925 

tiira a,'<aH?ta^hnent of industry, in a large territory 
; i^tirqly ayoided. 

Another example of the greater use of available re- 
soiq^ess Company A had available 25,000 kw. of trans- 
tniilssioil-'Capadty but no surplus ggenerating capacity 
interconnected on one. tide'frf its syst^ with 
B, which bad. surplus power, and on the other 
.wtb Cornps^i'C,' i^bi^ was of pow*^. 
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Fig. 10—Georgia Power Co. Load Curve Sept. 28, 1927 

two turbo generators of 36,000 kv-a. each were in¬ 
stalled. In the Martin Dam plant of Alabama Power 
Company three 87,600-kv-a. units were installed for 
an average head of 120 ft. At Jordan Dam (Lock 
18), now under coi^tiruction, four 29,000-kv-a. units. 
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operating af 93-ft. head, are being installed; at Upper 
Tall^ee two 19,000-kv7a. units, operating at 65-ft. 
head will be in operation early in 1928. The Southern 
Power Company will have 46,000 kv-a. at its Oxford 
hydroelectric plant in service early in 1928. The 
TTig h Rock Plant of the Aluminum Company of America 
was brought in in 1927 with 40,000 kv-a. The Southern 
Power Company will receive a large portion of the out¬ 
put of this plant over a new 40-mi. 110-kv. tie line. The 
Tennessee Power Company revamped their old Nash¬ 
ville steam plant, equipping two boilers for powdered 
fuel, and installing a 23,600-kv-a. turbine. Carolina 
Power and Light Co. late in 1926 brought in their Cape 
Fear Steam Plant with 30,000-kv-a. capacity and are 
now working on their Norwood hydro plant of 65,000- 
kv-a. capacity. The generators in this plant will be 
of the outdoor type. A third 17,500-kv-a. unit is now 
being added to the Bartletts Ferry Plant of the 
Columbus Electric & Power Company, bringing its 
capacity up to 62,500 kv-a. 

When the new Gorgas steam plant of the Alabama 
Power Company was under discussion, very careful 
studies were made and 66,667 kv-a. units finally decided 
on as the most economical size for our conditions. This 
plant when completed will probably be the most 
economical plant in the Southeastern States. A brief 
description of this latter steam plant may be of interest. 

The turbo generator is a 66,667rkv-a., 90 per cent 
power factor, 400-lb., 725-deg. f ahr. machine arranged for 
four bleed points. The generator is cooled by four 
motor-driven blowers having a total capacity of 106,000 
cubic feet of air per minute at a static pressure of 10 in. 
of water. The blowers drive the air through the genera¬ 
tor air cooler in a closed'system. 

The condenser is 70,000 sq. ft., two pass, with 1-in. 
tubes, two circulating pumps, two condensate pumps, 
and one baink of air ejectors. 

Two 30,000-8q. ft., 475-lb. pressure Babcock &Wilcox 
boilers and superheaters with Combustion Engineering 
Company Fin type water walls on three sides of the 
furnace are provided. Each boiler is guaranteed to 
produce a maximum of 450,000 lb. of steam per hr. 
at 476 lb., 725 deg. fahr. total temperature. 

The boilers will be fired with pulverized fuel fed from 
a bin system. Three 16-ton mills discharge to cyclones 
and thence by conveyors to the pulverized fuel storage 
bin for each boiler. The single-line diagram. Fig., 11, 
shows the extreme simplicity of the electrical layoe^. 
This plant is expected to make a kw-hr. on the switch¬ 
board with 16,000 B. t. us. While many northern 
plants are more efficient thermally, this figured out the 
most efficient plant for this territory when the price 
of coal and the increased capital cost per kw. for 
greater efficiency were considered. 

This plant plainly shows the rapid change in con¬ 
ditions in a few years and indicates the prime im¬ 
portance of careful study of load growth and of conr 
sideration of the improvement in efficiency of steam 


units. Whereas eleven years ago the first lai^e unit 
installed at Gorgas was 25,000 kv-a., and the plant was 
built purely as a reserve steam plant to operate at from 
10 to 25 per cent annual load factor, the new plant will 
be a base-load plant operating on a 60 per cent annual 
load factor at first and probably ultimately on a 70 
per cent load factor. Another interesting fact is 
that while the new plant will be 50 per cent more 
efficient than tfie old, its cost per kw. will be but Uttie, 
if any higher; such is the effect of larger units. Agmn, 
units of 66,667 kv-a. would not be the proper size were 
there not ample reliable tie lines between Alabama 
and Georgia so that such a unit would be available to 
both companies. 

In present day practise all substations are of the out¬ 
door t 5 T)e with steel girders or steel pole supporting 
structures. They are simple and sturdy with large 
clearances. Smsdl control houses are built for the relay, 
protective and control equipment and tdephones with 
a small storage space for spare parts that must be 




Fig. 11 —Singm-Linb Diagram New 266,668-Kv-a. Gorgas 
Steam Plant—^Alabama Power Co. 


housed. In older substations the low-voltage buses 
and switches were put indoors, now for 11,000 volts or 
above nearly all are placed outdoors. 

Double-circuit 110,000-volt lines and many single¬ 
circuit lines are built on sted towers but the majority 
of single-dreuit 110,000-volt lines are of the familiar 
H-frame wood-pole type with one or two groimd wires 
and with the structures guyed at frequent intervals. 
Chestnut, juniper, and cypress poles are frequently 
used, but by far tije majority of lines are constructed 
with creosoted long leaf yellow pine poles. These 
make a splendid looking and a long lived, low mainte¬ 
nance cost, line. . 

By far the greato: part of the territory served in the 
Southeastern states is sparsely settled with nothing like 
the density of load per sq. mi. that is encountered in 
the northeast or middle west. Therefore, typ^ of 
construction have been developed which peculiarly 
suit these conditions. First cost must be kept at a 
minimum and at the same time operation and mainte¬ 
nance must be kept y&cy low. A brief description of a 
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t3^ical line may be of interest. A single-circuit 
110,000-volt line, 225 mi. long, from Mitchell Dam via 
Lock 18 to Hattiesburg, Mississippi. The total load 
was only about 12,000 kw., distributed at eight load 
centers. Prior to inauguration of hydroelectric service 
the more important of these load centers were supplied 
from local steam plants, and had good service, to which 
the hydroelectric service will of course be compared. 
Due to the small size of the various loads, it follows 
that the distribution organizations are small, and that 
there are therefore few men available for emergency 
patrols on the high tension line and substations. The 
redeeming feature about this territory was the fact that 
the prospects for growth in load looked very good. It 
has actually increased 2000 kw. in the last year. 

While first cost had to be low, there had to be con¬ 
siderable spare capacity, at least in the line, to provide 
for future growth. It was also evident that the operat¬ 
ing and maintenance costs must be comparatively low. 
To get low operating costs, it was evident that the line 
and connecting substations should be as nearly auto¬ 
matic as possible, requiring a minimum number of men 
in constant attendance. It was also clear that the line 
and substations would have to be very rdiable, inas¬ 
much as the service requirements were high and there 
were few men available for putting on the line to run 
down and repair faults. 

In satisfying these requirements, we worked out a 
system covering the 225 mi., which operates with only 
three men regularly on duty, looking after the line and 
substations. This attendance is supplemented by 
monthly patrols of the line, using men from the local 
distribution organizations, and by daily infections 
of the primary substations, utilizing members of the 
local supervisory organizations. These inspectors are, 
of course, supplemented by sending in our regular 
line and substation crews to do maintenance work when 
inspections indicate this to be necessary. Based on a 
comparison of the line design with that of existing 
lines, we do not expect an average of more than one 
major interruption per year on this line, and in general 
expect this to be of not over7or8hours’duration. There 
will, of course, be a nximber of momentary interruptions 
of one to two minutes’ duration during the lightning 
season. One year’s operation seems to be justifying 
our assumptions. 

Considering the line construction, most of the 
distance the conductors are 397,500-cir. mil steel re¬ 
inforced aluminum. Structures are of creosoted pine 
poles, 65 ft. high, with 8-in. tops, each structure being 
an H-frame consisting of 2 poles and a creosoted pine 
crossann (6 in. by 8 in.), 32 ft. long. These structures 
are spaced on the average of a little over 1000 ft. apart. 
Insi^tors consist of 8 and 9 units for suspension and 
strain service. Poles are set approximately 7 ft. deef), 
and where soft grotmd is encountered, all structures are 
side guyed. In better ground, alternate structures are 
guyed.- Calvanized tension rods are provided for 


bracing the cross arms, and tying them in with the 
tops of the poles. All hardware is grounded, there 
being two 4-lb. copper grounds per structure, one on 
each pole,—these terminating in ground pipes one in. 
in diameter and 8 ft. long. Two caps wires are provided 
which are of ^-in. Siemens Martin steel. These wires 
are insulated on 20,000-volt pin-t 3 T)e insulators, and 
serve a number of purposes. In the first place they 
stabilize the line mechanically, serving as head guys 
on each structure. They are also utilized in connection 
with a 500-cycle supervisory control system, to control 
certain substation switches and also motor operated 
switches which are placed at intervals of 15 mi. along 
the line, these being operated by the supervisory control 
system referred to, and power being supplied by small 
local 12-volt storage batteries. These cap wires are 
transposed at three points between sectionalizing 
switches and at sectionalizing switches, and are supplied 
with drainage units at sectionalizing switches and sub¬ 
stations. They can therefore be used as an emergency 
communication system, and for this purpose are pro¬ 
vided with drops at two-mile intervals which extend 
down the poles and terminate in small protective equip¬ 
ments, so that a patrohnan can plug in a portable test 
set and secure communication with adjacent substations 
during line interruptions. These cap wires also ter¬ 
minate in telephone equipment at the various primary 
substations. Knally, being provided with drainage 
units and grounded through same, these cap wires 
serve as, ground wires to some degree. We are satisfied 
they have considerable value in this respect, but as yet 
do not know just how effective they are as compared 
wdth the ordinary ground wire. 

Considering next the substations, these are as 
near automatic as they can be made without going to 
imdue complications. A typical substation consists 
of a tap on the 110 kv. line, with air break switches on 
each side, coming to an air break switch in the sub¬ 
station. Following this switch, which ordinarily is 
mpervisory controlled, there is a 110-kv. fuse. Follow¬ 
ing the fuse are the transformers, which are in all cases 
out of door and self-cooled. It will be noted that no 
110-lcv. arresters were provided, as our experience 
indicated that on these small substations it is good 
economy to omit them. From the transformers, con¬ 
nections go to a double, low-voltage bus, the voltage 
bei^ 44 kv. in some cases and 11 kv. in others. The 
various transformer and feeder switches are equipped 
with various rela 3 rs, depending upon service required, 
and wherever possible, they are automatically reclosing. 
At three of the substations. Lock 18, Demopolis and 
Meridian, 110-kv. oil circuit breakers are provided in 
the main line; these, in the case of Lock 18 and 
Demopolis, being provided with CZ relays and auto¬ 
matic reclosers. At Meridian and Hattiesburg, syn¬ 
chronous condensere are installed which are fully 
automatic and provided with various protective relays, 
so that they will take care of themselves during line 
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interniptions. Communication is provided along this 
line by means of antenna-coupled carrier-current sets, 
which are installed at all substations. In practically 
all cases these sets are remote controlled from the 
nearest city office, which in most cases is several miles 
away. As mentioned before, emergency communica¬ 
tion between substations in case of line interruptions 
is provided by the cap wires. 

The only substations along the 225-mi. of line where 
men are regularly on duty are at Lock 18, Meridian, and 
Hattiesburg. At Meridian a man is necessary because 
this is a dispatching point. His presence is made 
further advisable by the synchronous condenser in¬ 
stalled. The condenser at Hattiesburg makes it 
advisable to maintain a man at this point also. 

Transmission lines still constitute the weakest link 
in the chain between generating station and customer. 
The question of ground wires is still a mooted one but 
the majority of southern operators, after from 15 to 20 
years’ experience, feel sure that they are justified on 
important lines and afford material protection against 
lightning. The new 154-kv. lines being built in Ala¬ 
bama and Georgia are being over-insulated, but the 
equipment is not. For its protection, a weak link will 
be put in the lines near the substations by leaving 
off two or three of the insulator disks. On the question 
of high-voltage lightning arresters opinion is much 
divided. On the Southeastern Power and Light Co. 
system we feel that in the more important stations the 
transformers should be given the benefit of the doubt 
and arresters installed. Routine annual testing of 
transmission line insulators is now carried out by most 
companies. Some use a megger but the majority use 
the buzz-stick method. This has proved very satis¬ 
factory in eliminating defective insulators. Between 
the improvements in design and the elimination of 
defectives by various tests, the number of insulators 
punctured or destroyed by lightning is very few, 
nothing like the number we lost 10 years ago. It is 
still the general practise to patrol lines on foot 
at regular intervals with emergency patrol after every 
interruption. 

With the growth and interconnection of systems the 
necessity of uninterrupted communication circuits 
has grown in importance. Important stations and 
load dispatching centers are usually coupled by several 
private land-line circuits as well as by Bell system lines 
wherever possible. In the last two years extensive 
use has been made of the carrier-current telephone 
system, and exceptionally good results have been ob¬ 
tained. On the Southeastern Power and light Co. 
system carrier-current sets are now being installed in 
Atlanta and Birmingham in the load dispatchers' 
offices to permit immediate communication between 
load dispatchers on the two systems; also, for the 
purpose of intercompany commercial calls. They are 
being used regularly for load dispatching on over 1000 
mi. of transmission lines. An accurate check was kept 


of the calls for 76 days, and 86 per cent of them were 
completed. The failure to complete most of the re¬ 
maining calls was due to the operator called being 
where he could not hear the signals. 

Oil circuit breakers continue to be one of the most 
important factors affecting satisfactory long distance 
transmission and system interconnection. Here again 
the increase in capacity of transmission lines and the 
concentration of power necessitate ever increasing 
capacity in the oil circuit breaker. Today short circuits 
of 1,000,000 kv-a. are possible in the Birmingham 
District substation and of 750,000 kv-a. at Atlanta. 
The additional tie lines between Alabama and Georgia 
will cause a complete change in 110-kv. oil switches in 
all of the Atlanta district oil switches. The general 
layout of the Southeastern Power and light Co. 
system is such that we believe we shall continue to give 
best service by operating on so-called solid ties as 
compared to the loose link method, and limiting short 
circuits by opening it up at certain predetermined 
points. Later we shall probably add 110-kv. reactors 
through which normally no current flows. In contrast 
to this the Southern Power system operates to much 
better advantage on the loose-link coupling. Because 
of lack of sufficient data on the performance of high- 
capacity oil circuit breakers under full rating, a group 
of five large utilities formed about two years ago an 
Informal Committee on Cooperative Oil Circuit 
Breaker Tests. The breakers to be tested were bought 
by the interested companies and tested under actual 
system operating conditions. Manufacturers’ repre¬ 
sentatives were invited to be present when their switches 
were tested. Much important information was gained 
and we feel that definite improvements in design have 
resulted directly or indirectly from these tests. As the 
Alabama Power Company’s part, tests were made 
during 1926 and 1927 on six 44-kv. breakers of four 
different manufacturers and one 110-kv. breaker. 

To summarize: The past four years have witnessed 
a growth by all utilities in the southeast. Additional 
and higher capacity interconnections have been made. 
Individual system operation has been.improved as has 
coordination between systems. More use is being 
made of interchange facilities. More careful forecasts 
of load growth are being made and more careful system 
planning to handle such growth is being done. Ad¬ 
vantage is being taken of the lower costs of larger units 
and particularly of the improvement in efficiency of 
the modern steam generating plants. Long distance 
transmission is growing more reliable. 

But there are still many problems unsolved or only 
partially solved. Load dispatching grows more difficult 
and complicated with the growth of systems. From 
the standpoint of protection to service proper relasring 
will continue to require much study. The division of 
load between parallel circuits, the control of wattless 
current, system stability, and more reliable oil circuit 
breakers are problems worthy of the best engineering 



392 


SYMPOSIUM ON INTERCONNECTION 


Transactions A. 1. E. B. 


brains in the industry. As hydroelectric stations 
decrease in size, more automatic ones will be constructed 
to keep down the cost per kw-hr. The future will 
probably see still larger steam plants wdth larger units 
located at the mine mouth, when water is available 
there, and others as near to large load centers as avail¬ 
able condensing water will permit. These will, in 
turn, bring up the problems of still heavier main trunk 
transmission lines operated at higher voltages than at 
present generally used in the southeast. The last 


word has not yet been said regarding lightning 
protection. Improvement in communication circuits 
also offers a fertile field for study. 

If the record of the industry for continued I'eduction 
in cost per kw. and per kw-hr. is to be maintained and, 
at the same time, the service carried farther and 
farther afield to thinner and thinner territory, there is 
no danger of our engineers running out of work. 

Discussion 

For discussion of this paper see page 408. 



Some Aspects of Pacific Coast Interconnections 

BY P. M. DOWNING* 
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Synopsis,—litis paper tells in general of the reasons for, and ovet* operations; {S) location and isolation of trouble; (i) voltage 
the odrantages of, interconnection between power supply systems. regidation and control ortrt' the entire system; and {S) frequeney 

It etiumerates five essential factors which must he considered in control. A desanption is given of the intrrconnecliom along the 

successful operation of inUrconnected systems; namely, (1) entire Pacific Coast, 
dependable comvmnication; {2) centralized authority and control ❖ 


I NTERCONNECTION, as that term is used when 
applied to the electrical industry, means nothing 
moi’e nor less than the pooling of the production and 
distribution facilities supplying power within a given 
area. It differs from transmission in that intercon¬ 
nection implies the transfer of energy from one system 
or ai’ea having a surplus to another system or area 
having a shortage, whereas transmission implies the 
transfer of energy from the point of production over a 
considerable distance to the point of usage. 

Electric service was once local in character but with 
the advent of higher voltages, which made possible 
the transmission of power over greater distances, 
communities which theretofore had been supplied from 
local generating plants found it to their advantage to 
interconnect with other adjoining systems as a most 
logical and common sense way of making a more bene¬ 
ficial use of existing facilities. 

Interconnection does hot necessarily imply capital 
consolidation of the power supply systems involved. 
There are many instances where two or more indepen¬ 
dent systems are operating very successfully under 
contracts or working agreements that permit of 
economies not possible under separate operation. Very 
often, however, all of the advantages to be had from the 
intei'connection are not obtained under contractual 
arrangements, due to the lack of sufficient flexibility 
in the contracts or working agreements in effect. To 
obtain maximum economic and beneficial results from 
interconnection, control and management should be 
unified. If power is to be distributed under the most 
favorable conditions, more than anything else there 
must be local territorial monopoly. No state, however 
richly endowed with water power, coal, oil, or other 
fuel, can make maximum beneficial and economic use 
of its facilities without interconnection. 

At various times we hear of "giant power” and 
“superpower” systems. While these fascinating 
phrases probably make a stronger appeal to the im¬ 
agination of the lay mind than does the more homdy 
and commonplace expression "interconnection,” aside 
from the generally accepted idea that giant power 
implies state or federal ownership, they mean sub- 
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stantially the same as does interconnection and all seek 
to accomplish the same end. 

Some of the more enthusiastic proponents of giant 
power have gone so far as to suggest that there should 
be high-voltage lines of large capacity connecting 
different power-producing and power-using areas within 
the radius of practical electrical transmission, thus in 
effect producing a single pool of power into which all 
generating stations would deliver power and out of 
which all distributing systems, irrespective of owner¬ 
ship, would take delivery of such amount as they would 
need. From an idealistic standpoint such an arrange¬ 
ment would probably be well nigh perfect, but from a 
practical and economic standpoint the investment in 
transmission facilities would probably be so great that 
the purpose sought to be accomplished would be 
defeated. 

Some of the more important advantages to be gained 
by the interconnection of two or more different power- 
supply systems are the following: 

1. Greater reliability of service and increased econ¬ 
omies. In case of a shortage ofpowerduetoaccidentsto 
equipments, other similar equipment on the intercon¬ 
nected system can supply the shortage until repairs 
are made or other units put into service. Under normal 
conditions, the more efficient units can be operated, the 
less efficient being held in reserve and operated only in 
emergencies. 

2. Increased diversity, thus reducing the power 
requirements of the combined systems and by improving 
the load factor, reducing the capital investment in plant 
facilities. 

3. Common use of reserve or spare capacity, thus 
further reducing the capital investment in plant. 

,4. In cases where the network is supplied with 
power from both steam and hydro sources, the hydro 
stations can be operated continuously at full load when 
water is available, thus making a maximum beneficial 
use of water power and a minimum use of steam. On a 
smaller system there would be much less opportunity 
of doing so. 

5. General availability of power over large areas, 
thus making it possible for factories to locate where 
raw material, labor, market conditions, etc., are most 
favorable. This is particularly important, as it permits 
manufacturing plants to locate in smaller towns and 
agricultural areas and use labor normally anployed 


393 


2S-22 



Transactions A. I. E. E. 


SYMPOSIUM ON INTERCONNECTION 


during certain seasons only. In this way intercon¬ 
nection becomes an active force in the decentralization 
of population. 

Although there are many arguments in favor of 
interconnection as a most logical means of effecting 
e con o mics, the extent to which power systeiM can be 
advantageously intercoimected has certain limitations 
beyond which there is no advantage in going. Since 
the economies of interconnection lie in improved load 
factor, higher diversity, and greater use of existing 
fadhrifis that is possible by combining loads of dis¬ 
similar character, it naturally follows that no great 
advantage would be gained by the intercoimection of 
two or more systems unless by so doing these elements 
could be. improved. 

Obviously, there would be no advantage, economic or 
otherwise, in maki ng any considerable investment in 
facilities necessary to interconnect two or more systems 
supplying different areas if those systems had similar 
power supply and load characteristics unless such inter¬ 
connections would give a combined load of higher 
diversity, better load factor, improved service or one 
that would permit of a more general use of existing 
facilities. 

Unfortunately, the wide-spread discussion of this 
subject that has taken place during recent years has 
given the public the impression that it would be practi¬ 
cable to interconnect all of the power systenas in the 
country irrespective of the distances at which they 
might be separated, and, by parallel operation and 
exchange of power, effect economies to a point where the 
cost of power to individual consumers might be reduced. 
Nothing could be further from the fact. In the light 
of our present knowledge of the art, the advantages 
of interconnection are regional in character and limited 
to a radius of 300 to 400 miles. 

Intercoimection between various sources of electric 
generation and distribution on the Pacific Coast was 
the inevitable result of environment and economic 
pressure and became a reality almost immediately 
after the possibility of transmitting considerable 
quantities of power over long distances at high voltages 
had been fully demonstrated. 

In California, where perhaps more has been done 
in the way of unifying the ownership and operation of 
electric utilities than has been accomplished elsewhere, 
topography was an important factor in bringing the 
systems together. In the eastern part of the State, 
running north and south for himdreds of miles, are the 
Sierra Nevada Mountains, having hydro resources 
amounting to approximately 9,000,000 hp. In the 
exbreme western part of the state lie the cities with 
markets for large blocks of electric power. Between 
the two are the wonderfully fertile agricultural valleys 
which, of necessity, had to be crossed by the trans¬ 
mission lines carrying power from the hydro plants in 
the mountains to the cities on the coast. The result 
of such a situation was the construction of a number of 


transmission lines converging toward the cities as a 
common point of delivery. Later, by a natural process 
of consolidation, various systems were united into 
larger units which were in turo interconnected, thus 
forming a network of lines which permits of a ready 
exchange of power between areas supplied fiom a 
sj^tem under a single ownership and management or 
among several systems under separate ownerships and 

managements. . r 

The powerhouses and transmission lines in Cali¬ 
fornia as shown on the accompanying map can all be 
interconnected to form a single network covering the 
entire state. Ordinarily there are three major con¬ 
nected groups. The first includes: California-Oregon 
Power Company, Pacific Gas and Electric Company, 
Snow Mountain Water and Power Company, City and 
County of San Francisco, Utica Mining Company, 
Coast Counties Gas and Electric Company, Truckee 
Kiver Power Company. 

The second: Great Western Power Company of 
California, San Joaquin Light and Power Corporation, 
Merced Irrigation District, Feather River Power 
Company. 

The third: Southern California Edison Company, 
Southern Sierras Power Company, City of Pasadena, 
Bureau of Power and Light, City of Los Angeles, San 
Diego Consolidated Gas and Electric Company. (See 
Fig. 1.) 

Along the route of these transmission lines, running 
from the hydro plants on the western slope of the 
moimtains to the larger cities along or near the coast 
were many smaller cities, towns, and agricultural 
communities. Some of these were supplied with power 
from small isolated plants, while others were without 
electric service. These small plants were inefficient 
and the opportunity to shut them down and obtain 
hydro power from transmission sources at less than it 
was costing to produce it locally was welcomed by all. 
At the same time the load thus obtained afforded a 
ready and quick revenue to the transmission systems. 
As a result of these mutual advantages, practically all 
of the isolated plants were abandoned very shortly 
after, power was available from transmission sources. 
Eventually most of these small plants, together with 
the distributing systems, were taken over by the larger 
companies and became a part of a larger and more 
extensive network. 

The agricultural areas were greatly benefited by 
the extension of these transmission lines. California 
is essentially an agricultural state, having a wet 
season and a dry one. Its semi-arid climate necessitates 
irrigation during the summer months and in certain 
localities at the lower elevations reclamation pumping 
is necessary during the winter months. By installing 
step-down transformers at various points, electric 
power was made available for both of these uses. 

Some indication of the extent to which electric power 
is being used for agricultural purposes may be obtained 
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towns. When it is considered that the agricultural 
business is the least remunerative of any that is served 
by the supplsdng companies, it will at once be apparent 
that the rural communities have benefited greatly by 
the fortunate fact that nature has placed them between 
the soprce of power supply in the eastern part of the 
state and the principal market in the western part. 

While California is generally recognized as having 
pioneered the long distance transmisssion of power and 
pointed out the advantages of maintaining intercon¬ 
nections between systems supplying adjacent territory, 
the field of interconnection has not been limited to this 
state. On the contrary, it has been extended until 
it now includes Oregon, Washington, Nevada, Idaho, 
and Britidi Colximbia. Physical connections between 
systems operating in these various states are maintained 
and, if found desirable, they could all be connected 
into a common network. As a practical matter, 
however, this has never been attempted. The most 
extensive interconnection that is continuoiisly in reg¬ 
ular operation is that between the California-Oregon 
Power Company, supplying the central and southern 
parts of Oregon and the northern part of California, 
the Pacific Gas and Electric Company, supplying the 
northern and central parts of California, and the 
Truckee River Power Company supplying the western 
part of Nevada. Involved in this interconnection are 
4760 mi. of high-voltage lines, 546,000 kw. of hydro 
generating capacity, and 183,000kw. of steam generating 
capacity. 

Although the diversity of load found on most large 
interconnected systems tends to materially improve 
the load factor of the system, nevertheless, from a 
strictly economic standpoint, it is still desirable, if best 
operating results are to be obtained, to maintain a ratio 
between hydro and steam capacities that will call for 
base load being carried on hydro and peak and emer¬ 
gency loads on steam. The ideal relationship between 
these two sources of power supply will depend upon a 
number of elements, among, which the chief are, 
load factor, relative capital costs of steam and hydro 
installations, cost of fuel, etc. With a load that is 
continually growing and the economic advantages that 
come from! the construction of larger generating plants, 
as compared wdth those of smaller capacity, the ideal 
allocation of load between hydro and steain to obtain 
maximum economy of operation is seldom, if ever, 
obtained. 

From the standpoint of continuity of service, steam 
plants play a less important part today than they did a 
few years ago. Several factors have contributed to¬ 
ward bringing about this change. In the first place, 
as the number of hydro plants feeding into an inter¬ 
connected network is increased, temporary cessations 
of operation of one or more generating stations whose 
output represents a comparatively Kmall percentage of 
the total have but little effect on the general service 
of the system as a whole. A similar situation obtains 


in the case of transmission lines. However, a much 
more important factor in improving service in so far as 
transmission is concerned is due to the better quality 
and design of insulators that are nbw available and the 
better and more substantial physical construction used. 

Some indication of the dependability of service from 
hydro somces may be had from the operating records 
of Pacific Gas and Electric Company for the year 1927. 
Climatic conditions in California during the past year 
were such as to afford an abundant water supply at all 
hydro plants. The steam plants located in the more 
important cities were floated on the line as a protection 
against interruptions to service that might occur in 
case of transmission line trouble. By operating in this 
manner the load carried on steam was reduced to a 
minimum. With a peak load of 439,568 kw. and an 
energy output of 2,380,000,000 kw-hr. less than 0.9 per 
cent of it was produced by steam. 

Some of the more essential features that must be 
given consideration in connection with the operation of 
interconnected systems are: 

1. Dependable communication, 

2. Centralized authority and control over operations, 

3. Location and isolation of trouble, 

4. Voltage regulation and control over the entire 
network, 

5. Frequency control. 

One of the most important adjuncts in connection 
with the successful operation of any large interconnected 
network of transmission lines is dependable communica¬ 
tion. This is particularly important in the case of the 
large and more important generating stations and dis¬ 
tribution centers. Under normal operating conditions 
where the distances are not too great, satisfactory 
commimication can be very readily provided by carry¬ 
ing the communication circuits on the same supporting 
structures that carry the power circuits. Unfortunately, 
however, with this type of construction, when trouble 
occurs on the power circuits, the inductive disturbances 
to the communication circuits are generally sufficient 
to make them inoperative when they are mo.st needed. 
The use of such circuits has, therefore, been very largely 
limited to local and routine service rather than for 
handling the more important di^atching service. 

Much more dependable communication can be had 
oyer circuits independent of and located a sufficient 
distance from the power line to be out of range of in¬ 
ductive interferences. Most of the larger power 
systos in the West have communication systems of 
their own independent of the power systems, or lease 
from the telephone companies, circuits for their own 
exclusive use. 

Recent developments in carrier-current radio equip¬ 
ment give promise of providing a cheaper and more 
dependable means of communication between different 
stations on a transmission network than any other now 
available. This method of communieation differs from 
ordinary broadcasting in many rei^ects. First, the 
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carrier current is superimposed on the power lines at 
a frequency below that used by regular broadcasting 
stations, thus avoiding any interference of one with the 
the other. Second, it can be installed on any voltage 
power line and is not materially influenced by switching, 
short circuits, or other transient disturbances on the 
power circuit. Third, in the case of long lines the first 
cost of the installation is less than that of a metallic 
circuit. Fourth, it has all of the flexibility of a metallic 
system. 

The most recent installation of this kind is that on the 
Pacific Gas and Electric Company’s 220- and 110-kv. 
lines running between the hydro plants on Pit River and 
the load dispatcher’s office in Oakland, a distance of 
approximately 240 mi. Although couplers have not 
yet been installed around the transformers used for 
stepping the voltage down from 220,000 to 110,000 
volts, communication between stations at the extreme 
ends of these lines is better and during the few months 
the system has been in operation the service has been 
more dependable than that over an independent 
metallic circuit running between the two places. 

The success attending the operation of large inter¬ 
connected networks is due in a very large measure to the 
fact that authority and control over the details of opera¬ 
tion are centralized in the load dispatcher. In emer¬ 
gencies his authority is supreme. To successfully 
handle the important duties of this position calls for 
good judgment, resourcefulness, a thorough and 
complete detailed knowledge of the entire systms, 
but more important than anything else the ability 
to think quickly and act with decision when trouble 
occurs. So important is this position that service 
from an interconnected network may be good or 
bad depending on whether the dispatching is handled 
well or otherwise. Allocation of load amo^ the 
various generating substations and over the different 
lines in a way that will make a maximum beneficial 
use of the more efficient plants or equipment conserve 
water or fuel and at the same time be prepared to meet 
any operating emergency that might arise, are some of 
the more important responsibilities of this poation. 
Under normal operations, these conditions can be met 
without any great difficulty but once the regular operat¬ 
ing routine is upset by storms, breakdowns, water 
shortage, or otherwise, the resourcefulness of the 
load dispatcher may be taxed to the limit in his efforts 
to maintain service. 

Where generating stations and switching centers are 
separated by distances sometimes as great as several 
hundred miles, there is always the liability of partial 
or complete failure of the communication circuits con¬ 
necting into the load dispatcher’s office. To meet 
emergencies of this kind, dispatching orders are gen¬ 
erally designated by code numbers. By referring to 
them in this manner, the time required to is^e the 
order is reduced to a. minimum. Also the liability of 
mistakesoccurringwhereorders have to be repeated one 


or more times before reaching the station to which it 
is issued, is also minimized. 

Localizing and isolating troubles that might be 
serious enough to interrupt or impair service over a 
considerable area is another big problem that comes 
up in connection iwith the successful operation of an 
interconnected network. At one time this was more 
or less a matter of guess work. Practically all switches 
were manually operated. Such instruments as were 
available were less reliable than those of today and 
were not deagned to. indicate the direction of trouble 
from where they were installed. Alert attendants, 
expert at guessing correctly the location of trouble 
and having the athletic ability to open the right 
switch in the shortest possible time, were therefore 
greatly in demand. Present day equipmrat has 
materially simplified this situation. Automatic over¬ 
load, low-voltage, reverse current, time limit, reclosing, 
and other similar relays have almost entirely superseded 
manual operation in modern up-to-date installations. 
The almost uncanny dispatch and precision with which 
these devices function has brought about a greatly 
improved service and, by reducing man power, a much 
more economical service. 

As an interconnected network grows and the amount 
of power delivered into it increases, the necessity of 
having dependable switches becomes of inCTeasing. 

importance. The construction of high-voltage switches 

has been materially improved during recent years, but 
there has been practically no change in the general 
design. Fmlure to keep pace with the development of 
other facilities used in connection with the production 
and transmission of high voltages has made them the 
weakest link in a power system. 

The first attempt to build switches for operation at 
voltages as high as 60,000 was made in 1899 by the 
engineers of the Bay Counties Power Company, now a 
part of the Pacific Gas & Electric Company’s system. 
The consolidation and interconnection of a number 
of smaller systems soon made it apparent that switching 
could no longer be done on the low voltage side of the 
transformers. The manufacturers had not yet devel¬ 
oped switches for this voltage. To meet a situation 
precedent to the giving of satisfactory service from an 
intercoimected network, it was necessary for the com¬ 
pany to detign and build its own high-voltage switdies. 
The first attempts were necessarily crude. Entrance 
buriiings suitable for operation at 60,000 volts could 
not be had. To further increase the electrical factor of 
safety, the conductors leadmg through these bushings 
into the switch contacts were heavily insulated with 
varnished cambric. Such small porcelain bushings as 
were available were mounted in well seasoned wood tops 
and the oil containers were ordinary fiber or pressed 
paper washtubs. The three legs of the switches were 
insulated from each other and from the ground. 

Improvements in the design and manufacture of 
bushings have to a very considerable extent eliminated 
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the inflammable material used in the original design and 
present day switches are much more rugged and de¬ 
pendable than those of 25 years ago. Although these 
improvements have added to the mechanical and 
dectrical efl&ciency of the equipment, they have also 
increased their first cost to a point where, with the 
i ipnal number of air switches for by-passing and cutting 
put the oil the high-voltage switch equipment in a 
modem generating plant represents an investment equal 
to 50 per cent of that in transformers. 

No other piece of electrical equipment offers greater 
opportunity for improvement than do high-voltage 
switches. This is becoming more and more apparent 
asvoltj^esincrease. The very satisfactory operation of 
the two220,000-volt lines in Califormahas proved beyond 
question the practicability of going to even higher 
voltages just so soon as the economics of the situation 
warrant. What the future may bring forth in the way 
of improvements in high-voltage switches remmns to be 

seen. Thus far the vacuTim type switch has given more 

promise of relief than any other that has been proposed. 
Laboratory tests have shown that there is practic^ly 
no deterioration or damage to the contacts after opening 
a 15,000-volt circuit carrying 120 amperes more than 
500 times. K this type of switch can be developed to a 
point where it can be used on a commercial basis, 
there is every reason to believe that it will rapidly 
supersede the present oil tsqj®* 

If electric utilities fuMU their obligations to serve 
the public, they must be able, ready, and willing to 
supply at proper rates any kind or character of load 
that, may be offered them. Much of the load on a 
general power supply system will be of low power 
factor and unless a consumer is penalized because of the 
low power factor of his load or is offered some induce¬ 
ment in the form of reduced rates or othmrise to 
warrant his providing the necessary facilities for 
improving it there will be a conriderable amount of 
wattless current on the system that will have to be 
taken care of somewhere. 

This may be carried on one or more generating sta¬ 
tions to suit operating conveniences or a mudi better 
plan, and one that becomes absolutely necessary as the 
length and voltage of the transmission lines increase, is 
to synchronous condensers at or near the distribu¬ 

tion centers of the system. The number and capacity 
of such installations will depend on the voltage of the 
system, the load characteristics, the permissible varia¬ 
tion in voltage, etc., but whatever capacity may be 
needed to give proper service under normal operating 
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conditions, it is very dearable, if satirfactop^ ^rvice 
is to be given under abnormal conditions, to haw a 
reasonable mar^n of spare capacity to maintain 

adequate service in emergencies. 

Condenser installations can be fully justified not 
only as a most satisfactory means of improving voltage 
regulation but they also have a tremendous economic 
value in that by improving the power factor, the amount 
of power t^t can be carried over a given line is 

materially increased. x • „ 

Speed control on an interconnected system is a com¬ 
paratively simple matter. Irrespective of the number, 
size, or location of generating stations, one station does 
the governing. Local conditions determme which one 
can best perform this function. Ordinarily the statwn 
near the load center, where a sufficient governing 
margin can be maintained at minimum cost, is selected. 
Where a hydro plant does the governing it is desirable 
that one having sufficient forebay capacity to supply 
the varying drafts necessary to meet load fluctuations 
be selected. Where the network is supplied from both 
hydro and steam sources, especially where the latter 
is operated as a standby or reserve source of power 
supply there is but little, if any, economy in governing 
with steam. Maximum economy will be obtained by 
loading all hydro plants except the one doing the govern- 
ing, thus reducing the steam load to a minimum and 
keeping hot only enough boilers to pick up the pre¬ 
determined amount of load that is to be thus protected 
against interruptions in case of trouble. 

To prevent see-sawing of load between different 
plants, the governors on the governing plant are ad¬ 
justed sensitive enough to operate on a minimum varia¬ 
tion in speed. Those on the other plants are adjusted tO' 
operate only on the wider variations that would occur 
if and when for any reason they might become separated 
from the governing station. 

On a reasonably large interconnected network of lines, 
carrying a highly diversified load, the instantaneous 
variations in load or what is ordinarily called the 
governing margin is comparatively small. In fact it 
is not at all unusual during short water periods to recluee 
this to practically zero and follow the gradual variations 
in load by hand control. On the system of Pacific Gas 
and Electric Company, with a peak of almost 440,000 
kw-hr. supplied to an area larger than any other inter¬ 
connected network in the West, the normal governing 
margin is between 1000 and 2000 kw. 

Discussion 

For discussion of this paper see page 408. 
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Synopsis.—The dcvdopmenl of power stations in the Chicago at 66,000 and 182,000 volts, with circuit capacities of60,000 kv-a-. 
District is described, showing how small stations have been replaced, A station in central Illinois, near the coal supply, is being tied 
and the energy supply for light, power, and traction consolidated by in with the Chicago Distinct. 

the use of high-voltage lines. Interchange of energy between companies is conducted under an 

Thcintercoimectionsbclween stations and the developments of recent agreement, which is an important factor in the success of inter- 
years and for the immediate futureare outlined. This includes cables connection. Some of the operat ing problems are outlined briefly. 


T he development of power producing equipment for 
the supply of electrical energy in utility service 
during the past quarter of a century has been 
greatly influenced by the development of electrical 
transmission of energy which has accompanied it. 

The ability to send energy economically from a 
principal point of production to numerous points of 
distribution was the prime factor in a period of develop¬ 
ment in which many small pioneer stations were 
replaced by a few larger power stations, with a consid¬ 
erable gain in economy of construction and operation. 

A sketch of the course of power station development 
in the Chicago District, which is typical of progress in 
general in this respect, may serve to illustrate some of 
the phases of this period of growth. 

Power Development in Chicago 
At the time the pioneer turbine-driven units were 
being planned for installation at the Fisk Street Station 
in 1901-2 in the Chicago District, there were from 10 to 
12 power stations suppl 3 dng electricity, 12 power 
stations supplying trolley and elevated train service at 
600 volts d-c., a total of 24 power stations generating 
electricity chiefly for use in a local area. Only two of 
these stations supplied power to areas outside the 
radius of direct economical distribution from the point 
of production, because transmission at higher voltages 
by cables was yet in its infancy. 

The year 1903 marked the inauguration of service at 
the Fisk Street Station at a generator voltage of 9000, 
chosen to make it available for transmission to sub¬ 
stations, from which local distribution was effected. 

The former generating stations being centers of 
distribution naturally formed the nucleus of this 
development, and lines to these points formed the first 
interconnections, since the stations were continued in 
operation for peak-hour purposes for some years before 
being abandoned. 

The production of energy at Fisk Street Station was 
attended by a material reduction in the investment per 
kilowatt of plant capacity, and this opened the way for 
the economical supply of energy for electric transporta¬ 
tion service which followed. 
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Thus, when rehabilitation of the equipment of the 
surface car lines followed the granting of new traction 
franchises in 1907, the additional power required was 
purchased and delivery was made over transmisaon 
lines to converter substations, whence 600-volt energy 
could be economically distributed. 

The former cable car service, which had required 10 
separate power houses, was converted to electric cars 
and these sources of power were abandoned, throwing 
this load to the electricity supply stations. 

Similar unification of power supply took place m the 
subui'ban areas. 

Within 10 years from the time the first timbine 
station went into service, the total number of power 
stations in Chicago and its suburbs had been reduced 
from 24 electric and 10 cable power stations to not more 
than 9 or 10 stations in all. Of these, five were pro¬ 
ducing the major part of the energy, the others being 
retained for use during peak-hours only. 

The merging of traction supply with general light and 
power load approximately doubled the load on the 
supply systems and made it possible to use turbo 
generator units much larger than would have been 
chosen if the power supply of the district had not been 
thus unified and consolidated. 

This advantage was by no means small, as the total 
turbo generator capacity installed during the first 
decade of this development amounted to about 275,000 
kw. in three generating stations, whereas the total 
capacity in the 24 electric stations in service in 1903 did 
not much exceed 100,000 kw. 

Progressive increases in the capacity of units were 
made as rapidly as the manufacturers could work out 
the problems involved, and the following tabulation 
of the maximum sizes of units and the year in which they 


came into service is of interest: 

Year first put into 
service 

Maximum size of 
turbo generator 

1903 

Vertical 

6,000 kw. 

1906 


8,000 “ 

1908 


14,000 « 

1912 

u 

20,000 “ 

1913 

Horizontal 

25,000 « 

1915 

u 

30,000 « 

1917 

tt 

35,000 " 


28-12 
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Development was retarded tor a few years by the 
events of the World War, but active growth was re¬ 
sumed in 1919 and in the Chicago District, in the middle 
western states, and indeed throughout the United 
States, proceeded at an xmprecedented rate. 

The accelerated growth from 1919 on necessitated a 
complete readjustment of power station development 
programs in all large centers of population, and necessi¬ 
tated the choice of still larger units and station ca¬ 
pacities in the Chicago District. 

For example, the Calumet Station in South Chicago 



was planned in 1919, on a pre-war basis, for six 30,000- 
kw. units, with the expectation that this would care 
for the requirements of growth in that District for 
perhaps 10 years. But, as a matter of fact, it had to 
be developed to full capacity in the second year, after 
the first unit went into service; that is, the sixth eind 
last unit went into service in about four years, after 
construction was started on the first unit. 

The construction of the Crawford Avenue Station 
followed immediately upon the completion of the 
Calumet Station, and the first two units, of 50,000- 
and 60,000-kw. capacity respectively, went into service 
in the fall and winter of 1924-5. 

Subsequent installations in service and under con¬ 
struction at Crawford Avenue Station follow: (Fig. 1) 

1925 Unit No. 8 50,000 kw. rated capacity. 

1926 Unit No. 4 76,000 kw. rated capacity. 

1927 Unit No. 6 90,000 kw. rated capacity. 

1928 Unit No. 6 100,000 kw. rated capacity. 

The chart, Fig. 2, giving annual increments of 

maximum load in the City of Chicago, illustrates the 
demands for seivice which necessitated such a program 
of installation of power station capacity. 

In the suburban area, outside the limits of the city of 
Chicago, a similar process of consolidation of generating 
capmty, and elimination of smaller and less efficient 
stations was in process from 1912 on. 

To supply the northerly suburban area stations 


were constructed at Waukegan, some 30 mi. north of 
the Chicago city limits, at Blue Island, about two 
miles southwest of the city limits, and at Joliet, some 
33 mi. southwest of the city. These stations supplied 
towns in the valley of the Illinois Riv®* and elsewhere 
in that section of the State, at 33,000 volts. 

These lines sMved to interconnect the Blue Island 
and Joliet Stations, and, in later years, the Joliet 
Station was interconnected with the station at Peoria. 

The Waukegan Station, being located on a large 
site where water from Lake Michigan is available for 
condensing purposes, has been developed as one of the 
larger stations of the interconnected Chicago group. 
It has a capacity of 110,000 kw., the third unit of 
50,000-kw. capacity having been put into service in 
1927. 

Similar developments took place in other parts of 
Illinois and in the neighboring states. 

Development op Interconnection 

The use of interstation tie-lines has been in general 
practise since power station development reached a 
point where two stations under the same management 
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were located in such proximity as to make intercon¬ 
nection practicable. 

Such interstation lines were operated at the voltage 
of the generator. Later, the voltage used for trans¬ 
mission of the supply of energy to substations was more 
often employed. 

Interconnections of this type were of relatively 
small capacity until the size of generator units became 
such that an excessive number of circuits was re¬ 
quired to provide an adequate reserve for the larger 
units. 

In the Chicago District such interconnections were 
established between the Fisk Street and Northwest 
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Stations, a distance of about eight miles, at 12,000 
volts. 

Other interconnections were made between stations 
in suburban districts at 33,000 volts, with overhead 
lines forming a part of the general transmission system. 

These interstation lines were however, of minor 
importance when compared with the transmisaon 
capacities necessitated by the rapid growth of the past 
10 years. 

The Calumet Station was located at South Chicago, 
13 mi. southeast of the Fisk Street Station, to provide 
a supply of energy for the great industrial district in 
that section of Illinois and Indiana. However, the 
unexpectedly rapid development of load made it 
necessary to transmit a considerable part of the energy 
produced there to the Fisk Street zone. This called 
for a group of lines having a capacity of the order of 
100,000 kv-a., and, since these must be underground 
cables, it was very desirable that the capacity of in¬ 
dividual cable units be as great as it was practicable to 
secure at that time from manufacturers of cables. 

This was accomplished by the selection of a 33,000- 
volt, three-conductor cable unit, having a capacity of 
16,000 kv-a., and these cables became the first link in a 
chain of interstation lines of high capacity, which have 
been installed since 1921 between dl of the principal 
generating stations in the Chicago District. 

Unfortunately the development of “ionization” phe¬ 
nomena interfered with operation of some of these 
cables at 33,000 volts after about a year, and they were 
reduced to 22,000 volts, with, of course, a corresponding 
reduction in capacity. 

When the Crawford Avenue Station went into service, 
cables forming a part of the 22,0D0-volt system were 
converted into a tie-line between that station and 
Fisk Street, and other cables were laid to Northwest 
Station as well. 

From Northwest Station a 33,000-volt cable of 
foreign manufacture was laid northward to Evanston 
to interconnect with 33,000-volt overhead lines of the 
Public Service Company of Northern Illinois. This 
formed an interconnection between Northwest Station 
and the Waukegan Station, some 30 mi. north of the 
Chicago city limits, and this cable has continued to 
operate at 33,000 volts without serious trouble. 

In 1924 it became apparent that the use of a much 
higher voltage would be necessary for overhead tie¬ 
lines to secure the required line capacity, and the first 
of a system of steel tower lines on private right-of-way, 
operated at 132,000 volts, was constructed from Calu¬ 
met Station to the Joliet Station, and to the Gary steel¬ 
making district in Northern Indiana. A little later 
this was extended to Michigan City, some 60 mi. east 
of the Chicago city limits. 

Following the extension of tins line to Michigan City, 
a coimection was completed from that point to the Twin 
Branch Station of the Indiana and Michigan Electric 
Company, near South Bend, Indiana. 


This was the first interconnection from the affiliated 
group of Chicago systems to one of outside ownership 
and is, at present, used to receive energy from Twin 
Branch for use in the Gary-Hammond District. It is 
also available as reserve to the Indiana and Michigan 
Electric Company when necessary. 

SYom Twin Branch, other lines extend east to Ohio, 
and thence to West Virginia and Pennsylvania. It was 
through this interconnection that the paralleling of a 
group of systems reaching eastward to Massachusetts 
was accomplished (for a few minutes) some months ago. 

Continuous parallel operation of the Chicago District 
with the Ohio system is fairly stable when more than 
10,000 kv-a. is being transferred from one system to the 
other. 

More recently, parallel operation was carried on for 



Pia. 3 —Interconnection Chicago District, 1920 

over an hour with the Ohio system, while it was tied in 
with lines extending through West Virginia, Tennessee, 
and Georgia to Pensacola, Florida. The fluctuations were 
not, greater at the Chicago end than under normal 
operation with the Ohio system only. 

Sufficient experience has been had to make it apparent 
that when the weaker links have been increased to be 
comparable with the strongs, these systems can be 
operated in parallel successfully for such periods of time 
as may be necessary to meet the needs of operation, 
during emergency transfers of energy. 

Current Developments 

In view of the rapid absorption of the ultimate capac¬ 
ity available at the Crawford Avenue site, where six 
of the 10 ultimate units will have been installed within 
five years, sites have been acquired at points on the 
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shore of Lake Michigan for future power development 
(Fig. 3 ). 

The first of these to be developed was Waukegan, 40 
mi. north of the center of Chicago, and about midway 
between Chicago and Milwaukee, where three units, 
aggregating 110,000 kw., are now in service, and build¬ 
ing has been provided for a fourth unit of 50,000 kw. 
rating. 

This station is connected to Chicago by a 132,000- 
volt line, with a capacity of 60,000 kv-a., which is over¬ 
head from Waukegan to the Chicago city limits; thence 
to Northwest Station it is underground. This six-mile 
link of 132,000-volt cable is one of two pioneer installa¬ 
tions put into service in 1927, the other being in the city 
of New York. 

There is also a 132,000-volt overhead line, from 
Waukegan to Milwaukee, which acts as a reserve to the 
systems at either end. 

Power developed at this site is used as needed in the 


A new type of distribution center, receiving energy at 
66,000 volts and distributing it at 12,000 volts in blocks 
of 4000 to 8000 kv-a., has been developed as a means of 
decentralizing the amounts of energy concentrated at 
generating stations on 12,000-volt busses. 

These distribution centers will have an initial trans¬ 
former capacity of 120,000 kv-a., and will distribute 
ultimately, about 200,000 kv-a, each. Peing located 
midway between generating stations, they will elfect 
economies in 12,000-volt cable which will offset other 
costs and result in a net saving in investment. 

The first of these distribution centers, to be known as 
Washington Park, will come into service in 1928, un<l 
will he located midway between the Fisk Street and 
Calumet Stations on the south side of the city. 

In Chicago and vicinity, the interchange of energy 
between power stations for the winter of 1928-9 at the 
peak hour is graphically depicted in Fig. 4. 


neighboring territory and the northern part of the 
Chicago system, where the load exceeds the capadty 
of the Northwest Station. This latter station is depen¬ 
dent upon a branch of the Chicago Eiver for condensing 
water, and its fmther development is limited by the 
duggish flow of this stream when rainfall is below 
average. 

Another site on Lake Michigan is at the Indiana- 
lUinois state line, on the Indiana side. The city of 
Chicago adjoins this property on the westerly side. 

Most of the land on which the station is to be built 
has been created by hydraulic dredging operations. 

The first unit of this state line station is under way 
and is to consist of a three-part unit, with high-and low- 
pressure elements so arranged as to be the operating 
equivalent of two imits, aggregating 208,000-kw. 
capacity. This site will permit the installation of five 
units of this capadiy, or a total in excess of 1,000,000 
kv-a. The first unit is planned to go into service in 
1929. 

This station will he unique in the Chicago District, in 
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that all of its energy will be transfonned to higher 
voltages and sent to other zones for distribution and 
utilization. 

Approximately half of the output of the first unit will 
be sent into the city of Chicago, and the remainder into 
northern Indiana and Illinois, outside of Chicago. 

Energy sent into Chicago will be carried by under¬ 
ground cables having a capadty of 60,000 kv-a. per 
circuit at 66,000 volts. 

Energy sent into the outlying territory will be carried 
by overhead lines at 132,000 volts, and to the neighbor¬ 
ing cities of Hammond and East Chicago at 33,000 volts. 

Within the city of Chicago, the use of 66,000-volt 
cabl% for transfer of large blocks of energy between 
stations was adopted in 1926, and several such lines have 
been in satisfactory service for more than a year be¬ 
tween Crawford Avenue Station and the Fisk Sfareet 
and Northwest Stations. 


In this chart, the load in the station zone i.H indicated 
by the shaded portions. Where the zone kiad is greater 
than the station capacity, the overload is indicated by 
cross-hatching. The area of the circles is projwrtionate 
to the capacity of the respective stations. 

Rights-of-way have been secured for (jverhead lines 
at 132,000 volts, connecting Joliet with (kawford 
Avenue Station, and for an outer belt line between 
Johet and Waukegan, to be constructed as loud con¬ 
ditions may make their installation advantageous. 

Much discussion and calculation has centered about 
the idea that energy should be produced at points near 
to coal mines, and sent thence by high-voltage lines to 
the electricity market, instead of sending the fuel to 
stations located in the districts where the electrical 
energy is produced. 

In the Chicago District, the major pm-t of the fuel 
supply is brought from mines 200 mi. or more distant. 
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and the problem of delivering hundreds of thousands 
of kw. of energy by overhead transmission lines at such 
distances is by no means simple. 

Coupled with that problem is the one of finding a 
place wheie a supply of water for condensing purposes 
is present, as well as a supply of coal. 

In Central Illinois, a location has been found which 
approximates this combination. 

The Illinois River has a flow which is maintained in 
dry seasons largely because of the water supplied from 
Lake Michigan through the Chicago Drainage Canal. 
This river flows southwest from Joliet and passes to 
the west of the coal fields in central Illinois. 

A site has been chosen on the Illinois River, about 14 
mi. southwest of Peoria and some 70 mi. northwest of 
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the coal fields, from which the major supply of coal 
ussed in {Chicago power stations is taken. A direct 
railroad connection from mines to this site has been 
provided. 

This site has been named “Powerton,*' and is now 
being developed for two units of 66,000 kw, each, 
the first of which will go into service in the fall of 1928, 
(Pig. 5 ). 

This station is to be operated by a separate company, 
whose business will be the generation of energy, which 
will be taken by the utilities serving the neighboring 
cities, such as Peoria, La Salle, Ottawa, Springfield, 
and Decatur. The remainder will be delivered to the 
Joliet District of the Public Service Company of North¬ 
ern Illinois, and perhaps, at times, to the southwestern 
part of the city of Chicago. 

The development of an economical station in this 
locality not only provides for future growth' in this 
part of Illinois, but will effect large savings in fuel and 
operation cost, by producing energy now generated in 
smaller and, for the most part, much less eflficient 


stations. Most of these stations will be shut down,’ 
except for the peak-hour shift. 

The energy delivered to the cities north and east of 
Powerton will be transmitted by overhead h'npg at 
132,000 volts. 

Nearby cities will be supplied by connecting into the 
33,000-volt system of lines now used for bulk supply 
in that part of the state, and through an overhead, 
66,000-volt system to Springfield and cities easterly 
therefrom. 

Basis op Operation 

The use of reserve generating capacity and low-cost 
energy to the fullest practical extent is facilitated in 
the Chicago District by the provisions of a’ three- 
party interchange energy agreement, which pools 
reserve capacity and permits the fiow of energy to 
neighboring zones whenever the load in the immediate 
zone permits; or when the energy so transferred costs 
less than that produced in the neighboring zone. 

The difference between the total capacity in the pool 
and the coincident maximum load of the three systems 
is taken as the group reserve (until a higher mayimnTn 
has been established, or additional capacity put into 
service). 

The percentage of group reserve is taken as the 
standard and any company having a reserve percentage 
higher than the group percentage is compensated for 
the carrying charges on its excess station capacity, by 
the other company or companies whose percentage 
of reserve is less than that of the group. T his permits 
the smaller companies to install larger units than would 
be possible if only the requirements of their individual 
systems were to be met, and thus gives them capacity 
for future growth at a lower investment cost, with 
higher operating efficiency. 

This is not accomplished at the expense of the larger 
companies (except temporarily), as they are able to 
draw upon the excess capacity thus created and so 
defer, for a year or more, additions to their own plants. 

The program of power station construction for the 
entire district is coordinated through a committee of 
two representatives from each company, which studies 
load increases in the various zones, and recommends 
to the executives the size and location of units to be 
added from year to year, their recommendation being 
made about two years in advance of the dates when 
the units are to come into service. 

This committee also has a subcommittee of load 
dispatchers, which meets weekly to arrange operating 
schedules for the transfer of energy from the more 
efficient stations to other zones at off-peak hr., to 
arrange a coordinated program of turbine outages for 
overhauling purposes, and, in emergencies, to confer 
by telephone and arrange relief where it may be 
required. 

The conditions, as they existed in one of the sunomer 
months of 1927, will serve to illustrate the way in which 
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the interchange energy agreement is accomplishing 
the result contemplated by the parties thereto. 


Company 

A 

B 

O 

Total kw. 

System I»a.yinrmni. 

864.300 

101,245 

165,875 

130,800 

97,980 

26,240 

44,700 

2,075 

8,585 

1,041.000 

201.300 

201.300 

Beserve capacity, lew. 

Beserve quota (19%). 

Excess and ^Deficiencies. 

*64,630 

71,740 

*6,510 



Company “A” paid Company “B” for 64,630 kw. of 
reserve capacity, and Company “C” paid Company 
"B” for 6610 kw. of reserve capacity. Thus, Company 
“B” was reimbursed for an exc^ of 71,740 kw. in its 
reserve capacity. 

During the same month. Company "A” delivered to 
Company “B” 9,185,000 kw-hr.. Company “B” de¬ 
livered to Company “A" (in other zones) 16,936,000 
kw-hr., and Company “A” delivered to Company 
“C” 9,172,000 kw-hr. 

Of the total of 35,243,000 kw-hr. thus transferred, 
about 19,000,000 kw-hr. were delivered at off-peak 
hour, and resulted in a saving in fuel consumed of about 
$19,000.00 in that month. 

The three ^tems are operated normally in parallel 
with each other and with the Twin Branch Station at 
South Bend, most of the time. 

Parallel operation with the Milwaukee system is not 
normal, as this line is maintained, primarily, as a re¬ 
serve connection for use in emergencies. 

Interconnections with companies west and south of 
the Chicago District are also operated, for the most part, 
as resCTve coimections and are paralleled only as operat¬ 
ing conditions require it. These lines are of small 
capacity and are not suitable for other than local reserve 
service. 

Summary of Results 

The interconnection of power stations by lines of 
relatively large capacity has resulted as follows: 

a. the size of generating units is increased, while the 
total capacity and reserve for a district is decreased; 

b. the investment per kw. of capacity in generating 
stations and the total investment is decreased; 

c. the consumption of fuel is reduced by ability to 
give the more economical units the “base load" of an 
entire district; 

d. the reliability of service is enhanced by incs'eased 
availability of the capacity and reserve in generating 
units, during emergencies and routine operating work, 
such as overhauling and repairing equipment. 

Problems of Interconnection 

It has been apparent, from the foregoing redtal of 
experience with plants in the Chicago District, that 
there are some problems which require solution before 
an interconnected group may realize the advantages 
sought: These problems relate, chiefly, to the ability 
to control the division of energy between neighboring 


stations and to make delivery continuously when oc¬ 
casion requires. 

The experience in the Chicago District indicates 
that these problems lie outside of the generating 
equipment almost entirely, and relate to tlie size, 
voltage, length, and other characteristics of the inter¬ 
connectinglines. 

When line capacity is high, and lengths are short in 
proportion to the voltage of transniiasion, the transfer 
of energy between stations is readily accomplished by 
governor control of the generating units. 

When lines are relatively long and have a capacity 
which is approached by the normal .surge.s of .synchr<»- 
nizing energy, which flow between the two sources of 
power, there is instability of openition, and lack of 
continuity is likely to result. 

The presence of several successive transfornuititms 
in a tie-line has the effect of increasing its imiMjdance 
and is, thus, equivalent to an increase in length. More 
than two transformations (one each way) are to be 
avoided in such lines, if possible. 

In longer lines and in lines where the direction of 
flow of energy is at different times in opposite directions, 
it is often necessary that means of voltage control be 
provided. These are required to permit the receiving 
station to operate its bus at a voltage level suited to the 
requirements of the circuits supplying energy within 
its own area of distribution. 

Transformers with tap changers, adjustable under 
load, are finding a field of usef^ul application in .such 
situations. 

At the higher voltages the use of synchronou.s <run* 
densers for voltage control are often fouml desirable 
through the ability to regulate the power factor of the 
system secured thereby. 

These problems have been met and dealt with in 
those locations where long distances are involved, as 
in California hydroelectric systems, more than in the 
industrial centers of the Middle We.st; but continued 
development of longer lines in these 8tate.s suggests 
the probability that the problems related to line char¬ 
acteristics will be an increasing factor in the develop¬ 
ments of the next decade. 

Conclusion 

In reviewing the foregoing discussion, the author 
finds a predominance of illustrative data taken from 
experience in the Chicago District and Illinois, which 
raise in his mind the fear that the scanty reference to 
the interconnection work done in other important cities 
of the Middle West has left the picture incomplete. 
His apology is, therefore, offered with the explanation 
that had he been able in the time at his disposal to 
familiarise himself with the experience in such centers 
as Detroit, St. Louis, and Cincinnati, he would gladly 
have made use of it to illustrate some of the aspects of 
the relation of interconnection to power development. 
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In conclusion, it has been shown that interconnection 
and power development have already been well co¬ 
ordinated in some of the large centers of population. 

The coordination of major points of power production 
by interconnections in a group of states is under way. 

The next decade will see a continuing development 
of large power stations, joined by lines of high-voltage 
of great capacity, coordinating the supply of energy 
to great areas, as has been done in metropolitan 
centers of population. 
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System Inierconneciions. L. N, Crichton and H* C, Graves, Jr., 
Teans. a. I. E. E., Vol. 47, No. 1, 1928, p. 259. 

Relay requirements for interconnected systems and new 
methods for protection against phase to phase and line to ground 
faults are discussed. A typical relay installation on a 220 kv, 
interconnection is described. 

21. The Conowingo Hydroelectric Project of the Philadel¬ 
phia Company*s System—With Particular Reference to Interconneo^ 
Hon* W. C, L. Eglin, see p. 372. 

Important features of the Oonowingo Project described. 
Relation between the Conowingo Project and the 220 kv. inter¬ 
connection of the Philadelphia Electric Company, the Pennsyl¬ 
vania Power and Light Company, and Public Service Electric 



406 


SYMPOSIUM ON INTERCONNECTION 


Transactions A, I. E. E. 


and Gas Company discussed, particularly with reference to 
economies involved. 

22. Progress and Prohleins from Interconneciion in the 
Southeastern States, W. B, Mitchell, see p. 382. 

Growth of utilities in the Southeast described. Importance of 
unified operating and financial control in economic system 
planning and operation is stressed. Operating methods and 
problems are outlined and attention called to particular problems 
as yet unsolved. Present trend in power plant, line, and sub¬ 
station design and construction is discussed. 

23. Some Aspects of Pacific Coast Interconnections. P. M. 
Downing, see p. 393. 

Conditions necessary for economical interconnections are 
outlined. Unified control and management necessary for most 
economical operation. Major facts to be considered in operation 
of interconnected systems ai'e described. The Pacific Coast 
interconnection is used to illustrate these points. 

24. Interconneciion and Power Development in Chicago and 
the Middle West. H. B. Gear, see p. 399. 

Growth of power development and interconnection in the 
Chicago District is described and current developments outlined. 
Operation under the three party exchange agreement is dis¬ 
cussed. Interconnection problems requiring solution are cited. 

Interconnection Through Frequency Changers 

25. “Frequency Converter Ties Between Large Power 
Systems.** J. W. Dodge, General Electric Review, Vol. 26, June 
1923, pp. 435-444. 

The characteristics and field of application of the following 
types of frequency changer sets are discussed; (1) synchronous, 
(2) induction, (3) speed regulating-induction (Sherbius), (4) 
induction-synchronous (systems electrically tied through wind¬ 
ings of induction end), and (5) synchronous converter. 

26. A SS,000-kw, Induction Frequency Converter, O. E. 
Shirley, Trans. A. I. E. E., Vol. 43,1925, pp. 1011-1024. 

Induction-synchronous set for New York System. Power 
interchange is possible in either direction. In addition to pro¬ 
viding mechanical tie the set permits interchange of wattless 
between systems through windings of induction machine. 

27. “35,000 Kw. Synchronous Frequency Changer Set.’* 
M. W. Smith, Electric Journal, Vol. 21, July 1924, pp. 343-346. 

Description of straight synchronous set for Brooklyn Edison 
Company. 


Discussion of special problems encountered in use of star con¬ 
nected three winding transformers and auto-transformers with 
tertiaries for interconnection. 

32. Performance of Auto-Transformers with Tertiaries Under 
Short Circuit Conditions. J. Mini, Jr., L. J. Moore, and Roy 
Wilkins, Trans. A. I. E. E., Vol. 42,1923, pp. 1060-1068. 

Tests on transformers with tertiaries described and results 
discussed. Capacity of tertiary windings is dependent on 
magnitude and duration of short circuit. The kv-a. capacity 
and reactance of tertiaries are interdependent. 

33. Theory of Three Circuit Transformers. A. Boyajian, 
Trans. A. I. B. E., Vol. 43,1924, pp. 508-529. 

Characteristics of three winding transformers, including auto- 
transformers with tertiaries. Discussion of general theory, 
regulation, division of load, impedance for short circuits, beha^ 
vior in parallel with a two-circuit transformer, and characteristics 
under unsymmetrical loads. 

34. “Three Winding Transformers.** J. F. Peters, Electric 
Journal, Vol. 22, Jan. 1925, pp. 12-16; Feb. 1925, pp. 71-77. 

Practical discussion of three winding transformer theory, with 
illustrative calculation of typical problems. 

35. Transformer Tap Changing Under Load. H. 0. Albrecht 
Trans. A. 1. E. E., Vol. 44,1925, pp. 581-586. 

Comparison of the synchronous condenser, the transformer 
with load ratio control, and the induction regulator as a means 
of regulating voltage on interconnecting lines. Discussion of 
fields of application of the various methods, or combinations 
of methods. 

36. “Tie-in Transformer Equipped with Load Ratio Control.** 

M. H. Bates, General Electric Review, Vol. 28, Dec. 1925 no 
823-826. ’ ^ 

36,000-kv-a. three-phase auto-transformer for interconnection 
tie between Duquesne Light and West Penn Power Companies. 

37. “Arrangements for Load Ratio Control.** H. R. Wilson, 
General Electric Review, Vol. 29, May 1926, pp. 335-338, 

Description of load ratio control arrangements employing 
parallel windings with ratio adjusters, and combinations of single 
or parallel windings with auxiliary regulating transformers of 
different types. 

38. “Two 60,000 Kv-a. Load Ratio Control Transformer 
Banks for Philadelphia Electric Company.** A. Palme and 
H. 0. Stevens, General Electric Review, Vol. 29, Sept. 1926, pp. 


28. pie Use of Frequency Changers for Power System Inter¬ 
connection. H. R. Woodrow, Trans, A. I. E. E. Vol 44 1925 
pp. 369-371. ’ ' 


Considerations determining selection of 35,000 kv-a. synchro¬ 
nous type set for interconnection of 25 and 60 cycle systems of 
Brooklyn Edison Company. The pull out point (70,000 kv-a.) 
is sufficiently high for the systems to hold together on loss of 
largest 25 cycle unit (30,000 kv-a,). 

29. “A 49,000 Kv-a. Frequency Converter Set.” R. A. 
McCarty, Electric Journal, Vol. 23, July 1926, pp. 339-341. 

Large synchronous set for Commonwealth Edison Company 


Interconnection Through Transformers 
30. Voltage and Power Factor Control of 60,000 VoU Trans¬ 
mission Lines Connecting Two Generating Stations. R Bailev 
Trans. A. I. E. E., Vol. 40,1921, pp. 995-1015. 


Installation of three-phase induction regulators in combination 
mth step-up transformers for voltage and power-factor control 
of 60 kv. tie fines. Ability of this type of equipment to with¬ 
stand severe short circuits. 


31. Transformers for Interconnecling High-Voltage Trans 
mission Systems; for Feeding Synchronous Condmsers from t 
TeHv^ Winding. J. F. Peters and M. B. Skinner. Tbans 
A. I. E. E., VoL 40,1921„pp. 1181-1191. 


D t/OlXlUiairU. 


- 

regukting transformer equipments. Method is adaptable to 
existing installations where load ratio control is required. 

39. “60,000 Kv-a. Transformer Banks Equipped for Change 
of Ratio Under Load.” W. M. Dxinn, Electric Journal, Vol. 23 
August 1920, pp. 398-402. ’ 

ParaUel winding typo load ratio banks for intereonneotion 
^tween Philadelphia Electric Company, and Public Service 
Company of New Jersey. 

40 (a). Application and Design of Load Ratio Control Equip¬ 
ment. A. Palme, Journal A. I. E. B., Vol. 46, Nov. 1927 nn 
1202-1206:1269-1273, (Discussion). ^ 

40 (b). Transformer Tap Changing Under Load. L. H. Hill 
Journal A. I. E. B., Vol. 46, Nov. 1927, pp. 1212-1221 • no' 
1269-1273, (Discussion). ’ 






Applications for load ratio transformers are discussed in these 
two papers. Parallel winding, single winding, and regukting 
transformer types of load ratio control are described and 
discussed. 

41. Characteristics of Interconnected Power Systems as Affected 
by Transformer Load Ratio Control. L. F. Blame Trans 
A.I.E.B.,Vol.46,1927,p.690. ' . 

Comparison of voltage control by generator field with that 
by combination of generator field plus transformer load ratio 
oontroL Comparison of synchronous condensers and load ratio 
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control for volts^e regulation. Voltage control in transmission 
line loops. 

Stability of Power Systems 

42. Some Problems in the Operation of Power Plants in 
Parallel E. C. Stone, Trans. A. I. E. E., Vol. 38, Part 2, 1919, 
pp. 1651-1674. 

Charactenstics and capacity of transmission circuits for 
interconnecting poAver systems are discussed. Calculation of 
synchronizing power, the division of wattless, and means for 
eliminating excess circulating wattless current are described. 

43. Power Control and Stability of Electric Generating Stations, 
C. P. Steinmetz, Trans. A. I. E. E., Vol. 39, part 2, 1920, pp. 
1215-1287; General Electric Review, Vol. 23, Aug. 1920, pp. 
088-701, Sept. 1920, pp. 756-768. 

Unstable condition on system of Commonwealth Edison Com¬ 
pany in 1919 is analyzed. Effect of sectionalizing reactors on 
flow of synchronizing power and stability of the system. For¬ 
mulas developed for calculation of synchronizing power transfer, 
low frequency power fluctuations and energy transfer, and 
armature and field transients in synchronous machines. 

44. “Calculation of Synchronizing Power.” E. S. Hen- 
ningsen, General Electric Review, Vol. 24, Nov. 1921, pp. 951-956. 

Defines .synchronizing power and develops formulas for its 
calculation under following conditions; (1) constant bus potential, 
(2) constant magnetic flux in generators, and (3) constant field 
excitation. 

45 (a). Some Theoretical Considerations of Power Transmission. 
C. L. Forteseue and C. F. Wagner, Trans. A. I. E, E., Vol. 43, 
1924, pp. 16-23; 71-103. 

45 (b). Power Limitations of Transmission Systems. R. D. 
Evans and H. K. Sols, Trans. A. I. E. E„ Vol. 43,1924, pp. 26-38; 
71-103, (Discussion). 

45 (c). Limitations of Output of a Power System Involving Long 
Transmission Lines. E. B. Sliand, Trans. A. I, E. E., Vol. 43, 
1924, pp. 59-70; 71-103, (Discussion). 

Tlie piTcecling throe papers present the results of analytical 
investigations of tho power system stability problem. The 
applications of general circuit constants and the circle diagram 
to tho problem is outlined and discussed. 

46. “Analytical Solution of Networks.” R. D. Evans, 
Electric Journal, Vol. 21, April 1925, pp. 149-154; May 1925, 
pp. 207-213. 

Short circuit network calculations including determination of 
current in branches of power networks outlined. Discussion is 
paralleled by typical calculations. 

47. Power System Transients. V, Bush and R. D. Booth, 
Thanh. A. 1. E. E., Vol. 44,1925, pp. 80-103. 

Presentation of an analytical step-by-step method for calcu¬ 
lation of power system stability under transient conditions. 

48. Fundamental Considerations of Power Limits of Trans^ 
mission Systems. R. E. Doherty and H. H. Dewey, Trans. 
A. 1. E. e’., Vol. 44, 1925, pp. 972-984; 994-1003, (Discussion). 

General discussion of the factors entering into tho problem 
of poAver system stability. 

49. Transmission Stability. C. L. Forteseue, Trans. 
A. 1. E. E., Vol. 44, 1925, pp. 984-994; 994-1003, (Discussion). 

Behavior of a simple transmission system during steady load 
conditions, switching operations, sudden increase in load, and 
short circuits discussed and illustrated by angle diagrams. 
Presentation of problems of transient and static stability. 

50. Stored Mechanical Energy in Transmission Systems. 
J. P. Jollyman, Trans. A. L E. E., Vol. 44. 1925, pp. 935-937. 

Perfonnance of stored mechanical energy in synchronous 
machinery connected to a tran.smission system during sudden 
changes in system conditions, A tabulation of typical flywheel 
effects is included. 

51. Calculation of Steady State Siahility in Transmission 
Lines. Edith Clark, Trans. A. I. B. E., Vol. 45, 1926, pp. 22- 
41; 80-94, (Discussion). 


Methods of calculating steady state stability by (1) the 
equivalent circuit, (2) the circle diagram, are presented with 
formulas and illustrative calculations. 

52 (a). Practical Aspects of System Stahiliiy. Roy Wilkins, 
Trans. A. I. E. E., Vol. 45, 1926, pp. 41-50; 80-94 (Discussion) 
and 

52 (b). Further Studies of Transmission Stability. R. D. 
Evans and C. F. Wagner, Trans. A. I. E. E., Vol. 45, 1926, pp. 
50-80; 80-94, (Discussion). 

Description of tests on the system of the Pacific Gas and Elec¬ 
tric Company, with a comparison of calculated and test values 
obtained. The second paper presents, in addition, an analytical 
method for calculation of power system transients. 

53. “Calculation of Single Phase Short Circuits by the 
Method of Symmetrical Components.” A. P. Mackerass, 
General Electric Review, Vol. 29, April 1926, pp. 218-231; July 

1926, pp. 468-481. 

Discussion of method of symmetrical components for calcu¬ 
lation of single-phase short circuits on three-phase networks, with 
illustrative examples. 

64 (a). Experimental Analysis of Stability and Power Limita^ 
lions. R. D. Evans and R. C. Bergvall, Trans. A. I. E. E., VoL 
43,1924, pp. 39-58; 71-103, (Discussion). 

54 (h). An Investigation of Transmission System Power 
Limits. C. A. Nickle and F. L. Lawton, Trans. A. I. E, E., Vol. 
45,1926, pp. 1-21; 80-94, (Discussion). 

Experimental shop tests with commercial machines on minia¬ 
ture networks. Discussion of stability problem together with 
comparison of calculated and test results. 

55. “Stability of Alternating Current Turbine Generators 
with Fluctuating Loads.” John Strasser, Electric Journal, Vol. 
23, Aug. 1926, pp. 413-420. 

Development of a method for the determination of the stability 
of turbine generators at instantaneous overloads. 

56. Siahility Characteristics of Alternators. O. E. Shirley, 
Trans. A. I. E. E., Vol. 45,1926, pp. 1108-1115. 

Alternator characteristics with (1) constant power output, 
(2) variable impedance, and (3) constant impedance, loads, are 
discussed. A formula and series of curves for specifying limit¬ 
ing short circuit ratios of general purpose alternators are proposed . 

57. “A Mechanical Analogy to the Problem of Transmission 
Stability.” S. B. Oriscomb, Electric Journal, Vol. 23, May 1926, 
pp. 230-235; see also Westinghouse Electric and Manufacturing 
Company Reprint 282. 

Behavior of a typical power system under stable and unstable 
conditions as illustrated by a mechanical model. 

58. “Review of Papers on Stability of Power Systems.” 
Appendix to Westinghouse Electric & Manufacturing Company’s 
Reprint 282. 

Brief statement of scope of each of a selected list of twenty-one 
papers dealing with stability of power systems together with a 
very complete bibliography on this subject to January, 1927. 

59. Transients Due to Short Circuits. R. J. C. Wood, L. F. 
Hunt, and S. C. Griscomb, Trans. A. I. E. E., Vol. 46, No, 1, 

1927, p. 68. 

Results of stability iuvestigation on system of California 
Edison Company 1925-1927. Majority of short circuits found 
to be single phase to ground. Factors affecting stability on this 
system (switch operation, fault reactance, fault resistance, load, 
etc.) are discussed. 

60. Static Stability Limits and the Intermediate Condenser 
Station. C. F. Wagner and R. D. Evans, Trans. A. I. E. E., 
Vol. 47, No.l, 1928, p. 94, (Discussion). 

A method is developed for determining static stability of 
transmission systems with three or four synchronous sources. 
A special application is the stability problem with one or two 
intermediate synchronous condenser stations. 

61 (a). “Stability Characteristics of Machines.” R. D. 
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Evans and C. P. Wagner, Electrical Worlds Vol. 89, Jan. 15,1927, 
pp. 141-143. 

61 (b). “Quick Response Excitation for Alternating Current 
Synchronous Machinery.” A. C. Powel, Electric Journal, Vol. 
24, April 1927, pp. 157-162. 

61 (o). “High Speed Excitation for Stability.” Electrical 
World, Vol. 89, May 21,1927, pp. 1061-1063. 

These three articles discuss advantages of (1) low generator 
reactance in reducing system phase angle, (2) quick response 
excitation systems (including special exciters, regulators, and 
positive sequence networks). The effect of special design charac¬ 
teristics on system stability is treated. 

62. “Super Excitation.” D. M. Jones, General Electric 
Review, Vol. 30, Dec. 1927, pp. 580-582. 

Discussion of a special form of high speed excitation. Applied 
to synchronous condensers it offers considerable increase to the 
stability limits of a power system. Comparison of super excita¬ 
tion, quick response excitation, and standard excitation. 

63. “Super Excitation to Protect Conowingo System.” 
Power, Vol. 67, Jan. 31,1928, p. 272. 

Brief description of special excitation for terminal condenser 
equipment on Conowingo system. 

64. “Electrical Characteristics of Transmission Circuits.” 
William Nesbit, Westinghouse Technical Night School Press. 

Very complete reference book of transmission line calculations. 

Voltage Standardization 

65 (a). Voltage Standardization, From a Consulting Engineer's 
Point of View, R. E. Argersinger, Trans. A. I. E. E., Vol. 46, 
1927, p. 172, (Discussion). 

65 (b). Voltage Standardization, Its Relation to the Intercon¬ 
necting Power Companies of the Southeast, H. J. Scholz, W. W. 
Bberhardt, and S. M. Jones, Trans. A. I. B. E., Vol. 46, 
1927, p. 187, (Discussion). 

65 (e). Standardization of Voltage Ratings for Power Systems 
and Equipment, A. E. Silver and A. L. Harding, Trans. 
A. I. E. E., Vol. 46, 1927, p. 175, (Discussion). 

65 (d). Voltage Standardization of A, C, Systems. P, C. 
Hanker and H. R. Summerhayes, Trans. A. I. E. E., Vol. 46, 
1927, p. 161, (Discussion). 

The four papers discuss voltage standardization from the view¬ 
point of the consulting engineer, operating engineer and 
manufacturer. 


Discussion 

PAPERS ON INTERCONNECTION AND ITS EFFECT ON 
POWER DEVELOPMENT 

Eglin, Mitchell, Downing, Gear 
C- L. Edgars Inasmuch as none of the papers in this sym¬ 
posium touches upon New England, it may, perhaps, be appro¬ 
priate for me to tell you, in a few words, what the situation is in 
that part of the United States. 

As you will see by the map in the accompanying Pig. 1, inter- 
coimection has been carried on in almost every center in the 
New England States, Owing to the restrictive export laws of the 
State of Maine, there is no transmission line crossing the Maine- 
New Hampshire border, but in the other five states there is 
scarcely a center of distribution which is not connected with some 
other center, either in the same or in one of the neighboring states. 

I have looked over the latest map of the interconnection 
systems of the United States and have compared the density of 
these lines in New England with the remainder of the country. 
This comparison shows that, with the exception of Maine, the 
density is as great in the other five New England states as in the 
leading eastern states of New York, New Jersey, and Pennsyl¬ 
vania; perhaps not quite as dense as those centering around 
Chicago, but considerably more so than in any other part of the 
United States, Distances, however, are short and intercon¬ 


nection has not attracted as much attention with us liecause of 
this fact as in some of the more scattered centers of tlie rest of 
the country. So much for the situation in New England. 
I am very much impressed with the papers in this symposium. 
They cover reduction in plant capacity, reserve capacity, sizes of 
generating units, reduction in investments, differences in peak 
hours, and in fact all the various problems which have to do with 
deciding whether the time is ripe for interconnections and if so, 
how they should be brought about. 

They give considerable attention to wliat, in my mind, is 
one of the most important factors in comxection Avith this whole 
subject, and that is the necessity of maintaining an adequate 
control over the operation of an interconnected group in order to 
secure maximum results. This is, perhaps, merely another way 
of saying that the load-dispatching system of an interconnected 
group is the heart of the whole question, and it must be solved 
not only from the engineering but from the executive standpoint 
on very broad lines. 



They also discuss some of the difhculties arising from 
improper, inadequate, or unnecessary interconnection. It does 
not seem to me that they stress suMciently the inadequacy of 
some existing interconnecting lines. Some engineers seem to 
assume that if two systems are connected together, even by what 
is commonly called a shoestring, they have accomplished their 
purpose. They are, in fact, going in the right direction, but have 
only made a poor beginning. The writers especially emphasize 
the interruptions caused by lightning troubles and improper 
insulators, and other questions of this same general character. 

One, at least, of the papers also refers to the effect which 
the introduction of high-tension underground cables is likely to 
have upon the entire interconnection problem. In fact, the 
writers seem to have covered all phases of the question. 

A year or two ago it was my privilege to present the problem 
of interconnection, especially in New England, before a body not 
at all connected with engineering or with public utility work. I 
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tried to explain what interconnection really meant in terms or in 
a language with which, they were familiar. It may not be out of 
place, although I am talking to engineers, to make the same sort 
of comparisons that I did at that time. 

I started out with the statement that interconnection was no 
new problem. As far back as 1892, the three generating stations 
of the Boston Edison Company were connected together so that 
the one which was located on the water front, and therefore had 
condensing engines, could relieve the other two, which were 
located on interior streets and were running non-condensing. 
Tliis was as much true interconnection as that which is shown in 
Fig. 2 and wdiich has recently been given considerable space in 
the public press. Electricity was started in Boston and carried 
1/hrough to Chicago on the one hand and down into Florida on 
the ot her. I do not mean to imply by this statement that any 
current was actually carried, but tMs was the general inter¬ 
pretation that was put on it by the newspaper articles. What 
actually happened, of course, was that the three centers were 
conneetod together electrically, that the systems were all in 
phase, and that current actually flowed between all these points. 
Tiio same thing happened when Boston and Chicago were 
connected together a year or two ago. 



In trying to bring out the fact that interconnection was no 
new thing and that it was developing along absolutely normal 
lines, 1 used two illustrations of similar developments in our 
industrial or rather in our transportation life. 

The flr.st of these was the federal or state construction of 
highways, and the second was the development of the privately 
owned steam railroads of the United States. Using the Lincoln 
Highway as an illustration of highway development, let us study 
the metJiods by which it is being brought about. 

Of course the title “Lincoln Highway” has kept this particular 
development in the public eye. If it had been designed merely as 
a method of connecting up existing systems of roads so that a 
main thoroughfare thus would be created between New York and 
San Francisco, it would, as a matter of fact, have attracted very 
little attention. The name, however, caught the public eye, and 
today, or if not today at some time in the near future, one can 
travel from coast to coast seeing the Lincoln Highway sign 
tliroiighout the entire distance. 

As a matter of fact, the road from New York to Philadelphia 
was in e.xistence long before the name “Lincoln Highway” was 


thought of. Some changes have been made, corners have been 
cut off, roads have been straightened, but these all would have 
come about in due course in any event. What is true between 
New York and Philadelphia is true between many other cities 
on the line of the Lincoln Highway. There were, of course, 
certain districts that were covered with automobile roads which 
were separated by many miles from other districts covered in the 
same way. These districts, where they came close to one another, 
were connected by a first-class road, and the Lincoln Highway, 
therefore, came into existence between these centers. Whereas 
the open gaps were small in the East, they became larger as one 
traveled westward, and even now some gaps are not yet filled. 
The Lincoln Highway, when completed, will be nothing more 
than an interconnection system, enabhng the citizens of one city 
to travel to neighboring cities, and citizens of those, in turn, to 
travel to other cities, and so on ad infinitum. The problems 
which have arisen in the development of this transportation 
system have their exact parallel in the development of our inter¬ 
connecting systems. 

Another illustration: The steam roads of our country, a half 
century ago, were in a situation similar to that of the automobile 
roads of fifteen years ago, or to our power line situation as it is 
today. The interconneetion in steam roads has been practically 
completed, whereas the automobile interconnections are in 
process, and the power-line interconnections are progressing to 
almost the same extent. 

Referring to the railroad analogy, the Pullman Company, by 
an arrangement with all the roads, has enabled passengers to go 
from New York to Chicago, or from Chicago to San Francisco, 
without change. It is merely an interconnecting system, 
providing an interchange of passengers from one community to 
another with ease. 

If the PuUman Company did not exist and there were no com¬ 
pany doing their sort of business, the effect upon the railroad 
companies’ investments would be tremendous. If the Penn¬ 
sylvania Railroad, for example, had to own all the parlor, 
sleeping, and dining cars required to take care of the peak of its 
business, and every railroad in the coimtry had to do the same 
thing, the number of cars of this character necessary to be 
owned by all the railroads would be far in excess of the number 
now owned by the Pullman Company. If, in order to preclude 
some of this tremendous investment, an arrangement were made 
between these companies for borrowing one another’s equipment, 
it would cut down some of this investment, but it would not 
nearly reach that which now exists as a result of the Pullman 
Company’s existence. 

For example, the New Haven Railroad, on the day of the 
Harvard-Yale race at New London, or of the football game, either 
at Cambridge or New Haven, has to call upon the Pullman 
Company for a number of parlor cars far in excess of what the 
New Haven Company would own if it had to supply its own 
equipment. Possibly it might borrow a few from the Pennsyl¬ 
vania on the one hand and from the Boston & Maine or the 
Boston & Albany on tlie other, but if these cars did not happen to 
be idle or located at the proper terminal, they could not be 
depended on with any degree of certainty. These things are 
well known to aU travelers. 

Here again the paraUel between railroad interconnection and 
power-line interconnection is very clear. The Pullman Com¬ 
pany in the railroad world is equivalent to a reserve in the power 
industry which can be shifted from one section to another as the 
needs for it arise. For the same reason that intercoimeotioii 
among the railroads has enabled the products of one district to be 
easily transported to another and thus to be of advantage to 
both districts, the construction of these interconnecting power 
lines is enabling water powers, on the one hand, and steam powers 
on the other, to work hand-in-hand. UniU very recently steam 
powers could not avail themselves of the advantage of cheap 
water power for their base load, neither could water powers gain 
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the advantage of steam connections for reliability. This 
development, therefore, has marked a new era in combining the 
advantages of steam and water power into one enterprise. 

The conclusion that I want to draw from aU this is that the 
highways for automobile traffic and the power lines of the 
country are all working in the direction of saturation, a saturation 
which was achieved by the steam railroads many years ago. The 
electric power companies and electric interconnections are going 
through exactly the same program that the steam roads went 
through when they were in process of building. 

Interconnection is just as inevitable in electric circuits as it is 
in the world of transportation. The various steps by which this 
will be brought about are just as unknown as they were in the 
railroad world a quarter or a half century ago. All that we can 
say is that they are bound to come if experience in other lines 
is any criteiion. 

If a word of warning is needed, it would be well to bear in 
mind that there are many cases in existence where railroads have 
built unwisely and unnecessarily. Possibly when the construc¬ 
tion was undertaken, the needs were apparent, but in the light 
of later years the need has disappeared. This is also true, pos¬ 
sibly to a lesser degree, in highway construction. 

We must realize that interconnection in itself is not a panacea 
for aU ills. It must be used intelligently, having in mind not 
only the light of today, but the probabilities of tomorrow. It 
is the preparation and presentation of papers like these which will 
do more than any other one thing to prevent the mistakes of the 
future. 

A. C. Marshall: In Mr. Eglin’s paper it is pointed out that 
the advantages of interconnection arise from diversity of one 
kind or another, which leads to a consideration of the many 
kinds of diversity which exist, some of which are often overlooked. 

There may be diversity as to the shape of the daily load curve, 
or diversity as to the annual load curve. There may be diversity 
not only as to the annual load curve but also as to the annual 
variations in available capacity, such as changes in water-power 
capacity in wet and dry seasons. There may bo diversity due 
to latitude and longitude, and there should be, of course, the 
artificially made diversity as to the program of construction in 
the two systems. There may be diversity in the character of 
population—^in their habits of living, working, and play. There 
may be diversity in the character of industry which would 
affect the amount of electricity used and the time in which it is 
used. 

It woiild be hard to justify the expense of interconnecting two 
systems that were identical in all these respects. As a matter of 
fact, no two such systems could exist, because if the systems 
were large enough to qualify under this discussion there would 
necessarily be a difference in geographical location, involving at 
least a small difference in time. 

It is not necessary to explain here how these various brands 
of diversity get in their work. Some of them are inherent in the 
natui'e of things, but some of them are more or less under control, 
A change in the prevailing working hours of industry is to a 
certain extent in the latter class. It is doubtful if the periodic 
spring and fall changes of the clock to provide more afternoon 
daylight have had any appreciable effect on the daily load curves, 
especially considering the fact that such changes are made in the 
summer season when the daily peak is not in evidence. 

There are, however, districts where permanent changes in the 
clock have been made which being effective the year round have 
changed the load characteristics of some public utilities. 

When the railroads first adopted standard time in the early 
eighties the country was divided into zones, the time to be 
uniform over each zone and the time of each zone to differ 
from that of the next by one hour. The zones were laid out so 
that the time for each zone was the correct sun time for the 
meridian running through approximately the center of such zone. 
This was a natural arrangement, but in view of our present 


appreciation of afternoon daylight we would probably do it 
differently now. As the arrangement was made, the people 
living along the eastern edge of each zone were deprived of about 
one-half hour of daylight in the late afternoon. This was not 
noticed particularly for some time although the movement for 
daylight saving started some years before the World War. The 
War gave it a big boost and it has since become very popular. 

If the standard time for each zone had been fixed as the sun 
time of the meridian running through the eastern edge of eacli 
zone, no one would have been deprived of any afternoon daylight 
although some would have had more than others. To illustrate, 
if the Central Time zone had been made as it is, but if the time 
had been fixed as that of the 82nd meridian instead of the 90th, 
and the time of the eastern time zone had been fixed as that of the 
68th meridian instead of the 75th, we think now everyone would 
have been happier. All of which leads up to the situation in 
Detroit and eastern Michigan. 

According to the original standard time layout Detroit 
was put on Central time, that is, 90th meridian time, being on 
the extreme eastern edge of that zone. Windsor, across the 
river in Canada, was running on Eastern, or 75th meridian time. 
This arrangement deprived Detroit of one-half hour of afternoon 
daylight, compared with true sun time, but of a full liour of 
afternoon daylight, compared with Windsor. This ^as the 
reason why Detroit people were so reluctant to cliange and why 
many of them persisted in keeping their own clock set for the old 
sun time for a long while. 

After some years an agitation began for adopting eastern time 
for legal time in Detroit. After much discussion and several 
votes the change was made and Detroit officially and legally 
adopted Eastern time, although the railroads still pul)lished 
their timetables with Central-time figures. It took another 
long campaign of education before the Interstate Commerce 
Commission officially told the railroads to operate in and out of 
Detroit on Eastern Standard time. The people of Detroit 
liked the change so much that it soon became the fashion in the 
State to make similar changes and today almost all of the tuistern 
half of the state runs on Eastern Standard time. 

The effect on the daily load curve of the Detroit K<lisoii Com¬ 
pany has been marked. The winter afternoon peak has dis¬ 
appeared. All the big industries in Detroit operate on an 8-hr. 
day and this, together with the change in time, results in the 
afternoon power load’s going off, even in the middle of winter,—* 
before any afternoon ligliting, to amount to anything, comes on. 
The peak load of the yeua’ usually occurs in the forenoon and may 
occur in almost any month of the year. It has occurred in the 
past few years in June, December, November, .September, 
October, and Pobriiary. The change may have resulted in the 
loss of some kw-hr. of lighting in the afternoons, but a small gain 
in kilowatt-hours no doubt occurs in the morning due to the 
later sunrise, by the clock. On the whole the saving in capital 
charges due to the absence of a sharp afternoon peak more than 
offsets the loss of a few kilowatt-liours. 

There has just been completed an intereonnoetion line between 
the Detroit Edison Company system and that of the CVmsumers’ 
Power Company. The average day load of the Detroit Edison 
Company is now about 450,000 kw., while that of the Consumers’ 
Power Company is somewhat less than this. This is an inter¬ 
connection where a great many of the varieties of diversity are 
absent. The general load characteristics of the two systems are 
about the same. Both companies operate in a state formerly 
agricultural, but rapidly becoming industrial. The daily load 
curves of the two companies look very much alike. However, 
the expense of the interconnection was justified in the opinion 
of both companies by the ability to coordinate the con.struetion 
programs of the two companies and by the diversity brought in 
by the large amount of water-power capacity in the Consumers 
Power Company’s field. 

This line consists of a single circuit of No. 0000 copper wire 
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on steel towers, spaced about 800 ft. apart. The line operates 
at 132,000 volts. The line connects with the Consumers’ 
Power Company’s 140,000 volt system and with the Detroit 
Edison Company*s lines at Superior substation near Ypsilanti. 
The line was first put into experimental operation two weeks ago 
and has already proved of service to both companies. The line is 
connected to both systems through transformers with oil circuit 
breakers on ojmh side of each transformer. Complete metering 
equipment is installed at each end of the line. 

Some study has been made of the possible advantage of 
extending this lino west and southwest to reach the northern 
Indiana district. While it is too early to make many statements 
regarding this project, it is very evident by a little study that the 
dilToreneo in the daily load curves due to the difference of one 
hour in time would make such a connection desirable. 

On the whole it seems that the engineering of interconnections 
has been worked out farther and better than the commercial or 
contract features. A great variety of contracts are in existence 
but there seems to be room for improvement. Where the two 
systems to be connected are not owned by the same corporation 
there is a need for a simple but equitable form of agreement that 
does not require a Philadelphia lawyer and a Schenectady engi¬ 
neer to interpret. 

James Lyman: Mr. Gear has covered more particularly 
interconnection in the Chicago District. In the country districts 
of the Middle West the era of interconnection was inaugurated in 
1912, with tlio adoiJtion. of an aggressive policy to serve every 
town in Illinois over a 33-kv. intorconneoted system from power 
stations located at economic points. From this beginning the 
movoment has spread with increasing momentum until it has 
nearly covered most of the states of this region. As the system 
grow, 33 kv. became inadequate as a primary transmission 
voltage, ami other systems of transmission lines at 66 kv. and 
132 kv. have been superimposed on the 33-lcv. system. 

'l^Jie aciconipanying map, Fig. 3, shows the 33-lvv. inter- 
conm^cted Kys(.eni covering ten states having 17.3 per cent of the 
land area of ilio United States, and 31.8 per cent of the popula¬ 
tion of the United States in 1920. Outside the urban industrial 
centfjrs the pilncipal pursuits in this region are agriculture and 
mining. That the policy of interconnection has had a marked 
inIInonce on their growth is shown by the following figures: 

During 1926 the oloctrie-power companies in these states 
l>rocliiced: 

41 per cent of the steam electric power produced in the U. S. 

14 per cent of tlio hydro electric power produced in the U. S. 

32 per cent of the total electric power produced in the U. S, 

This nmp shows how completely the 33-kv. system now covers 
the area of this region. Fig. 4 shows on the same map the 
system of higher-voltage lines, 66-kv. and 110- to 140-ltv. 
connecting tho principal centers of this region, and extending 
far beyond its boundaines. There are only one or two short 
breaks in these high-tension lines between Minnesota and West 
Virginia, and between Michigan and Missouri. Wisconsin is 
actually connected through to Kentucky, Virginia, and states 
still farther south. 

Fig. 5 shows tho relative central-station production of steam 
and hydroelectric power for each of the several states for 
the years 1920 to 1926. It is of interest to note that the 
production of power in Indiana, Illinois, and Wisconsin, 
practically doubled in tho six-year period 1920 to 1926. It 
will be observed that tho only states producing appreciable 
hydroelectric power are Minnesota, Iowa, Wisconsin, and 
Miclugan. All the other states are practically limited to steam- 
electric power. While the states of Illinois and Ohio represent 
but 19 per cent of the area, and but 37 per cent of the 1920 
population, they produce 46 per cent of all the central-station 
power produced in this territory. 

As power generation on a large scale first grew up in the cities 
so also did interconnection have its beginning in the cities. 


As it grew it gradually covered the city areas, then reached out 
to the suburban areas, and finally spread beyond them to link 
up with the systems which, growing independently, were cover¬ 
ing the country districts. And the final step, which we are now 
witnessing, is the connecting of these different power centers with 
high-voltage, high-capacity trunk lines. The Chicago District 
illustrates this evolution. 

Beginning with the epoch-making Fisk Street Power Station, 
and followed successively by Quarry, Blue Island, Northwest, 
Joliet, and Calumet, and more recently, by Crawford and 
Waukegan power stations, this interconnection grew and spread 



Fig. 3 —^33-Kv. Lines in Middle West States 



Fig. 4—Superpower Lines in Middle West States 


as each successive plant, profiting by new developments, was 
able to produce energy cheaper than its immediate predecessor. 
In a measure, each plant in turn functioned as a base-load plant 
for the interconnected system. Because of this, each of the 
Chicago plants, in its turn, contained the largest steam-turbine 
unit available at the time. 

InierconTiedion of Other Systems in the Middle West, The 
American Gas & Electric Company transmission system 
stretches from Southwestern Michigan and Northern Indiana 
through the states of Ohio and West Virginia to Pennsylvania, 
Virginia, Kentucky, and Tennessee. It connects with the trans- 
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mission lines of the Chicago District on the West, the Toledo and 
Cleveland systems on the North, the systems of the Ohio River 
Edison Company and West Penn Power Company on the Bast, 
and the systems of the Carolina Power & Light Company and 
Tennessee Public Service Company on the South. 

The 140-kv. hydroelectric lines of the Consumers Power 
Company in Michigan, put into operation in 1912, had at that 


Desirable flexibility of control is obtained by the use of equip¬ 
ments for tap changing under load, for the terminal banks of 
transformers. 

Pig. 6 shows characteristic curves for 3-phase, 60-cycle, 100- 
mi. transmission line of 300,000-cir. mil copper cable, with 
126-kv. delivered voltage for various power factors. 



tijne the highest commercial voltage in the world. These lines 
arc now interconnected with the transmission system of the 
Detroit Edison Company. 

The systems of the Insull companies also interconnect succes¬ 
sively with the Columbia Gas & Electric Company, the Illinois 
Power & Light Company, and the North American Company 
on the Houth, and with the North American Company and 
Byllesby Company on the North. 


except at 0.95 power factor lagging. 

A study of these curves shows the necessity for liigh power 
factor. The increased kilowatts capacity and reduction in 
R losses of the interconnected system very much more tlian 
pays for the capital and operating costs of the synchronous con¬ 
densers. These are now being developed in large sizes for out-of- 
door installation, cooled either by recirculation of air or hydrogen, 
and with automatic control of voltage. 




CONDUCTOR AfWANGBieNX 
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Pig. 6 




CONDUCTOR ARRANCeMENT 
MCVCLE 133 HV. 

SOOOOO CIR- MR.; COPPER. 


CURVESARE FOR 126 KV. 
DELIVERED. FOR 

THE SAME DISTANCE AND 
THISAME % REGULATION 
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Transmission Voltage. In the Middle West where large eco¬ 
nomical steam power stations are often located not more than 
100 mi. apart, 132 kv. is a good standard voltage. Power in the 
order of 50,000 kw. to 60,000 kw. per circuit can be directed to 
or from these power stations as operating conditions dictate. 

. A high power factor is required and preferably obtained 
through the use of synchronous condensers installed at the 
plants of the largest customers. 


Pig. 11 shows a steel tower typical of the design used in the 
Chicago district. 

Experience with 150 mi. of such 132-kv. heavy power circuits 
in the Chicago District indicates that when the circuits are 
equipped with ground wires and shielding rings the number of 
interruptions is practically negligible. Where shielding rings are 
used to protect the insulator strings, in case a flashover does 
occur, the line can immediately go back into service without 
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inspcH'lion or rojmirs. Transformers and otlier high-tension 
apparat.us are now made to give equal reliability when properly 
prol eeted by the most approved lightning arresters. > 



Fig. 9 


132 KV. .95PF. LAeeilsie 




TYPICAL I32KV. TOWER 
USED IN CHICA0O DISTRICT 

Fm. 11 


Advantages of Interconnection, Interconnection makes avail- 
able throughout a wide area the power from a number of Imge 
generating stations. It permits their most favorable location 


with reference to fuel and water supply. By diversity of the 
system load a much higher load factor is obtained, thereby 
reducing in direct proportion the required active generating- 
station capacity. Further, the reserve generating capacity need 
only be a fraction of that required were the stations operated 
independently. The combined saving in generating capacity 
due to diversity in load and to reduced reserve is in many cases 
very great. 

The entire interconnected territory is served from several 
sources of reliable power supply so that in case of failure of 
any generating unit or transmission-line section, the possibility 
of interruption of power supply is remote. Instances of this 
character taken from actual experience might be cited if space 
permitted. 

The rapidly increasing power demand throughout the country 
necessitates frequent installation of new steam power stations. 
The latest and most economical stations can operate as base¬ 
load stations for the system. The most economical generating 
units can operate as base-load units, and the less economical 
units or stations can be operated as semi-peak-load and peak-load 
units or stations; thus the interconnected power companies can 
continually maintain the highest economies of production for 
the large bulk of their power supply. 

The operators in power stations located at the different centers 
can advise each other over their carrier systems of communication, 
of rising storms in advance of their arrival, and thus their power 
demands may be anticipated. Also, in case of trouble developing 
in one of the several stations, the others can promptly prepare 
to take the necessary load. 

Frequently systems imder different ownership interchange 
large blocks of power daily to their great mutual advantage. 

Interconnection has made economically possible practically 
the universal supply of electric power, the greatest factor in the 
continued prosperity of our country. 

Farley Osgoods That interconnection is useful seems no 
longer to be a question. I shall try to generalize on the whole 
subject and summarize what I have learned from these papers 
and observed in my work. 

In these four papers I think unquestionably we have the best 
national presentation of the interconnection problem and its 
possibilities that has ever been given. 

I am glad to see that the fantastic names formerly given to 
high-voltage line interconnections are going out of fashion. 

I noticed on one chart presented the word “super.” In all the 
discussion on these papers, I think it is the only time that word 
has appeared. I think it will soon be wrapped up and will appear 
no more. ‘ 

There is no such thing as super power, or giant power; t^t 
isn’t what it is. It is just the everyday work of the electrical 
fellow connecting together his physical links. That is all there 
is to it. As Mr. Edgar described the railroad and the Lincoln 
Highway development, it occurred to me that some day there 
might be a physical-electrical connection between Boston and 
San Francisco which we might very appropriately tem the 
Edison Highway. There may be a complete electrical highway 
from the East to the West Coast and just as the passenger today 
can get on a train in Boston and go to California (andif he is lucky 
enough to get in certain of the Pullmans he may not have to 
change) so too, when we have the Edison Highway a kilowatt 
can get on the highway at Boston and reach Ca^omia by be¬ 
ing shoved along by the various systems hooked into the inter¬ 
connection. 

That is the picture we should give to the public. We sho^d 
destroy as fast as possible and whenever we get an opportunity, 
any thought that California will furnish current to New England 
or -vice versa. It is absurd and it is the duty of the electrical 
engineers to explain to people why it is impracticable. 

We should not make any extravagant statements so that news- 
paper reporters, politicians, and anybody who may not under- 
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stand our language will misinterpret it to our detriment before 
the public. 

A word about the financing of these inter-system lines: It 
isn’t any kindergarten problem, tins laying out and completing 
and financing a major interconnection. Engineers must under¬ 
stand that tremendous amounts of monej'' are required and it is 
their duty to prove to their executives responsible for the financ¬ 
ing of their undertakings that a large investment must be made 
in advance of actual income, because these things take more than 
two years to do and sometimes take three, five, or ten years 
before full realization on the capital invested. Financiers who 
back us in our work should not be afraid to do so, but we should 
tell them what to expect in the way of return at first, and year 
by year thereafter, because they depend on us and our statements 
should be clear and conservative. 

The usual possible economies of interconnection have been 
dwelt on so much that I will not even mention them. We all 
know what they are. 

I should like to emphasize the fact that the strongest con¬ 
struction possible under the economic condition of the work 
undertaken is an essential, not only because the service is 
dependent upon these major interconnections but also the 
growth of the respective systems usually is faster than we 
expect and an early avoidance of duplication of construction is 
there if we build large and strong in the first place. 

Continuity of service of course also depends upon the sturdiness 
of the construction, assuming that it is of the proper type for the 
service. 

I notice that there are only two or three large pieces of work 
going on in the country at the present time of the highest service 
voltage, namely 220,000 volts. The California fellows developed 
this voltage as soon as the originating engineers felt it safe to 
have them do so. This ring here, near New York, connecting 
electrically Philadelphia, Newark, and the coal fields of Eastern 
Pennsylvania is also a 220-kv. system. 

In the discussions of the Chicago situation I note that 132 kv. 
has been adopted as the maximum voltage apparently desirable 
for that district. Par be it from me to criticize because those 
gentlemen have proved they know where they are heading, biit 
just as a general word of caution, I should like to say: when 
building, make your voltage as liigh as the traffic will bear at the 
time, because you will save yourself a lot of trouble in the future. 
Even if you do not operate at the highest possible voltage avail¬ 
able at the time, have that in mind when your right-of-way is 
purchased, wlien the spacing of your conductors and towers, 
etc,, is laid out so that if fortune or big business overtakes you 
sooner than you dared hope, you can save your executives putting 
up additional money too soon. 

The synchronous condenser is a joy to the operating man in 
helping him pull up his voltage. It was interesting to hear the 
last speaker say the best place for the synchronous condenser 
was on the big customer’s property and I might also add, to be 
bought at his expense. 

The customer can be given a favor in the way of rates, if he 
helps pull up the power voltage of the whole system. It works 
both ways. 

The matter of selective relays for the eliminating of lines and 
trouble, is a question about which we have had so much discussion, 
I am afraid to say anything about it, except where you do not 
have to be tied in solid for a proper reason, if you can eliminate 
any circuit that is in trouble of course you are going to save slams 
on your whole system and you are going to add to the safety and 
protection of your generators and your transformers. I think 
where the loose-link system can be used, it is healthier for the 
apparatus. 

The Chicago paper was the only one which mentioned the 
use of high-voltage cable. I believe that is one of the things 
that the transmission engineers need most for their service at 
this time. 


When we were designing the 132,000-volt domestic ring for 
New Jersey service, if we could have obtained cable at the time, 
it would have saved us a great deal of trouble and because we 
could hot get high-voltage cable to go through a congested area 
we had to go outside into the country with open lines which 
cost much more than the cable would have cost if it had been 
available. 

In congested areas, think of what Mr. Gear has told us about 
Chicago. Cable is indispensable. If he can double the voltage 
of his interconnecting cables from 66 kv. to 132 and to 220 where 
he has these tremendous loads, think of the money he is going to 
save and the comfort he will have. 

In these installations, it is desirable to have every possible 
recording instrument and device of every nature to make record 
of the actual performance of the line and everything connected 
with it in regular service and particularly at times of failure. 

We are just on the threshhold of major interconnection work in 
America and the only way to learn about it is by absolutely in¬ 
fallible records. We have had to go by guesswork largely up 1 u 
date but now devices are coming into service which will record 
for us what takes place normally and under abnormal conditions. 
Let no argument of cost have them eliminated from your budget. 
If you do not have anything else, be sure aud get all the besl. 
possible recording instruments; in fact, you might put that, in 
your budget first and say “If we cannot record what is going to 
happen to us when we get through, we do not want to build.’’ 
Mr. Mitchell brought out rather pointedly the fact that inter¬ 
connected systems could get much better operating results if tho 
several systems are under one ownership, which naturally tends 
to a closer coordination of personal effort. Mr. Downing cites 
the excellent results that are obtained in California even though 
the systems are not under one ownership. 

By frankness, fairness, the elimination of individual sy.stem 
selfishness, it is perfectly possible to get, if not the very highesti 
efficiency of operation, at least an entirely satisfactory result. 
By the formation of a committee composed of the responsible 
officers of the individual systems, which will make up a set of 
operating rules, which rules must be thoroughly understood by 
all operators, and if carried out to the letter by a master operator, 
unanimously selected and in absolute operating control, efficient 
and satisfactory operation can be obtained. 

In closing, I just want to point out the two things wliich seem 
to be the weak links in our chain at the moment and urge the 
engineers responsible for these two weak links to get all of this 
discussion in their minds that they may need to help them 
develop their art so that we may have these links up to the*, 
strength of every other link in our electrical systems. Tho two 
weak links are high-voltage underground cable, and oil switches. 

E. C- Stone: At this time, because of the recent rapid ex¬ 
tension of transmission linos and the multiplication of inter¬ 
connecting links, which make the transmission-line map look 
something like a railroad map, the public is prone to conclude 
that there is no limit short of the continental coniines of the 
United States to the transfer of energy; and when the minds of 
legislators are considering the necessity for federal regulation of 
power systems which are rapidly over-reaching state boundaries, 
it is important that engineers particularly, in their speeclu^s and 
writings, give proper emphasis to the limitations as well as 
advantages of interconnection so as to be sure that the public 
does not get a distorted view of the situation. 

There is already before us the history of three gi’eat public 
utility services which grew from local beginnings until they 
covered the entire country and the transfers of the commodities 
handled by them became nationwide in extent—namely, the 
railroads, the telephone, and the telegraph. There are inlierent 
reasons, however, why this movement in the electric power 
industry will not be carried to the same limits. 

The articles of commerce carried by the railroads differ widely 
in character, and the wants and likes of the consumers of the 
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country are sufficiently strong and varied so that they are willing 
to pay the cost of transferring these articles to points all over 
the country. The fruits and vegetables of California are con¬ 
sumed throughout the states. The shoes made in Massachusetts 
are sold in St. Louis, and I have no doubt that St. Louis made 
shoes are sold in Massachusetts. The messages transmitted by 
the communication companies are all different regardless of the 
relative locations of the source or destination; hence the nation¬ 
wide movement of such messages. In the power industry, 
however, all kilowatt-hours are alike so that the consumer will 
always take advantage of the obvious economy of obtaining his 
kilowatt-hours from the nearest source of power. 

Interstate transmission of electric power is the result of the 
natural physical relation between the markets for power and the 
nearest suitable sites for the location of economical power plants. 
Thus the transmission of power is essentially local in character, 
and very few instances can be found where any given block of 
power is transmitted across more than one state boundary. An 
analysis of the output of eighteen generating plants from which is 
produced approximately 45 per cent of all of the power trans¬ 
mitted over state lines, shows that the average distance of trans¬ 
mission from plant to point of utilization is less than 75 mi. 
Probably the average mileage of all interstate transmission would 
not exceed this figure. Although many plants located in many 
different states are being electrically connected, the effect of 
such interconnection is merely to distribute tho combined load 
among the various plants more nearly in proportion to their 
capacity. It does not to any measurable extent increase the 
radius of transmission of power from any of the individual plants 
in the group. 

Hence the power situation is again radically different from that 
in respect to freight handled by the raihoads, which in some cases 
is shipped across a great many state lines. In this connection. 
Secretary Hoover spoke as follows at the 37th Annual Convention 
of the National Association of Railroad and Utility Commis¬ 
sioners at Washington, D. C., October 14,1925: 

“The argument is sometimes used that the power situation 
is parallel with the railroads, where federal regulation has been 
found necessary. It differs in several profound respects. Power 
lias no such interstate implication as transportation. The 
grower of oranges shipping from California is affected by the 
freight rates of every different railway all the way to the 
Canadian border and the Atlantic seaboard. The same farmer 
as a buyer of power is interested in only one power company— 
the one in his immediate neighborhood. What the rates may be 
of 200 other power companies between him and the borders of 
tlie continent do not affect his rates in the remotest degree. 
Therefore one state is not vitally interested in the rates of 
another state as in the ease of the railways.^' 

As a result of these inherent limitations, only 6,172,000,000 
kw-hr., equal to approximately 9 per cent of the total of 
68,145,000,000 kw-hr. generated during 1926 by the electric light 
and power companies in the United States, were transmitted 
across state lines. This is in striking contrast to conditions with 
the railroads, of whose business probably 70 per cent to 80 fyer 
cent is interstate in character. 

It is reasonable to suppose that all of the power required for 
use within tlie individual states could be generated within their 
own boundaries, so that interstate transmission would be uunec- 
sary, but this would result in less use of w^ater power, in higher 
cost of fuel, in longer transmission distances and, in many in¬ 
stances, in greater first cost of plant on account of utilization of 
less favorable locations, all of which conditions would increase 
the cost of power. The margin of profit to be realized by inter¬ 
connection is narrow, however, and if, as a result of miscon¬ 
ception, burdensome restrictions were placed on such inter¬ 
connection, it is reasonable to assume that public-utility com¬ 
panies, finding themselves hampered by requirements and 
regulations so burdensome as to offset any advantages to be had, 


will curtail their interconnections and thereby the consuming 
public will lose those limited advantages which are now being 
utilized or being sought. 

Therefore, it is to be sincerely hoped that no artificial barriers 
wfil be set up which might result in restricting this sort of trans¬ 
mission in such a way as to increase the total cost of the produc¬ 
tion and delivery of power. 

The economies resulting from the interconnection of power 
systems as disclosed by the papers in this symposium represent 
all told a very large number of doUars, and are therefore well 
worth while. Expressed as a percentage of the cost of electric 
power to the average user, however, the figure will be relatively 
small, possibly of the order of 5 per cent. Hence the most com¬ 
prehensive development of system interoonnections cannot possi¬ 
bly bring about any radical reduction in the cost of energy to the 
average user of electric power. 

The major engineering problems involved in the interconnec¬ 
tion of largo power systems will continue to receive careful study. 
These appear to be as follows: 

1. Determination of the total spare generating capacity 
actually required to render adequate service at all times on 

stems of large capacity and operating many units. Due regard 
must be given to the periodic shut-down of machines for main¬ 
tenance and the probable loss of capacity due to breakdown. 
Present practise of many systems provides spare capacity equal 
to the capacity of the largest units. It is yet to be determined 
whether this will bo adequate when adjacent systems are inter¬ 
connected, so that substantially larger numbers of units are 
included in one system. More attention will also be given to 
the most economical size of unit giving full effect to the spare 
capacity requirements. 

2. Control of the amount of energy and reactive kv-a. passing 
over interconnection points in complicated networks. This will 
involve not only proper frequency adjustment at the generating 
stations but in many cases phase and voltage control at strategic 
points in the transmission networks. 

3. System stability both under normal load conditions and 
on the occurrence of abnormal transient surges. In this connec¬ 
tion it is quite probable that it will be found necessary to equip 
'high-tension transmission lines with reactors or their equivalent 
at the power-house end, following the practises now generally 
standard on lower voltages of using line reactors which sustain 
the voltage of the system as a whole as well as reduce rushes of 
current when the individual line short circuits near the power 
plant. 

4. Design and manufacture of circuit breakers for the voltages 
and interrupting capacities involved in the interconnection of 
large power systems. 

5. Development of selective relaying schemes such that tie 
lines will not be interrupted when short circuits develop on one 
or tlie other of the interconnected systems. One of the chief 
operating advantages in interconnection lies in the fact that the 
loss of a single generating unit will result in a smaller percentage 
loss in operating capacity. This advantage is lost if tie lines 
are opened by system short circuits. Furthermore, the amount 
of power trausmilted across a tie line may be greater than the 
I'eeeiving company can handle on its own system if separated 
from its interconnections so that opening of tie connections will 
result in interruptions to service. 

L. W. W. Morrow : With the rapid growth of light and power 
systems over extensive areas it is inevitable that energy should 
be sent across state lines. It is rather astonishing to note, 
however, that the amount of energy so transmitted was only 9 
per cent of the total energy generated in public-utility stations 
during 1926. According to the Bureau of Business Research of 
Harvard University the total energy transmitted across state lines 
in 1926 aggregated 6,171,530,837 kw-hr, while the total genera¬ 
tion in that year amounted to 68,145,217,000 kw-hr. 
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TABLE I 

EXPORTS AND IMPORTS ON INTERSTATE POWER BY ELEOTRIO LIGHT AND POWER COMPANIES UNITED STATES 1926 




Interstate Power 

Net Interst 

iate Power 


Power Generated* 
(Kw-hr.) 

Exported 

(Kw-hr.) 

Imported 

(Kw-hr.) 

Net Exported 
(Kw-hr.) 

Net Imported 
(Kw-hr.) 

Neu) Entfland: 




1,979,760 


Maiue. 

503,105,000 

2,803.706 

823.946 


New Hampshire. 

259,133,000 

15,614,336 

47,320,486 

— 

31,806,149 

Vermont. 

264,508,000 

234,544.362 

21,207,590 

213.336,762 

' 

Massachusetts. 

2.097.538.000 

226.737,240 

420,760.736 

— 

194.023,496 

Rhode Island. 

405,299.000 

79,465,342 

164,920,763 

886,974 

76,465,411 

Connecticut. 

006,941.000 

52.106,110 

51,219,136 


Middle Ailantici 




130,102.021 


New York.... 

9,146.059.000 

147,214,876 

17,112,855 


New Jersey. 

1,722,749,000 

19,780.642 

202,783,965 

— 

183,003,323 

Pennsylvania. 

7,220,386,000 

614,801.002 

477,281,883 

137,519,119 


Eaai North Central: 

Ohio. 

4,596,945,000 

286,658,782 

487,688,090 

— 

202.029,308 

Indiana... 

1,420,528,000 

152,210.606 

146,616,303 

5.594.303 


Illinois. 

5.892.1.30.000 

646.354,014 

305,976.637 

340,377.477 


Micliigan.*. 

3,184.591.000 

57.715,760 

42,943.150 

14,772,610 

— 

Wisconsin. 

1,779,973,000 

226,598,472 

126,546,606 

99,052,966 


West Central: 





• 145,141,913 

Minnesota. 

843,268,000 

50,842,474 

196.984,387 

555.635,064 

Iowa... 

1,308,622,000 

632.315,767 

76,680,703 

— 

Missouri. 

760,910,000 

59,690,208 

8S5..509,239 

— 

819,031 

North Dakota. 

45,303,000 

0 

6,194,161 

— 

6,194,161 

South Dakota. 

80,342.000 

7,786,867 

3.187,987 

4,598,870 

—^ 

Nebraska. 

358,494,000 

19,601,133 

1,490,491 

18,100,642 

— 

Kansas. 

761,429,000 

129,960,481 

32,631,816 

07,328.666 


South Atlantic: 




10.781,048 


Delaware.. 

118,866,000 

21,019,.362 

10.238,314 

360,158,224 

Maryland. 

586,917,000 

78.365.841 

488.524.065 

— 

District of Columbia. 

350.014,000 

42,182,891 

0 

42,182,891 


Virginia. 

920,255,000 

10,692,478 

109,770.362 

— 

99,077,884 

West Virginia. 

1,682,968,000 

736,930.012 

95,349,606 

641.580,406 

■ ' 

North Carolina. 

1,116,043,000 

25,029..500 

329,140,958 

— 

304,111,458 

South Carolina.. 

1,023,076,000 

318,670,000 

67,861,902 

250,808,098 

204,323.801 

Georgia. 

709,705,000 

68,094,902 

272,418,703 

— 

Florida. 

494.745.000 

0 

1,314,718 

— 

1,314,718 

East South Central: 





108,567,041 

Kentucky. 

467,770,000 

73,701,994 

182,259,635 

—~ 

Tennessee. 

893,693,000 

21.797,033 1 

11,469,426 

10,327,607 

— 

Alabama. 

1,138,804,000 

283,984,216 ; 

8,196,946 

275,787.270 

67,208.315 

Mississippi. 

68.667,000 

279,300 

57,677,615 


South Central: 





60,607,337 

Arkansas. 

163,617,000 

873.776 

61,481,112 

—— 

Louisiana... 

514,552,000 

82,720,682 

15,421,073 

67,299,609 

— 

Oklahoma. 

429,736,000 

11,469,200 

85,921,944 

— 

74,452,744 

Texas. 

1,430,356,000 

17,470,344 

1,356.068 

16.114,286 


Mountain: 




18,432,000 


Montana. 

1,407,783,000 

18,432,000 

0 

... 

Idaho. 

738.876,000 

465,743,608 

78,564,634 

387,189,074 

— 

Wyoming. 

42,084,000 

0 

0 

0 

0 

Colorado. 

517,406,000 

0 

0 

0 

0 

New Mexico. 

25.093,000 

1,214,848 

2,006,383 

— 

791,535 

Arizona. 

167,164.000 

21,181 

4.664,592 

— 

4,643,411 

Utah. 

347,867.000 

0 

421,274,000 

— 

421.274.000 

Nevada. 

36,553,000 

0 

46,019,035 

— 

46,019,035 

Pacific: 

Washington. 

1.716.667,000 

73,913,249 

97,346,609 

— 

23,433.420 

Oregon. 

806,296,000 

91,167,309 

68.562.288 

22,605,021 

— 

California. 

6,700,633.000 

67.164,962 

21,181 

67,143,771 

- 

United States Total. 

68,146,217.000 

6,171,630,837 

6,171,530,837 

3,429,536,315 

3,429,536,315 


♦Interpreted from ITnlted States Geological Survey figures—Bulletin 68, Bureau of Bxisiness Research, Harvard University. 


Of the energy transmitted in 1926 across state lines 83.3 per 
cent went to markets supplied as a normal service and 16.7 per 
cent went to special or temporary markets. Of the total inter¬ 
state energy 26.28 per cent involved no change in ownership. 
The number of interstate lines aggregated 463 but 81 of these 
carried 61.7 per cent of the total interstate power. 

Three general conditions exist which may bring about inter¬ 
state transmission. 

The first type is a regular supply of energy to a market in a 
territory where generating facilities may not coincide with the 
location of the load. At Keokuk, Iowa, the nearest large mar¬ 


ket for hydroelectric power is St. Louis, Mo. and in Illinois; 
at CaJiokia, Ill., a site is most suitable for a fuel-burning plant to 
supply energy to St. Louis. Thus the city of St. Louis receives a 
large proportion of its energy from plants controlled by the local 
utility but located in other states. Out West waterpower is in 
Idaho but the load is in Utah. Many examples of this type of 
generating-station location which supply energy to loads across 
state lines may be found in Ohio, Illinois, Indiana, Pennsylvania, 
and other states. The stations are operated to supply energy to 
permanent markets and are owned by the utilities distributing 
the energy in these markets. This type of interstate business 
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aecouiits for about 75 per cent of the total energy and is not 
necessaiily involved with major interconnections or transmission 
systems of large magnitude. 

A second condition which brings about energy transmission 
aci'oss state lines is in areas where steam and hydroelectric 
generating facilities are interconnected for temporary or emer¬ 
gency energy service. 

A water shortage on a hydroelectric system may cause energy 
to be bought from a system in another state; a hydroelectric 
property may be able to sell or buy energy from a utility using 
fuel generation; during the construction of a new station energy 
may be bought so as to load fuUy the new station when it comes 
into oi)eration. Many economic combinations in a large area 
may exist from year t,o year whereby savings are made by 
temporary energy interchanges on lines which cross state lines. 
For example, in the South, Alabama may sell energy to Georgia 
at one season of the year and may buy energy from Georgia at 
anotht»r period. 

I'he third condition which brings about the transmission of 
energy across state lines is found in large-capacity interconnec¬ 
tions between utilities which operate over an extended area. 
It is economical on such systems to shift generating-station loads 
to get the best economic results. For example, the American 
Gas and Elective system extends from near Chicago to western 
Virginia. It lias generating stations in several states connected 
by transmission linos. Energy may go to or flow from West 
Virginia or Ohio depending on load conditions. In the heavily 
loaded area of eastern Pennsylvania, New Jersey, and New York, 
stations may be locatcjd in several states and energy will be sent 
imross state lines to take advantage of diversity in loads. 

A study of interstate energy shows that Pennsylvania, Illinois, 
Iowa, West Virginia, Vermont, Alabama, South Carolina, and 
Idaho load in the export of energy and that energy is imported in 
liirgo amounts to Massachusetts, Pennsylvania, Ohio, Missouri, 
Maryland, North Carolina, Georgia, and Utah. A knowledge 
of generating conditions in these states shows that the exporta¬ 
tion and importation of energy involves a few large generating 
stations and special conditions. For example, South Carolina 
waterpower goes to the load in Nortli Carolina. Energy from 
the coal fields of northern Alabama and from Muscle Shoals goes 
to Georgia. Hydroelectric energy from Idaho goes to the load 
in Utah. Holtwood waterpower in Pennsylvauia goes to the 
load in Maryland. Hydroelectric and steam power in southern 
West Virginia goes to Virginia and Ohio. Hydroelectric power 
from Vermont and New Hampshire supplies the load in western 
Massachusetts. Keokuk in Iowa and Cahokia in Illinois suppl3^ 
the energy to St. Louis in Missouri. Windsor steam station in 
north(irn West Virginia supplies energy to Ohio and Pennsyl¬ 
vania. Tlius a few large stations or systems supply most of the 
energy that crosses state lines. An economic and very practical 
background exists for all this business. 

With the modern trend toward putting loads and generating 
sources near together, for economic reasons and because load 
density grows rapidly it is evident that long-distance transmis¬ 
sion projects involving interstate energy traffic will not become of 
great importance and that special conditions in the future, as in 
the past, will control interstate energy traffic. There is no 
reason to expect interstate energy to grow at a rapid rate or at a 
rate corresponding to that at which the light and power industry 
will grow. 

W. S. Lee: It would be impossible for me or anyone to enter 
into any detailed discussion of the problems of interconnection or 
parallel operation of power systems. 

This matter has to be developed in connection with the par¬ 
ticular system or section of the country. There are certain 
waterpower developments, limited in number, and the time will 
soon come when they will all be developed. There are growing up 
around these plants and in the territory which they are near, 


certain demands for power that should be furnished from the 
nearest point of generation. 

Efficiency, economy, and reliability of service has caused 
various hydroelectric and steam stations to be connected. This 
interconnection of local hydroelectric and steam stations produces 
the big central-station system. The central-station sj^stem as¬ 
sumes the duty of service to all contiguous territory. 

Now the phase in which the engineer today is going to function 
is to build the water plants at such locations determined by the 
physical conditions, such as head storage, etc., then intersperse 
among these plants at the proper place on the load centers, steam 
stations. 

Two important factors in connection with the design of steam 
stations are load factor and size of plant. The larger the central 
system the more opportunity the engineer has to build these 
plants efficiently and economically. The larger the system 
developed the better opportunity he has of locating these stations 
so as to shorten the transmission lines and thereby lessen the 
cost of power to the consumer. 

I am delighted to see these papers for if there is any abused 
subject it is super-power and giant-power. Every engineer 
is aked the question, “How far can you carry electric power?'' 
You all know it is not economical to carry it very far. The result 
is, there is an impression that power can be taken in great 
amounts from one section and dumped into another economically. 
You can’t do it. 

Mr. Mitchell's paper gives a very fine description of the 
Southern Systems. The Duke System tied in with the Eastern 
Carolina in 1908 and this connection has been found very useful 
from time to time ever since. About 1911 the Duke System 
tied in with the Georgia System. Both of these connections 
have been used for exchanging power and shifting power from 
one system to the other, but to carry large blocks of power 
great distances has not been done. I am glad to see that the 
whole trend of this discussion has not been for the purpose of 
carrying power in large blocks to great distances but to lay out 
hydroelectric and steam stations in a connecting system for the 
purpose of shortening transmission distance. 

C. P« Hirshfeld: I have been asked to present, by way of 
discus.sion, material on what is commonly designated as loose 
linkage. 

In presenting matters of this sort one is greatly handicapped 
by the fact that our language grows as required by the develop¬ 
ment of the art so that the art is always ahead of the language. 
As a result, it frequently takes a long time for a given expression 
to acquire a very definite meaning and in the interim there is 
much danger of misunderstanding. I .shall therefore attempt to 
indicate the meaning of each questionable term that I use. 

The term loose linkage, as contrasted with tight linkage, is first 
used to indicate a system of connections adapted to fall apart 
comparatively easily in case of trouble, in contrast to one in 
which connections are intended to be maintained intact as long 
as it is physically possible to do so. 

We all recognize the fact that with present equipment and 
present methods we must expect troubles of various sorts which 
result in temporary reduction of voltage and increased flow of 
current. In a simple, generalized way, these troubles may be 
divided into two classes, those which correct themselves quickly 
by being cleared in some way, and those which do not, which 
“hang on" as we say. These may, for present purposes, be 
designated as controllable and uncontrollable respectively'. With 
respect to the first class, there is a decided advantage in having 
connections remain intact in order to give the most immediate 
return to conditions of normal service after the trouble has been 
cleared. With respect to the second class, there is a decided 
advantage in having certain links break easily so as to confine 
uncontrollable trouble to the smallest practicable area, thereby 
producing a minimum of disturbance to the system as a whole 
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and no long time effect upon service to the remainder of the 
territory. 

Thus far probably all will agree. It is when we go beyond this 
rough generalization that we enter the argumentative zone. As I 
see it, the direction in which the next step leads depends partly 
upon one’s experience, partly upon one’s idea of character of 
service, partly upon one’s estimate of the sorts of trouble to be 
experienced, partly upon one’s estimate of the freqiiency of the 
different sorts, and partly upon the type of system with which 
one is dealing. 

We may well consider extreme examples to bring out the great 
differences that are possible. Take as one case a system com¬ 
pletely underground and consisting of a perfect network to which 
energy is furnished from a number of multiplied sources. Take 
as the other ease a system which is entirely overhead, arranged 
practically radially throughout and in a territory in which 
lightning stonns are prevalent. One would hardly expect the 
operators of sueh widely divergent systems to adopt similar 
ideals of service or similar methods for handling troubles of 
the type here referred to. 

We must then admit that in all probability both loose-linkage 
and tight-linkage systems have their proper fields of use. At 
least, I do not desire to he understood, in what follows, as ad¬ 
vocating one or the o1.her under all different conditions. 

An ideally developed loosely linked system may be assumed to 
consist of a collection of areas so arranged and so served that each 
can readily become self-contained and self-sustaining in ease of 
uncontrollable trouble in one or more other areas. For want of a 
better term 1 shall call each of these a power area. 

In the ideal loosely linked system, each power area normally 
operates in synchronism with all the others during all periods 
of normal operation. However, a power area subject for the 
time being to uncontrollable trouble cuts loose completely and 
automatically from all other power areas. It then shifts for 
itself as best it can until those in charge have had an opportunity 
to clear the situation by any means that may be available, after 
which it may once more be synclironized with the remainder of 
the system when, as, and if that becomes desirable. 

Tliese requirements necessitate certain characteristics which 
may be listed as follows; 

(a) Bach i>ower area must be capable of becoming self- 
sufficient practically instantaneously. 

(b) All power areas must be so tied together under normal 
conditions that the necessary synchronizing currents may flow, 

(c) All power areas must be so tied together that any one 
developing uncontrollable trouble will automatically out itself 
loose from the others before service in them is seriously menaced. 

Requirement (a) indicates immediately that each power area 
must have sufficient running reserve, or the equivalent, to care 
for the total existing load within its boundaries if it happens to 
be isolated because of trouble in one or more other power areas. 
This does not mean that each power area must at all times be 
supplying all the power consumed within that area. The 
distinction should be carefully noted. Power may flow across 
power-area boundaries as may be required to affect most efficient 
or most convenient plant operation. The only requirement is 
that each area thus supplied from outside its boundaries shall 
liave sufficient running reserve to care for itself if this supply is 
suddenly interrupted. The requirement is easily met through 
the reserve capacity of turbo generators above their best points 
when the sizes of units in the system are properly coordinated 
and when the boundaries of power areas are properly chosen. 

Self sufficiency with respect to power supply may be obtained 
by the use of one or more generating stations per power area or 
by the use of one or more major switching stations supplied 
from several sources over different routes, both sources and routes 
being so chosen as to minimize the danger of complete loss of 
supply. In this connection, it should be noted that the bound¬ 
aries of power areas need not be fixed and, in general, will not be 


fixed. This statement applies to different hours within one day 
as well as to different days, different weeks, months, seasons, 
and years. It is only necessary that a boundary is known to 
exist at a certain place at a certain time and that the ties crossing 
that boundary at that time are properly relayed to prevent them 
from transmitting a major disturbance. 

It will probably be granted that at least under the majority of 
conditions existing in this country, the loosely linked system 
offers the greatest security against a major catastrophe to the 
system as a whole. Undoubtedly, operation on this basis re¬ 
quires a very Jiigh order of engineering in planning and con¬ 
structing and extending the system. Undoubtedly also it calls 
for very intelligent cooperation between system operator and 
plant operator if the maximum of results of all sorts is to be 
obtained. It is probable also that the load dispatcher or other 
individual who handles system operation must give more 
thought to the details of his job than he must with a tightly 
linked system, if the best results of which each system is possible 
are to be obtained. There is admittedly room for argument as to 
whether the results obtained from loose linkage justify these costs 
in human effort. Some executives have demonstrated that they 
believe the results obtainable do justify such costs. 

We may say that there is really a radically different point of 
view back of the two systems of linkage. In the one, the 
necessary occurrence of uncontrollable diffiieulties is recognized 
and the maximum of seemity to service is provided by arranging 
power areas capable of instantaneously becoming self-sufficient. 
In the other it is assumed that such major uncontrollable occur¬ 
rences will be of such comparatively rare occurrence that the 
cost of protecting the service by loose linkage is unnecessaiily 
great and not justified by the hazard. 

As we develop extensive interconnection we are automatically 
driven toward loose linkage whether we like it or not. Overhead 
transmission lines will cut out under present-day conditions and 
with present-day equipment. The circumstances in each case 
must determine the extent to which running reserves will be 
operated and, Iherefore, the extent to which ideal loose linkage 
will be achieved. 

F* A. Allner: Attention has been called in Mr. Downing’s 
paper to the limitation or lessened desirability of interconnection 
when certain essential conditions favoring interconnection are 
absent. It should be recognized, to start with, that each case 
presents a problem controlled by the local conditions and that no 
generalization can be readily made. But it can be pointed out 
by an academic example that recent trends in power generation 
are working in favor of interconnection, even though certain 
obviously favorablo. factors are lacking, sueh as substantial 
diversity in load or in’seasonal availability of power resources, 
or a pronounced differential in generating costs. 

We may assume two systems, not interconnected heretofore, 
which have identical shapes of load curves, i. e., no diversity of 
load, either in time of the year or hour of the day. We may also 
assume that the steam plants of the two systems are of nearly 
the same over-all economy. Under these conditions we should 
probably expect the least incentive for incurring a substantial 
investment for interconnection. However, the tendency in 
recent years to install large-size steam generating units, the 
capacity of which is equal to a large percentage of system load and 
considerably in excess of the annual increase of load demand, 
introduced several new elements in favor of interconnection, 
such as the staggering of investment steps between the two 
adjoining systems, savings in carrying charges on reserve equip¬ 
ment and more economical generation due to keeping on the lino 
sufficient generating capacity only to compensate for the loss of 
one large unit instead of two. An interconnection of this sort 
has to be a solid tie (i, e., not of the type referred to as loose 
linkage) which would insure that the two systems stay in parallel 
at times of transfer of maximiun power coincident with short 
circuit on one tie line or with other system disturbances. 
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Mr. Gear’s paper furnishes a practical example of the advan¬ 
tages incident to the staggering of investment steps involving 
three compames. It may be of interest to hear from him some 
further details as to the approximate capacity cost per kw. for 
which the three parties are b illing each other. 

In every case of interconnection particular stress should be 
laid on the quality of service, which feature has been brought 
out prominently in Dr. Hirshfeld’s contribution. Quality of 
service should not suffer as a result of interconnection, allowing, 
of course, for the initial period of ironing our minor difficulties 
incident to the newness of the operating methods. The indirect 
consequences of impaired service may easily counteract any 
calculated economies that were originally the underlying reasons 
for interconnection. Most of us are familiar with the disastrous 
situation that may develop in a few minutes if two large systems 
or ^oups of a single system fall out of step due to major distri¬ 
bution troxible or other causes. As the frequency drops rapidly 
on that part of the system that has insuMcient generating 
capacity connected to it, restoration of service usually involves 
the cutting off of a large part of the load and a considerable delay 
in resynelironizing. 

In connection with this problem it may not be amiss to point 


engineers had in this line of work. Previous attempts of analyz¬ 
ing flow records on large streams over long periods, of the order 
of thirty to forty years, were not very successful, my recollection 
being that the cyclic equation was a different one for each period. 
It would be rather interesting to hear from Mr. Mitchell whether 
his forecasting has been found as satisfactory in other years than 
those shown on the chart. 

Philip Sporns (communicated after adjournment) The 
American Gas and Electric Company has operated an intercon¬ 
nected system for many years, in fact, interconnection on the 
American Gas and Electric Company system has grown up 
along with the system. In 1907, at Scranton, the company 
found itself with a shortage of capacity and the D. L. & W. 
Railroad, which was operating a plant in Scranton, found itself 
in the same predicament. The railway plant was furnishing 
power to a group of coal mines. An interconnection was worked 
out between them calling for interchange of capacity when and 
if available. Since the peak of the railway load was a morning 
peak, this interconnection made available considerable capacity 
for the lighting company to enable it to carry its evening lighting 
peak, and it, in turn, was able to help out the railway company 
on its morning peak. 



Pig. 12—American Gas & Electric Company’s Interconnected System 
The points of interconnections and the capacity of Interconnections are shown in Table I. 

out a possible by-product of large-scale interconnection under Since then the American Gas and Electric Company’s system 


certain conditions when a hydroelectric plant, possessing seasonal 
storage or pondage, can bo tied into an interconnected system. 
Particularly in the case of low-head hydro-plants, units can be 
started up from standstill and synchronized in a small fraction 
of the time required for a steam unit, the total time for this 
operation being of the order of approximately one minute. 
As the customary types of waterwheel governors permit syn¬ 
chronizing adjustment down to a low range of speed, restoration 
of service can be accomplished without ^cutting off commercial 
load when such hydroelectric units are available for standby 
purposes. This quick starting ability of hydroelectric units 
has been referred to by the late Dr. Eglin as “the hydro a-c. 
battery service,’’ comparable to a certain extent to the storage- 
battery service provided on large d-c. distribution systems. 

Referring to Mr. Mitchell’s paper, a question in connection 
with the forecasting of river flow may invite a statement of 
general interest regarding the success that Mr. Mitchell’s 


has grown tremendously and as aheady stated, interconnection 
has grown with the system, in fact, whenever and wherever it was 
at aU economically feasible to make an interoonneetion, it was 
made. Very often it was found that interconnections could 
be made at a rather small expense, but the beneflts, based on 
advance analysis, were not quite apparent. The connections were 
made, nevertheless, on general principle in such cases and subse¬ 
quent operation has always brought forth benefits far greater than 
were anticipated, so that we who have been working on intercon¬ 
nection, have come to believe that where an occasion for an inter¬ 
connection presents itself, it is at least as rational, and probably 
more rational, to prove the case against interconnection rather 
than the other way around. 

Fig. 12 herewith, shows the American Gas and Electric Com¬ 
pany interconnected system as it is, including that portion of it 
that is actually under construction. 

In Fig. 13 there is shown the Island of Great Britain, Scotland, 
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and Wales superimposed over the American Gas and Electric 
Company system. 

In Pig. 14 there is shown a map of the British Isles with the 
central electric-supply scheme as recently outhned in the British 
Technical Press.*^ It will be seen from Pigs. 13 and 14 that 
talcing into account the width of the American Gas 132-lcv. 
network, it is more extensive than the proposed network for 
Great Britain. A rough check of the distances involved in the 
network in the two oases may also be of interest. According 
to the best available data, the total length of lines in the pro¬ 
posed British network wdl be approximately 2500 mi. The 
total length of the American Gas and Electric Company system 





NORTH CARO 


Pig. 13— Outline op England Superimposed on Territory 
OP American Gas & Electric Company 

□ Primary steam plant 
O Hydro electric plant 
132 kv. transmission lines 


— Other high tension lines 
-- Other companies lines 


in miles is approximately 1227 and in circuit miles is approxi¬ 
mately 1870. No data as to the total capacity that will be 
connected to the British, network have been found available at 
the present time but it is doubtful that it will approach the 
capacity already connected to the American Gas 132-kv. grid, 
if the capacity of the interoonnections is 

In Kg. 12 the extent to which interoonneetion has been carried 
out between various parts of the American Gas and Electric 
^stem and foreign companies is shown. It will be noted that 
meludmg the system in New Jersey and Pennsylvania, there are 
23 mteconnections in actual operation, and the majority of them 
aM 24 hours a day and 7 days a week interconnections. In 
other words, they are in parallel all the time. 

The^proximate capacity of these interoonneotions is 340 000 

n interoonneoted American 

Gas and El^o companies at the present time is approxi- 
ma^y 490, 000 kw. The total primary generator capacity is 

1. See Electrician, Vol. 99. No. 2578, pages 826 seq. and page 546. 


approximately 543,000 kw. and the capacity, taking into account 
steam limitations, is approximately 503,000 kw. Including the 
stand-by capacity, that is steam capacity that is no longer 
used for daily carrying of load, the above figures are ap])roxi- 
mately 690,000 kw. and 565,000 kw. respectively. 

It will at once be noted that this does not allow very iniicli 
leeway in primary capacity for one or two big units being down 
but this is exactly where interconnection comes in. As illustra¬ 
tive of that, we may take an emergency condition that arose on. 
the system last November when unit No. 1 at Philo (40,000 kw.) 
developed internal trouble and was taken out of service for 
inspection and repairs. Two weeks later, before unit No. 1 was 
replaced on the line, unit No. 2 (40,000 kw.) developed internal 
trouble and was removed from service, completely shutting 
down the Philo Plant and reducing the capacity of the system 
by 80,000 kw. It was not expected that unit No. I would be 
restored to service until the following week. This was on a 
Saturday, so that the system did not feel it at once but when the 
Monday load came on the interconnections were immediatelj^ 
pressed into service and the following arrangements made: 

1. The connection with the West Penn Power Company 
(Connection No. 5, Pig. 12) was called upon for an additional 
15,000 kw. 

2. The connection with the Ohio Public Service C/ompaiiy 
(Connection No. 9, Pig. 12) was called upon for the maximum 
possible load. 


/ : Mt? 

_i-- 



Pig. 14 —Simplified Map op Proposed English 132-kv. 
Grid Indicated in ‘‘The Electrician** Vol. 99 , No. 2578 
Page 546 

• Primary Steam stations A Hydro stations ■ ■ ■ 132 kv. lines 

3. The Cleveland Electric Illuminating Company (Connec¬ 
tion No. 8, Fig. 12) was called upon and Cleveland responded 
with a promise of all that possibly could be carried on the 66-kv. 
cables between Lake Shore and Oak Street Substations, allowing 
approximately 50,000 kw. to feed in to Akron or approximately 
30,000 above the normal amount. 

4. The interconnection between the Southern Ohio Power 
Company and The Ohio Power Company at Haydenville 
(Connection No. 12, Pig. 12) was called upon for 5000 kw. 
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5. The system south of the Ohio River was advised that not 
having been crippled it would have to take care of itself without 
any help from the north, calling upon its own interconnections 
if any help were needed. 

6. Some of the minor interconnections were called upon for 
their quota. 

The result of all this was that the interconnected system load 
of the American Gas and Electric Company subsidiaries north 
of the Ohio River was carried without the slightest disturbance 
on November 29 and until noon of November 30, when one of 
the Philo units was placed on to the line, and the load continued 
to be carried with a lesser call upon the interconnections until 
December 4 when the second unit came on the line. An im¬ 
portant fact in connection with this is that no l^ge quantities 
of energy were transmitted any long distance but demand was 
taken either directly into the American Gas and Electric system 
of a number of near points, or as in one or two cases the relief 
was obtained by a substitution process. For example, whereas 
the system normally supplies Akron from 20,000 to 30,000 kw. 
and Cleveland does the same, the coming in of Cleveland with 
an extra amount equal to their normal or approximately a total 
of 50,000 kw., made it unnecessary for the American Gas and 
Electric system t.o feed the usual amount to Akron. 

On the question of diversity, it may be interesting to offer some 
figures. As stated, the system peak is approximately 490,000 kw. 
During the peak, the diversity between the interconnected 
companies, sub-dividing them into only four groups,® is approxi¬ 
mately 16,000 kw. or 3 per cent. Tlie diversity on the other 
hand, between the American Gas and Electric system and the 
Chicago system, due to the different characters of the loads and 
due to one hour difference in time, is far greater and is in the 
order of 60,000 kw. In other words, 60,000 kw. under the most 


FOREIGN INTERCONNECTIONS 


No. 

Ii'oreign Company 

Point of 
Interconnection 

Kw. 

Capacity 

1 

AUaniic Ciif/ Electric Co, 
Delaware Electric Power Co... 

Wilmington 

8000 

2 

Scranton Electric Co, 

Penn. Power & I<ight Co. 

Stanton 

50,000 

3 

Penn. Power & Light Oo. 

Plttstoii 

4,000 

4 

Penn. Power & Light Oo. 

Peckville 

16,000 

r> 

7'he Ohio Power Co. 

West Penn. Power Oo. 

Windsor 

90,000 

6 

West Penn. Power Co. 

E. Liverpool 

2,000 

7 

Duquesne Light Oo. 

South Perry 

2.000 

K 

Northern Ohio Power & Light 
Oo. 

Canton 

30,000 

9 

Ohio Public Service Co. 

Canton 

16,000 

10 

Ohio Public Service Co. 

Shelby 

10,000 

11 

Northern Ohio Traction Co.... 

New Pliila. 

3,000 

12 

Southern Ohio Power Oo. 

Haydeuville 

5,000 

13 

Toledo Edison Co. 

Pemberville 

10,000 

14 

Defiance Gas & Electric Co,... 

Ai]glaize 

3,000 

15 

Western Ohio Railway Oc). 

Lima 

3,000 

16 

Wheeling Electric Co. 

West Penn. Power Oo. 

St. Marys 

6,000 

17 

Appalachian Electric Power Co. 
Oarolina Power & Light Co.... 

Danville 

15.000 

18 

Kentucky and W. Vo. Power Co. 
Consolidation Coal Oo. 

Fleming 

3.000 

19 

Consolidation Coal Oo. 

Martin 

6,000 

20 

Kingsport UiilUies, Inc. 
Tennessee Public Service Oo... 

Kingsport 

16,000 

21 

Indiana & Michigan Electric Co. 
Northern Indiana Public Ser¬ 
vice Oo. 

New Carlisle 

40,000 

22 

Northern Indiana Power Oo.... 

Plymouth 

3,000 

23 

Indiana General Service Co, 
Northern Indiana Power Oo.... 

Sweetser 

4,000 


2. Appalachian Electric Power Company and subsidiaries; Ohio Power 
Company and Wheeling Electric Company; Indiana & Mlcliigan Electric 
Company; Indiana General Service Company. 


unfavorable conditions could be sent by^ American Gas and 
Electric interconnected system into the Chicago District, and 
Chicago could send a considerable amount in excess of that in a 
reverse direction. 

In conclusion, we can say that it is our belief as a result of 
experience with an interconnected system and with interconnec¬ 
tions with foreign companies extending over many years, that 
in addition to the many benefits of interconnection that have 
been so well stated in the papers under discussion, there is a 
number of points that are generally not brought out and these 
are: 

1. Interconnection is a logical outgrowth of the development 
of the power industry. In most oases where the possibility of 
interconnection presents itself it is at least as rational to investi¬ 
gate the reasons against the interconnection as to assume that 
the interconnection has to be proved. 

2. The actual benefits of interconnection will in the long run 
surpass the anticipated benefits. . 

3. As a general rule it will be found that the maximum 
benefit of an interconnection can be obtained under those condi¬ 
tions where power can fiow back and forth or where a multi¬ 
plicity of interconnections is involved, where an opportunity 
presents itself for substitution of energy from one point to the 
next and not by a direct transmission from any one extreme 
point of the system to the other. 

P. Jxmkersfeldt (communicated after adjournment) Inter¬ 
connection in the electric power industry was used as a part 
of the earliest networks, and later, beginning about 1890, to 
connect together d-e. networks adjacent or very near to each 
other for mutual assistance in maintaining approximately proper 
voltage at and near such points. Soon after, larger mains and 
then special feeders or trunk lines were used, and as soon as 
alternating systems and prime movers were sufficiently developed 
to be kept continuously and satisfactorily in synchronism under 
service conditions, interchange of energy took place in much 
larger quantities between generating stations directly, or in¬ 
directly by shifting of substation loads from one transmission 
line to another. It soon became necessary to have a single 
continuous operating agency to coordinate electrical operation, 
and in most instances the individuals have been called load 
dispatchers, and were first referred to before the A. I. E. E. 
incidentally in a paper presented by the writer in 1901. 

Interconnections as generally understood today are maintained 
between different large elements of any one public-utility system, 
and between adjacent systems under different ownership or 
management to a greater and greater extent, both as to quantity 
of energy and as to distance. Most of the many advantages 
have been referred to in the various papers and in the discussions. 
Those interconnections are usually a great operating convenience, 
and result in better service. 

There seems to be a tendency sometimes to install such inter¬ 
connections where the distance and other conditions affecting cost 
are such that the expenditure may not be justified by the non- 
coincidence of the peak loads or by the difference in generating 
costs on the two systems to be interconnected, or by the reduc¬ 
tion in reserve generating capacity or by other factors. The 
interchange of too large a proportion of the energy required on 
one of two systems to be interconnected may not be profitable, 
or be less profitable solely as a matter of reducing generating 
costs than the interchange of a smaller proportion at the inuch 
higher load factor that may thus become available. 

Instances like the foregoing have, however, heretofore been 
the exception. In the majority of interconnections the expen¬ 
diture is amply justified by the many investment and operating 
advantages already referred to in some of the various papers and 
discussions. One additional illustration is the interconnection 
between the San Joaquin and Great Western systems in Cali- 

3 . Upon the completion of the PhJlo-Postorla line now under 
construction. 
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fornia, where a 100-mi., 165-kv. interconnection released about 
20,000 kw. because of the diversity between these two systems. 
The sum of the two peaks on these systems was 267,000 kw. in 
1926. 

The trend to operate the most economical sources of steam or 
hydroelectric power at larger and larger annual load factors and 
better continuity of service seems to indicate an increasing number 
of interconnections between systems, and with properly devel¬ 
oped load dispatching frequently affords opportunity to reduce 
total generating costs and also to improve the service rendered 
to the public. 

W, A. Naudain: (communicated after adjournment) Mr. 
Mitchell states that on a system combining run-of-river and 
storage hydroelectric plants and steam plants, great savings 
can be made by accurate knowledge of river flows. Also careful 
study is being given to this by all large systems, and what the 
subsidiaries of Southeastern Power and Light Company have 
done, is typical of the other companies. 

If the United States Geological Survey which is primarily 
interested in the making of maps, could be impressed with the 
value of this information to the utility companies, they might 
be induced to include this—^fmmishing these data in connec¬ 
tion with their map data, with very little additional work to 
themselves. 

Also the Corps of Engineers of the several geographic divisions, 
who are to such a large extent connected with and interested in 
river flows might in connection with their regular work, supply 
these data for public utility benefit. This would result in making 
river data available to the utility companies without the resultant 
expense, which is a product of such a survey. 

N. E. Funk: I should like to say that I agree thoroughly with 
Mr. Lee. . I think the shorter our transmission lines are, the 
closer we can build our generating stations to our load, the better 
off T^e will be. 

I say that because with tliis 220-kv. interconnection, it may 
look as though we are following the diametrically opposite course. 

The 220-kv. interconnection is rather unusual in that there 
is a very decided diversity in the loads concerned. Starting 
with the first section of the interconnection, the line between 
Siegfried and Plymouth Meeting, where about 50,000 kw. can be 
used, only as emergency because of the fact that there is only one 
line, the load will build up over 200,000 kw. interchange between 
morning and evening. A case like this is not so often found, and 
occurs only in this ease because of the entirely differently shaped 
loads in the territories connected. 


W. E, Mitchell: I will answer Mr. Allner’s question first, 
as to how far back the forecasting goes. We only worked it out 
three years ago, therefore we had only three years to check it in. 
We have made our forecast for the next three years. 

I may say, we think the cycle is too short. If we could get a 
cycle of two hundred years or two thousand years, we might 
know something about the rainfall and prognosticate about its 
cyclic variation. As it is, we are making a good guess and the 
method of arriving at the guess is simple and very interesting. 

Now in the matter of interconnection, I am glad we are getting 
out of the intellectual and technical field. We are getting down 
to plain common sense. As Mr. Edgar has said, it is a matter 
that is inevitable but it isn’t going to cure all sorts of troubles. 
Mr. Lee has hit the nail on the head. We are interconnecting 
where it is economically wise and we are trying to get the load 
and the place where the power is made closer together. After 
that, interconnection pretty nearly takes care of itself in the 
matter of improvement to service, and the reduction in idle 
plant capacity. Undoubtedly there is entirely too much of that 
all over the coimtry today, capacity that isn’t earning a dollar 
for any of us, and yet which with isolated properties was essential 
for the protection of service. After all, it is service we are selling. 
We can reduce that idle capacity and therefore reduce the cost of 
that service through interconnection wisely developed. 

H. B. Gear: Replying to Mr. Allner’s request for a state¬ 
ment of the basis of charge between the companies in the Chicago 
District, the amount paid consists of three parts, 

(a) the capacity charge, 

(b) the regular energy charge, and 

(c) the surplus energy charge. 

The capacity charge is paid by any company deficient in 
capacity or reserve, and consists of fixed charges, on generating- 
station capacity, step-up transformers, and interconnecting lines. 

The regular energy charge consists of the cost of producing 
and delivering the kilowatt-hours taken by any company under 
its deficiency requirements. 

The surplus energy charge consists of charges directly propor¬ 
tional to kilowatt-hours (oliiefly fuel) for energy taken at off- 
peak hours, for the purpose of realizing the advantage of lower 
production costs in the neighboring station than can be realized 
at stations in the zone where the energy taken is utilized. 

It is the intent that the most economical units will be working 
at their highest practicable load at all hours. 



Saturation Permeameter 

BY S. L. GOKHALE* 

Member. A. I. B. B. 

Synopsis.—The saturation permeameter is a deviee for speedy and correction. The permeameter is available for accurate measurement 
accurate measurement of saturation value of magnetic material; of saturation value of such material as is saturated weU within the 
that is, for measurement of the limiting value of intrinsic induction working range of the permeameter, i. e., widi a magnetizing force of 
(/3) characteristic of that material. The permeameter in its present H = SOOO g., or less, which intrudes aU magnetic material used for 
form is of the well-known bar-yoke type, with a magnetizing coil ca- eieetrieal engineering purposes except those for permanent magnets 
pable of producing a magnetizing force of H = 4600 g. without andcobalt. Thesaturalionpermeameterisalso available for approvi- 
excessive heating. The permeameter is equipped with a compensating matdy correct measurement of B or P, for range of H below the 
coil whose function is to compensate automatically for the spatial saturation point as far down as H ^ SOO g. In speed of testing 
flux enclosed by the potential coU, so that the ballistic deflections and accuracy of the mecuiured saturation value, tiiis permeameter sur- 
indicate the saturation value without further computation or passes all devices tor saturation measurement developed heretofore. 


T he following symbols are used in this paper 
with the corresponding unit stated in 
brackets: 

B Total induction or flux density (gauss). 

P Intrinsic induction (B - H) (gauss). 

H Magnetizing force (gilbert per cm.; briefly g.). 

H Spatial induction (gauss). 

X Interlinkage (Maxwell). 



Fig. 1—Saturation Pekmbambtbb 


I Magnetizing current (ampere). 

S Saturation value; i. e., linaiting value of p. 

A Cross-section of space enclosed by potential coil, 

a Cross-section of material under magnetic test. 

n Number of turns of potential coil. 

M, Mutual inductance of the compensating inductor. 
H/I H-factor of the permeameter. 

H, Saturation point; i. e., the value of H at which p 
reaches the constant value jS. 

Hi Intrinsic permeability, (B — H)/H, or jtt — 1. 

The symbol H is ambiguous, but the ambiguity 
causes no inconvenience mid is therefore left 
uncorrected. 

1. General Engineering Lab., General Eleetrio Co., Schenec¬ 
tady, N.Y. 

Presented at the Winter Convention of the A, I. E. E., New York, 

N. Y., February 18-17,1928. 


Method op Test 

For scheme of wiring see Fig. 2. The compensating 
inductor which is a variable mutual inductor Me is 
adjusted to the required value approximately to start 
with, and exactly by trial as the test progresses. The 
permeameter is then treated like the ordinary bar-yoke 
permeameter, using magnetizingeurrentsrangingfrom 5 
to 30 amperes. If the upper part of the magnetization 
curve thus obtained appears to be straight over a 
considerable range, after making a reasonable allowaince 
for stray points, it is assumed that the sample is really 
saturated for that range. The compensator is then 
adjusted by trial until the deflection for the supposed 
saturation range appears to be strictly constant. The 
constant value of p thus indicated is accepted as the 
true satviration value. The lower part of the mag¬ 
netization curve is theoretically not reliable, but it has 



Pia. 2 —Wiring Diagram for Determination op Saturation 

This Illustrates the compensation method. It is also the connection 
used with slight modidcation in testing the range of reliability of the 
instrument 

P » Source of power, direct current 

R » Control rheostat 

A sAmmeter 

Mag. ^Magnetizing coll of saturation permeameter 
t -^Potential coil for measurement of fi 

H* •-Coll for measurement of H* located in the space between the test 
sample and the inner surface of the magnetizing coll (not shown 
in this diagram; used for test In paragraph 5, Fig. 4) 

Af c -Mutual inductor—variable for compensation 
P —Prhnary coll 
5—Secondary coll 

G —Galvanometer 

been observed that for magnetizing forces as low as 
H = 200 g., the p H curve by the saturation per¬ 
meameter is in very close agreement with the cor¬ 
responding part of that curve by the Bureau of 
Standards compensation method (Fig. 3). This value 
of magnetizing force (fl = 200 g.) is therefore ac¬ 
cepted as the lower limit of reliability of the saturation 
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permeameter, although in some cases the agreement 
may reach down to lower magnetizing forces (Fig. 6). 

Determination op H-Factor 
The function of the compensating inductor is to 
compensate for the .spatial flux enclosed by the potential 
coil of the permeameter. When the compensation is 
exact, as shown by the constancy of the indicated value 
of ft the interlinkage of the secondary coil of the in¬ 
ductor must be equal to the spatial interlinkage of the 
permeamete". Expressed analytically, we have the 
equation 

X s = X c 

or, H«A=McJ/10 

where X, is the spatial interlinkage of the potential coil 
of the permeameter, 

Xe is the interlinkage of the secondary coil of the 
compensator. 

Then, the ff-factor of the permeameter is 
H/I = ilfc/10 w A 


Substituting this value in the above equation, we get 
dfi/dH {M/10-nAC)/naC 
= constant 

Assumption II. At this point, a further assumption 
is made, viz., that if d /3/d H is constant, the value of 
the constant is zero. Graphically, it is assumed that 
if any extensive part of the p H curve be straight, it is 
at the same time also parallel to the axis of H. In 
other words, it is assumed that no large part of the 
P H curve is straight without being parallel to the axis 
of H, With this assumption, the above equation is 
reduced to the two equations, 

dp/dH = 0;andwAG = M/10. 

From the first equation we get 
P = constant 
= S; (saturation value) 

From the second equation we get 

H-factor = C = M/lOnA 
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Pig. 3 Curves op 2}^ Per Cent Siucon-Stbel Sheet 

...Ilf® ^ and S curve are shown. The 

numbers on the M curve indicate values of H 

Conditions op REUABiLnY; Basic Assumptions 

When the compensation is exact, as indicated by the 
constancy of the observed ballistic deflection, the inter- 

h^ge under measurement is constant; hence we have 
the equation 

Pna-\-HnA- M J/10 = X. = constant 
where X, is the value of the total interlinkage measured, 
Pn a, mterhnkage of intrinsic flux, 

Hn A, interlii^ge of spatial flux’ 

M J/10, interlinkage of compensating inductor. 

By differentiation with relation to J, we get 


na A 

na. , „ . ^ 


dH ■ dl 

imu = (N/IO- . iH/dmr^a . dB/dr, 

AssumpUon I. Assuming that the fl-factor of thp 
permeameter is constant for the range und^S^Jdm! 
tion, we have the equation >^uer consiaera- 

H/J = C 
dH/dl = C 


VA W1CS5C twu ixioasurements aepends 
upon the validity of the assumptions (1) constancy of 
the H-factor for the required test range; and (2) ab¬ 
sence of straightness of the pH curve except when 
saturation is reached. 

The cons^cy of the interlinkage by itself does not 
carry with it unconditionally the assurance of satura- 
taon, or the accuracy of the measurement of S, or of 
the H-faetor. The equation 

-nA . dH/d I)/(n a. dH/d I) 
might hold true when neither dH/d I nor dp/d H are 
constant, because it may be that the variations in 
^due to changes in H might be balanced by changes in 
H due to variations of M-factor. It can be shown, 
however, that in the case of the saturation permeameter 
mder dmcussion, the constancy of the observed de- 

about by balanced variations 
of t^ kmd. Space Imitations prevent the discussion 
of the proof of this point. 

y^idity of A^mption I. There has been no 
method di^vered for direct measurement of H at a 
pomt m the test sample, and not even for indirect 
me^ement, except under certain favorable conditions 
which are_ not pr^ent in this case. But the value of 

magnetizing coU and in close 

^ measured by 

tetoc detei^tion of spatial flux near that point 

^or t^ data see Rg. 4.) A study of the curves 
^ the ff-factor for the proximate sp^ I 

deviation from constancy 
(A ^/^) bemg undetectable for J = 5 to 20 amper^ 
less than one part in 1000 for the range J = 3 to 
9 ampwes. On the basis of this observation it seems 
reenable to assume that the H-factor in the body of 
the sample is also constant within the same lizdts 

the one case are also the only possible causes operative 
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in the other case. It is therefore assumed that in the 
ca^ of this saturation permeameter, the H-factor is 
strictly constant for values of I between the limits 
6 to 20 amperes (fi = 760 to 3000 g.) and almost con¬ 
stant for I = 3 to 29 amperes (fl = 600 to 4000 g.). 



Fig. 4 H-P actor Curve and Precision Limits 

VoMdity of Assumption II. The second assumption 
underlying the compensation method is, that no part 
of the /3 H curve is straight without being parallel to 
the axis of H at the same time. Stated analytically 
the assumption is that d0/dH is not constant but 
varies with H, except when it (i. e., d p/d H) becomes 
zero. The assumption is supported by numerous tests 
on magnetic material of various kinds, tested in 
the form of toroid rings to preclude uncertainty due to 
possibilities of error inherent in other methods of test. 
It was found in all these cases that the p H curve was not 
straight until the saturation point was reached, after 



Saturation 


The carve Is for A p/A /T as a function of ff. Standard sheet-steel 
toroid rings used with compensation for spatial flux 


Fig. 6.) In this case the value of A p/A H is not con¬ 
stant imtil it is reduced to zero. All reliable data thus 
far are in support of the Assumption II, and there are 
none to contradict it. 

Examples of apparent exceptions are given in para¬ 
graph on Form of Intrinsic Permeability Curve (see 
Incidental Observations). 
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Pig. 6 —PH Curves for Permaleoy Rod 
Limit of Error, sfa 2 Ids gausses 


Experimented Evidence of Reliability. Fig. 6 repre¬ 
sents the p H curve for a sample of permalloy by the sat¬ 
uration permeameter, this sample being selected for the 
reason that it can be saturated by a magnetizing force 
of H = 200 g., which permits its saturation value to 
be determined by the Bureau of Standards compensa¬ 
tion method, whose reliability has been accepted as 
indisputable. The close agreement of the two pH 
curves by the two methods constitutes a very persua¬ 
sive argument as to the reliability of the saturation 
permeameter. This experiment di^roves the balanced 
compensation referred to in paragraph on Conditions of 
Reliability and confirms the validity of the two baric 
assumptions. Full discussion cannot be given in this 
paper. 



Curve 1 was taken by the saturation permeameter; curve 2, by the Bureau 
of Standards Isthmus permeameter. Curve 1 shows the absence of stray 
points by the saturation test 


which point the curve was straight and parallel to the 
axis of H. In no case was a l^ge part of the curve 
straight without being parallel to the aris of H.® In 
order to submit the matter to a more severe test, one 
toroid ring was tested by the differential test. (See 


Interned Compensation. For further simplification 
of test procedure a small coil of sufficient interlinkage- 
coefficient, located in the proximate space, may be 
used in place of the compensating inductor. This 
metihod of comi)ensation has the advantage of simplify¬ 
ing the test procedure, as the adjustment is made once 
for all and needs no further consideration. 


2. Gokhale, Sept. 1926, p. 853, et seq. 
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Ti'ansaetions A. I. E. K. 


Incidental Observations 
Absence of Stray Points, The saturation part of the 
H curve by the method outlined herein is free of 
stray points. This is due to the fact that the ballistic 
deflections for this part are not dependent on the exact 



Fig. 8-1 —P fx Curve by the Long-Solenoid Method 

This is the method of B. O. Peirce, Academy of Arts and Science, (Vol. 
49-2. p. 139. Table 6) 





Pig. 8-2 —Pix Curve by Yoke Isthmus Method 
B y Qumllch. Arc/i./, Elec,, Vol. II, p. 471 



Perms ameteb 


By Cheney, Bureau of Standards. Paper No. 361, p. 633 

v^ue of the magnetizing current; any error in reading 
the ammeter has therefore no effect on the deflection; 
all the observation points for this part of the curve 
fall on a straight line parallel to the axis of H. In this 


respect this method of test surpasses all other methods. 
(For comparison, see Fig. 7.) 

Sjieed of Test. Since the accuracy of measurement 
of S does not depend on the accuracy of the ammeter, 
it is needless to waste time in accurate adjustment or 
reading of the current. The only reason for reading 
the ammeter at all is to assure that the observation 
points which should he suflicient in number and reason¬ 
ably well distributed are actually so: the operator is 
instructed to waste no time and effort over accuracy of 
reading of the ammeter; this contributes to speed of test. 

Freedom from Excessive Heating, The rapidity of 
test prevents excessive heating and thereby adds to the 
accuracy of the test. It is well known that variation of 
temperature constitutes one serious source of error 
in measurement of saturation value. 

Form of Intrinsic Permeability Curve. The form of 
the p fii curve obtained by the saturation permeameter 
(Fig. 3) possesses all the characteristic peculiarities 
of the curve, by the compensated toroid ring method 
described in the Lem of Magnetization.^ The corre- 



Fig. 9 —Saturation of Nickeu-Iron Allot Ring 
By Incremental Method 

Limit of EiTor, *21-$ gausses 

spending curves by other methods of test do not gener¬ 
ally possess that form which indicates the unreliability 
of those methods (see Fig. 8). In such cases only, the 

H curve is straight over a conriderable range, with¬ 
out being at the same time parallel to the axis of H. 
These curves constitute the apparent exceptions to 
theAssumjdionll referred to in validity of Assumption!. 

Demonstration of Saturaiion. Incidentally, we have 
now an experimental evidence of the phenomenon of 
saturation by a large number of tests on toroid rings, 
and thm’efore free from any uncertainty inherent in 
any type of permeameter whose reliability is unproved. 
In one case (see Pig. 9), the ring was tested by the 
method of increment which reduces the limit of ob¬ 
servation error to ±2.6 gausses in 0. In this case the 
variation of the curve from straightness—if there be 
any variation at all—does not exceed one part in 
6000. This experiment therefore constitutes a con- 
vinmng evidence of the phenomenon of saturation, 
and therefore also a confirmation of Weber’s theory 
of molecular orientation. 

Limits to the Use of Saturation Permeameter. The 
theory of the saturation permeameter implies two 

3. A. I. B. E., Trans. 1926 Vol. 46, p. 1023 and Disc, p 1033, 
Figs. 4-0, 6-0. ' 
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limitations to its use. First, the test sample must be 
capable of saturation well within the upper precision 
limt of the permeameter, viz., H == 4000 g. (See 
Fig. 4.) For practical reasons H = 3000 is regarded 
as the upper limit. Magnetic material which does not 
reach saturation at this point, such as cobalt, cannot 
be successfully tested by this permeameter, for deter¬ 
mination of saturation value. Second, the saturation 
permeameter is not thWetically available for accinate 
test much below the lower precision limit, (viz., 
H = 760 g., see Fig. 4). But it has been observed 
in all cases that the curves obtained by this perme¬ 
ameter agree very closely with corresponding curves by 
the Bm-eau of Standards method, down to H = 200 g. 
(See Figs. 3 and 6.) This value of H is therefore 
considered as the lower limit of practical reliability. 

Conclusion 

From the preceding arguments, data, and curves, 
it follows that the saturation permeameter is speedier 
and more reliable than all other types of apparatus 
used until now for determination of saturation value. 


Discussion 

W. B. Kouwenhovens I should like to know if the straight 
line relation between deflections for II and magnetizing current / 
for the range of 6 to 20 amperes of Pig. 4 of the paper will hold 
for all specimens tested. It would also be helpful if Mr. Gokhale 
would give additional data as to the size of specimens which the 
permeameter will hold, the number of turns, the size of wire, the 
resistance of the winding, and the dimensions of the device. 
These data will serve to make the paper more valuable. 

The means for holding specimens in a permeameter are of 
imporUnce as different results may be obtained by various 
clamping arrangements. The temperature of the specimen will 
also affect its magnetic characteristics and at laigh densities there 
is usually considerable heating. I should like to have Mr. 
Gokhale tell us something about the methods used for clamping 
specimens and about the temperature rise of specimens in his 
permeameter. 

Hans Lippelt: The writer gives in his paper a quantity Hs 
as representing the saturation point, e. g., that value of II at which 
^ reaches the constant value S. As is well known, this value of H 
is, tlieoretically, infinitely large. 

For practical purposes the distinction of being the saturation 
point may be assigned to a certain finite value //«, with which, 
however, must be associated the fact that the coordinate value 

is only very near to the actual saturation S of the material. 

The definition of Hg should then be qualified by the state- 

ment of a conventional “tolerance*' - - 

S 

Furthermore, when determining the saturation point by the 
saturation permeameter, its sensitiveness and that of the galva¬ 
nometer should be made known. In other words, it should be 
stated (a) either whether the new permeameter and other parts 
of the outfit are sensitive enough to record changes of jd at the 
magnetic limit set by the above tolerance, or else (b) what other 
tolerance determines the upper limit of the permeameter’s 
ability. 

In connection with the avoidance of excessive heating, of 
which the author speaks, it seems that the permeameter could 
be improved by using wire made of copper having super-con¬ 
ductivity. I understand the General Electric Company has 
developed such copper of superconductivity. 


S. L. Gokhale: The straight-line relation of IP to /, over a 
wide range of R, as indicated by the zero deviation over the 
range of I from 5 to 20 amperes, or to express it more precisely, 
the constancy of the ^f-factor over that range, does not hold 
true for all material. We have found by measurement that it 
does not hold true for magnetic material in the hardened state, 
even when the sample is apparently saturated within the recog¬ 
nized upper working limit of the permeameter, viz, ; H = 3000 
to 4000 gausses. For example. Fig. 1 herewith is the apparent 
^ H curve for two bars of magnet steel indicating a saturation 
value of 0 = 17,000 and 16,900 gausses respectively, and a 
saturation point of Hg ^ 2500 g. But the corresponding 
deviation curve, Fig. 2 herewith, is not straight which makes the 
saturation measurement unreliable. As far as we know until 
now, the failure of the saturation permeameter is limited to 
material for permament magnets. The deviation curve is 
straight over a wide range for all other material used for electri¬ 
cal engineering purposes in our work. These facts have been 
stated clearly but very briefly in the synopsis. 

With reference to permanent magnets, we have found more¬ 
over, that by using a sample of smaller cross section we can 
obtain the corresponding deviation curve with lesser curvature. 
Further work in this direction is in progress. From the above 
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Fig. 1—Tungstkn Magnet Steel, Magnetization Cuhves 
BY Saturation Permeameter 


observation it follows that if a sample of any material falls within 
the class for which the permeameter is reliable, a smaller sample 
of the same material will also fall in the same class. This con¬ 
clusion has been verified by observation by testing two samples 
of the same material of very unequal cross sections. 

With reference to size of sample, this permeameter was first 
designed for testing bundles of sheet steel, 3 cm. broad, 25 cm. 
long, and about Yz cm. thick, (16 strips of 0.014 in. sheet steel). 
It was subsequently used for testing fewer strips down to single 
strips and has proved satisfactory in every case. The perme¬ 
ameter has been used for testing flat bars and has proved satis¬ 
factory for this purpose also except, of course, in the ease of 
permanent-magnet, material. 

By using auxiliary pole shoes, the permeameter has been 
adapted for round rods of 6 mm. diameter, and has proved quite 
reliable for this purpose. A second permeameter has been con¬ 
structed for testing round rods of diameter; it is also 

reliable for all material except permanent-magnet steel. 

With reference to clamping, it has been observed that variation 
due to faulty clamping is very slight, and consists of error in the 
indicated value of the saturation point Hg) it does not affect the 
saturation value. In one case on record the insertion of one 
thickness of tissue paper did not affect either of the two readings; 
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the insertion of a thicker paper apparently increased the value 
of but not of S. It follows from this that slight variations 
in clamping such as will occur in every-day work without excep¬ 
tional carefulness, lead to no error at all in the measurement of S, 
and practically no error in the H curve below saturation. 

With reference to heating, I should have called attention to 
what looks like a pair of horns on the top of the permeameter 
(see Pig. 1 'in the paper). The permeameter is provided with a 
cooling chamber into which is forced a blast of cold air through 
one of these horns, the other being used as an outlet. This 
method of cooling combined with the speed of testing possible 
with this permeameter, permits an accurate determination of 
saturation value with a rise of temperature of the sample not 
exceeding 1.6 deg. cent. The following is a sample of a complete 
test: 

Standard Sheet Steel 0.014 in. 

Tested with Saturation Permeameter 


28,6 deg. cent. 


H 

|8 

1 

4000 

20,600 

28,J 

3000 

20,600 


2500 

20,600 


2000 

20,600 


1500 

20,600 


1300 

' 20,650 


1200 

20,525 


1000 

20,500 


900 

20,470 


800 

20,425 


700 

20,400 


600 

20,300 


500 

20,160 


400 

19,800 


300 

19,200 


200 

18,300 


ioo 

17,050 

30.1 


Rise 1.6 deg. cent. 

In attempting to reach higher values of H with the perme¬ 
ameter, the real difficulty lies not in producing the higher values 
of H, but in the accurate measurement of the values so produced. 
A reference to Pig. 4 of the paper will show that in that particular 
case we have actually reached a value of H = 7200 g., that is, 
p per cent above the regular upper limit, but at this point the 
delation of the £f-factor from constancy is nearly 2 per cent 
which is fatal to the reliability of the permeameter. Until this 


difficulty is surmounted, it is no use trying to force If to Jiiglier 
values by any means. 

’ The desirability of more data is indisputable; in fact they wore 
included in the paper when it was first prepared, but wore subse¬ 
quently omitted for convenience of publication. Such informa¬ 
tion will be sent to any one who ohoose.s to go deeper into the 
subject. 

With reference to Mr. Lippelt’s question, it is not clear to me 
what theory he has in mind. Personally, I know of no well 
established theory which calls for a slpw and gradual approach 
of the /3 H curve to the satiuratiou limits. On tho contrary, I 
have a strong bias in favor of the view that as saturation ap- 



0 1520 30*10 4560 6080 7215 

H 

Fra. 2—Deviation Cukve for Tunorten Maonkt Stkki. 

proaclres, the ^ ff ourve deviates from vrhalovor law it follows 
up to then, and rapidly reaches the saturation limit and thon by 
an abrupt change follows the saturation lino. I confess frankly 
that it is merely a bias at present, but it .seems to bo a very 
reasonable hypothesis. 

Leaving aside the theoretical aspect of the question and dealing 
rrith the subject in its practical aspect, tho point //. is dolined as 
that v^ue of H, for which the corresponding value of latent 
mduotion 'y, that is, S - ft is less than tho least detectable 
value under the condition of test. For example, in Fig. 6 tho 
^ue of error is only gausses. In every ease tho limit is 
detenmned by the sensitivity of the galvanometer used for tho 
particular occasion. 



Compressed Powdered Permalloy 

Manufacture and Magnetic Properties 

BY W. J. SHACKELTON" and I. G. BARBER> 


Associate. A I. E. E. 


Non-member 


Synopsis*—The papei' gives a brief description of tfie 7 nami~ 
faciure of magnetic cores of compressed permalloy powder followed 
by information covering their magnetic properties with particular 
reference .to dteir me in loading coils. Production of the powder, 
and its imnlation, pressing, and annealing are discussed. Under 


magnetic properties, permealdliti/, core loss, and niodtdalion are 
treated. Curves are given illmtrating the characteristics of interest 
in connection with the design and application of loading coUs; and 
comparisons to corresponding characteristics of compressed poivdered 
iron are made thro ughout. 


Introduction 

I T is now somewhat over ten years since commercial 
use was first made of loading coils having cores of 
compressed powdered iron. During this period 
all but a relatively small percentage of the loading 
coils produced for the Bell System have been of this 
type. The general construction of these coils, the 
practises employed in their application to the telephone 
plant, and the theory underlying these practises have 
been thoroughly discussed in previous papers.* The 
distinguishing feature of these coils that is of interest 
in connection with the present subject is the type of 
magnetic material used in their cores, namely, com¬ 
pressed powdered iron. The iron used for this purpose 
is electrol 3 dically deposited in such a manner as to be 
readily reducible to a fine powder. This powder, 
after its particles have been coated with a suitable 
insulating film, is formed, under high pressure, into 
rings of approximately rectangular cross-section. One 
or more of these rings may be used to form a complete 
toroidal core, in the manner shown in Fig. 1. The 
method of manufacture and the properties of'sueh com¬ 
pressed, powdered iron cores were described by Buckner 
Speed and G. W. Elmen“ in a paper presented.before 
the Institute in 1921. 

Some years ago a nickel-iron alloy, particularly 
valuable for its magnetic properties, was developed.’ 
This alloy, known as permalloy, was described by 
Arnold and Elmen® in 1923. Permalloy is especially 

1. Bell Telephone Laboratories, Inc. 

2. Westem Electric Company, Inc. 

3. Wave Transmission over Norv-Uniform Cables and Long 
Distance jlir Lines, M. I. Pupin, Trans. A. I. E. E., Vol. 17, 
1900, p. 445. 

4. Commercial Loading of Telephone Circuits in the Bell 
System, B. Gherardi, Thans. A. I. E. B., Vol. 30,1911, p. 1743. 

6. Development and Application of Loading for Telephone 
Circuits, Thomas Shaw and William Pondiller, Trans. A.I.B.E., 
Vol. 4.5,1926, p. 268. 

6. Magnetic Properties of Compressed Powdered Iron, Buckner 
Speed and G. W. Elmen, Trans. A. I. E. B., Vol. 40,1921, p. 696. 

7. U. S. Patent 1586884, Juno 1,1926, G. W. Elmen. 

8. “Permalloy, An Alloy of Remarkable Magnetic Prop¬ 
erties,’’ H. D. Arnold and G. W. Elmen, Jl. of the Franklin 
Institute, Vol. 195, No. 5,1923. 

Presented at the Winter Convention of the A. I. B. E., New York, 
N. Y., February 13-17,1938. 


adapted to many uses in the realm of commimication, 
on account of the fact that its permeability at low fields 
is many times higher than for any other known, mag¬ 
netic material. Until recently this material has, 
however, been fabricated only in the form of ductile 
sheets that could be blanked to various shapes for use 
in such telephone apparatus as relays and transformers, 
or in the form of wire or tape that could be applied to 
the continuous loading of submarine telegraph cables. 

On account of the low hysteresis loss that is char- 
acterotic of permalloy, its application to the cores of 
loading coils seemed desirable. In the sheet or tape 
form, the material is not particularly adapted to this 
purpose. As was discussed in the Speed-Elmen paper,® 



Fig. 1—CoMPMsssRD Powdered Ikon Core Loading Coil 

such cores must meet the following rather severe electri¬ 
cal and magnetic requirements: 

1. The permeability must remain constant over the 
range of magnetic induction corresponding to the 
normal range of telephone currents, and it must always 
return to very nearly its original value after the ap¬ 
plication of large magnetizing forces. 

2. Modulation effects caused by hysteresis must be 
small. 

3. The total of the h3rsteresis and eddy-current 
losses must be low. 

To satisfy these requirements it is necessary to have 
the cores operate at low magnetic inductions, a con¬ 
dition which is most readily fulfilled by the use of 
compressed powdered materials. This type of core 
affords, in addition, an economical means of obtaining 
the fine subdivision required to keep eddy-current 
losses at a minimum. Early attention was directed 


429 


28-28 







430 


SHACKBLTON AND BARBER: COMPRESSED POWDERED PERMALLOY Transactions A. I. E. E. 


toward the possibility of fabricating permalloy into 
a powd^, and of insulating and forming this powder^ 
undCT high pressure, into core parts.* Many difficult 
problems have been encountered in this work; and it 
was only after a large amount of experimental develop- 
r^nt that the method now in use for commercially 
attaimng this end was evolved. The present paper 
d^cribes tins method and discusses the important, 
characteristic properties of such compressed, powdered 
permalloy cores. 

Manufacture 

Manufacture of PermaMoy Powder. The first part 
of the problem, to develop a method for economically 
manufactunng on a large scale the fine alloy powder 
was undertaken and solved by the engineers of the 



Fig. a—P hotomicrogkaph of Hot-Rolled Biuttlb 
Fermallot. Magnification Approximately 66 

Western Electric Co. Experiments were directed to 
the production of a brittle, grindable aUoy with par- 
ric^ reference to the effects of the melting practise 

^ working of the cast alloy ingot. 

This work, due largely to C. P. Beath and H. M. 
H^cke, has lead to the establishment of a melting 
^d rolhng prac^ by means of which the permalloy 
f ^ can be 

^ y broken by hand. Such brittle material is easfiy 
^ucible to a fine powder by means of a hammer mill! 
a baU imffi or attrition mill. Fig. 2 shows a photo- 
miOTo^a^ of a properly rolled slab. The fine crystals 
to L note^^"^"^ following the crystal boundaries are 

This method of producing permalloy powder has 
been a^phed. to nickel-iron aUoys ranging from 70 

foT S Perailoy, used 

for toe cores discussed in this paper, contains an- 

SSton per cent of nickel, as with such a com- 

poafaon the low hysteresis loss and high magnetic 

9. U. S. Patent 1523109, Jan. 13.1925, G. W. Elmen. 


Manufacture of Compressed Powdered Permalloy. 
Cores made from uninsulated permalloy powder have 
lugh eddy-cwent losses, thus making it necessary to 
msulate the inffividual particles before pressing. Early 
a^mpts at doing this were unsuccessful, partly due to 
the fact that the particles, hardened by the mechanical 
working m the baU miU, sheared through the thin film 
of enveloping insulation during the pressing operation. 
In order to reduce this shearing action it was found 
^vantageous to soften the powder by annealing it 
before insulatmg. This annealing also has a desirable 
effect upon the hysteresis loss. During the annealing 
operati^ the powder sinters together into a hard 
cake. This cake, however, is easily reducible to powder 
again by p^g it through a rotary crusher and an 
attrition miU. The resulting annealed powder is of a 
suvery white color and contains a wide variety of sizes 
0 parrides. Fig. S shows a characteristic distribution 
01 partide sizes in annealed permalloy powder. 

• P^t of the problem encountered, that of 

msulatmg the permalloy powder, was decidedly more 
comply than for compressed, powdered iron cores, as 
insulated powdered permalloy cores must withstand a 
h^t tteating operation in order to develop their 
tocter^tac properties. This is largely necessitated 
because of toe detrimental effects produced by the hieh 
pressure used in forming the core parts. As the 
t^perature of this heat-treating operation is above 
that at which the ingredients that would ordinarily 
be used for this purpose lose their insulating properties 
It was necessary to develop a radicaUy new kind of 



MESH OPENING-INCHES X 10^' 

Fig. 3—Distribution of Particle Sizes in Annealed 

WeToS^'oc Shows Proportion' by 

Graded According to Mesh 
Openings Differing by 0.001 in. Steps 

iw required 

that this iMulator be of extreme thinness in order to 

obtain m the compressed aggregate a specific gravity 

^mparable to that of the sohd metal; a corditio! 

attainment of useful permeability 

method employed makes use of several refractory 
materials, some of which are mixed dry, with the 
permalloy powder, and others then added in a water 
solutaon The amount of insulating material added is 
related so ^ to control within limits the permeability 
of the pressed cores. The mixing is done in a rotating 
barrel, shown m Fig. 4. This barrel is heated while it 
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revolves, and in the coui’se of mixing the volatile in- 
^edients are evaporated; and finally a brownish, 
insulated powder is obtained. In the development of 
methods of insulating the powder, and making cores 
suitable for loading coils, the work of J. W. Andrews, 
R. Gillis, and A. F. Bandur, of the Western Electric 
Co., may be particularly mentioned. 

The insulated, peimalloy powder is formed into cores 



Fig. 4— DntiM for Insulating Permalloy Powder 

by pressing it in steel dies at approximately 200,000 lb. 
per sq. in. Fig. 5 shows the effect of forming pressure 
upon permeability. For performing this operation the 
improved press shown in Fig. 6 has been developed. 



Fig. 5—Effect of Forming Pressure on Pbrmrarility op 
Compressed, Powdered Permalloy 

This press is equipped with a pneumatic-cushion base 
so that, when the pressure builds up to the desired value, 
it is automatically relieved. On account of this 
construction the press is more rapid and economical in 
operation than the steam-hydraulic press mentioned 
in the Speed-Elmen paper, and gives a more uniform 
product. The various pressures required by different 
sizes of cores are attained by the proper setting of a 
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release valve. The press can be calibrated by the 
use of a Crosby Indicator that records the pressure 
throughout the whole pressing cycle, as an ordinary 
gage, is not able to follow this fast cyclic change. 

It has been mentioned that it is necessary to anneal 



Pic. 6—High-Spbei) Automatic Release Press 

the compressed powdered permalloy cores. This 
heat-treating operation also serves to increase the 
mechanical strength of the pressed cores. It is neces¬ 
sary to control the time and temperature of this anneal 
rather closely, as annealing at too high a temperature or 
for too long a time will break down the insulator; 



Fig. 7—^Annealing Furnace 


and annealing at too low a temperature will not develop 
the desired low hysteresis loss. This requires that tiie 
core parts be brought up to annealing temperature at a 
rapid rate, and when large charges are annealed the 
temperature must be uniform. In present commercial 
practise this annealing is conducted by inserting the 
core rings in the type of furnace shown in Fig. 7. 

The heat-treated, compressed powdered permalloy 
cores contain a small amount of water-soluble matter 
which is accordingly removed by an extraction process. 
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After this operation, the cores are vacuum-dried and 
covered with a thin coating of shellac. The vacuum¬ 
drying operation is performed in the same tank that is 
used for extracting the soluble matter, in order to avoid 
an extra handling operation. Fig. 8 shows the equip¬ 
ment used for this purpose. 


siderable range without having significant effect on the 
magnetic properties. Typical values are from 1 to 20 
ohm-cent. It is found that a resistivity below this 
range is an indication of incomplete insulation of the 
particles, and of higher than normal eddy-current 
losses. 


From the above general description it can be seen 
that while the process of manufacture of compressed, 
powdered permalloy cores is in some respects similar 
to the method of manufacture of compressed, powdered 
iron cores, in many respects the processes are very 



Pig. 8—^Washing and Dbyixg Tajmkb 


different. In order to ensure a satisfactory product 
it is necessary to control closely the manufacturing 
variables at all stages of the process. The brittleness 
of the rolled alloy and grain-size of the powder depend 
upon the melting and hot-rolling conditions that are 
used, and this grain-size, in turn, has an effect upon the 
eddy-current losses. The amount of insulator used 
and the purity of the insulating ingredients also greatly 
affect the permeability of the core. The hysteresis 
loss is vitally dependent upon the annealing cycle 
applied to the formed core parts. The effects of manu¬ 
facturing variables have, however, been extensively 
explored. As a consequence, it is possible, by the 
exercise of careful control, to manufacture a product 
having well-defined characteristic properties, such as 
described below. 

Properties op Compressed, Powdered Permalloy 
Specific Gravity, As noted, the relative proportion 
of powdered aUoy and of insulating material is varied 
in the control of the volume permeability. Within 
the limits generally found necessary for this purpose, 
the specific gravity varies from 7.8 to 8.3. These 


Permeability. This property is of prime importance 
in a material for use in loading-coil cores. The function 
of the loading coil is to add a specific amount of induc¬ 
tance to the telephone circuit at each of the periodic 
points at which these coils are inserted serially into 
the line. In the ideal case, the inductance, so added, 
would be perfectly constant under all conditions of 
service, and the coils used for the purpose would intro¬ 
duce no additional losses into the circuit. In practise, 
of course, these ideal characteristics are only approxi¬ 
mately realized. Each coil necessarily adds the d-c. 
resistance of its windings to that of the circuit. Power 
losses in the magnetic material of the core contribute 
an added resistance factor. The constancy of the core 
permeability under the conditions of normal operation 
and of service hazards limits the inductance constancy 
of the coil. At a given cost for the loading, the magni¬ 
tude of the permeability defines the lowest winding 
resistance that can be obtained and, likewise, but more 
indirectly, the core-loss resistance. Prom the stand¬ 
point of obtaining coil vidndings of low d-c. resistance 
alone, the permeability should be as large as possible. 
However, it is a matter of experience, with magnetic 
materials now available, that high permeabilities are 



Pig. 9—Pehme Ability-Induction CHAnACTBiusTics of 
Compressed Powdered Permalloy and Grade B Com- 
PUBssKD Powdered Iron 


values may be compared with the value of 8.6 for 80-20 
Ni-Fe alloy in sheet form. 

Termle Strength. As is the case with powdered-iron 
core rings, the compressed-powdered permalloy rings 
are quite strong enough to satisfy all manufacturing 
proce^ requirements, relative to handling and to 
machine winding. Tests to rupture on individual 
rings give an average breaking point strength of 265 
lb. per sq. in. in tension. 

Resistivity, The resistivity, as measured by d-c. 
methods directly on the ring^, may vary over a con- 


not associated with high degrees of constancy nor with 
the lowest power losses. Consequently, a compromise 
giving the best balance between the conflicting factors 
must be sought. This usually leads to permeabilities 
of lower value than can be advantageously employed 
in other types of electrical apparatus. Fig. 9 shows 
a typical permeability-induction characteristic for 
both powdered permalloy and for Grade B powdered 
iron. The significant differences in favor of the 
new material are (1) its much larger initial value, being 
over tvsrice the value for the powdered iron (2) the wider 
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range of induction over which it is substantially con¬ 
stant, from 0 to 100 gausses as compared with 0 to 30 
gausses, (3) the smaller percentage change over a 
rather wide range of induction. For example, the 
maximum change from the initial value up to an in¬ 
duction of 4000 gausses is about 10 per cent as compared 
to 75 per cent for the powdered iron. The values 
exhibited by these curves are for typical samples. 
Differences of initial permeability between individual 
cores must be allowed for commercial manufacture. 
For the compressed powdered permalloy all cores have 
values between 69 to 81, allowing a maximum variation 
from the mean of about dt 8 per cent. Considering the 
varied nature of the processes through which the 
material for the cores, and finally the cores themselves, 
have to pass, in the course of which the permalloy is 
subjected to severe mechanical working and to large 
stresses (and the well-known sensitivity of permalloy 
in these respects), this tolerance is seen to be extremely 
close. In comparison, it may be noted that in other 
magnetic materials as ordinarily manufactured, varia¬ 
tions of rt 30 per cent in permeability are very common. 
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DC INDUCTION-KILOGAUSSES 


Fi«. 10—ItesiDiTAL Effect of T5-C. Induction on the Initial 

PEBMEAlirUTY OF COMPRESSED POWDEBBD PERMALLOY 


In the manufacture of the coils their inductances are 
still further controlled by adjustment of the windings. 

Loading coils are designed so that over the normal 
range of telephone-current values the induction in the 
coil cores due to these currents does not exceed the 
initial nearly horizontal portion of the permeability- 
induction curve of Fig. 9. Currents of much larger 
value may, however, result from induction or accidental 
connection to sources of d-c. or low frequency power; 
and it is a requirement that these service hazards shall 
not seriously alter the coil inductance. In this respect 
the portion of the curve at inductions above 600 gausses 
is of interest. An effect of more importance, however, 
than that shown by this curve is indicated in Fig. 10, 
which shows typical changes in initial permeability 
due to the residual effect of previous large inductions, 
both positive and negative. It will be noted that the 
change has a maximum value in the vicinity of an 
induction of 2500 gausses. The changes are, however, 
markedly small, the maximum departure from the 
initial point being less than 0.6 per cent. Having once 
been heavily magnetized the material acquires a new 
mean permeability, about 0.2 per cent higher than it 


had initially; and departures from this value do not 
normally exceed 0.3 per cent. 

Besides remaining constant with respect to the 
normally transmitted current, as well as to the effects 
of larger accidental currents, the loading coil must 
remain quite uniform in inductance over a wide range 
of frequencies. Voice-frequency circuits, having the 
highest cut-off frequency used at present for commercial 
service, require efficient operation up to about 6000 
cycles,'* Variations of inductance with frequency may 
result from the screening effect of eddy-currents in the 
core. Hysteresis losses, if large enough, will alsu cause 
the inductance (equivalent series value) to vary with 
frequency. The losses in the powdered permalloy 
cores are so small, however, that variations from these 
sources can be entirely neglected over the above range 
of frequency. In fact it is not until frequencies of the 
order of 100 kilocycles are reached that these effects 
begin to be significant. 

Core Losses. In the application of the material to 
specific designs it is necessary to loiow the relation 
between the core losses, frequency, and value of the 
operating induction, or flux density. For the purpose 
of studying these relations the equation: 

W = + yvpB^- (1) 

is a useful starting point. However, as the matter of 
final interest is the equivalent series resistance of the 
coil, it is convenient to reduce the above equation to 
the following form: 

Rt 

-jj- = Sir 1 )/fji B*"" + St fi yjK (2)'-' 

The symbols in these equations have the following 
significance: 

W = power loss in ergs per sec. 
ri = hysteresis coefficient, 

V = core volume in cm.* 

/ = frequency in cycles, 

B = maximum flux density. 

7 = eddy-current coefficient. 

Rt = equivalent series resistance due to core loss. 

L - inductance of coil in henrys. 
fi = permeability 
X = hysteresis exponent. 

The first terms of the right-hand members of the two 
equations give, respectively, the hysteresis loss and the 
equivalent series resistance caused by it, and the second, 
the eddy-current loss and its equivalent series resistance. 
Considering the latter it is evident that the effective 
resistance due to eddy-current losses is independent of 
the operating induction; that is, a coil of given in¬ 
ductance having a constant permeability core will have 
the same resistance due to eddy-current loss, regardless 
of whether it is made small or large. This, especially 

10. Shaw-Fondiller. Loc. dL 

11, For the derivatioa of this equation reference is made to 
Speed-Elmen, Loc. dt . 
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for the higher frequencies where the eddy-current losses 
may predominate, is a serious limitjition to the design 
of high-efficiency coils. The factor 8 tt /i 7 is a con¬ 
stant for the material that defines its quality from the 
eddy-current loss standpoint. To insure low eddy- 
current losses, it is necessary to make this factor 
relatively small. In the case of the powdered permalloy 
this is accomplished not only by reducing the eddy- 
current coefficient 7 by the use of insulated finely 
ground particles, but also by limiting the working 
permeability of the compressed core. Table I-A lists 


TABLE I 

MAGNETIC PROPERTIES OP COMPRESSED-POWDER CORES 
AT LOW INDUCTIONS 


A. Permcabilily and Eddy-Current Coefficient 


Permalloy 

Grade B iron 

Permeability— y. (mean).... 

75 

35 

Eddy-cmrent coefficient— y .. 

.. . 0.0021 X 10-'* 

0.0035 X 10-“ 

Product— fi , T. 

0.16 X 10-“ 

0.123 X 10-« 

B, 

Hysteresis Loss 



Loss, ergs par cm.* per cycle 

Induction 

Permalloy 

Iron (see note) 

1 Gau.ss. 

0.017 X 10-^ 

0.064 X 10 

2 “ . 

0.08 

0.33 

5 ” . 

0.64 

3.5 

0 « . 

3.7 

23.8 

*5 « . 

10.7 

75.5 

5M) “ . 

23.5 

172 

30 " . 

72 



Note: Hysteresis loss values for the powdered iroa are about 8 per cent 
lower than those given by Speed and JSlmen; this reduction being due to a 
small improvement made in the G-rade B material subsequent to the 
publication of the Speed-Elmen paper. 

averages values of eddy-current coefficients and the 
product fi 7 for the powdered permalloy and for 
grade B powdered iron. The coefficient for the per¬ 
malloy material is nearly 60 per cent less than that of 
the powdered iron, in consequence of which the product 

7 is only 38 per cent larger—even though the per¬ 
meability is more than doubled. 

Table 1-B gives data showing the hysteresis loss 
in ergs per cu. cm., per cycle, for a typical range of 
flux densities. These data are plotted in Fig. 11 . On 
account of the large ratios represented, logarithmic 
scales are used so as to open up the plot at the lower 
values. The curves show a slight departure from 
linearity, indicating that the hysteresis exponent X 
is not a constant even for the small inductions repre¬ 
sented. The curves for the two materials are, however, 
nearly parallel showing them to have at each point 
about the same exponent. The outstanding difference 
is the large displacement between them. For a given 
hystra^sis loss powdered permalloy is capable of opera¬ 
tion at much higher densities. 

The factor ijB* of the hysteresis term of the loss 
equation evidently is the loss per cubic centimeter, 
per cycle. Hence, dividing the latter by B* there is 
obtained the variable part of the corresponding term 
of the equivalent resistance equation, that is 
Such values multiplied by the mean permeability are 


plotted in Fig. 12. The ordinates of these curyes 
multiplied by the factor Sirf give the hysteresis loss 
resistance in ohms per heiu-y for the frequency and flux 
density desired. Here the outstanding superiority of 
the powdered permalloy is more clearly evident, the 
ratio of resistances due to hysteresis losses mounting 
very rapidly with increasing density. 

These curves show at a glance the density at which 



Fig. 11 —^Hysteresis Loss Characteristics op Com¬ 
pressed Powdered Permalloy and Grade B Compressed 
Powdered Iron 



Hysteresis Loss Resistance Factor, R*-2 x u, for Com¬ 
pressed Powdered Permalloy and Compressed Powdered 
Iron 

hystwesis loss resistances are equal. Of course, it is 
often more important.to have the total core loss resis¬ 
tances equal at a particular frequency. Since the eddy- 
current reastances are, as previously mentioned, con¬ 
stant with respect to flux density, it follows that their 
difference is also constant. Hence, a curve drawn 
parallel to, and displaced from, the hysteresis loss curve 
along the loss axis to an amount proportional to this 
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difference gives the densities at which total core-loss 
r^istances are equal. Such a curve is included in 
Fig. 12 for a frequency of 3000 cycles, this being slightly 
above the maximum frequency which certain powdered- 
iron core loading coils were designed to transmit 
efficiently.'2 

It is interesting to note here the reduction in core 
volume that can be effected by the substitution of the 
powdered permalloy for the previously standard 



Fio. 13 —Right—Compressed, Powdered Pebmaldoy and 
Compressed, Powdered Iron Core Loading Coils of Equal 
Efficiencies. Left—Cores Used in these Coils 
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TELEGRAPH CURRENT-AMPERES ^ TELEGRAPH CURRENT-AMPERES 



That is, for a given inductance, core volume is pro¬ 
portional to permeability and inversely proportional to 
the flux density squared. 

A largely used toll cable circuit loading coil of the 
compressed powdered iron core type operates at an 
average flux density of 6.6 and the cut-off frequency of 
the. circuit is about 3000 cycles. From Fig. 12, the 
flux density for a permalloy-core coil to have the 
core loss resistance at this frequency would be 19; 
hence- the core volume of the latter would be 

75 /5.6\* 

3 g X ^ ig j = 0.187 times that of the former, a ratio of 

about 1 to 5. On the other hand, the lower h3^teresis 
loss characteristics of the permalloy material may, with- 



Fia. 15 —Teleoraph FiiUttbr Effects in Coils Having 
Cores of Compressed Powdered Permalloy and Com* 
PRESSED Powdered Iron 


Fig. 14—Relation between Current and Third Har¬ 
monic Modulation Product for Coils having Cores op 
Compressed Powdered Permalloy and Compressed 
Powdered Iron 


powdered iron, equal or higher efficiency as to core 
loss resistance being obtained. Assume a toroidal 
core of uniform CToss-sectional area A and of mean 
circumference I, wound with N turns of wire. 


, 4 7rAf2AM„. lOZL 

Since L = approx. (3) 


B = 


At NI n 
10 Z 


( 4 ) 


A T uLP 

Combining (3) and (4) 

4 'TT Lt L jRT LI 

Substituting V for I A, 


out increase in cost, be utilized to give coils of higher 
quality not only in respect to effective resistance, 
but also in respect to their tendency to produce 
“flutter”*’ when used in circuits having joint telephone 
and telegraph service, and to introduce inter-chan¬ 
nel modulation in multi-frequency carrier telegraph 
systems. For the initial application of this material 
to commercial use, an intermediate course is being 
followed; that is, coils both lower in cost and better 
in quality in all of these respects have been developed. 
For the two main types of facility required, core volumes 
have been decreased by 70 per cent in one case and by 
86 per cent in the other. Fig. 13 illustrates the larger 
of these reductions in core and coil sizes. Combined 
with these reductions in size, and consequent savings in 
cost, there are appreciable improvements in effective 
resistance and also, as noted below, in flutter and 
modulation. 

Mcdubiion Effects. Under this heading are included 

13. Hysteresis Effects with Varying Superposed Magnetizing 
ForceSf W. Pondiller and W. H. Martin, Trans. A. L E. B*, VoL 
40,1921, p. 443. 


12. See Table X, Sbaw-Pondiller, Loc. eit. 
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the effects mentioned above as telegraph flutter and 
also what is more commonly recognized as a modulation 
effect, namely the production of harmonic electro¬ 
motive forces by a varying flux of fundamental fre¬ 
quency. As these effects are closely associated with 
hysteresis characteristics it would be expected, from the 
general data previously given, that the permalloy 
material would he decidedly superior to the powdered- 
iron material. In view of the dependence of hysteresis 
loss on the working flux density, as shown by Fig. 11, 
it is clear that the specific results obtained can be con¬ 
trolled by design. For a more definite comparison 
therefore Fig. 14 is shown, giving the relation between 
the line current of fundamental frequency and the 
induced, third harmonic voltage for two standard de¬ 
signs of loading coils, one having a powdered-iron and 
the other a powdered-permalloy core. A reduction of 
from ,30 to 40 per cent in the third harmonic product is 
obtained by the use of the permalloy core even though 
it has only 30 per cent of the volume of the iron core 
and is operated at about 3 times the flux density. Fig. 
15 shows the relation between telegraph current and 
peak values of inductance and effective resistance 
ineranfflits occurring in the speech-frequency circuit 
in each cycle of the telegraph current for the same coils. 
Again marked improvement is effected through the use 
of the permalloy material. 


adaptable to economical, large-scale production and at 
the same time can be controlled so as to insure a highly 
uniform product meeting the stringent requirements for 
a loading-coil core material imposed by recent long¬ 
distance telephone circuit developments. 


Discussion 

F, B. Jewett: The commercial use oF perJiialloy-dusl-fMiro 
loading coils as successors to iron-dust loading coils, which in 
turn were improvements over and successors to tlu' earlier lypo.<; 
of iron-wire-core coils, has brought about a nmubor of v'ery 
important improvements which have not been particularly 
stressed in the paper, which is primarily concerned with a 
description of the manufacturing features and physical character¬ 
istics of the new core material. 1 should like to draw att.<m(.itjn 
to two of these important service features, one of whicdi atT<>et,s 
the local distributing plant in our larger cities, and the other 
our very long loaded cables such as those connecting New York, 
Chicago, and St. Louis. 

In the local distributing plant, one of the principal advanlagi^s 
of permalloy-dust loading coils is in their very small siz<«, which 
permits much smaller cases to be used for potting a givcin number 
of coils and allows a much larger number of coils to be potted in 
the largest cases, thus resulting in a great, eonsorvat ion of spaci* 
in the underground loading vaults. It is a forini<labIo job to 
tear up city streets and to put in new structures, A larg<^ t)art 
of the underground construction in a city like Now York U more 
or less permanently placed. There is a duet syst.om, whi<ih wa.s 
placed in past years, to amplify which would require th(‘ ofXMiing 
of the streets and the laying of new ducts. 


Summary 

An improved, magnetic material eminently suited 
for use at audio frequencies, for example, in the cores of 
loading coils, has been described. Its permeability 
at low inductions is of sufliciently high value to permit 
the design of small coils with relatively low-resistance 
windings, and is constant to a marked degree under all 
conditions of service. Its eddy-current and hysteresis 
losses ^e much smaller than those of any other magnetic 
material of comparable constancy of permeability. 
These characteristics have made possible the develop¬ 
ment of new loading coils for exchange area and toll 
cable loading of about 1/5 and 1/3 the size respectively 
of former coils, not only with no sacrifice as to quality 
but, actually, with very appreciable improvements 
m transmission efficiency, inductance stability, and 
modulation. 

Despite the high cost of nickel as compared with 
iron and the relatively large proportion of it used in the 
permalloy, the reduction in coil sizes results in large 
savings in manufacturing and installation costs. It 
would not be possible, of course, to effect these savings 
were it not for the fact that the net cost of manufactur- 
mg the cores is sufficiently low, A method that 
aecomphshes this result has been described. In the 
development of this method difficult technical problems 
involved in powdering the permalloy, and in insulating 
the powder, so that subsequent high-pressure forming 
^d high-temperature heat-treating operations could 
be apphed have been solved. The processes are 


^-- M,j.o uodU. AU. UlU bliort) ciro, 111 UUdW 

tion to the duets, man-holes, called loading vaults, designed to 
house the pots containing the loading coils. In many places, a 
few years ago, we were potentially confronted with an early 
necessity for materially enlarging lhase housings, cil her l>y tlie 
building of more and still larger vaults under the (dty stresHs or 
by going off the city streets onto private property. Wil li the 
coming of the permalloy coil and its small dimensions, and the 
smaller potting space required per coil, wo find it possitile to 
place a considerably greater quantity of coils in. tlio existing 
structures, and so not only obviate the cost of making idianges 
but also the great ineonvenienoe to street traffic. In the largo 
inetropolitan areas, therefore, with their great ouiigostiMn of 
oueuits, running up to tens of thousands or more along the main 
routes, we have an advantage which is even more im iiortan 11 han 
the cost saving of the coils themselves. 

The other feature which concerns long-distance service is 
mt^stmg because it is part of a progressive ctiange in the tvpo 
of lane which we use. 

In the early days, the telephone plant was on t-Iio siaiglts-wlrt* 
ground-return basis. That had to be abandoned in favor of the 
all-meMic or two-wire circuit, partly for telephone reasons and 
partly because of inductive interference troubles which followod 
the great growth of power and light oirouits. For many years 
our whole telephone engineering was based on the assii'mption 
of a two-wire form of communication line. Witli the coming of 
amphfymg devices, the so-called telephone repeaters, and the 
^tension of these long circuits to very groat distances, there was 
mteoduced a form of line known as the foup-wire circuit. We 
had gone from one to two wires, for a circuit, and wo were 
proposing to go from two to four, in which one pair of wires served 

west-bound conversation, and the other pair 
the east-bound conversation. ^ 

It IS not the time and place here to go into the technical dls- 
aon of why that was the desirable thing to do, beyond tin* 
s^ment that it resulted in a more flexible and more Icilnt 
plant to separate the ordinary two-wire local circuit at one end 
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iato a four-wire toll circuit, and at the distant end to recombine 
it again into a two-wire circuit. This made possible the use in 
each of the four-wire circuits of one-way repeaters having a very 
high amplification. With the four-wire circuit, roughly speak¬ 
ing, the same amount of copper for a given distance is involved 
in a telephone cable as with the two-wire circuit. For instance, 
over a given distance with a two-wire circuit we use 16-gage 
copper, while on the four-wire circuit we use 19-gage copper 
wire—exactly the same amount but drawn into four instead of 
two wires. Since, Avith cable, the cost is largely made up of 
material values, the copper aiid paper and the lead encasing 
sheath, the inherent cost of the four-wire against the two-wire 
circuit is nearly the same, but when you begin to add loading 
coils on these very long circuits you are adding something to the 
material cost of the cable itself, which is not an inconsiderable 
part of the total cost. So with the higher priced loading coils, 
despite the other advantages of the four-wire circuit, there was a 
tendency to restrict its use to conserve cost, because of the load¬ 
ing coils themselves. But wit.h the introduction of the per¬ 
malloy-dust-core coils, Avhich are not only much smaller bul. 
considerably cheaper, there is introduced a factor which makes it 
possible for us on lf)ng telephone cable circuits to go further in 
using the four-wire typo of structure. 

Bancroft Gherardi: In round figures, today, we have in our 
plant 3,000,000 loading coils. That is to say, for every 6 tele¬ 
phone instruments eouneeted with the Bell System, there is one 
loading coil, and we are adding to that number at the rate of 
about 700,000 a year, the same rate with which we are adding 
telephone stations connected with the system. 8o it is evident 
that the loading coil, not only in the results which it produces 
but in the numbers used, is a factor of major importance in om* 
plant. 

B. A. Behrend: It will be interesting to I'eoall the first 
of the use of poAvdered iron for increasing the induc¬ 
tance of a. telephone or telegraph circuit without materially 
increasing 1.he resistance. In his *‘Electrical Papers,” vol. II, p. 
123, 1902, Oliver Heaviside makes this statement: “One way is 

with my non-conducting iron.an insulator impregnated 

with plenty of iron dust.” Further references occur on p. 275 
in the same work Avhere Heaviside states that ho “rolls the 
resulting compound, when in a slightly yielding state, under 
considerable pressure, into the form of solid round cylinders.” 
In “Eleclromagne!ic Theory” vol. T, p. 443, he suggests again 
“loading the dielectric it.self with finely-divided iron” and he 
calls this his “ironic” circuit. This reference occurs within a 
page of the famous suggestion of using “inductance in isolated 
lumps” for loading cables or circuits though there appeals no 
suggestion that the cores of these loading coils should be made 
of this powdered iron. With the increasing appreciation of the 


theoretical work of Heaviside’s this historical reference may be 
of interest. 

Wm. Fondiller: There are one or two points that are men¬ 
tioned in the paper that I want to emphasize, because I think 
that thej'^ are rather important. 

First is the matter of the higher permeability of the powdered- 
permalloy cores as compared with the powdered-iron cores. 
You can get high permeability, by suitable heat treatment of any 
magnetic material, but unless at the same time you can keep 
doAvn the losses in the case of loading coils that increase in 
permeability is of no avail. The fact that it has been possible 
Avith powdered permalloy to more than double tlie permeability 
that Avas available with powdered iron, marks a really important 
accomplishment, particiilaidy when it is coupled with extremely 
high magnetic stability. The magnetic stability is eAddeneed 
by the fact that up to an induction of R — 100, the permeability 
is almost absolutely constant, a performance not attained Avith 
any other magnetic material. It is particularly striking in vieAV 
of the seemingly anomalous fact that in sheet permalloy you get 
enormous changes in reduction with small changes in value of H. 
The flat characteristic of the powdered-permalloy cores is due to 
the beneficent effect of numerous air gaps introduced by the 
core design. 

It is also significant that with a core with 80 per cent nickel in 
it, a material which costs over ten times that of iron, in ingot 
form, it has been possible to produce loading coils having better 
properties at a lower cost, by virtue of a great reduction in the 
amount of core material and copper windings. 

I want to mention one other thing of interest. The powdered 
permalloy core has practically the composition, that is, between 
80 and 81 per cpnt nickel, that was pointed out by Dr. McKeehan 
to be the alloy which would haA'^e zero magneto striotion. To 
this fact Dr. McKeehan attributed the extremely low hysteresis 
loss of permalloy. 

Eugene Herzogs Can this same tj^pe of material be extended 
to uses in other electrical apparatus? I see from Fig. 9 that the 
permeability of t.his material has an induction of about 2000 and 
from there drops off very rapidly, and as in most power apparatus 
a much higher induction is used, I ahnuld like to ask the authors 
Avhether they have made any attempt to develop a material 
Avhich could be used successfully at a higher induction. 

W. J. Shackelton: In response to the last question, I will 
say that we have not made any particular attempt as yet to apply 
this material to other fields than the telephone field. The fact 
that its permeability over a wide range of induction is low as 
compared to the values ordinarily used in power apparatus would 
lead me to believe that, its chance for application in this field 
Avon Id he rather small. Where its permeability is not a limita¬ 
tion, however, it can ho used oven at fairly high inductions. 
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Synopaia.—This paper shows that humidity affects considerably were made on pin-type insulators and on rods. The results show 
the flashover voltages of porcelain and Pyrex insulators. The that this rising characteristic is a surface effect which varies with the 
flashover potential rises os the humidity is increased. The tests absolute water content of the surrounding atmosphere. 


Introduction 

T is probably generally recognized that the humidity 
or water content of the atmosphere has some effect 
on the flashover potential of insulators. The 
A. I. E. E. speciflcations for testing insulators' state 
that relative humidity measurements should be taken 
at the time of the test and recorded as part of the data. 
No correction factor for tins condition has been worked 
out, however, and little seems to be known as to the 
quantitative effect of humidity changes. It seems to 
be a general belief that an increase in humidity leads 
to a decrease in flashover. Peek* has stated that 
humidity does not affect the flashover potential of 
sphere-gaps. Schwaiger® has given data on porcelain 
and glass rods in uniform tangential fields, showing a 
lowering of flashover potential with increase of 
humidity, and curves showing an increase in flashover 
potential on large insulators and constant flashover 
potential on small insulators with increase of hmnidity. 
Accordingly, it seemed worth while to determine the 
quantitative relationship between humidity and flash- 
over potential on different t 3 q)es of insulators and 
insulators made of different materials, and, if possible, 
to work out a correction for this condition. 

While the work on this problem has not been com¬ 
pleted, inasmuch as no correction factor has been 
completed, it is believed that the measurements 
obtained are of sufficient value and interest to Justify 
their presentation. 

Experiments 

The electrical equipment consisted of a 150-kv-a., 
center-grounded, 60-cycle transformer with maximum 
voltage of 300 kv., controlled by an induction regulator. 
Flashover voltages were measured in either of two 
ways; (1) by a voltmeter previously calibrated with a 
sphere-gap, or (2), directly by the sphere-gap in parallel 
with the insulator with suitable high resistances on 
e^ side of the gap to prevent errors due to oscilla¬ 
tions from the insulator imder test. 

TtTie insulators were mounted and the tests conducted 
as nearly as possible according to the A. I. E. E. speci¬ 
fications for testing insulators.* The tests were made 

*Boiih 'ivititi the Corning Glass Works, Coming, N. Y. 

1. For all references see bibliography. 

Presents at the Winter ConverUion of the A. I. E. E. 
New York, N. Y., Peb. lS-17,1SS8. 


in a wooden box 6 ft. square and 5 ft. high with a 
hinged cover, all lined with waterproof paper. These 
dimensions gave less than the standard clearance for 
the insulator mounting so that in this respect the tests 
were not made according to the standard specifications. 
This condition did not noticeably affect the results, as 
measurements made in the box agreed with those taken 
in the room for comparison. The iron pipe holding the 
insulator pin ran diagonally through the box and pro¬ 
jected through the walls so that the one lead was 
connected to it on the outside. The other lead to the 
half-inch brass rod tied in the line groove was insulated 



Fig. 1—^Pyebx Insulators used in Tests 



Fig. 2—^Porcelain Insulators Tested 


from the chamber wall by a large bell shaped pyrex 
insulator. 

The humidity in the test chamber was controlled by 
the introduction of dry steam circulated throughout the 
box by a fan. Because of small leaks it was found 
necessary to introduce steam continuously in ordCT to 
maintain a given humidity. Humidity measurements 
were made by means of a dry and wet bulb hygrometer 
suspended in the current of air from the fan, just inside 
a window through which the readings were taken. 
These results were converted to absolute humidity by 
means of the data given in the P^chrometric and 
Smithsonian tables.® 

The experimental procedure was as follows; the 
insulator was moimted on the pin in the test chamber 
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and a standard dry flashover test made with the natural 
humidity of the atmosphere. Steam was then intro¬ 
duced in the chamber and the humidity thereby in¬ 
creased and maintained at a constant value for 16 Twin, 
A second flashover test w^ then made and the cycle 
repeated. If it were desir^ to decrease the humidity 



Pig. 3—Variation op Flashover Potential with Humiditv, 
ON Pyrex Insulators 



Pio. 4—V ARiATiON OP Flashover Potential with Humidity, 
ON Porcelain Insulators 

after it had reached a point near saturation the cover of 
the box was raised and fresh air admitted. So far as 
possible, a given series of tests was made at a constant 
temperature, but on account of the steam used in the 
test, the temperature slowly increased, in an extreme 
case changing by as much as 4.5 deg. cent. However, 
temperature and pressure as well as relative humidity 
were recorded for each test and a correction applied to 


reduce the values to those for 25 deg. cent, and 760- 
mm, pressure.* 

Measurements were made upon different types of 
Pyrex pin-type insulators (see Fig. 1) and upon porce¬ 
lain pin-type insulators, (Fig. 2), varying from 16- to 
44-kv. rating. Tests were also made on the effect of 
humidity on the flashover potentials between No. 6 
copper wire electrodes wrapped around Pyrex rods of 
various diameter?, juid at various spacinp. In addi¬ 
tion, in order to determine whether or not the phenome¬ 
non was merely due to the humidity effect on the 
electrodes, measurements were made on the flashover 
potentials between a one-inch steel bar bent in the 
shape of a hook, and a loop of No. 8 copper wire, as well 
as between two loops of No. 6 copper wire. 

Results 

Fip. 3 and 4 show the results of a series of tests on 



Pig. 5 —V ariation op Flashover Potential with Humidity, 
ON Pyrex Rod, 0.9 In. in Diameter 

the different Pyrex insulators and porcelain insulators, 
reflectively. In every case there was a marked in¬ 
crease in the flashover potential when the humidity was 
increased. These curves do not show the TTfiaYimiim 
variations that have been observed, as considerably 
greater variations are possible when the experiments 
are made at a higher temperature, the maximum possi¬ 
ble water vapor content in that case being much greater. 
In general it was found possible to increase the flashover 
potential of both Pyrex insulators and porcelain insu¬ 
lators about 30 per cent over the value at a low 
humidity. 

The results of some of the experiments on Pyrex 
rods are riiown graphically in Fig. 6 and again, increased 
humidity caused increased fladiover potential. The 
results shown were obtained with a rod 0.9 in. in diam¬ 
eter and with the spacings between the electrodes as 
indicated on the graphs. 

Fig. 6 shows the results of the mieasurements on the 
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flashover potentials between the loop of No. 8 copper 
wire and the one-inch steel rod bent in the form of a 
hook and between the two loops of No. 6 wire. In the 
first case, they were spaced so as to give a flashover 
potential about the same as that of a 44-kv, insulator; 
and in the case of the loops of No. 6 wire, the spacing 
was the same as when they were wrapped around a 
pyrex rod. From the slopes of these curves, it is quite 
evident that the humidity effect on the flashover poten¬ 
tial of an insulator and of a Pyrex rod cannot be 
attributed to any effect on the electrodes. 

Discussion and Conclusions 
As mentioned above, the curves show humidity values 
expressed in absolute units, since such units bring the 
measurements taken under different temperature and 
pressure conditions more nearly in agreement with 
each other than do those of relative humidity. 
Schwaiger^ shows data plotted on a relative humidity 
basis which also come out as a straight line relation if 
temperature and pressure are kept constant, but in 
order to correlate data made at different temperatures, 



Fig. 6—Flashover Potential between Metal Wires and 
BETWEEN Hook and Wire 

Above, two Joops of No. 8 copper wire, 14 in. apart. 

Below, a l-!n. steel loop and a No. 8 copper wire, 13 to, apart 

or to work out a correction factor, it is necessary to use 
absolute humidities. In addition be shows that in the 
neighborhood of 100 per cent relative humidity the 
flyover potential falls very rapidly, this effect begin- 
^g at even 80 per cent humidity on certain insulators. 
This decrease in flashover potential was noted in our 
experiments at humidities above 90 per cent, but it is 

believed thatthis was duetocondensationontheinsulator 

surface, which could be avoided by having the insulator 
at the proper temperature. Schwaigeris results indi¬ 
cate no humidity effect on flashover potential with an 
insulator of approximately the same dry flashover 
potentid as (the Pyrex insulator No. 161 and the 16-kv. 
porcelain insulator. Our observations made on the 
latter insulators indicate a very definite effect and one 
whichisaJsoofconsiderablemagnitude. Weicher«investi- 
gated the effect of humidity on the flashover potential 


between points and 2-cm. spheres so spaced as to give a 
flashover potential approximately the same as indicated 
in Fig. 6, and found that the flashover potential increased 
with increasing relative humidity. This does not 
agree with our observations on the flashover potentials 
between the two loops of copper wire and between the 
copper wire and the pin in which no humidity effect was 
observed. 

The question as to whether the curves shown in 
Pigs. 3 and 4, which were obtained under more or less 
artificial conditions, actually represent the phenomena 
when observed under standard conditions, is perhaps 
best answered by a reference to the point A on the 
curve in Fig. 3 for the 40-kv. Pyrex insulator. This 
point was obtained from the average dry flashover 
values of five 40-kv. insulators of the same t 3 T)e as used 
in this test. The tests on the five insulators were made 
in the standard way outside the test box under low, 
absolute humidity conditions some months previous to 
the time when the other results shown were obtained. 
When correction is made for temperature and pressure, 
however, this value shows good agreement with the 
other results obtained in the special test box. As a 
further proof of this, the points marked P on the curves 
represent measurements taken under natural humidity 
conditions at Purdue University Electrical Engineering 
Laboratory. 

It is not proposed to advance at this time any theoret¬ 
ical explanation of the results obtained, as the data at 
hand are not sufficient to warrant the development of 
any very definite theory. The results given on the 
accompanying graphs show that the effect is a surface 
one which varies with the absolute water content of 
the surrounding atmosphere. Since this is true, it 
is not surprising that the results are similar for both 
Pyrex insulators and porcelain insulators, as in both cases 
the surface is of glass. It is perhaps worthy of note 
that the slopes for porcelain insulators are slightly 
steeper than those for Pyrex insulatorshaving approxi¬ 
mately the same flashover potential. This may be 
accounted for by the high chemical resistivity surface 
of Pyrex insulators. 

Regardless of the cause of the phenomenon, 
experiments have diown that humidity has a marked 
effect on the dry flashover potentials of pin-type insu¬ 
lators. It is further apparent that the large change 
occasioned by humidiiy has a direct effect on the rating 
of an in^tor. Extrapolation from the curve, to¬ 
gether with temperature and pressure corrections, 
shows that a No. 441 Pyrex insulator at 760-mm. pres¬ 
sure and 35 deg. cent, temperature would flash over at 
128 ky. with a 10 per cent relative humidity and at 193 
kv. with a 90 per cent relative humidity. 

Moreover, the apparent straight line relation be- 
^een flashover potential and absolute humidity makes 
It possible to adopt a correction factor for the humidity 
effwt on a given insulator, and to catalogue the dry 
flashover potential at a standard humidity as well as at 
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a standard temperature and pressure. Until a satis¬ 
factory theoretical correction factor or formula has been 
determined so that humidity corrections can thereby 
be made it is beb’eved that curves such as those given 
should be used as a measure of the standard dry flash- 
over value of an insulator rather than a measurement 
at one known humidity. 
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Discussion 

W. L« Lloyd* Jr. 8 (by letter) It has long been reeog’iiized 
that himiidity has aii effect upon the sparkover voltage of 
certain gaps and in.sulating membei*s. The effect varies with the 
type of gap or the type of iiistilator or bushing. The effect of 
humidity on the lu^edle-gap was shown in a paper bcjfore the 
A* 1. L. It. by F. W, Peek, Jr.^ The spark-over voltage increases 
witli the humidity. The sphere-gap on the other hand is ap¬ 
parently not affected by humidity; at least in the papers ref erred 
to above, tests iudieated that thcj effect, if any, is within the 
ordinary limits of accuracy for the sphere-gap so that no rson- 
nectiou is possible. 

For an insulator or bushing of the usual design an increase in 
humidity caus(‘s an increase in sparkover voltage. The effect, 
however, is ordinarily not of sufficient magnitude to be a fa( 5 tor 
in the insulation of a line or the number of flashovers on the line. 
The variations duo to liumidity are small compared with the 
difl’erenc<‘ Iwtween the ffashovor voltage and the operating 
voltage. Moreover, whore the laboratory tests ai'e made in a 
room that is not too damp, the variation from the laboratory 
test results will he in the direction of safety, L e,, towards a 
Jiighor sparkover voltage. In tests, to meet specifications, 
however, where the guaranteed sparkover is close to the actual 
sparkover of the insulator or bushing a few kv. may be a matter 
of acceptance or rejection of the product The effect of humidity 
then ]>ecomes of importance and it is necessary to know the 
liumidity (iorrection to be made. 

1 agree with tlie statement juade on the third page of the 
paper in that the correction curves are similar “for both Pyrex 
insulators and porcelain insulators as the surface is a glass in 
both cases,*’ but I am perplexed at the next two sentences. 

I have plotted the data given in Fig. 8 for porcelain on top of the 
data given in Fig. 2 for l^rex and I cannot notice any difference 
in the average slope of those curves. If any difference in the 
slopes were to be found I would attribute the difference to a 
difference in the design of the insulators rather than to a differ¬ 
ence in the materials or the chemical properties of the materials 

1. also F. W. Peek, Jr„ Dielectric Phenomena in High Voltage 
IStwineering, pp, 87-88, Fig. 93. 


since it is a fact, and a fact admitted by the authors, that the 
surface in hotlx cases is a glass. 

E. D. Eby, This subject of the effect of humidity upoa 
the are-over potential of insulators, and bushings, and gaps, is 
one of great importance to us from the standpoint of testing, 
because the variations encountered are such as to require a 
correction factor. And it seems strange that up to this time no 
serious attempt, apparently, has lioen made to collect sufficient 
data from which could bo derived a correction factor which could 
bo used for different classes of insulators. We need such correc¬ 
tion factor to harmonisse the results of our tests, and also to 
provide a basis for the rating of imsulators and bushings. As 
the aiitiiors have pointed out, the great variation in the arc-over 
potential is something which immediately affects the rating of 
the insulator. 

It isn’t so important that this matter should be investi¬ 
gated from the standpoint of operation of the insulators, because 
the 60-c^yele tests over tlie range of humidities which have been 
observed, do not seem to fall below the wet flashover of the 
insulator; that is, these so-called dry tests at different humidities 
aa'e always above the wet-fiashover value. Since the wet- 
flashover value is determined according to the rating of the 
insulator, the vaiiatioii in dry-flashover voltage due to humidity 
would not affect the choice of the insulator when that choice is 
made by the wet-fiasJiovor value. 

On the otlier hand, humidity does not affect the operation 
of llie insulator from the standpoint of impulse potential because 
the impulse flashover is essentially the same whether the insula¬ 
tor is dry or wet; at least that is true generally, not only of so- 
called insulators but of apparatus bushings as well. 



Voltage Bushing with Changes in Relative PTumidity 


We have long been aware that different gaps were affected 
differently by relative humidity in the atmosphere, and probably 
each different design of insulator, bushing, or gap has a character¬ 
istic of its own; but also those designs which are similar in nature 
probably could have assigned to them a correction factor which 
would be approximately oorroet for the group. And so it 
would be a practical thing to classify insulators and bushings 
and gaps, and assign to each class some correction factor which 
would be approximate for the group but nevertheless practical. 

Our observations in the past of the great variations in the 
flashover voltages of apparatus bushings, led us about two 
years ago to make some tests on apparatus bushings to discover 
what the effect of humidity might be. We built a box, similar 
to that of the authors, in which we were able to control the 
humidity. We did not, however, convert our results into 
absolute humidity but interpreted them in terms of relative 
humidity. We varied the relative humidity approximately 
from 40 to 100 per cent, and with a given design of bushing we 
found that in that range of relative humidity its flashover poten¬ 
tial varied from ISO 1^. at 40 per cent to 225 kv. maximum. 
We noticed that the maximum, in this series of tests, occurred 
between 90 and 95 per cent .relative humidity. 

Fig. 1 herewith shows the shape of that curve, which is some¬ 
what more complete than that given by the authors in their 
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paper. These tests were made on a number of different units, 
and were later confirmed by a large amount of data collected over 
the succeeding two years on specimen units which have been 
tested almost every day. This has been done not only at 
Kttsfield, but also at our Philadelphia works, and the two sets 
of data are remarkably in agreement. In fact they vary but 
little from each other. 

We found over this period of time that the range of relative 
humidities encoimtered in our testing departments at these 
two plants varied from about 30 per cent to 70 per cent, corre¬ 
sponding to the left-hand portion of the curve in Fig. 1, which is 
not quite a sti-aight line, but without the rest of the curve might 
easily have been thought to be a straight line. We found also 
in this range of humidities that the variation of voltage was 
about dz 9 per cent from the average, taking the average at 50 
per cent humidity, which was the average of the humidities 
encountered. 



Pig. 2—Seasonal Variation op Relative Humidity and 
Flashovbr Voltage op High-Voltage Bushings 

We found also a very interesting seasonal change in flashovor 
voltage of these specimen units, following almost identically the 
shape of the curve of the change of humidity with the seasons. 
Pig. 2 herewith is such a curve, representing both humidity and 
fiashover voltage of units. We observed that both the humidity 
and fiashover were maximum in August, or approximately that 
season, from July to September. The mmiT ninn humidities, and 
likewise the min i mu m arc-overs, were encountered in the month 
of January, or the December to February period. 

F. M. Clarks Concerning the effect of humidity on the arc- 
over values for pin-type insulators, the work which we have done 
in Pittsfield appears to be in agreement with the results de¬ 
scribed by the authors; that is, as the humidity increases—^we 
speak of it in terms of relative humidity—^we get an increase in 
are-over value. In the case which I have at hand this increase 
amounts to about 20 per cent, a maximum arc-over value being 
obtained with about 90 per cent relative humidity. 

I should like to offer a possible explanation of the phenomena 
involved. This the authors have avoided. In La Verre for 
1924, page 54, P. Woog described experiments which he had 
carried out having for their purpose the detection of changes 
which occur under certain definite conditions in the surface of 
glass. Woog set up an apparatus which might be roughly 
described as a spherical electrode mounted inside of a cylindrical 
glass vessel which, in turn, was placed on a metallic conductor. 
The cylindrical glass vessel was filled with oil. When the voltage 
was slowly increased a discharge was finally obtained from the 
spherical electrode through the oil to the surface of the cylindrical 
glass vessel and over this surface to the outside plate electrode. 

Working at 25 cycles, with dry oil, Woog found that as the 
temperature passed from 11 deg. cent, to 100 deg. cent, the volt¬ 
age to discharge dropped from 67 to 54 kv. There is nothing in 
the way of experimental error to explain the result. 

Using wet oil Woog found that as the temperature was changed 
from 18 to 12 deg. cent, the arc-over voltage dropped from 65 to 
27 kv. approximately. As the temperature was brought back 
from 12 to 18 and 20 deg. cent, the are-over voltage again in- 
cre^ed to about its original value. In other words, speaking 
entirely of wet oil, as the temperature increased the arc-over 
voltage rose. 

The author’s explanation was somewhat as follows: On the 


surface of the glass were silicates which were hydrolyzed to 
give bases with the final formation of a film of sodium carbonate. 
This material can exist with water of hydration. As the humid¬ 
ity increases this hydration increases until a maximum value 
is obtained where the ratio between carbonate to water molecules 
is 1 to 10. What happened, therefore, in Woog’s experiments, 
according to his own explanation, was that the voltage to flash- 
over varied as the author increased or decreased the amount of 
water in the sodium-carbonate film on the glass. The important 
thing is that he found that with 10 molecules of water, we will 
say, in the sodium carbonate, the arc-over value dropped as 
compared to what it was with the sodium carbonate in the dry 
state. The effect of temperature tends to increase the arc-over 
value of moist oil because the decahydrate of sodium carbonate 
which is formed at low temperature possesses a greater vapor 
pressure than that characteristic of moist oil with the result that 
sodium carbonate in a lower stage of hydration is formed. 

The present authors have found, as illustrated in Pig. 5, that 
as the humidity rises the arc-over characteristics also increase. 
As I have stated, this result is in agreement with the work in our 
laboratory but it is in direct contradiction to the idea that Mr. 
Woog has expressed. As Mr. Peek has already demonstrated, 
and as illustrated in Pig. 6, the dielectric strength of air is not 
involved. The authors have therefore concluded that the 
increase in arc-over value with humidity is a surface effect. 
This they have demonstrated by taking a glass rod and wrapping 
electrode wires around it, taldng the arc-ovor values ))etween 
carefully spaced wires. We have often made creepage tests in 
om* work at Pittsfield on all sorts of materials and we find that 
if we place electrodes as noted by the authors we get an arc-ovor 
which is not strictly accounted for by the surface condition of the 
insulation. Rather we get a result which depends upon tlic ratio 
distribution of stress between the insulating surface and the 
medium in which it is immersed. We have found that w© must 
use some method of holding the voltage stress down into the 
surface which we are testing.’ I would suggest to the authors 
that they accomplish this effect by taking a glass rod, drilling out 
one end, and filling the well so formed witli mercm*y. They 
should then wrap a wire around the glass rod directly over the 
bottom of the mercury well and spaced a definite distance away 
from a similar wire electrode wrapped about the glass away 
from the mercury well. The mercury well and its superimposed 
wire electrode are connected electrically and the arc-over value 
is taken in the usual manner. With this method the authors may 
find that tliey will obtain an arc-over value which is in agreement 
with the carefully obtained research results described by Woog. 

C. F. Harding: In view of the fact that the authors of this 
paper have quoted some of the test values that are closely 
associated with the curves shown in the paper, these tests having 
been made in the high-voltage testing laboratory at Purdue 
University, it may be of interest to have those confirmed in 
slightly greater detail. 

These tests were made upon a wide variety of sizes, not only 
of Pyrex insulators but also of several makes of porcelain insu¬ 
lators of the pin type, covering the same voltage range, 

RESULTS OP SIXTY-OYOLB DRY-PLASHOVJSR TESTS ON 
PIN-TYPE INSULATORS WITH VARYING HUMIDITY 
PYREX GLASS INSULATORS 

(Average of three readings upon each of three insulators of six different 
_sizes) 


Insulator 

No. 

Humid¬ 

ity 

per cent 

Plashover 

voltage 

kv. 

Humidity 
per cent 

Fiashover 

voltage 

kv. 

Increase 
humidity 
per cent 

Increase 
fiashover 
voltage 
per cent 

1 

48 

140.0 

69 

161.1 

23 

15 

2 

40 

137.0 

60 

152.0 

50 

11 

3 

43 

i 95.4 

61 

101.0 

42 

6.3 

4 

40 

65.2 

59 

66.8 

48 

2.4 

6 

40 

50.0 

59 

61.5 

48 

3.0 

6 

40 

51.3 

69 

51.8 

48 

1.0 
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POBCEIrAIN INSULATORS 

(Average of three readings upon each of thi-ee insulators of ten dilferent 


7 

8 
9 

10 

11 

12 

13 

14 

15 

16 


sizes of t>vo dlffereiit mantifacturers) 


46 

152 

62 

165.3 

34.8 

8.8 

46 

127 

61.6 

146 

34 

14.2 

48.3 

119 

61 

133 

• 27 

11.7 

43 

106.5 

60 

125 

39.5 

19.4 

43 

105 

60 

127 

39.5 

21 

43.3 

91.2 

63 

93.1 

46.6 

2.1 

42 

69 

59 

70.3 

40.5 

1.9 

43 

68.7 

58 

70.0 

36.0 

1.9 

40 

6,3.6 

59 

65.4 

47.5 

2.8 

40 

48.7 

59 

49.6 

47.5 

1.9 


In general, the average of 3 readings under A. I. E. E. 60-cyele 
standard testing conditions, on three samples of large types of 
insulators would increase about 15 per cent in flash over, vdth 
approximately 23 per cent increase in humidity, that is, from the 
neighborhood of 40 or 45 per cent to 60 or 65 per cent humidity. 
This was also true within a smaller range with a similar voltage 
gradient for the porcelain insulators. With the lower voltage 
insulators, the per cent increase, of course, was naturally less. 

In addition to what has been said about standard or uniform 
specifications, it would seem desirable to have these A. I. E. E. 
specifications include the humidity correction, or some humidity 
measurement plus a correction. If we are to deiiend at all upon 
the dry flashover test at 60 cycles, and the Institute? has standard¬ 
ized such a test, and if in normal laboratory testing such humidity 
variations exist, we certainly should have a humidity correction. 

Similar tests with steep wave fronts are now being made, in 
which it is probable that such variations will not exist because, as 
has been pointed out in the paper and in the discussion, tlie 
change in humidity does not affect the sphere-gap and the steep- 
wave-front measurements in air. So we have the condition that 
we are testing insulators at 60 cycles, referring our dry-flashover 
voltages to a sphere-gap wliich does not change with humidity 
changes, and yet, from one laboratory to another, unless we do 
hold humidity constant, we have a 14 to 15 per cent valuation in 
the dry-flashover voltage of such insulators. 

D. H. Rowland: (by letter) No pains should be spared in 
studying these phenomena until sufficient data are obtained so 
that some means may be devised for intelligently taking account 
of humidity in the A. I. E. E. specifications for testing insulators. 

As the authors state it has for a long time been loiown that 
humidity affects insulator flashovers. R. H. Marvin pointed 
this out some years ago. 

It has been found in our laboratory that two porcelain insu¬ 
lators having exactly the same flashover values at a certain 
definite absolute humidity but differing somewhat in corona 
point, are affected entirely differently by a change in humidity. 
Thus the curves of flashover against moisture content of the air 
for two such specimens would not have the same slopes. It is 
believed, therefore, that the shape of the pieces rather than 
“chemical resistivity” of the surface is the factor that accounts 
for the variation of flashover value with humidity for any given 
insulator. Certainly the curves in the paper under discussion 
are not definite enough to draw conclusions as to the effects of the 
surface of the materials under consideration, L c., glass and 
porcelain. 

Suppose for the sake of argument that there were specimens 
made up of glass and porcelain of identical shapes for test pur¬ 
poses, there would still be an inherent difference in the dielectric 
constants of the materials which would affect the electrostatic 
field and the initial corona point, and as pointed out in the case 
of the two porcelain insulators, this factor seems to have a bearing 
on the situation. It would be very difficult to study the surface 
conditions alone. 

Several investigators have found changes in the flashover 
values obtained between needles with varying humidities. 
If these data are true it points to the fact that the conditions 


observed by Dr. Littleton and Mr. Shaver are not as they main¬ 
tain, entirdy a surface effect. More work should be done in 
this connection. 

W. A. Lewis: (communicated after adjournment) One 
characteristic of the experimental conditions, which appears to 
have an important bearing on the effects obtained, is the form of 
the electric field surrounding the conductors. As an example, 
we may compare the results obtained on glass rods by the authors 
of the paper and by Sehwaiger, those of the latter appearing to 
be cheeked by our own investigations. The author found that 
flashover voltage increased with increasing humidity when loops 
of wire were used as electrodes, whereas Sehwaiger found the 
opposite effect when the glass rods were placed between parallel 
plate electrodes. The essential difference appears to be in the 
form of the field, as in the first ease the field is non-uniform, the 
gradient being very high near the electi’odes, and in the second 
ease the field is uniform and the gradient constant along the 
surface of the insulators. Consequently, in the first case 
initial breakdown occurs near the electrodes and corona forms, 
but in the other ease initial air breakdown and complete flash- 
over are simultaneous. 



Pig. 3— Plashoveu Chakacteristic op Dried Glass Rod, 
Diameter 214 Cm., Length 7.62 Cm., Air Temperature 21 
Deg Cent., Air Density 0.985, Relative to 76 Cm. and 25 
Deg. Cent. 

Peek has shown that the sparkover voltage of needle gaps, 
with which marked corona is present, increases with increasing 
humidity( Diel. Phen., p. 88), and so it does not seem unreason¬ 
able for the same phenomena to appear here, when the corona 
formation is sufficient. The data obtained from flashover be¬ 
tween the two wire loops without glass present are insufficient to 
determine whether this phenomenon is actually present or not, 
since the field form is considerably altered by the introduction 
of the glass. 

If there is present another phenomenon, independent of 
corona, which tends to decrease flashover with increasing 
humidity, it is readily seen that flashover voltage may increase, 
decrease, or remain constant with increasing humidity, depending 
upon the relative magnitudes of the two opposite effects. In this 
way the divergent experimental results may be reconciled. 

During the past year experiments have been conducted at the 
California Institute of Technology, using cylinders of glass be¬ 
tween parallel plates. As no test chamber was available in 
which the humidity could be varied, the expedient was adopted 
of drying the cylinders in an oven at 90 deg. cent, for several 
days, and then testing in the plate gap under natural humidity 
conditions. Flashover voltage was plotted as a function of time, 
and curves obtained, of which Pig. 3 herewith is a good example. 
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All curves exhibited the property of starting at a low value, 
rising to a maximum and falling again to a constant value. The 
time required to reach the constant value was in no case less than 
30 min., Avhioh suggests that great care should be exercised to 
make certain of equilibrium before taking readings, when the 
controlled humidity method is used. 

We explained the shape of the curves in the following way. 
The low initial flashover voltage was due to the presence of a film 
of heated air around the insulator, and the flashover voltage rose 
as the air cooled- At the same time the surface was collecting 
moisture from the atmosphere, tending to reduce the flashover 
voltage. When the latter effect overbalanced the former, the 
curves began to fall and continued until equilibrium was reached. 
If this explanation is correct, our results would certainly seem to 
check Schwaiger’s, since the flashover voltage decreases with 
increasing surface moisture, corresponding to increased humidity. 
The range of atmospheric humidity was insufficient to obtain 
reliable data by comparison of the equilibrium values of various 
curves. 



Fig. 4—Section oe Circular, Parallel Plate Electrodes 


Although a knowledge of flashover characteristics of practical 
insulators is the ultimate aim, it would appear from the above that 
much fundamental research must be carried out before we can 
reach a sound rational basis for a suitable correction factor. 

R. W. Sorensens (communicated after adjournment) It will 
be noted that the results of the authors and those found by Mr. 
Lewis each taken alone are such as to cause exactly opposite 
conclusions. That is, the authors of the paper under discussion 
tell us that for their particular test condition flashover voltage 
increases with increase in humidity. On the other hand, the 
results presented by Mr. Lewis indicate beyond doubt that the 
flashover voltage for the glass rods he used in test becomes lower 
as the surface of the rod becomes moist. In both cases the 
flashover is an air breakdown. 

Peek and others have shown that humidity does not affect the 
flashover voltage for sphere gaps and the authors of the paper 
have shown by their Pig. 6 that the flashover between -wire loops 
is also not influenced by humidity. 

Lewis’ tests were made in a very large open room. The 
authors of tlie paper made their tests in a large box in order to 
be able to control aU conditions of temperature and humidity. 
Lewis has just completed a large box of somewhat different 
dimensions and will soon have some further results made therein. 

The authors made their tests with pins and wires or wires as 
electrodes. Lewis’ tests were made with parallel plates in which 
edge effects were avoided by the use of large radii of curvature 
as shown in Pig. 4 herewith. 

Schwaiger, whose work has been mentioned, used electrodes 
similar to those used by Lewis and obtained results in the same 
direction, viz,, indicating a decrease of flashover voltage with 
increased humidity. 

The distinction between the results found by both Schwaiger 
and Lewis and those obtained by Littleton and Shaver seems then 
to be rather one of field form than one of humidity, or at least is 
certainly a function both of humidity and field form. 

A possible explanation of this difference is one based on the 


shielding effect of corona. That is in the case of wires as used by 
the authors of the paper, corona voltage comes before arc-ovcr. 
Under the conditions of test the added humidity or moisture 
content of the air permits a more uniform and a more abundant 
corona glow on the electrodes or even at edges of the insulator. 
This glow has the effect of readjusting the electric field so as to 
reduce the gradient, by a shielding effect thus increasing flash- 
over voltage as the moisture increases. 

When uniform fields are used as was done by L(nvis and l)y 
Schwaiger there is no effect of this Idnd because flashover o(j<uirs 
at a voltage less than required for corona. Hence an inci‘t‘ased 
moistmc content of the air means an ineroased juoisture deposit 
on the insulator with a corresponding decrease in flashover 
voltage. 

Because of these facts it seems inadvisable to introduce in t-ho 
A. I. E. E. rules for testing insulators any general cori*ection 
constant for making humidity con*octions because it se<ims 
apparent that humidity correction constants can at prestuit be 
made only by the establisliing of a correction Xact.or for o.tuth ty im, 
and possibly even for each size of insulator; that is, with our 
present knowledge of the fundamentals involv<*d we certainly 
are not in position to establish correction factors for humidity 
which will be applicable to insulator testing. 

J. T. Littleton and W. W. Shaver: Sev(*ral ])t)ints have 
been raised in the discussion that require soim^ (vxplanation. 

Mr. Lloyd referred to the slopes of tlio curves as being deter¬ 
mined by the insulator designs and not dependent on a prop<*i*ty 
of the surface of the material. This might very well (.he luise. 
However, our statement that the difference between the slopcvs of 
the curves for the Pyrex insulators and for the porcelain insula¬ 
tors of comparable size might be due to the difference in Kurfaee 
resistance of the material, has as we believe some foundation. 
It is very evident that the slope of the curve for the Pyrex No. J fll 
ir^ulator is somewhat less than the slope of tlu? (ujrv^e for the 
porcelain 16-kv. insulator. These two insulators are almost 
identical in form and size. Also the porcelain 44-kv. insulator is 
quite comparable to the Pyi'ex No. 401 insulator and the .slope.s 
of the curves for these insulators are noticeably diffeixmt. In 
this case, however, there is more difference in insulat or shaj)C 5 than 
in the former case. 

While the surface of both the Pyrex iiisula(,or and tlu! poixndairi 
insulator is a glass, these two glasses are very decidedly different 
in composition and undoubtedly have large differences in proper¬ 
ties. It is well known that the surface resistance of all insuIator.s 
depends upon the humidity. Even a material siudi as fused 
quartz shows a very large humidity effect, so that a difference in 
the surface resistance of porcelain and Pyrex insulators would bo 
expected. However, it is not believed that in eitluir case any 
chemical reaction takes place between the water vapijr and tlio 
material. 

Mr. Eby called attention to the fact that even under ex(,remely 
dry conditions the flashover potential was not reduced to a value 
below the wet-flashover value and he concluded therefore that 
humidity curves were desirable only for the purposes of rating 
the insulators and really had no bearing in actual servie<». How¬ 
ever, there is another point that must be considered and that is 
the allowable safety factor for a puncture given by the ratio of 
puncture voltage to dry-flashover voltage. For, instance^ an 
insulator having a dry-flashover potential of 12;*) kv„ imUid in 
air to that point might under extreme conditions have a flashover 
value of 180 kv. in air which might conceivably be very ruiar the 
puncture voltage; at least the factor of safety so far a.s puncture 
is concerned would be greatly reduced. 

We do not understand exactly what Mr. Clark has in mind 
when he refers to a test made on insulating surfaces under oils of 
vanous moisture contents and we do not see in just what manner 
such tests may be applied to our data. Flashover tests made on a 
paraffin-coated insulator under various liuraidity conditions 
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showed the same results as the imeoated insulator tending to 
prove that there is no chemical combination between the insu¬ 
lating material and the water which gives rise to the curves 
obtained. While the explanation of this phenomenon is undoubt¬ 
edly of interest, that feature has been given but slight considera¬ 
tion by us. We believe that the additional conductivity of the 
surface of the material caused by the film of adhering water 
molecules has redistributed the field to a certain extent, tending 
to prevent an overstress of the air around the tie wire and along 
the surface of the material. Mr. Clark, however, is mistaken 
regarding the relative value of the dielectric constant of Pyrex 
insulators and porcelain. The dielectric constant of Pyrex 
insulators for OO-cycle frequency is about 4.8 which is decidedly 
lower than any figure which we have seen published for porcelain. 

Attention again should be called to the fact that in studies of 
this type absolute humidities and not relative humidities should 
be considered. Measurements taken at a given temperature and 
given relative humidity will be quite different when taken at the 
same relative humidity and at a different temperature. There 
is almost twice the amount of water present in air at 25 deg. cent, 
as in air at 14 deg. cent, with the same relative humidity. 

Mr. W. A. Lewis referred to the discrepancy between our 
results op rods and those of Schwaiger, We did not discuss 
Schwaiger in jnore detail inasmuch as his conditions did not dupli¬ 
cate ours, he dealing with uniform tangential fields and we with 
conditions as described. The fact that the results differ proves 
the conditions of the two experiments to be different. We trust 


that Mr. Lewis will make measurements on vacuum-dried rods, 
eliminating the temperature effect to which he has called attention. 

There is, however, a doubt in many minds that the gradient 
in a field between parallel plates is uniform for there is some 
evidence that the drop in the neighborhood of the plates is very 
much greater than in the center of the region between them. 

In our paper we state that a constant humidity was maintained 
for 15 min. before measurements were taken. It was our experi¬ 
ence that this was ample. Mr. Lewis’ curve further indicates 
that to be so, for a certain portion of his 40-min. interval is 
required for cooling. We did not call attention in our paper to a 
number of tests made on oven-dried insulators carefully cleaned 
with absolute alcohol, for the results after a sufficient length of 
time had been allowed for cooling, were identical with regular 
stock. 

Professor Sorensen calls attention to the difficulty in arriving 
at a correction factor for humidity effect. His conclusions are 
identical with ours. The fact that our family of curves showed 
no consistency in change of slope proves that the humidity effect 
is dependent upon something beyond the absolute flashover 
potential. It probably depends upon the air path and the distri¬ 
bution of potential over the surface leakage path, in other words, 
the shape, and the surface resistance coefficient of the material. 
Wo believe that these factors can be separated and evaluated but 
the problem is by no means a simple one. For that reason we 
suggest a humidity curve as being by far the more simple way of 
evaluating this effect for any given type of insulator. 



The Cathode Oscillograph as Used in the Study 

of Lightning and Other Surges on Transmission Lines 

BY HARALD NORINDERi 

Synopsis.—Visible records oj the effects of lightning surges and for as muck as a million times as long as the occurrence. Mclhmis 
transients on transmission lines are described in this paper, which of eliminating load frequency are discussed. Different types of 
explains the operation of a specially constructed cathode-ray lightning surges are reproduced. The use of the oscillograph for 
oseiUograph. The outstanding feature of this oscillograph is its making graphic records of switching surges on transmission lines 
ability to record phenomena of a microsecond in duration, while is also demonstrated. 

at the same time the instrument is maintained in an exposed position ****** 


I. Research Studies op Lightning Surges on 
Transmission Lines 

VER since electric energy has been transmitted by 
long transmission lines extended over great areas, 
research into the nature of lightning surges has 
constituted a problem of great importance. The 
difficulties of a solution to the problem have been in 
many ways almost insurmountable. 

The limitations of a purely theoretical solution to the 
problem, of lightning surges. Several attempts have 
been made to solve the problem of surges on trans¬ 
mission lines in a purely theoretical manner. Such a 
solution has been a necessity for the formal considera¬ 
tion of the effects of surges running in a transmission 
network with given line constants. The limitations of 
such theoretical calculations reside particularly in the 
fact that assumptions have to be made as to the nature 
of the surges in their initial moments. Evidently 
it is of vital importance to know the amplitude and the 
sloping of the suig^e front, while a knowledge of the 
front characteristic is of fundamental importance when, 
for instance, the reactions of a surge into a transformer 
must be taken into consideration. 

Practical value of a direct study of lightning surges. 
It is, however, not a pmely theoretical point of view 
that has stimulated a direct study of lightning surges 
on transmission lines. The problem is of more interest 
in relation to the practical engineering demands which 
have stimulated research work on lightning surges. 
On a transmission system, it may, for instance, be 
quite necessary to make a decision as to whether or not 
it is necessary to use lightning arresters. Or it may be 
necessary to take up a comparative study of the pro¬ 
tective value of different lightning arresters. In such 
a situation, it is evidently quite important to be ac¬ 
quainted with the nature and the different forms of the 
lightning surges. The same holds true for the con¬ 
struction of lightning arrestas. 

Some special difficulties in a direct study of lightning 
surges. It is not a lack of interest that is responsible 
for our shortcomings in understanding lightning surges. 
Our failure has another explanation. There are many 

1. EoyiU Board of Waterfalls, Stockholm, Sweden. 

Presented at the Winder Convention of the A.I.E. E., New York, 
N. Y., February lS-17,19S8. 


experimental difficulties in direct research work on 
transmission lines. This is especially the case when we 
tiy to secure direct evidence of the nature of surges, 
etc., under full load conditions on a line. In many 
earlier research studies we have attempted to eliminate 
these difficulties by indirect methods. For instance, 
the damage wrought by lightning surges on trans¬ 
formers, wall bushings, etc., has been observed and 
from such observations we have derived some knowledge 
of the frontal characteristics of the surges, their oscilla¬ 
tory character, and their amplitudes. It is a well- 
known fact that in most cases a flashover is a chance 
occurrence, and thus it is not easy to derive valuable 
conclusions from such an empirical consideration of the 
surge phenomena. 

A valuable solution can be arrived at only by direct 
research where the natural conditions of the surges are 
observed under full load conditions. From this 
demand for research under load conditions, some special 
difficulties arise, as we shall see. 

Need for a suitable instrument in studying surges on a 
line under had. When research study of lightning 
surges is limited to an observation of their amplitudes 
and their character of polarity, good results have been 
gained by the klydonograph.® But when it is necessary 
to give an exact analysis of the wave shape with regard 
to time, the only possible instrument now developed 
is a suitably constructed cathode-ray oscillograph with 
an electron jet directly bombarding a photographic 
sensitive layer situated within an evacuated vessel. 

Difficulties with earlier instruments. The following 
demands must be met by the specially constructed 
cathode oscillograph: 

1. As the oscillograph must record surges which are 
generated without the control of the operator, it must 
be so arranged that a record is possible for the shortest 
•times of passage 10-« - 10-« see. with a single passage of 
the phenomena. 

2. As the time of arrival of surge phenomena cannot 
be known by the operator, the instrument must be so 
arranged that it can be in a continually exposed position 
for time periods a million times as long as the time 
necessary for the recording of the surge. 


2. J. H. Cox, P. H. McAuley, L. G‘. Huggins, Tiian.s. 
a. I. B. E., Vol. XLVI, 1927, p. ,315. 
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^ 3. The instrument must be so airanged in construc¬ 
tion and manipulation that its electron emission is 
steady and sufficient. Instrumental and accidental 
disturbances must be eliminated. 

A cathode-ray oscillograph with a photographic 
sensitive layer in vacuum was first constructed by 
Dufour. His excellent instrument has given very good 
results in the study of such transients and oscillations 
where the time of arrival was detCTmined by the 
operator. The oscillograph has thus been u^d for 
study of the time lag of sparks and for proper oscillations 
of transformers. 

In the study of lightning flashes and the surges 
produced by them on transmission lines, however, it 
has not been possible for us to use an oscillograph of the 
Dufour pattern. The total time of exposure in such an 
oscillograph is restricted to a few times the total time 
of duration of the surges because of the excessive black¬ 
ening of the film which would otherwise occur. Since 
it is impossible to foretell the exact time a lig h tning 
surge will occur, it is necessary to have a time of ex¬ 
posure of sometimes half an hour or more in order to 
record a surge with a duration of fifty microseconds; 
it can easily be seen that it was quite necessary to 
solve the research problem by elimination of the black¬ 
ening effects of the electron jet. 

The osdUograph espeddUy constructed for transients 
and surges on transmission lines. In the begin n i n g 
of our research work on lightning surges in the labora¬ 
tory of the Swedish Royal Board of Waterfalls, we 
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Pin. 1 —The Cathode Rat Oscillograph of New 
Construction 

were soon persuaded that the conditions given above 
could be met only by an instrument of special pattern. 
If the occurrence of lightning flashes and of their surges 
on transmission lines had been very frequent in Sweden, 
we should probably have been able to obtain results 
earlier. During some seasons, however, we have only 
one or two occasions to secure records, which is not 


sufficient, considering the experimental difficulties 
that must always be related to the problem. 

The instrument which we devised in the research 
station of the Royal Board of Waterfalls near Uppsala 
is illustrated in Fig. 1. 

The instrument is, as may be seen, very robust in 
its construction. It consists mainly of metal, using 
only a straight bit of glass between the cathode and the 



Pig. 2—^Map op 20-Kv. Transmission System Used in Record¬ 
ing Lightning Surges 

anode. A suitable vacuum pressure can be regulated 
by the aid of a specially constructed regulation valve. 
By this arrangement, it has been possible to establish 
a vey steady electron emission from the cathode. 

All arrangements have been made to secure a con¬ 
tinuous operation with the instiument. The necessary 
time for evacuation has been considerably reduced. 
Valves and vacuum tubes have been constructed of 
metal and the pump connections to the oscillograph 
have been so arranged that it is not necessary to stop 
the pumps when passing air into the oscillograph vessel 
for changing films. The pump arrangement is so 
effective that it is possible to gain an effective vacuum 
within 8 to 10 min. with a film surface of 600 sq. cm. 

Special arrangements make it possible to reduce the 
secondary stray radiation from the electron jet, and 
thus it is possible to work with the oscillograph in an 
exposed position for one or two hours. During this 
time of exposure, the insfrument still has the property 
of recording short transient phenomena with a total 
duration of some millionths of a second. It is quite 
possible to attain still shorter times by a regulation 
of the intensity of the electron emission. 

In the following will be demonstrated the results 
gained with the instrument in recording either lightning 
surges on a transmission line or switching surges under 
full load conditions The records w^e taken with the 
cathode oscillograph connected to a 20 kv. transmission 
line from a transformer station of the Royal Board of 
Waterfalls in the vicinity of Uppsala, Sweden. The 
short connection line from the experimental station 
to the transmission line is marked a in Fig. 2. 
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The connection of the oseiUograph to the transmission Vi, » 2 , v^. (See Fig. 4.) A small distortion of the line 
line under load. The records of lightning surges voltages caused by load variations in the transmission 
were taken mainly from the transmission line group lines was easily eliminated by regulation of the variable 
marked No. 1 in Fig. 2. Sometimes surges coming condensers »i, Vt, Vg. When the system was in full 
from lines 2 and 3 were also recorded. By the con- phase S 3 nnmetry, the sum of the voltages was zero, 
nection of several end points of lines to the record And then, if for instance the symmetry were disturbed 
system, it sometimes has been difficult to identify the by an atmospheric surge, a deviation of the electron 
reflected surges. 



Pia. 3 —The Expebimektat. Station op the Swedish Rotad Pig. 5—Two Dippbbbnt Methods op Diminishino the 
Boabd OP Waterfalls FOR THE Study OP Surges Effect op Load Pbbquency 


For recording purposes, the cathode-ray oscillo¬ 
graph was placed in a special building. (See Fig. 3.) 
The distance between this building and the line was 
60 meters, and from the connection point to the trans¬ 
former of the line was 150 meters. The records thus 
can be referred to one of the end points of the line. 

The oscillograph was connected through condensers 
to the line, the connection consisting of two chfl-in 
insulators for each phase. Their capacity was 20 
micro-micro-farads and thus could be neglected in com¬ 
parison with the line capacity. It was easily possible 
to disconnect the line voltage from the system by the 
aid of an outdoor switch. (See Fig. 3.) 

/ 2 3 


1 1 i 



Fig. 4—^Method of Three-Phase Connection op the 
Oscillograph to the Transmission Line 

Methods of eliminating load frequency. The mea¬ 
surements weare performed under full load voltage and 
thus it was necessary to make use of an elimination 
method for the 50-cycle voltage. For this purpose we 
used different methods. 

1. The three-phase voltages from the line were 
reduced by the capacities of the identical surge in¬ 
sulators, ii, it, ig, and the small variable air condensers 


jet took place within the instrument. (See Fig. 5-a.) 
This method has a disadvantage. If the surge should 
cause a breakdown to ground on one of the three 
phases, the load voltage from the other phases would 
cause a blackening of the film. 

2. The oscillograph was connected in single phase 
to the line, for instance, above the variable condenser 
»i, from line 1. (See Rg. 4.) The two other lines, 
2 and 3, were disconnected from the oscillograph. By 
regulation of the small air condenser »i, it was easy to 
give such a value to the line voltage that it was covered 
by the “zero losses” of the osciOograph. (By zero losses 
is meant that amount of voltage that must be imposed 
on the instrument before any record takes place.) 
The line voltage was in such a case reduced from the 
initial value a as in Fig. 5-b to the reduced value h in 

ro 20 jcv ujvs 
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Fig. 6—^Method of Diminishing the Effect of Load Fre¬ 
quency BY Means of Leakage Resistance 

the same figure. Surges c, d, or e exceeding the line 
voltage could in such a case be' recorded. The ad¬ 
vantage of this method lies in the great deviation pos¬ 
sibilities of the surge above the line voltage and an easy 
control of the latter, while the normal load voltage 
varies only within the fixed zero losses of the instru¬ 
ment, which may be between five to ten per cent of the 
whole possible deviation of the instrument. 
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3. The oscillograph is single-phase-connected to the 
line. (See Fig. 6.) Parallel to the deviation system 
of the oscillograph is placed a leakage resistance R and 
a small variable condenser C of such a value in relation 
to the capacity of the system that it affords an effective 
leakage for the load frequency, but stops higher fre¬ 
quencies, for instance, those of 1000 periods or above. 
The l^kage of the resistance diminishes with the 
increasing of the frequency. For an effective regula¬ 
tion, it is still necessary to hold the reactance of the 



PiQ. 7—VOT.TAGB Correction Curve fob Different 
Frequencies 

condenser small in comparison with the leakage re¬ 
sistance. If a set of impulses is observed and their time 
of duration is shifting, difficulties may arise in using 
this method. The reactance of tihe condenser system 
varies with w, and it is thus quite impossible to get a 
value for the leakage that can be considered as suitable 
for a very much wider range of frequency. This may 
be seen by the relation: 

2t 

Vr = y e « " c ( 1 ) 

where V is the voltage between the condense plates 
without leakage, and Vr the corresponding voltage with 
leakage. The leakage resistance is R, the effective ca¬ 
pacity C. When recording with variable frequencies, 
it thus must be noted that the functional correlation 
between the leakage and the frequency can be repre¬ 
sented by a curve. (S^ Fig. 7.) The modification by 
the leakage is illustrated by Fig. 8, where curve I 
represents a real curve and cxuve II the modification of 
amplitude that results from the leakage of the resistance 
R. The regular variation of the voltage with the fre¬ 
quency makes it possible to establish corrections for a 
defined frequency. It is always possible to give such a 
value to R and C for a given frequency that the influence 
of the leakage can be reduced. 

In order to reduce the influence of and errors caused 
by unknown variation with high frequency of the 
leakage resistances used, it was necessary to test the 
leakage circuit by superimposing on the system at the 
high voltage end, voltages of known frequency and 
amplitude from a separate impulse generator. 

ResuUs of the Tneasurements. In the following will be 
revealed the results of studies of lightning surges made 


at the above-mentioned experimental station at 
Uppsala. The general direction of these results has 
been clear to us for the past four years. By visual 
observations of the fluorescence spot in the cathode-nxy 
oscillograph connected to transmission lines, we have 
obtained a first-hand practical experience of the fre¬ 
quency and the variation forms of lightning surges on 
transmission lines. From this experience we had to 
decide the velocity to be used in recording lightning 
siuges. In this first research work, we did not prefer 
an abnormally high velocity for making our records, 
because it was clear to us that many of the surges had 
their fronts not quite straight, but .sloping. The 
probable reflections from different points of the trans¬ 
mission system were another reason for our making our 
records with a velocity that was not too high. In such 
a case, too high a velocity would cause a confusion of the 
curves. Our intention with these preliminary research 
studies was to get a general understanding of lightning 
surges on transmission lines. With this general under¬ 
standing, the next step evidently was a more detailed 
study of the surges. 

A feature which we noticed in the beginning of our 
observations was the following: Sometimes severe 
thunderstorms developed in the vicinity of the trans¬ 
mission lines without any appreciable occurrence of 
lightning surges on the transmission lines. The expla¬ 
nation of this circumstance should be plain enough. 
The general distribution of the field intensity in the 
thunder cloud was such that either no field lines that 
were broken down by the lightning flashes ended on the 
transmission lines, or the breaking down of the lines 
was performed with such a slow velocity that no light¬ 
ning surges of any appreciable amplitude could be 
developed. On another occasion, a similar thunder¬ 
storm might develop plenty of surges following one 
after another on the same transmission line. In such 
a case, the general field distribution was of a peculiar 
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ch^acter, with many field force lines ending on the line, 
and the lightning flashes developed in as short a time as 
necessary to produce surges. Sometimes we could 
observe surges following one after the other where all 
were of the same shape. This might be explained by 
the fact that the lightning strokes were developed during 
simil^ physical conditions within a restricted sphere of 
the thunderstorm cloud. 
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It must be noted that our observations of the light¬ 
ning surges have been hindered by the infrequent oc¬ 
currence of thunderstorms in Sweden. During the 
season of 1926, we could get only a few surges on our 
transmission lines which were under observation. Thus 
we were forced to economize with the few opportunities 
for observation which were available, and it was neces¬ 
sary to develop our instruments to a high degree of 
operating safety. Especially were we obliged to 
concentrate our efforts on the point of eliminating the 
secondary stray radiation in order to get the longest 
possible time of exposure. 

The first lightning surges recorded with the specially 
constructed cathode oscillograph. The first records of 
lightning surges were taken during the summer season 
of 1925. A specimen of such a record is given in Fig. 9. 
The normal 60-cycle load in this case varied within the 


Various lightning surges which were recorded on 
transmission lines during the thunderstorm season of 
1927. Improvements in the cathode-ray oscillograph 
made it possible to record many surges on transmission 
lines during the summer season of 1927. The oscillo¬ 
graph was connected through condensers to the line 
either in a single-phase connection or sometimes a 
three-phase one. The records of the latter connection 
were sometimes disturbed by a current to earth from 
some of the connected phases. The recorded surges 





limits of the bright band. We can obsCTve from the 
curve surge values of about three times the top values 
of the load voltage. When these records were made, 
the cathode ray oscillograph was not so highly de¬ 
veloped with regard to elimination of secondary stray 
radiation and intensity of the electron jet. Therefore 
in making the record in Pig. 9, it was necessary^ to 



Fig. 9 First OsciiiLograph Hejcori) op Ijightning Suhoe on 
A Transmission Line 

hold a relatively small electron emission, which reduced 
to some degree the sharpness of the curves. For re¬ 
producing this oscillogram in a printed paper, it was 
necessary to intensify to some extent the curves of the 
original record. 

We can see in a and 6 of Pig. 9 two different surges 
with their fronts quite straight. The reflections of 
these surges are also visible, for the first surge a at c, 
and for the second surge 6 at e,/. The curves with 
small amplitudes at d, /, and g must have their origin in 
other surges that have been highly damped before 
reaching the point of observation. The reflected 
surges have undergone, as we can see, a very pro¬ 
nounced damping. The initial top value of the surge 
was more than three times the normal line voltage to 
^rth. In spite of these high surge values, the protec¬ 
tive rela;]^ did not cause any disconnection of the 
transmission line. We can, in such cases, suppose that 
flashovers occurred on some of the insulators of the 
transmission lines where the surge had its highest 
value, but the paths of flashovers were too weak to 
produce a connection strong enough to complete a 
connection to earth for the normal load voltage of the line. 
Similar situations have been observed several times. 


Fig. 10 





Fig. 12 

Figs. 10, 11, 12—^Moke Recent Records op Lightning 
Surges, Taken With an Improved Instrument 

were in such a case covered by the 50-cycle load voltage 
variations and it was sometimes troublesome to identify 
the surges in the primary records. 

As may be seen by the following reproduced records, 
we sometimes have records of surges with a small 
amplitude. The reason for this is that since relatively 
few thunderstorms produced surges on the transmission 
line, it was necessary to work with thunderstorms often 
far away from our observation station. A lightuiug 
surge with an initially high amplitude at, for instance, 
30 km. distance from our observation point thus 
reached the oscillograph in a damped state. 

In Pigs. 10, 11, and 12 are given some examples of 
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surges recorded on the 20-kv. line mentioned above. 
These figures are direct reproductions of records with 
the film in an exposed state in the oscillograph’s vessel 
during an hour. In spite of the long exposure time, 
we can not find any trace of severe blackening by 
secondary stray radiation. 



Pig. 13—Oscillogbam op Liobtnino SuBGiis, Obtained by 
Using Three-Phase Connection op Oscillograph 


In Fig. 10 there are several surges superimposed in 
the same period of record while the surges in Figs. 11 and 
12 are separated. The surges of Fig. 12 seem to have an 
oscillatory character caused by special connections in 
the transmission line system. 

The method of a three-phase connection has also 
been used and in Fig. 13 is a record reproduced where 


The other surge types 2 to 5 of Fig. 17 reach their 
highest value in a time varying from 10 to 150 micro¬ 
seconds. Surges of a highly damped or oscillatory 
character, types 3 and 4, we have observed only a few 
times when the line was disconnected by the protective 
relays. Type 5 has been observed during similar 
conditions. 

A marked variation in wave shape and frontal 
characteristics of the lightning surges recorded has 
been observed. This variation is fully explained by 
the unstable conditions which sometimes are character¬ 
istic of the electrophysical development within a 
thunderstorm cloud. The discharging processes within 
a thimdercloud take place often only between charged 
cloud volumes. In such a case, lightning surges may 
be produced where the front is sloping. On the other 
hand such discharges between cloud volume and the 
earth may produce surges where the fronts are quite 
steep. 

Pronounced positive surges such as 1 and 2 in Fig. 17 
are the most frequent type. Sometimes such surges were 
followed by earth current in the line. We have often 
held our film in an exposed position a long time in 


JHy 



Fig. 15 Fig. 16 

Figs. 14. 15.10 Reproduction oe Several lNTEttE.sTiNG Surge Types Recorded 


the oscillograph was connected to the three phases of 
the line through suitable condensers. The earth 
current in this case gave rise to a dissyrnmetry of the. 
phase voltage, which to some extent disturbed the 
record. In other original films it is possible to find 
several surge types of interest. In Figs. 14 to 16 some 
of them are given, drawn from the original records 
taken with a three-phase coupling. The earth current 
in these records caused a dissymmetry in the load 
voltage and in such a case a direct reproduction would 
not give a clear view of the recorded surges. 

The different types of lightning surges and the 
need for more extensive research in the future. The 
different types of lightning surges that we have re¬ 
corded are demonstrated in Fig. 17. About one-fifth 
of them have, as in No. 1, a straight front where the 
highest voltage is reached within a few microseconds or 
part of a microsecond. We hold it as possible that 
some surges of this tjqie are generated by direct light¬ 
ning strokes on the lines. At the very moment some 
of them were produced, we have observed lightning 
strokes in the vicinity of the transmission lines. 


order to get as many surges as possible; thus it is clear 
that earth currents from some of the heaviest surges 
could not be avoided. Very often the repeated surges 
were of type 5, having a similar amplitude value; 
therefore, they cannot be regarded as reflected phe- 



^ O.S lO /5 

Fig. 17—Different Types of Lightning Surges Recorded 
With the Cathode Ray OsciiiLOGRAPH 

nomena from an original surge. In Fig. 9 on the otha* 
hand, there can be noted a fixed time differaice between 
the original surge and its reflections. That the time be¬ 
tween an original surge and its reflections may vary from 
case to case, can be explained easily. The thunderstorms 
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considered as a generating region of the surges may, of 
course, change their distances from the transmission 
line, and sometimes we must calculate with two 
thunderstorms at a distance along the same transmis¬ 
sion line. Therefore we can explain the differences in 
time from the reflected transients. Characteristic of 
the reflections is the pronounced damping. 

The amplitudes of the surges have varied between 
6 to 30 kv. to earth, values from H to 3 times the 
normal load voltage to earth. A munber of our 
recorded surges has a remarkably low amplitude. 
This may be explained by our special precautions in 
these research^. We have tried to get as many surges 
as possible, and we have not restricted our efforts to 
such surges as have an amplitude surpassing the line 
voltage. 

We have already pointed out the marked damping of 
many surges. In some cases, we have found a damping 
to 1/10 of the initial value on a distance of 60 to 80 
kilometers. Surges that are developed at a distance of 
30 to 40 kilometers from our observation point must, 
when they are passing this point, already be damped 
to some extent. 

A surge exceeding three to four times the line voltage 
to earth does not necessarily produce a flashover path 
of such concentration that the line voltage will follow 
in the same path. We have, during a thunderstorm, 
observed lightning strokes quite near the transmission 
line at a distance of 12 kilometers ftx)m our observation 
point. On this occasion, flashovers were observed on 
insulators with an insulation twice as high as the 
normal insulation of the line insulators. It was quite 
possible that the line insulators at the same moment 
flashed over. Any discormection of the lines by the 
protective relays at that moment was not observed. 

An object to be desired in future research studies is to 
work with a set of oscillographs at different distances 
along the line, and at the same time put up one or two 
oscfllographs especially adapted for recording the dis¬ 
charge forms of the lightning. 

It is of importance with regard to the future to 
observe the real location of the lightning channels and 
repons. In other words, their distances to the trans¬ 
mission line on whidi surges are recorded must be 
observed in order to get quantitative results. This 
may , be done in a manner which we have earlier used 
in our thunderstorm investigations in Sweden, by 
observing the time difference between the lightning 
and the thunder. In such a case, one can use two or 
three observation stations suitably located with regard 
to the transmission lines. 

While our studies of lightning surges on transmission 
lines have fully confirmed our earlier results that were 
drawn indirectly from the nature of lightning discharges, 
we carmot yet draw positive conclusions about the char¬ 
acter of surges on transmission lines. The primary set 
of phenomena that controls the generation of surges on 
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transmission lines is quite variable. It is therefore 
necessary to do an extended piece of work before we are 
ready to deprive the surges of all their mystical char- 
pjto. Prom the results given above, it is evident that 
it is now possible to undertake an exact piece of re¬ 
search on the lightning surges on transmission lines in 
an entirely different manner than has heretofore been 
feasible. 

11. Studies of Switching Surges on Transmission 
Lines 

For some time it has been desired to record such 
trmisients as are produced by switching on long trans¬ 
mission lines. The difficulty of such studies has 
always been the lack of suitable instruments. 

The limitations of purely theoretiecd calculations. By 
theoretical methods it has been possible to precalculate 
the general characteristics of transients. Such a 
c^culation, howev^, has its limitations. By calcula¬ 
tions, only, we can get no answer to the question as to 
what happens in reality on a transmission line during a 
switch operation under full load conditions. Several 
experiments have been made with artificial lines to 



PiQ. 18 —Diagram op 20-Kv. Line Used in Taking 
Oscillograms op Switching Surges 

escape this difficulty. The line constants have in such 
a case been chosen so that they correspond in their 
oscillations to the proper oscillations of oscillographs of 
the usual pattern where tiie vibrating element is a 
mechanical one. Such studies have served to confirm 
the theories of transients, but they cannot give any 
amwer as to what happens on a line during switching 
with full load conditions. 

Switching tra/nsienis graphically recorded by suitable 
cathode ray oscillograph. The uses of the cathode ray 
oscillograph in recording lightning flashes and surges 
having been made clear in the first part of this paper, 
it will be evident that the cathode ray oscillograph 
coi^til^tes a suitable instrument also for recording 
switching surges on transmission lines under full load 
conditions. 

The transmission line used for switching surges. 
For the switchmg operations, we have used a 20- 
kv. line of which a diagram is given in Fig. 18. 
At one of its end points, the line has been connected to 
a commercial transformer of a ratio of 70/20 kilovolts. 
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The neutral point of the transformer has been earthed this paper. The latter type of connection has some- 
directly without any ground resistance. The line has times been of great value, because it is possible by this 
been set free from all inductive loads in the form of connection to eliminate the ordinary 50-cycle load 
transformers and the other end of the line has been voltage in a simple way. If the system has its full 
open. In order to get as pure conditions as possible, symmetry, the resulting voltage must be zero on the 
all side branches of the line have been disconnected, deviation system of the oscillograph connected through 
Sometimes two of the three-phase lines have been condensers to the transmission line. In such a case, 
connected in one of the line ends in order to get a double when the symmetry is disturbed, we can get a voltage 
length of the line. For the switching operations, we on the deviation system and thereby get a record. 




Z /SS 


Fia. 21 



o s,0a*^ 



Fiq. 22 Pig. 23 

Pigs. 19, 20, 21, 22, 23—OsgillogIiams of Switching Transients, Using Three-Phase Coupling Method 

have used commercial oil switch-breakers which, in We have found this method very simple and con- 
general, have not been equipped with discharge venient for the elimination of the ordinary load voltage, 
resistances. ResvXts gained on commercial lines under load 

Methods of eliminaiing the normal load frequency, conditions. Our experimental studies have been ex- 
The measurements have been performed either with ecuted on commercial lines under full load conditions, 
a single-phase or a three-phase connection to the line. This has been a circumstance both of advantage and of 
and we have in these investigations used the methods difficulty. By switching with a commercial breaker 
of elimination that were described in the first part of on a particular line, we have gained phenomena of 
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similar character, and it has been impossible to vary 
the operations with regard to the amplitude and the 
front sloping of the transients. The method has its 
definite advantages. It has been possible by this 
method to gain such transients as really occur on trans¬ 
mission lines under natural load conditions. Some 
variations and irregularities have been observed. 
These are caused by irregularities lying in the arcs and 
sparks of the oil switch. For instance, in closing a 
circuit breaker, the contact at a certain moment will be 
separated sufficiently to cause a spark, which is followed 
by an arc. From our researches, we can conclude that 
the time for this spark is a very short one—the process 
is developed within a part of a microsecond, or within 
a few microseconds. In the spark path is produced an 
are with changing characteristics. Prom this originate 
voltage fluctuations with varying periods and ampli¬ 
tudes. The process can have a duration up to 1/500 
of a second. 

Switching surges with a three-phase connection. 
Switching transients, where we have used a three-phase 
coupling method, are produced in Pigs. 19 to 22. 
Prom Figs. 19 and 20 may be seen a rapid increase in the 
voltege when the line energized. Such rapid voltage 
variations can be observed in all our records. 

This straight front wave passes along the line and 
very often be observed when it is reflected. In 
Pig. 20 we can observe the time for the reflected wave 
marked 6. The time difference between a and 6 is as 
m^ured on the original records 280 microseconds, 
which altogether corresponds to the time necessary 
for a tonsient wave to pass and return on the 42.1-km. 
long line. The marked increase of the resulting voltage 
at 6 can easily be explained as a summation of the 
existing voltage and the reflected voltage at the ob¬ 
servation point. 

A comparison between oil circuit breakers provided 
with at^ without discharge resistances. If we com- 
p^e Pigs. 19 and 20 on the one hand, and Pigs. 21 
^d 22 on the other, we can observe a pronounced 
damping effect of the discharge resistances. If oil 
^tchra are used without discharge resistance (see 
Pi^. 19 and 20), we can still observe that the produced 
voltage variations are not severe. This is in accordance 
mth the practise in the United States. An examination 
of all our records of transmission transients shows that 
breakers not provided with discharge resistances produce 
more rapid voltage variations in comparison with those 
aving resistances mounted. It seems that the dif- 

^ reason for the 

^mph^tions and costs that always follow the existence 
of tae discharge resistances. In their initial moments, 
developed with straight fronts. 

The advant^es of using a three-phase coupling method. 
method of using a three-phase connection 


through condensers has some advantages over the 
method of a single-phase connection. The former 
method can give a more general view of the switching 
phenomena recorded. This can be seen by the Pigs. 
23 and 24. The time covered by the record in these 
flgures extends over half a cycle of the normal load 
frequency. In ordo- to explain the records of Pigs. 19 
and 20, we have drawn the three-phase half periods 
together with the switching transients with marked 
initial times. It is easy to observe, by comparison, 
how the moments of contact are recorded for each of the 
three-phase voltages. In the upper curve in Pig. 23, 
we can see that the voltage of curve 1 has gone over 
at A,, for curve 2 at Bi, and for curve 3 at Cj,. In the 
lower curve in Pig. 23, the voltage has gone over at Ai 
for curve 1, at J ?2 for curve 2, and for curve 3 when this 
curve has passed through zero. The time for the 
contact voltages is determined by the position of 
each Contact in combination with the suppressed load 



Pia. 24r-Os<JiLi,oaKAM OP Switching TttAN«usNT,s, Using 
SiNGiB-PHASEi Connection and a Low Leakage Ke-sistance 


voltage and the insulation resistance between the 
contacts. 

chm’acteristic method of the system is as follows. 
When the three contacts have gained their full load 
voltage, and the voltage system is symmetrical, the 
deviation system of the oscillograph comes to zero 
potential. 

The amplitude of the voltage does not need to come 
up to Its full crest value when the contact takes place. 
The contact value is determined both by the voltage 
value of the contact and its position with regard to the 
insulation resistance of the oil. 

Results of switchings where the single-phase method 
hm been used. The other method used was a single¬ 
phase connection. In this case, the other two phases 

instances, insulated, 
borne defimte difficulties arose in the use of the single- 
phase connection method. It thus was necessary to 
eliminate the normal 50-cycle load voltage. For this 
purpose, we have the method with a leakage resistance 
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already described. We must remember that this 
method gives different voltage scale values for different 
frequencies. 

We have not, in these researches, found it necessary 
to introduce a variable voltage scale. Our scale given 
in the figures thus refers only to the voltage fluctuations 
of a voltage variation where full voltage values are 
gained within about a hundred microseconds. 

Some researches with a single-phase connection are 
reproduced in Pig. 24. In these records we have used a 
very low resistance and the leakage thus has been 
appreciable in order to record only the rapid voltage 
variations. The length of the line was 42.1 km. 
The straight voltage fronts, that are clearly visible on 



9 A % / gzi . 

Pig. 25 



Fig. 27 

Pigs. 25 , 26, 27—OsciLiiOaiiAMs or Switching Suhobs, 
Using Single-Phase Connection and Lakgbu Leakage 
Resistance 


the original records, are marked a in Fig. 24. The 
voltage reaches its full value within a few microseconds 
and these curves are then marked b after reflection from 
the other end of the line. The time difference between 
the original and the reflected curve is 280 microseconds, 
a value in full accordance with the normal speed of 
transients on the line. 

Some studies have also been made where a larger 
leakage resistance is chosen than in the case first 
mentioned. By such an arrangement, it has been 
possible to record slower voltage variations. The line 
length has been doubled in this measurement. 

Some results of such measurements are given in 
Figs. 25, 26, and 27. The line length and conn^tion 
diagrams are given in these figures. The straight 
initial voltage front that is developed when the line 


was set under load is marked a in some of the Pigs. 25 
to 27. This straight front varies with its full value 
within a few microseconds and must, with the time 
scale used in the records, be marked as a vertical line 
going up from the zero line. These straight fronts are 
very quickly damped. 

In Fig. 25 are reproduced a set of repeated connec¬ 
tions of the line to the transformer. It must be noted 
that these different connections produce similar voltage 
variations marked b in Fig. 25. In connection with this 
slow variation, we observe a high frequency variation 
that is quickly damped. The reflected transient com¬ 
ing from the other end of the line is regular and marked c 
in the figures. 

The voltage variations in the open end of the line 
have been recorded and are reproduced in Fig. 26. The 
initial voltage variations in this figure are marked a. 
As the line is open, we have recorded a doubling of the 
voltage amplitude. The high frequency which is very 
marked in Pig. 25 has quite disappeared at the open 
end of the line. 

Voltage variations of a more complicated structure 
are reproduced in Fig. 27. In this record the voltage 
variations are composed of the initial, the passing, and 
the reflected voltage variations. 

Conclimons. This article covers the first studies of 
lightning and switching phenomena with a cathode-ray 
oscillograph of new construction, evCT made on trans¬ 
mission lines during load conditions. Naturally it is 
only a beginning describing some practical schemes 
that can be employed in making such investigations, 
and the author hopes that further work to be done in the 
near future will bring out many more valuable con¬ 
tributions to the science of lightning and switching 
phenomena. 


Discussion 

D. W» Roper: In all of the calmilations of the effects of 
lightning heretofore, it has been necessary to assume the shape 
of the wave of the transient voltage due to lightning as a basis 
for calculations. Similar assumptions must also be made in 
connection with the tests on lightning arresters with the aid of 
the so-K 2 alled lightning machines, in order to obtain information 
regarding the relative protective value of various types of ar¬ 
rester. Now for the first time Dr. Norinder shows, not some 
assumed values, hut some actual curves obtained by his modified 
form of cathode-ray oscillograph. These records show very 
plainly that there is a wide variety in the forms of transient volt¬ 
age waves, and this means that it is not sufficient to assume one 
particular form of wave in making comparative tests on lightning 
arresters. Instead, the proper procedure would be to arrange the 
lightning-machine circuits so that a variety of transient voltage 
waves would be applied to the lightning arresters under test, and 
the average of the results obtained in this manner utilized instead 
of the results from one particular form of wave as has been the 
practise heretofore. In all probability, such a procedure will 
account for a part of the discrepancies which have been noted 
between tests on lightning arresters in the laboratory and the 
records obtained from arresters in service. 

Recent studies of the transformer failures due to lightning in 
Chicago indicate beyond any reasonable doubt that about 30 
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per cent of such failui*es are due to transient high voltages which 
enter the transformer on the low-voltage leads. The failures 
from this cause» which are of the order of 0.1 per cent per year, 
are so small that it is quite impossible to secure the data by the 
statistical method that was followed in the papers heretofore 
presented before this Institute, and, accordingly, arrangements 
are being made to secure this information by means of a cathode- 
ray oscillograph similar to the one used by Dr. Norinder. It is 
hoped that, in addition to furnishing information as to how the 
transformer failures due to lightning entering via the secondary 
leads may be prevented or reduced under the conditions in 
Chicago, the studies which are planned wiU, in addition, furnish 
information regarding lightning protection which can be applied 
to higher-voltage circuits. 

K. B. McEachrons Those who have attempted to solve the 
problem of applying the cathode-ray oscillograph to the study of 
lightning in the field appreciate the diMculties involved. 

In the United States we have been operating oseiUographs of 
the Dufour type over a period of three or four years, and have 
been quite successful in recording the performance of devices on 
transients produced in the laboratory. The difficulty comes 
about chiefly in the matter of getting the oscillograph under 
way when the tranaent comes along. Needless to say we have 
no premonition of its happening, and as a rule we are not able 
to beat toe transient to the oscillograph, which means that we 
must have some means of automatically setting off the oscillo¬ 
graph, or else keeping it in operation aU the time. Dr. Norinder 
seems to have solved that problem in the second manner. In 
that connection there is one question I should like to ask him. 

I pr^me he is using a cold-eathode-ray oscillograph, and I 
wonder how much difficulty he has with holding a good spot on 
the film. I assume he has no difficulty because his photographic 
r^ords are satisfactory. We have had difficulty in that partic- 
ffiar respect, m holding a satisfactory spot over a long period of 
time when using high cathode-anode accelerating potentials. 

T attacked from the standpoint of 

Je hot cathode ms^ of the cold. There are certain inherent 
difficulties with that method, however. In the r.i ghfnin g 


Arrester Laboratory in Pittsfield we have worked out a scheme 
whereby the transient will actuate the oscillograph although the 
device itself was not previously in operation. By that 1 moan 
that there is ho cathode stream at the moment the lightning 
discharge reaches the oscillograph, but it has been possible to soli 
up the circuit so as to start the oscillograph at the inoniont when 
the transient appears. It is necessary, of course, to find some 
means of delaying the transient for a short period of time, as in 
the method Gabor used in his experiments in Berlin wJiore ho 
delays the transient by passing it through a cable of more or less 
known characteristics, and then measures the emerging tran¬ 
sient. In the .meantime the oscillograph has had a microsecond 
or two to get into operation. 

We have come to feel that this problem is an extremely 
important one. Some valuable work has been done in this 
country with the Lichtenberg figures, hlowever, they tell us 
nothing about the duration or tail of the transient and therefore 
we are unable, very often, to decipher accurately the results wJiich 
we get from the surge-recorder or Idydonograph studie.s. This is 
probably due very often to differences in the form of the wave.s, 
and therefore our solution at the present time is rather 
indeterminate. 

I feel that we must have on our transmission lines in our 
country several of these cathode-ray oscillographs so that wo 
can determine the crest values, wave fronts, and eliaracter of the 
t^ of waves which appear on our transmission circuite. Tlio 
effect of the station equipment in modifying and rellocting tlwso 
waves forms should be also determined. 

Harald Norinder: This question of the regulation of the 
pot m a eold-eathode-ray oscillograph raised by Mr. MoBachron 
has not caused us any diffloulties at all. To have a steady spot 
IS only a question of regulation. With respect to an oscillo- 
grph where a hot cathode is used it would be of interest if such 
a type could be developed, but I am not sure that all troubles 
could be easily avoided. It is for instanoe very hard to get a 
ptable pncepration through the anode with the hot-ftalhodo 

I . ■ probloin of tho 

hot^thop type but I have not seen any publications giving 
good practical results. ^ 
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Synopsis,—The special case of cylindrical rotor machmes has 
been treated previously by Bouch&rot and others. The present 
paper solves the general case, including salient pole machines. 
The cylindrical rotor type thus becomes merely a limiting case. 
The principal assumption which distinguishes the present theory 
from the extensively studied cylindnccd rotor theory is that the 
total armature self-inductance is here taken as variable loith respect 
to rotor position, whereas the preifious theory of short circuits, as 
represented by Boucherot, for instance, assumes this inductance to 
be constant—in othcn' words, that the air-gap is uniform. 

The four basic concepts underlying the improvement in theory, 
both as applied here and in Uie authors' previous work on Syn¬ 
chronous Machines, are: 

1, Characterization of the machine by four reactance coefficients, 
two corresponding to the main pole axis, i. e,, direct axis, and two to 
the interpolar axis, i, e,, quadrature axis. These are: aro, 

®Qi {See notation,) Thus the theory has been referred to, 

more or less aptly, as the ^^Four-Constant Theory," 

S. Resolution of flux and m, m, f, waves traveling with respect 
to the rotor into stationary, pulsating components in line with the 
direct and quadrature axes. The theory involves also, of course, the 
usual Blondel resolution of the stationary fundamental waves, 

3, That the variable component of armature inductance varies 
between the direct axis value and the quadrature axis value as a 
second harmonic function of the electrical space angle. This 
applies to all variable components of inductance which, with arma¬ 
ture current of fundamental frequency, produce fundamental voltage. 

4* The complete use of a fractional system of notation throughout 
(he equations, thus expressing each quantity as a decimal fraction of 
some definite, convenient value, such as ^'normal" value. This is, of 
course, an outgrowth of the familiar practise of expressing such 
quantities as a per cent of normal value, but the latter involves 
carrying along the **100" in calculations, which is both cumbersome 
and conducive to numerical error. Experience has established a very 
definite preference for the former—(he only difference between them, 
of course, being the position of the decimal point. Thus, with 
unity as the base, instead of **100," it is proposed to denote the 
former by **per unit" system, instead of **percentage" system. 
Turning to the results of the paper, expressions are derived for (he 
short-circuit currents in the armature and field, for voltage induced 
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Associate. A. I. B. B. 

in the open phase, and for voltages across external reactances in the 
armature and field circuits. Comparison of calculated and test 
curves for these quantities are shown in Figs. 5 to 8, for a 7000-kv-a, 
376 rev, per min, salient pole alternator, and in Figs. 11 to 35 for a 
30-hp. 1800-rev, per min. induction machine {cylindrical rotor). 
These show satisfactory agreement. 

The form of the results is interesting and instructive. The 
short-circuit currents are expressed, as in equation (9), as (he sum 
of two series, one of odd, the other of even, harmonics, in which 
the magnitudes of the harmonics, in ascending order, are in geomet¬ 
ric ratio. The value of that ratio is 



V iCq' + V 


where ojd and Xq are transient reactances in the direct and qtuidra- 
ture axes. 

The effect of salient poles in reducing the relative magnitude of 
the harmonics xoilh respect to the fundamental in the short-circuit 
current is dearly shown by the equations. This is important both 
in connection with the calculation of mechanical forces, and of the 
voltage induced in the open phase during single-phase short circuit. 
It is shown (hat although (his voltage may be 15 or 20 times normal 
in a laminated, cylindrical rotor machirie without amortisseur 
circuits, it may be only 2 to 4 times normal in a salient pole machine. 
An amortisseur winding greatly reduces it in either case. 

The fundamental component of this voltage across the open phase 
is shown to be approximatdy equal to {1 + 6) times the voltage 
before short circuit 

The mathematical work and definitions are in Appendixes as 
follows: 

A Summary of equations, 

B Armature current, 

C Field current, 

D Voltage across external reactance in armature circuit. 

E Voltage across external reactance in field circuit, 

F Voltage across (he open phase, 

O Variation of armature inductance with position, 

H Decrement factors. 

I Reactatbces, definitions, and relations. 


Historical 

T the White Sulphur Springs Convention in 1926 
the authors presented the first of a series of papers 
covering their investigations of the Synchronous 
Machines. Part , I was an extension of fundamental 
theory; Part II, a treatment of torque-angle character¬ 
istics under steady state conditions; and Part III, 
presented at the 1927 Winter Convention, a study 
of torque-angle characteristics under transient con¬ 
ditions. In the present paper, an analysis is inade of 
single-phase short circuits. In the future, the treat¬ 
ments of other characteristics, including polyphase 
short circuits and the torque existing under short- 
circuit conditions, may be given. 

*Both of the General Eleotrio Co. 

1. For references see bibliography. 

Presented at the Winter Convention of the A. I. E. E., New York, 
N. F., February 13-17,1928. 


Certain special cases of short circuits have been 
treated previously. Following the early work by 
Steinmetzi and Berg, Boucherot* presented his classical 
paper in 1912, dealing with alternators of the laminated, 
cylindrical rotor type, with and without amortisseur 
windings. In 1915 Diamant* reviewed the work of 
Berg and Boucherot, and, among other mathematical 
extensions, gave expressions for the envelope of the 
short-circuit current. In 1918 he presented an analysis 
of sustained short circuits, dealing principally with the 
nature of flux distribution imder ihat condition. In 
the same year«a one of the authors proposed the use of 
the Constant Linkage Theorem in dealing with short 
circuits, and in 1921”’ and 1923*« illustrated its use. 
Also in 1923 Franklin* applied this method to a large 
number of cases of single-phase and tiiree-phase short 
circuits. Working from the same fundamental prem¬ 
ises, Laffoon* solved additional cases in 1924. The 
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following year Karapetoff® analyzed, in the main, the 
same cases as those of Franklin and Laffoon; but he 
started from a somewhat different theoretical basis, 
i. e., from Kirchoff’s Laws. But he, like Franklin and 
Laffoon, neglected resistance, which made the funda¬ 
mental premises the same—since the Constant Linkage 
Theorem is merely a corollary of Kirchoff's Second Law, 
for the special case of negligible resistance. That is, 
his equations involved voltages, instead of magnetic 
linkages, and were therefore the first derivatives of the 
corresponding equations in Franklin’s work. Involv¬ 
ing the same assumptions regarding the circuits, the 
results naturally also agreed. In 1923, Lyon*® outlined 
a method according to which “certain low-frequency 
transient conditions in electric machinery may be 
analyzed by a vector method.” From tilie vector 
point of view, first proposed by Dreyfus*®’*' *® in 1912, 
the transient voltage or current may be represented by a 
series of vectors which shrink exponentially as they 
rotate. The thorough, mathematical treatments of 
cylindrical rotor machines both by Shimidzu and Ito® 
and by Biermanns,® in which the effect of resistance is 
approximately taken into account, are especially note- 
wortiiy. All of the foregoing investigations have dealt 
mth cylindrical rotor machines; and, granting the 
simpUfying assumptions which have appeared to, be 
practically necessary, such as those made by Shimidzu 
and Ito, and Biermanns, relating to resistance and 
saturation, it may be smd that a practical solution of 
short circuits for the cylindrical rotor type has been 
attained.* 

Scope 

These previous analyses, however, have not solved 
the important case of salient pole machines. The 
present paper treats the general case, including both 
types, ^oceeding from the same basic point of view 
from which the authors’ previous work on Synchronous 
Machines has been developed, the present treatment 

t^es up single-phase short circuits and partial short 
circuits, i. e,, with external reactance in the armature 
and field drcuits, developing expressions for armature 
current, field current, armature voltage across the open 
phases, voltage across reactance in the armature circuit, 
and the voltage across reactance in the field circuit. 
These expressions apply not only to salient pole 
naachines, but also to the cylindrical rotor type, 
since under the present theory, the latter type merely 
become a special case of the former. Thus, the 
scope includes the development of expressions, appli¬ 
cable alike to salient poles and cylindrical rotors, for 
the voltage and current phenomena imder single-phase 
short circuit. 

♦After submitting the present manuscript, a copy of S. Bekku’s 
treataent of “Sudden Short CSrcuit of Alternator,” BibUography 
12, has been repmved. This treats the ease of the cylindrical 
rotor mac^e with a three-phase winding on the rotor, each 
rotor circuit being closed either directly or through the exciter 
He employs Heaviside” in the mathematical work. 


Although the single-phase phenomena of three-phase 
machines only are considered here, the theory is, of 
course, applicable also to two-phase machinfts . 

Discussion op Theory 

The four basic concepts underlying the improvement 
in theory, both as applied here and in the authors’ 
previous work, are: (1) characterization of the Tna/»hino 
by four reactance coefficients, two corresponding to the 
main pole axis, *. e., direct axis, and two to the inter- 
polar axis, i. e., quadrature axis. These are Zd, Zd', 
Zq, zq', (See notation.) Thus the theory has been 
referred to, more or less aptly, as the “Four-Constant 
Theory.! 

2. Resolution of flux and m. m. f. waves traveling 
with respect to the rotor into stationary, pulsating 
components in line with the direct and quadrature axes. 
The theory involves also, of course, the usual Blondel 
resolution of the stationary fundamental waves. 

3. That the variable component of armature induc¬ 
tance varies between the direct axis value and the 
quadrature axis value as a second harmonic function of 
the electrical space angle. This applies to all variable 
components of inductance which, with armature cur¬ 
rent of fimdamental frequency, produce fundamental 
voltage. 

The general aspects of this premise should be care¬ 
fully consid^ed. In a salient pole machine, if the ayi« 
of the armature fundamental m. m. f. is not in line with 
either the pole axis or the interpolar axis, the resulting 
fundamental flux wave, of course, will not be in space 
phase with the m. m. f. wave; and therefore calculations 
involving the total waves would be very complicated. 
By symmetry, the flux wave will be in space phase with 
the m. m. f. wave producing it, if the latter is in line 
with either of these axes. The purpose of resolving 
the fundamental wave of m. m. f. along these two 
particular axes is thus to obtain component flux waves 

tThere are, of course, more than four. The four constants 
which characterize the machine under single-phase operation are 
not the same as the four which characterize it under polyphase 
operation. They are, however, of the same general nature, tlms 
corresponding each to each, the chief difference being due to the 
mutual inductance between phases. Nor are the four constants 
the same for a line-to-ueutral, as for a line-to-line, short circuit. 
Thus, there are twelve constants in this particular connection, 
and even some of these may be split up under special conditions; 
for instance, where saturation exists, or where there are short- 
circuited windings on the rotor in addition to the main field 
winding, etc. Moreover, in certain network calculations, it is 
desirable to use an additional constant, namely, the zero phaae- 
aeguenca teacUince. The positfive phaae and ncgetive phaae values 
are also used in the latter connection, but these are expressed in 
terms of the “four constants.” And, if one should include also 
the calculation of all the possible phenomena due to harmonics, 
ae number of necessary constants could be extended almost 
indefinitely. Thus while it is correct to say that the nutohina , 
under single-phase or polyphase operation, is characterized 
under the premises of this paper by four constants, there are, all 
told, many more than four values of reactance to be considered 
in general. 
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in space phase with the respective m. m. f. components 
producing them. 

Now it is a mere incident of machine design that there 
is symmetry about the two axes mentioned, and that 
these axes happen to be 90 electrical degrees apart. 
But these facts underly the possibility of expressing the 
variation of armature inductance as a simple second 
harmonic, as in equation (3). For derivation of this, 
see Appendix G. 

Such a variation is shown to apply not only in the case 
where the field winding is open circuited, i. e., to the case 
of pure reluctance symmetry of the rotor magnetic 
circuit, but also to the case of artificial reluctance S 3 nn- 
metry as produced by short-circuited rotor windings, 
such as the field winding. A short-circuited secondary 
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on the rotor merely increases the reluctance of the path 
of the armature flux; and in machines as ordinarily 
constructed, the artifidal reluctance ssonmelay is about 
the same two axes as when the secondary windings are 
open-circuited, since the axes of the latter windings 
coincide with the direct and quadrature axes. See 
Fig.l. 

There is also a relatively small component of armoAure 
leakage inductance, which varies as a second harmonic. 
Although this component is due to space harmonics of 
flux, it nevertheless produces a reactive voltage of the 
same frequency as the armature current. This has 
been considered by Karapetoffsa and Arnold, “ its 
significance is fully discussed in Synchronous Machines, 
—J,M and its magnitude is given by Alger.f 

t“Calculation of Reactance of Synchronous Machines,” 
by P. A. Alger, p. 493. 


Thus, considering the variable components of induc¬ 
tance, it is permissible, under the premises, to regard the 
variation as a second harmonic of the electrical space 
angle, regardless of whether the variation is produced 
by the shape of the iron magnetic circuit, by short- 
circuited secondary windings on the rotor, or by both; 
and regardless of whether the variation affects the 
fundamental or the harmonic flux waves, so long as the 
reactive voltages produced by such waves are of funda¬ 
mental frequency. Fig. 2 shows the variation of the 




Pia. 2— Variation in Transient Inductance, 20-Hp. 
Machine 

Curve A—No saturation 
Curve B—With saturation 



Fia. 3 — ^Variation in Transient Inductance—4-Pole, 
16-Kv-a., 1800-Rev. per Min., Salient-Pole Machine 

transient inductance of a 20-hp, machine, on which 
many of the tests described herein were taken. Curve 
A was taken under the condition of no saturation, and 
is practically a sine wave of double frequency, whereas 
curve B was taken und® the condition of partial 
saturation, and departs considerably from a sine wave— 
thus containing significant even harmonics. Fig. 3 
shows the same curve for a four-pole, 15-k-va., 1800- 
rev. per min. salient-pole machine without saturation. 
Fig. 4 shows the curve for a 7000-k-va. machine. This 
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was obtained from an oscillographic record taken in 
connection with the “slip method.” f 

4. The complete use of a fractional system of notation 
throughout the equations, thus expressing each quantity 
as a dedmcd fraction of some definite, convenient value, 
such as “normal” value.. This is, of course, an out¬ 
growth of the familiar practise of expressing such 
quantities as a percentage of normal value, hut the 
latter involves carrying along the “100” in calculations, 
which is both cumbersome and conducive to nnmArjcai 
error. Experience has established a very definite 
preference for the former, the only difference between 
th^, of course, being the position of the decimal 
point. Thus with unity as the base, instead of “100,” 
it is proposed to denote the fonjqer by “per-unit” 
systan, instead of “percentage” sjrstem. 

The use of the “per-unit” system has distinct 
advantages. In the first place, the results are in forms 
which have a definite significance in giving at once an 
idea of relative values; for instance, a current of 0.5 
means 60 per cent of normal current. Another advan- 



Pia. 4— ^Variation in Transient Indcctancb — ^7000-Kv-a. 

Machine 

tage is that cumbersome conversion factors are thus 
elimmted. For instance, as per-^nit quantities, cur¬ 
rent is taken as numerically equal to the m. m. f. of 
armature ^reaction, and voltage, at normal frequency, 
as numerically equal to the magnetic linkages which 
produce it, and in many cases, as noted below, reactance 
as numerically equal to inductance. It should be 
mentioned that in equating per-unit current to per-unit 
armature reaction, or per-unit linkages to per-unit 
voltage or field current, dimensional relations are not 
disturbed, because all values are ratios; i. e., all val¬ 
ues are numerics. Conversion factors thus become 
unnecessary. 

At some risk of confuaon, attention is also called to 
me fact that, according to the definitions, reactance and 
mductance, as per-unit quantiHes, become identical' 
numerically in many special cases where the reactance 
IS based on fundamental frequency. Reactance is still 
reactance, and inductance is still inductance; but with 
^ch expressed as a ratio, i. e., as a numeric, they 
become, by definition, numerically equal under the 
special con dition referred to. The definitions are: 

}See R. H. Park & B. L. Robertson, p. 614. 


per-unit inductance for the nth harmonic is the ratio of the 
nth harmonic linkages, produced hy an nth harmonic 
current of normal value, to normal linkages. And, per- 
unit reactances for the nth harmonic is the ratio of the nth 
harmonic reactive voUage due to an nih harmonic current 
of normal value, to normal voltage. Thus, if I is the 
circuit inductance, in I gives the per-unit linkages due 
to the «th harmonic current k, and t„ Xn gives the corre¬ 
sponding per-unit reactive voltage. For the funda¬ 
mental component of current i, 
ix = il 

provided all of the linkages due to i produce voltage of 
fundamental frequency; and if so, aj = 1. But this is 
not always so. If the inductance I is constant, the 
linkages must be proportional to the current (under the 
premises), and the fundamental current could not 
produce any but fundamental linkages; but if 1 is a 
function of time, as it is during rotation, a current of 
one frequency may produce linkages of another fre¬ 
quency. For instance, the fundamental component 
of ciurent in the armature may produce 5th harmonic 
(in time) linkages in the armature. But the reactive 
coefficient x for the fundamental would not, by defini¬ 
tion, include these linkages; it would include only those 
of fundamental frequency. Thus, as defined, the 
T^-unit reactance for the fundamental, and the per^nit 
inductance become numerically equal when I is con¬ 
stant, and the voltage am-oss the inductance, regardless 
of the character of the current, is given by 

, di di 

However, for rotation, the voltage is given only by 

® “ TT 

In other words, the only difference between per-unit x 
for the fundamental, and per-unit I, is the difference 
between the total linkages produced by the funda¬ 
mental ciurent i, and that component of the total 
which is of the same frequency as i. Hence when there 
is no difference, that is, when the linkages are at all 
instants proportional to the component of current 
under consideration, x and I may be taken as numeri¬ 
cally identical. 

So, considering the system of notation as a whole, 
although it may possibly be a bit confusing at first, it is 
nevertheless sound, has very great advantages in simpli- 
fsdng equations, and in giving an added significanAP to 
the results, and is time-tried; i. e., has proved its value 
over years of day-to-day practical use in the solution of 
complicated problems. 

The four basic concepts outlined in the foregoing 
I^agraphs, afford the basis for S37mmetrical, relativdy 
simple, and very interesting expressions for the voltage 
and currents under single-phase operation. It has been 
possible in this way to take into accoxmt, without undue 
mathematical complication, the predominaiing factors 
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of the problem, aaid therefore to obtain a very satis¬ 
factory agreement between calculated and test results, 
as may be seen by reference to Pigs. 11 and others 
which follow. 

These extensions in theory have required not only 
additional characteristic machine constants, as already 
mentioned in a footnote, but also have made it neces¬ 
sary, in order to avoid confusion and misunderstanding, 
to classify and more carefully define them. In the 
early days, a ssmchronous machine had a reactance; 
now it has many. Moreover, our ideas about some of 
the well established terms, for instance, armaMre leakage 
reactance, and jiM leakage reactance, have needed 
some revision. As a rough illustration in connection 
with the general situation; in running a polygonal 
boundary, an error in the length or bearing of one 
of the sides is not so apparent, unless it becomes 
necessary to “close” the polygon. The error is merely 
passed on the next side, letting the end whip about as 
occasion may require. In synchropous machines, it 
was formerly necessary to “run” only one or two sides; 
now, with the necessity of calculating practically all of 
the electrical characteristics, we must “dose the 
polygon.” So, an orderly classification, description 
and careful definition of terms is quite in order, as is 
also the presentation of methods of calculating some of 
these factors. The former is given in a companion 
paper by R. H. Park and B. L. Robertson; and. the 
latter, by P. L. Alger. 

Returning to the general aspects of the theory, 
consider now the distinguishing differences between the 
present treatment and those already referred to, which 
have preceded it. Boucherot’s work is the outstanding 
early contribution on the subject. Others have 
attacked essentially the same problem in different and 
perhaps more convenient ways, and have made note¬ 
worthy extensions. But they, like Boucherot, have all 
treated cylindrical rotor machines only, whereas the 
present investigation has dealt with the general case 
including salient pole machines, the cylindrical rotor 
type thus becoming merely a limiting case. It may be 
of interest, therefore, to draw some specific comparison 
relating to the differences in fundamental premises, and 
hence also in the resulting equations. 

There are two fundamental assumptions which 
distinguish the general treatment from that of cylindri¬ 
cal rotors. The first relates to the character of the 
total armature self-inductance; Boucherot's Li, the 
authors’ £d and jBq. In the cylindrical rotor theory, 
this inductance is assumed to be constant with respect 
to position—in other words, that the air-gap is uniform; 
in the present theory, it is assumed to be variable,* 
as it actually is in salient pole machines. In the limit, 
when there is no variation, that is, when £o and £q are 


*Tlie total variable component comprises not only the variable 
term of the induotanoe of armature reaction, but also the small 
variable term of armature leakage inductance. 


equal, the equations then apply to cylindrical rotor 
machines. 

What difference does it make in the results if that 
inductance is assiuned to be variable? It makes a large 
differ^ce in the relative magnitudes of the fundamental 
and harmonies, and thus also in the ratio of the ampli¬ 
tude of the fundamental to the peak value, both in the 
short circuit current, and in the open phase voltage. 
One important result of the theory is that the peak 
value is the same for salient poles as for cylindrical 
rotors, when the transient reactance, direct axis, is the 
same. Thus equations (18b) and (19b) show, as indi¬ 
cated graphically in Fig. 9, that the peak is independent 
of xq'. The magnitudes of the harmonics and of the 
fundamental are very important, both in determining 
mechanical stresses and angular vibrations, and also in 
determining the voltage in the open phase and across 
external reactance. These are greatly affected by 
salient poles, and can be predetermined with, practical 
accuracy from the present theory. But they obviously 
cannot be correctly calculated from cylindrical rotor 
theory based on the assumption of constant total 
inductance with respect to rotor position. 

The second distinguishing premise is that there are 
two rotor windings, one in each of the conventional 
axes, and having different constants. It is thus possi¬ 
ble to take into account, at least in an approximate 
way, the effect of any short-circuited winding which 
may exist in the quadrature axis, such, for instance, as a 
non-uniform squirrel-cage winding, as used in laminated 
cylindrical rotors, or in salient-pole machines, and also 
such as massive steel rotors in which the transient 
reactances Xo' and x<j' are different. And if there are 
actually only two distinct rotor circuits in the two axes, 
even though they have different constants, the theory is 
completely applicable. Moreover, for a special case of 
cylindrical rotor in whidi there, are two rotor windings 
at 90 deg., i. e., one in each axis, and also in which 
xd' > Xq', the characteristics can not be calculated, so 
far as the authors are aware, by the previous cylindrical 
theory. But they are easily calculated and analyzed 
by the present theory. This is illustrated by reference 
to Pigs. 13, 14, and 15, which apply to such a case. 
These are explained under “Results.” Thus, the 
second distinguishing assumption broadens the appli¬ 
cation of the theory over the previous theory, even in 
the case of cylindrical rotors. 

Assumptions 

1. Negligible saluralion. This is, of course, not true 
practically. However, as mentioned in Synchronom 
Machines — III, this does not prevent the use of the 
results in cases where saturation is present, by judicious 
shading of the constants, or by shading tiie calculated 
results with respect to the degree and distribution of 
the saturation; rmiembering, however, that the method 
thus applied is an approximation. 

2. The open-circuit voltage is a sine vme. This is 



462 


practically true of most modem alternators. The 
combined effect of coil pitch, distribution of the wind¬ 
ing, T-coimection, and perhaps “fractional slot” wind¬ 
ing, practically eliminates all harmonics in the voltage 
wave. So this assumption is reasonably correct for 
most synchronous machines. The only significant 
practical departure might be in the case of the line-to- 
neutral voltage of a machine with a relatively sm^n 
ni^ber of full pitch coils per pole, in which case there 
mght be a significant third, and possibly other odd 
harmonics. 

3. Tha machine has a short-cireuited rotor winding in 
m qmdrcUwre axis, as weU as the main field winding in 
the direct axis. (See Fig. 1.) 

4. Resistance of the armature and fidd drmits is 
negleM in calculating the magnitude of the initial diort- 
c^emt current; and the armature resistance, in calculating 
the magnitude of t^ sustained current. But bodi resis¬ 
tances are taken into account in the decrements. The 
effect of r^stance in the impedance is usually insignifi¬ 
cant, but its effect on the decrement is, of course, very 
pronounced. Indeed, tha*e would be no decrement 
without resistance. 

6. The machine is short-circuited at no-load. A sug- 
gested extension of the theory is to take into account 
the relatively small effect of load current. 

Fundamental Equations 

The general plan of attack and the general considera¬ 
tions leading up to the fundamental equatl<»is will be 
^cussed here, and the final equations will be derived 
m the Appendix. 

Superposition is used in obtaining the initial values 

of armature and field current. The plan is firet to find 
a general egression for the magnetic linkages of the 
armature winding, due to any transient armature cur¬ 
rent, and with no field current except that induced by 
the a^ture current; and then to determine the arma- 
time Imkages due to any other current in the field 
windmg, and superpose these to find the resultant 
value of armature linkages. Under short circuit, and 
neglecting resistance, the latter value of linkages must 
be ^ual to the known value existing at the instant of 
^ort circuit.* These relations are sufficient to solve 
lor the imtiOil armature current i. 

The imUal value of field current is obtained by 
adding ^e component induced by the armature wind- 
^^to the steady value existing the instant before short 

There are certain components of the initial current 
whicffi are knoira to be transient. These, as a function 

multiplying the individual 
fS appropriate decrement 

The sustained values, of course, comprise those 
component s which exist after the transientsLvt 

♦Constant linkage Theorem. See BibUography 9 c. 
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peared, and are thus obtained by setting the transient 
terms equal to zero* 

The decrement'factors are obtained by an approxi¬ 
mation. It seems to be well nigh hopeless, as a practi¬ 
cal matter, to take into account rigorously the armature 
Md fifeld resistances in the general case, but it happens 
fortumtely that it is possible to obtain results which are 
sufficiently accurate for any practical purpose, by 
making simplifying assumptions. 

Before stating these specifically, the physics of the 
transient ciments will be briefiy considered. When the 
armature winding is short-circuited, the magnetic flux 
linked mth the closed field circuit can not change signif¬ 
icantly in the first moment, yet, since it can not now 
enter the short-circuited armature winding, it is forced 
by the demagnetizing action of the armature currents 
to pass through paths (the leakage paths) of greater 
reluctence; that is, the short-circuited armature is 
equivalent to an increased magnetic reluctance. Hence, 
an additional current must appear in the field circuit in 
order to sustain the flux in those new paths, and this 
spontaneous additional direct current, being uiisup- 
ported by the exciter voltage, is, of course, transient in 
character; that is, the voltage which supports it through 
the resistance of the field circuit, is generated by the 
decay of the flux through that circuit. Considered 
thus, the problem of determining the transient becomes 
practically identical with that of detennining it for the 
simple inductive circuit, namely, to obtain the simple 

decrement factor —^, in which r is the resistance of the 


circuit through which the transient flux is decaying, and 
Lis the total circuit inductance defined by the ratio of 
the total linkages of the circuit, to the current required 
to sustain them, this decrement factor being applied to 
the transient component of current. This general view 
of decrements was presented by one of the authors** in 
1918, and is essentially the same as that used by 
Biermanns. 

How does armature resistance affect the field decre¬ 
ment factor? From the limit of zero armature resis¬ 
tance, on the one hand, for which all flux linkages are 
forced into the high reluctance leakage paths, to 
infinite resistance on the other, that is open circuit, 
under which condition none of tiie flux is forced out of 
the normal magnetic path of relatively low reluctance, 
there are, as far as the field transient is concerned, all 
possible intervening values of effective reluctance and 
corresponding inductance. Thus, the effect of arma¬ 
ture resistance on the field transient may be taken into 
account in the field decrement factor by appropriate 
m(^ification of the inductance. This is done when that 
resistance is large enough to affect significantly the value 
of the direct axis component of armature current. It is 
rarely necessaiy to do this, but when it is, it is a much 
easier task than to attempt a rigorous solution, which, 
to the author’s knowledge, has been obtained only in the 
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special and limited cases treated by Biermanns,® 
Shimidzu and Ito,® and Bekku.*® 

The same general argument may be applied to the 
effect of field resistance upon the armature decrement 
factor, that is, with respect to the transient flux linkages 
which are “trapped” in the short circuit armature 
winding. 

Thus, the approximation is made that, unless the 
armature resistance is large enough to become signifi¬ 
cant in the impedance, L e., large enough to affect the 
demagnetizing cmrent in the direct axis, it is neglected 
in the field decrement factor; and when it is taken into 
account, this is done by an appropriate modification of 
the inductance. And under similar limitations, the 
field resistance is neglected in the armature decrement 
factor. 

The field decrement factor is applied to the induced 
direct component of current in the field, and to all other 
phenomena which depend on that current in direct 
proportion, such as the transient alternating component 
of current in the armature, and the armature drctiit 
voltages which are due to the latter. And likewise the 
armature decrement factor is applied to the d-c. 
component in the armature and to all other phenomena 
which thus depend upon it, such as the transient a-c. 
component in the field circuit, and the voltages which 
are due to the latter. For the derivation of decrement 
factors see Appendix H. 

The armature decrement factor is. 



r 

VXd'Xq' 


( 1 ) 


and the field decrement, 

Xd+ V Xd' Xq' 

oy = - - 

Xd' + V Xd' Xq' 


( 2 ) 


where co is the decrement factor of the field corre¬ 
sponding to total field self-inductance. 

Another item for consideration is the voltage across 
an external inductance in either the armature or field 
circuit. This is found by differentiating the particular 
current with respect to time, and taking the product 
of this by the external inductance coefficient. These 
voltages are derived in Appfflidixes D and E. 

Still another is the voltage across the open phase of a 
three-phase machine during short circuit of one of the 
phases. This is determined by first obtaining an 
expression for the linkages with the open phase in 
question, and differentiating this with respect to time. 
This is given in Appendix P. 

Turning now to the details of the fundamental 
equations, refer to Pig. lA. If a transient current i is 
caused to fiow in the armature winding in the position 
shown, that is, with the direct axis and the armature 
winding axis coinciding, a current wdll, of course, appear 
in the field winding which is short-drcuiW either at 
the terminals or through an external inductance. 
Thus, fluxes will be produced in the leakage paths , of 


both the armature winding and the short-circuited field 
winding. Corresponding to these fluxes there will be a 
direct static transient inductance £d' and corresponding 
reactance a^'; similarly, when the quadrature axis is 
lined up with the axis of the armature winding, as in 
iB, there will be a quadrature static transient inductance 
Iq and corresponding reactance Xq'. For any other 
position, as in Ic, the inductance will vary, as pr^ 
viously shown, between xd' and as a second 
harmonic function of the angle j between the armature 
winding axis and the direct axis. Thus 

. = -|-[ + W) + (in'- W) C0S2 7] 

Or, since xd' and Xq' are “static” values of per-unit 
reactance, they may be taken, as already explained, as 
equal to the corresponding inductance. Hence, 

I' = [(Sd' + Xq') 4- {Xd' - Xq') COS 2 7 ] (3) 

Let the transient armature current be due to a sin^e- 
phase short circuit occurring during rotation at uni¬ 
form speed, and at the instant when the direct axis is 
displaced from the armature axis by the angle a. 
Counting time from this instant, the angle 7 becomes a 
function of time. 

y = t + a (4) 

Therefore, any transient current, f, which exists at 
any time t, will produce the following flux linkages wnth 
the armature wdnding, 

^Pi = l'i ^ + *q') + {xd'-xq') cos 2 (f + a)] 

(5) 

The current existing in the field winding before 
short circuit, would produce in the open circuited 
armature winding at any time t the alternating mutual 
flux linkages, 

if-,, = 1 : Co cos {t 4 - a) ( 6 ) 

where Co represents the peak voltage, line-to-neutral, 
generated before short circuit, and therefore also the fiux 
linkages; and since on open circuit, terminal voltage is 
also nominal voltage, Co also represents the correspond¬ 
ing field current. A: is a factor whose value depends 
upon the nature of the short circuit, i. e., whether line- 
to-neutral or line-to-line. Thus, k — 1.0 for line-to- 
neutral, and 1.73 for line-to-line. 

The sum of (5) and ( 6 ), must equal the linkages 
existing at the instant before short circuit, namely, 

tpm = k Co cos a (7) 

The above relations determine the total armature cur¬ 
rent, as derived in Appendix B. 

The total field currents are given by 

Jd = = Co 4” h 1 

and = Cj = A Cj / (8) 

where e<j represents direct nominal voltage, and therefore 
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also the total field current in the direct axis winding, and 
A Bd the increment induced by the transient armature 
current. Similarly, A represents the increment 
induced in the quadrature axis winding. It is assumed 
that the only quadrature component is the induced 
current. The field current is derived in Appendix C. 

Results 

The foremost result is the method of analysis which 
makes possible, in a practical way, the calculation of 
transient phenomena in any synchronous machine, 
regardless of whether it is of the salient pole or the 
cylindrical rotor type. The equations thus derived 
have made it possible to calculate complicated transient 
characteristics which check, in minute details, with the 
oscillographic records of tests; and these equations have 
revealed a number of important and very interesting 
facts relating to the form of the current waves, the 
resulting possibility of relatively simple analysis of the 
waves, and the induced voltage in the open phase during 
single-phase short circuit. A summary of equations 
is given in Appendix A. 

Referring to the short-circuit current waves, the 
current is expressed as the sum of two harmonic series, 
one of odd, the other of even, harmonics; and the 
magnitudes of the harmonies in each series, in ascending 
order, are in geometric ratio. Thus, the single-phase 
short-circuit current of the armature is 

k Bq cos a 

+ 2 6* cos 4 '(i + O') + 2 6’ cos 6 (i + a) + . . . .] 

2 k Bo 

" a- + « + ») + « + «) 

+ 6* cos 6 (< + a) + 6* cos 7 (< + a) + . . ] ( 9 ) 

The geometric ratio 6 is given by 

j _ “v/ — *%/ Xp' 

s/ Xq' + \/ Xji' 

where is the transient reactance in the quadrature 
axis, and xd' the corresponding quantity in the direct 
axis. 

For instance, a 7000-k-va., 376-rev. per min., 25- 
cycle, 2200-volt salient-pole machine of usual construc¬ 
tion has the following constants.* 

*It should be remembered that these constants represent the 
static transient linkages (or, at normal frequency, the correspond¬ 
ing reactive voltage) as a fraction of normal linkages, line-to 
neutral , (or, at normal frequency, the lins - to - neub-al normal 
voltage). The values given look high compared with the usual 
thre^phase values, because they are line - lo-Une constants. H 
the line-to-line voltages were taken as the per-unit base, instead 
of Ime-to-neuta^, the values would be divided by V 3. Also, 
^e corresponding line-to-neutral, three-phase values would be 
just one-half the values given. See companion paper by Park 
and Robertson regarding the relations between iliree-phase and 
siugle-pliase constants. 


Xd' = 0.4 

Xq' = 1.0 

6 = 0.23 

In this machine, the 3rd harmonic in the short-circuit 
current would be 23 per cent of the fundamental, the 
6 th 23 per cent of the 3rd, the 7th 23 per cent of the 
6 tb, and so on. Likewise for the even harmonics. The 
total wave, both calculated and tested, is shown in 
Fig. 6 for armature current, and Fig. 6 for field current. 
As an extreme case, 

Xd' = 0.21 

Xq' = 3.77 
6 = 0.618 

These constants apply to an actual induction machine 
with a coil wound secondary, t The armature is three- 
phase, the rotor two-phase; the latter, in this particular 
case, being connected two phases in series with direct- 
current excitation. The machine is rated 20-hp., 1800- 
rev. per min., 60-eycle, 110-volt. For convenience, 
the per-4init quantities are based on 10 -kv-a., three- 
phase, 57.7-volt line-to-neutral. 

With the rotor winding thus connected, the harmonics 
are relatively 2.67 times as large as in the previous case 
of the 7000-kv-a. salient-pole machine. The waves of 
current, both calculated and test, are shown in Figs. 
11-13, for the armature current. Figs. 16-18 for the 
field current. 

It is interesting to note that if 6 = 0 , that is if 
Xd' = Xq', all harmonics disappear, and the current 
wave changes from the peaked wave in Fig. 13 to 
approximately a sine wave, as in Fig. 14. The values of 
were made practically equal by short cir¬ 
cuiting one of the two rotor phases, and exciting the 
other, keeping the external impedance of the latter as 
low as possible. 

Going a step further, XD'canbe made greater thanxq' 
by placing external inductance in the field winding 
which is ^cited, i, e., the direct axis winding. In f^big 
case the sign of the harmonics is reversed, i. e., 6 becomes 
negative, thus giving a dip in the wave. This is shown 
in Fig. 15. 

Referring again to equation ( 9 ), it is interesting to 
consider how limiting values of 6 modify the shape of the 
current waves. The first series, i. e., even harmonics, 
has the general form shown in Fig. 9a. The second 
series has the general form shown in Fig. 9b. The total 
current, tiie sum of the two series, has the general 
form of Fig. 9c. 

Now if X p' and xq' are equal, 6 becomes zero, and all 

fTbis machine was chosen with the two points in mind; one 
was t^t oup premises should be closely approximated: the other, 
that it was desirable, in the interest of an exacting test of the 
theory, to employ extreme limits in reactance ooefiloients thus 
involving harmonics of large magnitude, whi^ harmonics, 
nevertheless, would be capable of oontrol by different connections 
of the windings, and by variation of constants in the external 
circuits. 
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A—Tojsb curvo of sii'inattiro cniront 0.C9 „ 0.358 cos it + 65®) 

B—Tasb curve of opon-phaso voUago 1.4 — 0.(3 cos (2 / + 110®) 1.4 - 0.6 cos (2 / + 110®) 

0~^0alculafcocl curve of arinalurc* current with t.e.st points indicating 
Mlo poalcs _ 0.641 cos (i + 55®) 

1.4 - 0,6 cos (2 / +110®) 




Fio* 6 —Single-Phase Line-To-Line Shout Circuit at «. = 55 Dbq., 7000-Kv-a. Machine 
A—^T est curve of field cun'ent 

B—^Test curve of open-phase voltage 0.62413.24 + 1.24 cos (2 f +110®)] 

O—Test curve of voltage across external reactor in field circuit + 14 —06cos(2/ + 110®) 

D—Oalculatod curve of field current with test points indicating the 
peaks 

Equation:— 1.109 [3.24 + 1.24 cos (2 110®) | 

0.364 CO.S it + 55®) ^ "" ^ + 110®) * 

“ 1.4 - 0,6 cos (2 t + 110®) ® 


/ 
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harmonics vanish, as already indicated. Taking a = 0, 
the first series then reduces to only a d- e. component of 
an amplitude 


»0 


k Bq 

Vxo' Xq' 


( 10 ) 


And the second series then contains only a fundamental 
term of amplitude 


2 k eg _ 

Xo + \/ Xd' . 


( 11 ) 


However, if Xq' is increased until it is very large 
compared with * 0 ', h will approach unity—^that is, all 
harmonics will approach equality—^and the three waves 
shown in Fig. 9, will approach respectively those shown 
in Fig. 10. The value of 6 for the 20-hp. induction 
machine is very high compared with usual machines, 
but its value of 0.62 is considerably below unity. Yet, 
the current wave in Fig. 11 indicates a definite approach 
to Fig. lOc. In the first four cycles, that is, up to 
< = 8 T, the peaks of the component corresponding to 
Fig. 10 a slightly predominate over those of the com¬ 
ponent in Fig. 10 b. But the former, being subject 
to a more rapid decrement, become less after the fourth 
cycle, and the little resuMavi “tip” reverses direction. 
Note that tiie calculated wave in Fig. 11 checks the test 
perfectly in this detail. 

Another interesting and xiseful feature of the expres- 
aons for short-circuit currents is that they open up new 
possibilities of analyzing the current waves. In addi¬ 
tion to the relations shown in Fig. 9c and Fig. 10c, and 
the expression for the fundamental component of 
current in equation ( 10 ), it is shown in Appendix B 
that the r. m. s. value of the first series, i. e., even har¬ 
monics, of equation (9), is 


A: eo cos g j l -f- 52 
Vxd'Xq' y 1-b^ 


( 12 ) 


and of the odd harmonics 


._ \/2keo _ 1 

Xd' + y/ Xd' Xq' \/ 1 — 6 * ^ ^ 

Since equation (11) gives the amplitude of the funda¬ 
mental term, it follows that the first fraction in (13) 
is the r. m. s. of the' fundamental. Hence the r. m. s. 
of the whole odd harmonic series is different from the 
r. m. s. of the fundamental by the factor 


1 

VI- 

This is usually not significantly different from unity, 
and hence an ammeter reading will be approximately 
the fundamental. For instance, 6 = 0.5 would be an 
extremely high value for any commercial S 3 nichronous 
machine. The corresponding value of the factor is 1.15. 
However, a representative value of b might be 0.2, for 
which the corresponding ratio is 1 . 02 ; that is, the 
ammeter would read 2 per cent more than the fundar- 


mental. Hence this might be a useful approximation. 

Another possibility of convenient analysis of the 
oscillograph current wave is afforded by the fact that, 
with the harmonic ratio 5, if one harmonic in each series 
is determined, all of them are known. The convenient 
relations exist that the peak value of the odd harmonic 
series is 1/(1 — b) times the peak value of the funda¬ 
mental component, and the peak value of the even 
harmonic series is (1 4 - 6 )/(I — b) times the direct 
current component. It is shown in Appendix B that 
since the three quantities—^fundamental current it, 
direct-current component io, and the harmonic ratio b — 
completely determine the wave, it can be analyzed by 
sealing off three current values from the oscillogram at 
(/ + «)= 45 deg., 90 deg., and 180 deg. 

So much for the results regarding short-circuit 
current. Turning now to the next major point in the 
results, the equations show that imder single-phase 
short circuit the peak voltage across the open phase may 
be extremely high; many times normal in cylindrical 
laminated rotor machines without amortisseur winding. 
This voltage depends upon a very simple relation, 
namely the ratio of xq' to Xd'- Thus, for a short circuit 
at g = 0 —that is, at maximimi flux enclosure or 
maximum flux linkages—the ratio of the voltage across 
the open phase after short circuit (initial value) to the 
peak voltage before short drcuit is 

and for short circuit at zero flux linkages, i. e., a = ir/2. 

Xq' 

P’r/2 =-^sin/S (15) 


where is the angle between the axis of the short- 
circuited winding, and the axis of the open-circuited 
winding considered. 

Thus, as an extreme ease, consider the 20 -hp. ma¬ 
chine. Here the short circuit was line-to-line, and the 
voltage recorded was across the open phase line-to- 
neutral. Thus j3 = 90 deg. The ratio for maximum 
flux linkages (g = 0 ), therefore, is, 


P 


^3.77 

“ ^ 0 . 21 ” ^ 


34.9 


Reference to Fig. 19 will show that this initial value, of 
over 34 times the voltage before short circuit, was 
obtained. The transient, of course, reduced the value 
of the first peak to obtain 28 times the value existing 
before short circuit, which value is also shown on the 
calculated wave. 

When xV = zq', the maximum voltage for the case 
considered is unity. 

Turning to the test on the 7000-kv-a. salient-pole 
machine, the short circuit was line-to-line, and the open- 
phase voltage recorded was also line-to-line. Thus 

= 60 deg., and from (14), 
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P = S.46 for a = 0 

and P = 2.16 for a = ir/2 

These are limiting values. In the test, the short circuit 
occurred at a = 2.2 (i, e., about 125 deg.) and therefore 
the peak should fall between those indicated by the 
above values of p. Using a = 125 deg. (or, for con¬ 
venience, the corresponding value, 65 deg.) in the 
equation of Appendix F, the calculated wave Fig. 7 


phase short circuit may rise to a peak value many times 
the value existing before short circuit. It varies almost 
directly with the ratio ®q' to *d'. Hence, it would be 
extremely high—^possibly 15 or 20 times normal voltage 
—on a cylindrical, laminated rotor machine without a 
squirrel-cage or metal wedges, serving the same pur¬ 
pose; but is practically no greater than normal when 
® D> as in a machine which has an amortisseiur 
winding or massive steel rotor. Most of the cylindri- 



Equation:— 

^ ^ , gg r I0.3S - 0.3 cos (2 < + 170°)] sin (2 t + 110°) 
L 1.4 - 0.0 cos (2 / + 110 ®)^ 

1.194 sin (2f -f-170«) 

- 1.4 - 0.6 COS (2 < +110") J + (1 + 1-77 


0.624 sin (/ + 116®) 


0.746 sin (2 1 + 170) cos (/ + 55) 
1^4 - 0.6 cos (2 t + 110®) 


^ [ 0.35 - 0.3 cos (2 < + 170°) ] sln (/ + 55°) 

1.4 - 0.6 cos (2 ^ + 110®) 

1.49 [ 0.3S - 0.3 cpg (2 1 + 170°) ) sin (3 t + 110») cos g + 5S°1 
[ 1.4 - 0.0 cos (2 1 + 110®) )* 



Pi«. 8 —Ti{an.sient Voltage Across an External Reactor in the Field Circuit, Single-Phase Linb-to-Linb 
Short Circuit at a = 55 Deg., 7000-Kv-a. Machine. (Foe Test Results Refer to Fig. 6o.) 


e - 


Equation 

0.0426 COH a + 56®) + 3.64 sin (/ -f- 55°) 

1.4 - 0.0 cos (2/ + 110®) 

4.37 cos (/ + 66®) sin (2 / + 110®) \. 

[1.4 - 0.6 cos (2 t + 110®)!^ j ^ 

1 1.4 - 0. 


1.66 sin (2^ + 110®) 

).6 cos (2 i + 110®j 


0.75 sin (2 i + 110®) r3.24 + 1.24 cos (2 / + 110®)] 
’ [1.4 - 0.6 cos (2 / + H0®)p 

2.75 sin (2 i + 110®) 


1.4 - 0.6 cos (2 i + 110®) 


1.33 sin (2 f + 110®) [8.24 + 1.24 cos (2 i + 110®)] 
"*■ [1.4 - 0.6 cos (2 t H- 110®)]^ 


} 


.. 0 . 00272 ^ 


was obtained. The calculated first peak is 2.73 times 
the peak voltage before short circuit, and the corre¬ 
sponding test value, 2.97. The calculated value is thus 
less than the test by 8 per cent, which is a reasonable 
check, considering the probable error in scaling the 
Jingle from the oscillogram, and that due to the simpli- 
fsdng assumption made in Appendix P. And it will be 
noted that the shape of the curve checks satisfactorily. 
Thus, the voltage across the open phase during single- 


cal rotors in usual practise have one or the other of 
these features. In salient-pole machines, the ten¬ 
dency toward this high voltage is less, because Xd' is 
relatively higher, and xq', on account of salient poles, is 
relatively lower than in cylindrical rotor machines; but 
as shown in the foregoing actual illustration, the peak 
voltage, even in this case, may be from 2 to 3.5 times 
normal. A very important point to observe in this 
connection is that this high voltage across the open 
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phase is due, not to high flux density, but rather to a 
high rate of change, and hence saturation would not 
■ limit it, unless by tending to equalize jcd' and xq'. 

Boucherot* called attention to the possibility of high 
voltage across the open phase, and to the favorable 
effect of an amortisseur winding in reducing it. The 
value of the present treatment in this connection is that 
the equations, in addition to being generally applicable, 
show Ihe very significant extent to which salient poles 
reduce this voltage. 

It may be of practical importance to know the value 
of the fundamental component of the open phase 
voltage. The ratio of this to the voltage existing across 
the open phase before short circuit is given approxi¬ 
mately by the simple form (see Appendix F), 

Pi = 1 4- 6 


where 


Vxa'— Vxy' 
V ^q' + V Xji' 


For instance, in the case of the 20-hp. machine. Pig. 
19, Pi would be 1.628; and in the salient-pole machine. 
Fig. 7, for corresponding conditions, 1.23. 

Comparison of Calculaied and Test Results 

Calculations and tests were made on the two machines 
already referred to, namely, a 20-hp., 1800-rev. per 
min., 60-cycle, 110-volt induction machine, and a 
7000-kv-a., 876-rev. per min., 25-cycle, 2200-volt 
salient-pole alternator. The four major per-unit coeffi¬ 
cients (measured) for the 20-hp. machine, on the basis of 
10 kv-a., three-phase, 57.7 volts line-to-neutral, are: 

Xjy = 3.77, Xd' = 0.21, xq = 3.77, Xq' = 3.77 
The auxiliary coefficients are: 

»AD = 3.64, Xad' = 0.076, Xaq = 3.64, Xaq' = 3.64 
(Tf = 0.132 <Ta = 0.0474 

For the 7000-kv-a. alternator the corresponding 
per^nit coefficients based on 7000 kv-a., three-phase, 
1270 volts line-to-neutral, are: 

Xd «= 2,24, Xd' = 0.40, Xq = 1.00, xq' = 1.00 
Xad = 2.09, Xad' = 0.25, Xaq = 0.86, Xaq' = 0.86 

<Tf == 0.00272 <r« = 0.0117 

A comparison of calculated and test results is shown 
in Figs. 11 to 25, tnelusive, for the 20-hp. machine, and in 
Pigs. 6 to 8 for the 7000-kv-a. machine. Each illustra¬ 
tion shows, 

a. Calculated curve, from equations in Appendix A. 

b. Oscillograph record of test. 

c. Equation, with numerical values substituted,* 
from which the calculated curve was drived. 

The reason for making extensive tests on the induc¬ 
tion machine, excited by direct current as a synchronous 
madiine, has been stated in the second footnote imder 
“Results.” 


*'rhese equations, being reduced for numerical calculation, 
are in a somewhat different form from those in the summary of 
equations in Appendix A. 


A careful inspection of each of the figiues will clearly 
show a satisfactory agreement between the calculated 
and test curves, even with respect to the minute details. 
It will be noted that the decrements agree well. 

The ordinates of the curves, it will be remembered, 
are scaled as the ratio of the actual value of the quantity 
to the value taken as the per-umt base. Orffinarily, 
normal value is chosen as that base. In the present 
case, however, the base for the 20-hp. machine was 
taken as 10 kv-a., 57.7 volts line-to-neutral, thus mak¬ 
ing the per-unit value of reactance numerically the same 
as the value in ohms—^merely as a maitter of conveni¬ 



ence. The normal values were taken as the basis for 
the 7000-kv-a. machine. These points should be kept 
in mind in reading the ordinates. 

In the case of the open-phase voltage during short 
circuit. Pigs. 7 and 19, the ordinate ©ves the ratio of the 
voltage before short drcuit to the voltage after short 
circuit. 

With reference to the 7000-kv-a. alternator, this 
machine has no closed circuits on the rotor except the 
main field winding and the massive steel of the rotor 
spider. The effect of the latter is probably negligible. 
The poles themselves are, of course, laminated. The 
tests were taken at a relatively low voltage—at 300 
volts; hence the premises were pretty closely approxi¬ 
mated, and consequently the calculated results agree 
closely with the tests. 
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In the case of the voltage across the field terminals, 

i. across the external impedance, the value of this 
impedance was not definitely known. Hence mth the 
estimated value, the general shape of the calculated 
curve is all that may he expected to agree with the test. 
The calculated curve for this is shown in Fig. 8, the test 
curve in Fig. 6c. 
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Appendix A 
Summary op Equations 

In the first part of the paper, under ‘‘Scope,’\it was 
stated that the present treatment develops expression 
for, 

1. Armature Current—^Appendix B. 

2. Field Current—^Appendix C. 



3. Voltage Across Reactance in Armature Circuit- 
Appendix D. 

4. Voltage Across Reactance in Field Circuit- 
Appendix E. 

6. Voltage Across Open Phase—^Appendix F. 


These expressions are derived in the appendixes 
mentioned before, but for ease of reference, they are 
tabulated here. The order is as stated: First, the 
general equation for the quantity is given. Equations 
for special conditions follow readily from this. Thus, for 
the condition of maximum flux linkages at the instant of 
short circuit, a = 0; while for minimum flux linkages 
a = IT/2 and the armature decrement is absent. 
Steady state conditions are obtained by placing 
a = ir/2, and omitting the armature and field decre¬ 
ments. 

Since the equations are somewhat long it is found 
advisable to put them in a simpler form. By inspec¬ 
tion, it is observed that they contain small groups which 
are more or less common to all of the expressions. 
These few groups, therefore, may be represented by a 
single symbol, as follows: 

A = Xo' -|- Xq' 

B = Xd' — Xq' 

C = 2:d 

F = Xd — Xq' 

G = Xd — Xd' 

H = (*d' + *(!') + (*d' - Xq') cos 2(t + a) 

= A + B cos 2 (t + a) 

J = (Xd' + Xq') — (Xd' — Xq') COS 2 < 

= A — B cos 2 1 

^ _ Xd' •+ V Xd'Xq' 

Xd+ V Xd' Xq' 


Xd — Xd' 

p = —— 

Xd -h Xd' Xq' 

r 

da — . ~ : 

V Xd Xq' 

as = (general) 


= (To J (for cylindrical, laminated rotor only) 
X Xd' 

R 

(To = (If R smd X are in ohms, <ro will be a numeric, 

in proper terms to use in the above 
expressions). 

1. Armature Current 

Transient. 

i s cos a—K cos (f+a)—P cos (f-l-a)] 

tl 

For maximum flux linkages a = 0 in the above 
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eqiiation, but for miniinum flux linkages a = ’ir/2 and 
the armature decrement does not appear. Thus, for the 
latter case, 

. 2 A: Co 

:— sin f + -P 


5. Voltage Across the Open Phase 

2kkiBe(, 


% = 


„ . , . 2 A: Co X sin i 

Sustmned. % =-=- 


2. Field Current 


Transient. Ci = 


ki Co 




cos O' [ H cos 2 (^ + O’) 
+ B sin* 2 (i + O') ] 


Transient. 

1 = -^ { [C + Fcos2(«+ 0 !)] + 

— 2 G cos (< + o:) cos a e~'«‘} 
For maximum flux linkages a = 0; and for miniTnnm 


1 = {[C- Pcos21] [K + P } 

n , , CqK 

Sustained. I = — -j — {C — F cos 2 1) 

3. Voltage Across Reactor in Armature Circuit 

2keoXt 

e*. = — jp — [2 R cos O' sin 2 0 + a) 

+ sin (i + O') [P - 4 B cos* (< + a)] (P + P c-'^) ] 
For max im um linkages a = 0; and for minimum 


'^'TW {t^f*^-2ifcPHcos2a + a) 

— 2 A: B* sin* 2 (< + a)] cos {t -f a) 
+ A: B P sin (i + O') sin 2 (J + O') \[K— (1 — P) ] 
For maximum flux linkages a = 0, while for mini¬ 
mum flux linkages a = Tr/2 and 

Cl = {[P*k + 2kBHcos2t -|-2A:B*sin*2f)] sint 

-I- A: B P cos i sin 2 i 1 [(1 — P) €- <7<PJ 

Steady State. Ci = — { kB H cosi sin 2< 

-1- [P* k + 2kB H cos2t + 2kB^ sin* 2 f)] sin <) 

Appendix B 
Armature Current 

Refer to “Premises” and "Fundamental Equations” 
in the main body of the paper. Equating (5) and (6) 
and solving for i, 

2 k So [cos a — cos (t + o:)] 


z = 


2ketX, 

= -r-[cos « (J - 4 B sin* 0 (P + P e-*^) ] 


o ^ , 2keiX,K 

Sustained. c»* = -j -cos t (J — 4 B sin* t) 

4. Voltage Across Reactance in Field Circuit 
2GEaX, cos PC sin (<-|-a) 


z = 


(xd* + a:<jO + (xd — ®q') cos 2 (i -|- a) 
Resolved into the harmonics, this current becomes, 
A; Co COSO! 


(lb) 


, [1 + 2 & cos 2 (i -I- a ) 


-I- 2 &* COS 4 a) +2¥ cos 6 (< -f- a) + 

2ke<, 


.] 


Bx. = - 


+ 


jji --[P-4Bcos*(f-l-o:)] e-^ai 

2 P Pq X, sin 2 (t -t- a) 


P* 


+ 


. 2 P Eq Z, sin 2 (t + a) 


P* 


(BC-AF) 


(BC-AF) 


where 


T^, [cos (J -1- O') -F 6 cos 3 (t -t- o:) 

_ _ • ■] (2b) 

, Vxa'- Vxo' 
b = -=-=- (3b) 


For maximum flux linkages co = 0; while for mini¬ 
mum linkages a — t/ 2 and 

„ 2PBoP, . 

“ - ji -sm 21 (A P — B C) e-^/t 

. 2KEoX, 

H-- sin 2 < (A P - B C) 

„ , . , „ 2PEoZ. 

Sustained. Ex., =- — -sm 2 < (A P - B C) 


Xd' -|- V !Cd' scq' 

+ 6* cos 5 (< 4- O') -I- . 

Vxci'- 
y/ Xq' -f- y/ Xd' 

k = a factor depending upon the phase which is short 
circuity. It is equal to 1.0 for line-to-neutral, 
and V 3 for line-to-line. 

Co = peak voltage, line-to-neutral, before short circuit. 

When the short circuit occurs at mayimum flux 
linkages, that is at a = 0, (lb) becomes, 

._ 2 A; Co (1 — cos t) _ 

Q, _ 0 (®»^ + + (xd' - Xq') cos 2 1 

and (2b) becomes, 
ket 


a = 0 V Xd' Xq 


y=j [1 + 2 6 cos 2«-1- 2 6* COS 4 < 


+ 2 6* cos 6 < + . . . ,] 
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— —;- -- [cos t + bcosB t + ¥ cos51 + . .] 

!Kd + V Xd Xq' 

(5b) 

When the short circuit occurs at zero flux linkages, 

X 

that is at a = (lb) becomes, 


+ 6* sin 6 < - 6* sin 7 < + . . . ] (7b) 

It is interesting to note that from equation (2b), 
the reactance which, with the voltage k eo, determines 
the fundamental component of short-circuit current is 

Xd' y/ Xd' Xq' 

2 

and that which, with the . same voltage, determines 




Pio. 11 —^Transient Armature Current, Maximum Initial Armature Linkages on 
Single-Phase Linb-to-Line Short-Circuit, 20-Hp. Machine 


A—Oalculated curve 
B—Test curve 


Equation;' 

— 


2.64 cos i 




3.4G 

0.818 cos t 

3,98 -3.56 cos 2/ 

. J-0.13JJ 


^ 3.98 

d 

— 3.56 cos 2/ ® 

“ 3.98 -3,56 cos 2/ 




4 

0 

t.A „ A 


A., .A. .A. 

, ,A, 

, A. A. .A 



y Y 



Y W V 

4 

a 


Curve A 





Fig. 12—Transient Armature Current, Zero Armature Linkages on Single-Phase 
Line-to-Linb Short-Circuit 20-Hp. Machine 


A—Calculated cui've 
B—Test curve 

Equation:— 

0.818 sin i 2.84 sin / __ 

3.98 + 3.S0 COS 2 I 3.98 + 3.S6 COS 2 I 


_ 2 fc Co sin < _ 

* ttT + *q0 - (Xd' - Xq') cos 2 1 

OL = TT/Z 


and (2b) becomes, 

2 k Co 

i =- ■ 

a — 7r/2 *** 


(6b) 


the direct-current component is 
The peak vsdue of the fundamental is 

2 k Co 


%t = -- 


Xn' + V Xo' x<i'. 


(8b) 


^ [sin t — & sin 3 t 


and the direct-current component is. 
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k Bo COS a 

(9b) 

V Xd' Xq' 

The effective value of the series in equation (2b) will 
now be derived. This value is the square root of the 
sum of the squares of the individual effective values. 
The coefficient of each harmonic term represents the 
peak value. Thus, dividing each harmonic term by 




Curve B 


Pig. 13 —Sustained Armature Current on Single-Phase 
Line-to-Linb Short-Circuit 20-Hp, Machine 


A—Calculated curve 
B—Test curve 


Equation:— 


0.818 sin i 
3.98 +3.56 cos 2 ; 



Pig. 14—Sustained Armature Current. Single-Phase 
Line-to-Line Short Circuit with xp' - xq' 20-Hp. Machine 

V 2 and squaring, and taking the square root of the 
sum, the effective value of the even harmonic series is 

. k Bo cos a ____ 

keo cos a I i 4.12 


osa j 1 ^ 

yl 1 - 


Vxd'xq' \ 1-62 

And for the odd harmonic series, 

, , V2keo -^__ 


V 2k Co 1 

or = —;- ■' ■ ■ — — ■ (lib) 

Xd 4- Vxd Xq VI— 

Equations (10b) and (11b) give the effective value of 
the respective series as a fraction of the peak value of 
normal fundamental current. To place the results in 
terms of the effective value of normal current, multiply 
each equation by y/2. 

Turn now to the relations which make it possible to 
analyze a single-phase short-circuit current wave from 
only three values taken from the wave. Referring to 
equation (2b), the sum of each series is a maximum 
(but the total is zero) when 

(f + O') = 2 TT 

k eo cos a 

» = — ■- ;■ ; [1 -h 2b + 2b^ + 2b^+ 2b* + . . .] 

\^Xd 

Taking the summation of these series, 

k eg cos a 1 + b 2keo 1 


Vxd'xq' 1-6 Xd'H-VjKd'^q' i-b 

(13b) 

Substituting (8b) and (9b) in (isb), the peak value of 



Pig. 16—Sustained Abmatubb Cubbent Single-phase Line- 
to-Linb Shobt Cibcuit with xd' > *0' 20-Hp. Machinb 

the odd harmonic series is thus 1/(1 - 6) times the peak 
value of the fundamental component ii, and the peak 
v^ue of the even harmonic series is (1 -|- 6)/(I — 6) 
times the direct-current component io. Thus, for the 
sum of the odd harmonics, the peak value is 

iodd = ii/(l - 6) (14b) 

Similarly, the peak value of the even harmonic series is 
iev = it, [(1 + 6)/(l - 6) ] (15b) 

Substituting for 6 its value from (3b), some additional 
interesting relations are incidentally obtained. Thus 

1 V + V Xjy' 

1 - " 2V^ 

-_J 1+6 / Xr.' 


1 + 6 I 
1-6 " \' 


Substituting (8b) and (16b) in (14b), 

kco 

Udd = T. / 
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and (9b) and (17b) in (15b), h = 0.333 io = 1.0 ii = 2.667 

_ k ep cos ot Hence, by ( 2 b) the wave is 

2 2 

The relations are shown graphically in Pig. 9. i = 1 + -r- cos 2 (f + a) + x cos 4 (f + a) 

Consider now the value of the sum of the two series “ ^ 

in ( 2 b) at three different values oi t a, namely, 

2 

and TT. First, when < + a =—^,or45deg. + ^cos 6 (« + a) + . . . 

1 - 6 ^ _l -6 r 1 

62 ~ V'2 ii - ^ — ( 20 b) - 2.667 I cos (< + a) + -g- cos 3 (« + a) 




Fia. 16 —^Transient Field Current, Maximum Initial Aramature Linkages on 
Single-Phase Linb-to-Line Short-Circuit 20-Hp. Machine 


A—Calculated curve 
B—Test Curve 


Equation; - 


12.3 cos i „ 3.08 

- -,0.47« 4. - ■ ' 

3.98 - 3.56 cos / ^ 3-98 - 3,66 COS 2 i 


. ' - - *- 0132 ^ 

^ 3,98-3.56 COS 2/ 


TT 

when t + a = 

. 1-6 

too ~ to ji^ I ^ (21b) 

and when < + o: = x, or 180 deg., 

. 1 + 6 . 1 

tjgo “ to ^ + ti (22b) 

From these three equations, the entire wave can be 
analyzed. For illustration, let too = — 0.332, too = 0.5, 
and tiso = 6.0. The three equations thus determine 
6, to, and ti. They are 


+ cos 5 (« 4- a) + . . . J 

When the wave has no d-c. component to, the analysis 
is much simpler, since only two values from the wave 
are now needed; namely, the value at 46 deg. and at 
90 deg. 

Transient Armature Currents. The armature current 
immediately after short circuit is given by equation 
(lb). The term which disappears when a = x/2 
contains the direct current component and the even 
harmonics. As time elapses, these currents decay to 
zero according to the armature decrement factor, (r«, 
derived in Appendix H. The othw term contains the 
odd harmonics which are proportional to the field 
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current at every instant. Hence this component of 
equation (lb) decays from the value shown to a 
sustained value 

Xp' Xtt’ Xq' 

Xp Xp' Xq' 

times as great, according to the field decrement factor, 
oy, derived in Appendix H. 

The sustained armature current is thus 

sustained ^ ®d + •%/ Xp' xq' J 

_ cos (t + g) _ 

(Xp' + xct') + (Xp' - xq'} cos 2 (t + a) 

The component which decays to zero according to 
the field decrement factor is then the difference between 


cos a 


(xp' + xq') + (xp' — Xq') cos 2 (« H- a) 


= — - [even series] (25b) 

V Xp' Xd' 

and, 

_cos (t + a) _ 


(xp' + Xq') + (Xp' — Xd') cos (t + a) 


= ———==7 [odd series] (26b) 
Xp' + V Xp' Xd 

the expression for armature current at any instant 
after short circuit is 



Curve A 


^AAA . 4^A^AA,^AAA.A^A , A . A , A^A/ 


lea 


Curve fl 


^ kjxj'Kj vJWW 


Pig. 17 Tran'sibnt Field Current, Zero Initial Armature Linkages on Single-Phase 
Line-to-Line Short-Circuit 20-Hp. Machine 

A—Calculated curve 

B—Test curve (not quite zero flux linkages) 

Equation:— 

_3£8_ _097_ 

3 98 + 3.56 COS 2 / 3.98 + 3.66 cos 2 i 


the second term of equation (lb) and equation (23b). 
The total armature current at any instant after short 
circuit is then 


2 A: So cos a 

’>• = j , ■ [even series] e~^a< 


__ 2 A: fig cos a _ 

(xp' + ®q') + (xp' - Xd') cos 2 (< + O') 




_ —2keo(xp — Xp') _ 

(xp H- Vxp'Xd') (xp' + Vxp'Xd') 


[odd series] 


2keo (xp — Xp') cos (t + a) 

(Xp + V Xp'Xd') [ (Xp' + Xd') * 
+ (xp' - Xd') cos 2(t + a) ] 



Xp' + V Xp' Xd' 1 

jcd + V Xp' Xd' J 


_ cos (t + a) _ 

(xp' + Xd') + (xp' - Xd') cos 2 (< + a) 

H we substitute from equation (lb) and (2b) the 
relations 


^77^= [odd series] (27b) 

Appendix C 
Field Current 

The equation for the initial field current will be 
obtained in accordance with the plan outiined undw 
“Fundamental Equations." 

It is convenient to take the three-phase normal 
values of current and armature reaction as the bases 
of the per-unit quantities, both three-phase and single¬ 
phase. Thus a three-phase per-mdt current i will 
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produce a rotating space fundamental m. m. f. whose 
amplitude, mqiressed as a fraction of the amplitude 
eorre^nding to normal current, is numerically equal 
to the current i. The single-phase m. m. f. and current 
will be expressed in terms of these. 

It will be recalled that the amplitude of the 8301 - 
chronously rotating component of space fundamental 
m. m. f. due to normal frequency current in one phase 
of a three-phase machine, is one-half of the amplitude 
of the total pulsating space fundamental produced by 
that current, the other half rotating oppositely; and 
that the corresponding synchronously rotating com¬ 
ponents of the other two phases happen to be in space 
phase with that of the first. That is, the amplitude of 
■the total three-phase space fundamental m. m. f., i. e., 
the m. m. f. of armature reaction, is 1.5 times the total 
amplitude Ai of the pulsating space fundamental due 
to one phase only. Or, conversely, the pulsating space 
fundamental due to a line-to-neutral single-phase cur¬ 
rent is 2/3 of the m. m. f. of armature reaction A 




Fig. 18—Sustained Field Cubrbnt on Single-Phase Line- 
to-Linb Short Circuit 20-Hp. Machine 


the direct axis is displaced from the axis of the single¬ 
phase winding by an angle a, the component of Ai 
which remains in the direct axis is 

Ad = 2/3 k i cos (t -b a) ( 2 c) 

and in the quadrature axis 

Aq = 2/3 & » sin (i -f a) (3c) 

It has been shown in Synchronms Machines—III 
that unit m. m. f., in suddenly appearing over the direct 
.axis, will induce a per-unit field current 

Aid = Zd — Xd' (4c) 

or, since per-unit field current is numerically equal to 
per-unit nominal voltage. 

Aid — Aed 

Thus, a sudden m. m. f. Ad will induce a field current 
given by 

Aed — — Ad (Xd — Xd) (Sc) 

where Xd and are respectively the line-to-neutral, 
three-phase values of synchronous and transient per- 
unit reactances corresponding to the direct axis. (The 
negative sign is taken in accordance with the convention 
that the space fundamental m. m. f. due to the armature 
is considered to be in the same direction as the field 
m. m. f. when the two axes coincide). 

Similarly, for the quadrature axis, 

A Cq — Aj (Xg — Xq ) (Sc) 

Since the quantities Ad and A, in equations (5c) and 
( 6 c) each represent the amplitudes of a space funda¬ 
mental m. m. f., expressed as a fraction of the amplitude 
of the space fundamental m. m. f., due to normal three- 
phase current, it follows that the amplitude of any 
space fundamental m. m. f., so expressed, such as Ad 
or Aq, may be directly substituted. Hence, from 
(2c) and (3c), 

2 

Aed = — ki (Xd — Xd') cos (t a) (7c) 


A—Calciilatod curve 
B—Test curve 


3,98 + 3.56 cos 2 / 

due to a three-phase current of the same value. Since 
the space fundamental Ai at any instant is independent 
of the nature of the variation of the current i which 
exists at that instant, it follows that, in general, any 
single-phase current i will produce a space fundaments 
Aj ^ 2/SkA = 2/8ki (Ic) 

where k = unity for line-to-neutral current, and 1.73 
for a |line-to-line current. And obviously Ai will vary 
in time according as i varies. 

When the rotor is moving, the space fundamental 
m. m. f. Ai will have relative motion with respect to the 
rotor poles, but at any instant it may be resolved into 
the two conventional components; Ad in the direct 
axis, and Aq in the quadrature ads. If the single-phase 
armature current is due to a short circuit at the instant 


and Aeq = — -^ki (Xq— x,') cos (t ■+■ a) ( 8 c) 

If the main field winding is the only rotor winding 
in the direct ads, the field current Aid, or Ae* will 
edst entirely in the winding. However, if there are 
other short-circuited rotor windings in the direct ads, 
only a part of A ed will appear in the main field windings, 
the remainder appearing in the other closed rotor 
circuits. For the case of a single rotor winding, the 
field current Aid which is produced by the armature 
m. m. f. due to the armature current i, is obtained by 
substituting in (7c) the value of i given by equation 
(lb) in Appendix B. Thus, 

Ald = 

4 

— =• A:* Co (Xd — Xd') cos (t -f a) [cos a — cos (t -|- a) ] 

O 

(Xo' -|- Xq') -)- (JCd^ — •I'qO OOS 2 (f -|- Oc) 


(9c) 
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It is desirable to express (a:^— x/) in terms of 

«D — Xd')‘ 

Referring to the definitions and equations in 
Appendix I, 

, 3 

~ ^ “2F" 

Substituting this in (9c), 

Ala = A Bd 

_ ~2 Cq (gp — Xy') cos (t + a) [cos < 3 : — eos (< + g) ] 

(Xd' + X(i') + (Xd' — Xq') cos 2 ({ + O') 

(lie) 

The total per-unit field current, or per-unit nominal 

40- 
30 
zo 
to 
0 
■10 


voltage immediately after short circuit, that is the 
initial value, is 

Id = (lo + Ala) = Ba — (Bo + ABa) (12c) 

Bo (Xd + Xq') + (a;D — Xq') COS 2 (t -j- a) 

J _ _ — 2 (Xp— Xx)') cos a COS (t + g) 

*' (Xp' + Xq') + (Xp' - Xq') COS 2 (< + a) 

(13c) 

When the harmonic series form for i from equation 
(2b), Appendix B, is substituted in (7c) and remember¬ 
ing the relation in (10c), 

Bo (Xp -f- \/ Xp' Xq') 

id ^ ^ ~ i - 

Xp' -f- V Xp' Xq 




Fia. 19- 

A—Calculated curve 
B—Test curve 
Equation:— 


-Transient Open-Phase VoiiTAaB, Maximum Initial Armature Linkage on 
Single-Phase Line-to-Linb Short-Circuit 20-Hp. Machine 


e 


- 7,12 


(3,56 - 3.98 cos 2 i) 

-^-0.0474t 

(3.98 -3.56 cos 2 0 * 


1.78 cos t ~ 3.36 cos / sin^ i 
^98 -3.56 cos 2/ 


5,98 cos i sin^ 2 f 
(3,98 - 3.56 cos 2 /)* 


(5^75 cos / - 10.9 cos / sin8 Q (19.3 cos t sln^ 2 /) 

(3,98 - 3.56 cos 2 /)’^ ^ (3,08 - 3.56 cos 2 0* 





Bquiktion:— 


Pig. 20— Transient Open-Phase Voltage, Zero Initial Armature Linkages on 
Single-Phase Line-to-Linb Short-Circuit 20-Hp. Machine 


A—Calculated curve 
B—^Test curve 


5,75 sin i — 10,9 sin t cos^ f 
3.98 +3.56 cos 2 f 


^-0.132t 


-- 1,78 sin / •«, 3.36 sin t cos^ ( 
3.98 +3.56 cos 2 ( 


5.98 sin f sin^ 2 t 
(3.98 + 3.66 cos 2 /p 


19.3 sin i sin^ 2 i 
^3.98 + 3,56cos2f2 * 
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gp (arp — jBpQ (1 + 6 ) cos a 


[cos (t + a) 


V Xo' Xq' 

+ b cos 3 (f + O') -|- 6 * cos 5 (i -H a) + . , 

. gp (a:D — ®d') 


.] 


+ 6cos4 (« 4- Of) + 62 co^6(t + a) + . . .] (14c) 

The quadrature component A Iq may be obtained in 
a similar manner* 

The field current comprises a direct current com¬ 
ponent, a series of odd harmonics, whose amplitudes are 
in geometric ratio, and a series of even harmonics whose 




Fig. 21—Hitstainbd Open-Phase Voltage on Single-Phase 
Line-to-Linb Short-Circuit 20-Hp. Machine 


Equation:— 


A—Calculated curve 
B—Test curve 


e 


1.78 sin / - 3.36 sin / cos^ I 
.3.08 H- 3.56 cos 2 / 


5.08 sin t sin2 2 t 
[3.08 + 3.66 COS 2 /J* 


amplitudes are in geometric ratio. The geometric 
ratio is the same in all cases, for the armature current 
as well as for the field current, and its value is given by 
equation (3b), Appendix B. 

TransierU Field Current. It will be noticed that the 
average field current or nominal voltage increases at 
short circuit in the ratio 


portional to the average field current at every instant 
after short circuit, they will also decay to their sustained 
values in the same manner. The odd harmonics in 
the field current are proportional to the direct-current 
component in the armature at every instant and thus 
decay to zero according to the armature decrement 
factor tr„ derived in Appendix H. In equation (13c), 
the odd harmonics comprise those terms which disap- 

TT . 

pear when a = 2 > when there is no direct 


current component in the armature. The r emaining 
terms comprise the average value and all even har¬ 
monics. Thus 

j _ — 2 gp (xp — Xq') cos a cos (t + a) 

odd ~ ~ 2(t + a) 

(15c) 

and 

j _ gp [(a^D + Xq') + ixp — xa') cos 2 (t + a)] 
even” (*<»'+ + (®d'- * 0 ') cos 2 (t-H a) 

The sustained value of (15c) is zero and the sustained 
value of (16c) bears the same relation to (16c) as the 
final average value bears to the initial average value. 
Hence the sustained field current is 


U = 
sustained 


Xp' -f V iCp' Xq' 
®D + V Xp' Xq' 


[ (Xp + Xq') -I- (Xp - Xq') COS 2 (f -H a) “I 

{Xp' Xq') -|- (Xp' — Xq') cos 2 (t -f- O') Jj (^^®) 


The differences between (16c) and (17c) thus decays 
to zero according to the field decrement factor, and the 
expression for the total field current at any instant 
after short circuit is 

_ _ — 2 gp (xp — Xp') cos a cos (t -f ct) 

~ {Xp' + Xq') + (Xp' — Xq') COS 2 (t -f- o) 

_j_ ~ 

Xp -\- y/ Xp' Xq' 


(Xp + Xq') + {Xp - rgO COS 2 (f -H «) -■ 
ixp' + Xq') -H (xd' — ssqO cos 2 (i + <x)X^^ 


+ 


Xp' -t- V Xp' Xq' 
Xd + V Xp' Xq' 


Xp -j- a/ Xp' Xq' 
Xp' -f- ■%/ Xp' Xq^ 


' (Xp H- Xq') + (Xp — Xq') COS 2 {t + a) "I (18c). 

, (Xp' -f- Xq') + (Xp' — Xq') COS 2 (t -j- Cc) J 


As time elapses, this average field current will decay 
to the value existing before short circuit according to 
the field decrement factor ay derived in Appendix H. 
Since all even harmonics in the field current are pro- 


If we substitute the odd harmonic series from 
equation (14c) for (15c), and the avOTage value and 
even harmonics from equation (14c) for equation 
(16c), equation (18c) may be written 
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+ 

+ 

+ 


— eg (Xp — Xp') (1 + 6) cos Q! 

V Xd' Xq' 

Co (Xd — (1 + &) 


(Xo' + -^/Xi)' Xq') (Xd "1“ ■s/Xo'Xq') 
Co (Xd — Xd') 




Xd' + V Xd' Xq' 

Cq (xp — Xp') (1 + b) 
Xp + ■</ Xp' Xq' 


[odd series] 

^even series] e~"/‘ 

(19c) 


• [even series] 


Appendix D 

VoLTAGHB Across External Reactance in Armature 
Circuit 

The reactances, Xp' and Xq', may in general include 
an external reactance x,. It is then of interest to find 
the voltage which exists across this reactance under 
conditions of sudden short circuit. The per-unit 
value of voltage will be given by the product of the 
external inductance and the rate of change of current 
with respect .to time. Since per-unit reactance at 
normal frequency is numericafly equal to per-unit 
inductance, the voltage is, 




Pig. 22 —Teansibnt Voltage Across an External Reactor in the Armature Circtut, Maximum Initial 
Armature Linkages on Single-Phase Line-to-Line Short-Circuit 20-Hp. Machine 


A—Calculated curve 
B—^Test curve 

Bquation:— 

0 164 _ 24.6 sin 2 / 

e » — *- g-0.0474i _-- --0.0474< 

3.98 -3.66 cos 2/ (3.98 - 3.66 cos 2 ® 


+ 0.815 


7.12 cos f sin 2 f + (3.98 - 3.56 cos 2 0 sin I 
(3.98 -3.56 cos 2 


7.12 cos / sin 2 / + (3.98 cos 2 0 (sin Z + 0.132 Co.s Z) 

+ 2.64-::- - 

^ (3.98 -3.58 cos 2 0* * 


a 

0 

a 


1 ! Curve h 



Fig. 


Equation:- 


23— Transient Voltage Across an External Reactor in the Armature Circuit, Zero Initial Armature 
linkages on Single-Phase Line-to-Line Short-Circuit 20-Hr. Machine 


- 0.815 


A—Calculated curve 
B—^Test curve 

7.12sin2ZsinZ + (3.98 + 3.56 CO.s 2 Z) cos Z 
^.98 + 3.56 cos 2 Z)2 


-2.64 


7.12 sin 2 Z sin Z + (3.98 + 3.56 cos 2 Z) (cos Z — .132 sin Z) 
(3.98 + 3.56 cos 2 Z)* 
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The initial v^ue of short-circuit armature current is 
^yen by equation (lb) of Appendix B. Hence, from 
this expression, the voltage across the external reac¬ 
tance, assuming no decrements in. the current wave, 
will be 

2 A: fio 

t ^ 0 + Oi) 

+ 2 B sin 2 («-f a) [cos a - cos («-f a)] ] (2d) 

The symbolic form is that outlined in Appendix A. 




Pig. 24~Su8tainbi> Voltage Across an External 
Reactor in the Armature Circuit on Single-Phase 
Line-to Line Short-Circuit 20-Hp. Machine 

A—Calculated curve 
B—Test curve 

7.12 sin 2 / sin f ~ (3.08 + 3.56 cos 2 /) cos i "] 
a98 +3.60 cos 2/)8 J 


Equation:— 
e 


0.816 • 


Under the development of Transient Armature 
Current of Appendix B, it was shown that part o? the 
current wave decays to zero according to the armature 
decrement o'#, and that a second part decays to zero 
according to the field decrement Cf. The third part is 
the steady-state value. Thus, the above voltage 
equation will have components which also decay to zero 
according to these two decrements. 

That part of equation (2d) which contains the arma¬ 
ture decrement corresponds to the first term of equation 
(24b) and is 

4 A: Co««B sin 2 («-f cc) cos a 
--e-'*' (3d) 

With reference to (24b), it will be noticed that a second 
term, con^ning the derivatives of the exponential, 
should be introduced in order to be exact. However, 
since this quantity is very small in comparison with 
(3d) and will never be noticeable in practical cases, it 
is not considered here. That is, the voltage due to the 
rate of change of current which in turn is due to the 
armature decrement is neglected. 


portion which contains 
the field decrement o/, and which decays from the value 
shown to a sustained value 


+ \/ xcj 
+ V Xb 

as great, according to this decrement. It is 
divided into the alternating component which finally 
dies away, and the sustained value, in the same maurtor 
as Its corresponding currents of equation (lb) were 

formed into the second and third terms of equation 

(24b). 

As an alternative to decomposing (2d) into the above 
mentioned components, the transient voltage across an 
external reactance in the armature circuit may be more 
e^ly obtained by differentiating (24b). Neglecting 
those terms concerned with derivatives of the exponents 
we have, 

2 k _ 

~ ^ [ 2 B cos a sin 2 (< -f- a) 

+[Hsin («-f-a:)-2Bcos (t-t-a) sin2 (i-f-ce)] {K-\-P 

(4d) 

It is interesting to treat the initial voltage in series 




i<ia. 25—busTAiNED Voltage Across an External 

Reactor in the Field Circuit on Single-Phase Line-to Line 
Short-Circuit 20 Hr. Machine 


A—Calculated curve 
B—Test curve (Inverted) 

21.9 sin 2/ 
(3.08 -h 3.66 cos 2 f 


form and observe the shapes of the total and component 
waves. Thus, using the series expression for current as 
given by equation (2b), the voltage across the external 
reactance becomes, 

k Bo X, cos ot 

-t4tsm2(i + «) 

+ 86=sn4((+ a)+12i'*i6(< + a) + . . .] 

+ » + “) + 3*^8 « + „) 

+ 6 6* sin 5 (t -f a) -b . . . ] (5d) 
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When a = 0 , the first series will have the general 
form shown by Fig. 25 in the main body of the paper, 
while the second series will have the form shown by 
Fig. 24. The total wave is given by Fig. 22. 

Appendix E 

Voltage Across External Reactance in Field 

Circuit 


la 

sustained 


C + F cos 2 (f + o:) 1 
A + jB cos 2 (f + a) J 


(3e) 


or Id = So "f" Fo JP (1 -f- 6 ) [cos 2 (i + a) 
sustained + & cos 4 (< + a) + . . . ] ( 4 e) 

The sustained voltage across the field reactance is 
thus 


Under conditions of sudden short circuit, alternating 
currents are produced in the field circuit. When this 
circuit contains some reactance external to the field 
winding proper, such as the exciter armature, alter¬ 
nating voltages exist across the reactance. It may 
sometimes be desirable to determine such voltages. 

As before, for a pure reactance, the per-unit voltage 
is given by the product of the per-unit external induc¬ 
tance (which is numerically equal to the per-unit 
reactance Z,), and the rate of change of current; in 
this case, field current. 

In evaluating this voltage, it is convenient to express 
the external reactance in field terms. Unit field voltage 
is defined as the d-c. voltage corresponding, by Ohm’s 
Law, to unit field current. The unit value of either 
resistance or reactance is thus the ratio of unit field 
voltage to unit field current. Any other value of ohms 
could be chosen as the unit base, but this particular 
value affords special convenience in that the calculated 
results are in terms of the known field excitation 
voltage. If, on this basis, the per-unit external 
reactance in the field circuit is X,,, the per-unit voltage 
across its terminals under sudden short circuit con¬ 
ditions is the product of Z, and the rate of change of 
field current. 

The initial field current is given by equation (13c), 
hence the voltage across the reactance at the instant of 
short circuit is 

■jp,_ 2 Eo Zfl , ^ , 

"X. ~ — 'Hi — ' ^ ^ + “) 


Ex. 


2 Eo Ze Z sin 2 (f -I- a) 


(BC-AF) 


(5e) 


or Ex, = — 2 So P (1 -f- 6 ) [ sin 2 (^ -f a) 

■f 2 6 sin4 (« + «) + 3 6 *sin 6 (< -h a) -f . . . ] ( 6 e) 

Equation (le) can be decomposed into three com¬ 
ponents; that which dies away according to the arma¬ 
ture decrement o-a, that which decays to zero according 
to the field decrement ct/, and the sustained voltage.. 
Since, however, the transient field current is known, 
equation (18c), the voltage across the reactance can 
more easily be obtained by the product of the derivative 
of this expression and Z,. Thus, 


Ex. = 


2EoZ,G 


cos CK sin (« -t- a) 


[ H — 4 B cos* (f ■+• O') ] 


2 EoXP 

+ 


sin 2 (t -f a) [B C - A P ] e-*"/' 


2 E X K 

+ -— sin 2 (< -h a) [ B (7 - A P ] (7e) 

As in the case of the voltage across an external 
reactance in the armature circuit, the terms containing 
the derivatives of the decrements have been omitted 
because they are quite inappreciable. It will be ob¬ 
served that the last term of (7e), representing the sus¬ 
tained voltage across a field reactance, is exactly 
equation (5e). 


-I- sin2 (« -1- a) [ B C- HP -(- P cos 2 (« -I- a) 
— 2 G cos or cos (t -k a) ] } 
Expressed in series form (le) becomes 

Fu. — -^0 ^0 (I "h &) co s a 


H- 3 6 sin 3 (< -f- a) -f- 5 6 * sin 5 (< -f «) -f 
2 Eq Xe G (1 -J- 6) 


Xu' -k -y/ Xu' Xci' 


■ [ sin 2 (< -k a) 


(le) 


-k2 6sin4(<-ka)-k3 6*sin6(<-ka)-k . . .] ( 2 e) 

Referring to Appendix B, it will be remembered that, 
under sustained short circuit, only the odd harmonics 
are present in the armature current. Hence, only the 
d-c. component and the even harmonics will exist in the 
field current for sustained short circuit, as explained in 
Appendix C. These field currents, given by their 
respective components of equations (13c) and (14c) are 


Appendix F 

Voltage Across the Open Phase 
It has been shown that the current in the short-cir¬ 
cuited phase produces a space fundamental m.m.f. 


A =2/8 k i (If) 

of which the component in the direct axis is 

Ad = 2/3 k i cos (< -k a) ( 2 f) 

and the component in the quadrature axis is 

Aq = 2/3 i sin (i -k a) (3f) 

Under sudden short-drcuit conditions, the space 
fundamental fluxes produced are 

<pu - 2/3 k i Xad' cos {t -k a) (4f) 

= 2/3 k i Xaq' sin (i -k a) (Sf) 


The components of these fluxes which an open 
winding whose axis is at an angle j 8 from the axis of the 
short-drcuited winding are respectively, 

<Pi = 2/3 k i Xad' cos {t -k a) cos (< -k a -k /3) (€f) 
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and <pi — 2/3 k i sin (t + a) sin (« + a + /S) (7f) 
The flux linkages due to these fluxes are 
4^1 = 2/3 k ki i Xad' cos {t + a) cos {t + a+0) (8f) 
and fi = 2/Zkkiixat'mi (i + a) sin (« + a + j8) (9f) 
where A;i is a constant by which per-unit fundamental 
flux must he multiplied to give the flux linkages in the 
open winding under consideration. For a line to 
neutral winding, is unity and for a line to line winding 
kiisy/Z, 

The current in the short-circuited winding also 
produces mutual flux linkages with the open-circuited 
winding such as those due to space harmonics, mutual 
slot fluxes, mutual fluxes in the end turn leakage paths, 
etc. The flux linkages from this source are 

1^3 = ix^ (lOf) 

The flux linkages in the open-circuited winding due 
to the rotor current existing before short circuit are 

4^2 = ki Co cos (« + Q! 4- j3) (Ilf) 

The total flux linkages in the open winding at any 
instant after short circuit are then 

4' = 4'i 'ki + 4>3 + 4i (12f) 

Using the relations, similar to equation (13i), that 

3 

^ad + Xaq' = 2^ {.Xas' + *A<lO (13f) 

/ , 3 

Xad — Xaq =2 jjjS (2 !ad' — ^AqO (14f) 
the total flux linkages are 


2 fc eo ki 

sm (< -|- q:) j aim + 2 ^ 

t(«AD'+a:AQ0 cos ^+(a:AD'-a:AQ0 cos (2 «+2 a:+|8)] j 
ikeqB 

- — ]gs —sin2 (i + a) 

[cos a - cos (« -f- Q!) ] I a:™ + [(ojad' + xW) 

cosp -I- (Xxo' - osaqO cos (2«-h 2 O' + /3) ] | (17f) 

When normal current flows through one winding of 
the armature, flux linkages will be produced in the 
other windings. Of these linkages, the larger part is 
due to space fundamental fluxes. The remainder are 
due to non-space ftmdamental fluxfes such as mutual 
slot fluxes, mutual fluxes in the end turn leakage paths, 
etc. These linkages are represented by Xm. In many 
cases, this is small compared with the space fimdamental 
flux linkages and by assriming it to be zero many of the 
equations are greatly simplified. 

For ordinary values of ^ which exist in s3mchronous 
machines (60 deg. and 90 deg.) equation (17f) essen¬ 
tially has its maximum when < = 180 — a. For this 
value of t, all terms but the first and second disappear 
and 


I?- = Co cos (< -f a; + j9) -f i 

[(*ad' + ZaqO cos^ + (jcad' - XaqO cos (2 < -f 2 a -f- |3)] 

(15f) 

The voltage induced in the open winding when 
another winding in the machine is short-circuited is 
given by the negative rate of change of equation 
(15f), or 

Cl = ^;i Co sin (i -(- a -f /3) 
ki 

+ (®ad' - ZaqO sin (2 < -I- 2 a 4- (8) i 


eim ^-ki Co sin iS 1^ (1 4 - cos at) - cos a J (18f) 

When is very small this value is in error since for 
0 = 0 deg. there will be a voltage in the open phase 
corresponding to leakage reactance voltage in the 
short-circuited phase. For values of 0 approaching 
zero it is necessary to plot the voltage curve to find its 
maximum value. 

The open phase voltage can also be expressed in the 
harmonic form by substituting the current expression 
from equation (2b), and its dmvative. In this har¬ 
monic form, if w;e make the approximation that 


— \ Xm -\- 


2k 


[ (a^AD^ 4" aiAdO COS0 


4- (Xad' — Xaq') cos (2t + 2a + 0) 


di 

dt 


Xad' - Xaq' = (Xd' - Xq') (19f) 

TT 

and let 0 = , then = 0, and the fundamevial 

(16f) voltage in the open phase is found to be 


Substituting the value of curr^t from equation (lb), 
and its derivative, and using the notation of Appendix 
A, this voltage becomes 

Cl = fti Co sm (t + a+ 0) -^ 

(sKad^ •“ Xaq') sin (2 < 4" 2 a: 4" |5) [cos a — cos (t -h a) ] 


Cl = fti Co (1 4- b) cos (it 4- ex) (20f) 

The fimdamental voltage in an open-circuited phase 
90 deg. away from the short-circuited phase will thus. 
be increased by the ratio (1 4 - b), as mentioned in the 
main body of the paper. 

When the short circuit occurs when maximum flux 
links the winding, i. c., when a = 0, the voltage on the 
open phases will have the general form shown in Fig. 19 
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When OL = no flux links the winding at the 

instant of short circuit and the voltage on the open 
phase may be of the form shown in Pig. 20. 

If the short circuit occurs line to neutral, the winding 
comprised of the two unshort-circuited phases in series 
is in space quadrature with the short-circuited phase. 
Then ^ = 7 r /2 

kx = VS 
= 0 
k =1 

For O' = 0, equation (17f) then becomes, (using the 
simplified notation), 

, 2 k Co 

ei - * Co cos f -I- {xkd' - sjacjO cos 2«(1 - cos t) 

k eo 

+ (Xad' — »aq 0 sin 2 sin 2 < 

2kB eo 

+ ^— («ad' - a:AQ 0 sin^ 2t(l- cos t) ( 21 f) 

When a = equation (17f) becomes 

= — ^ Co sin i — j (ajad' — Xaq') sin t cos 2 1 
kea 

~ j {*AD — !KaqO cosfsin 2 i 
2 k B 

+ j 2 (®ad' — Xaq') sin t sin* 2 1 ( 22 f) 

As pointed out before, practically all the difference 
between Xd' and sjq' is due to the difference in space 
fundamen^ flux, a negligible amount being due to the 
variation in leakage fluxes in the two axes. Hence, for 
all practical purposes, (re'.- *«') may be taken equal 
to (xat)' - Xaq), which simplifies equations ( 21 f) and 
p 2 f), some of the terms combining into more compact 
terms. Equation ( 21 f) has a maximum when t = tt. 
For this value of t 

(23f) 

O' = 0 


t = TT 

The voltage on this winding before short circuit is 
* «o. Hence, the voltage at short-circuit line-to-neutral 

^ ^ 2x(i' 

maynseto —-1 times the voltage before short 
circuit on the open phases. 


Equation ( 22 f) has a maximum when t = x/ 2 . 
Then 


T 



t =— (24f) 

Equation (17f) may be decomposed into a form which 
clearly shows the components affected by the armature 
and field decrements, and the steady-state term. Thus, 
substituting for (sjad' — jcaqO and omitting a;*,, equation 
(17f) becomes 

2kkiB cos a eo 

^- [ H cos 2 (< -1- a) 

-h B sin* 2 (< -f a) ] 

“t" k — 2 k B H cos 2 (f -{• a) 

- 2 i: B* sin* 2 (« -I- a) ] cos (t + a) 

-h iBHsin (< -I- a) sin2 (i - 1 - a)} [K- (1-K) 

(25f) 

This is the open phase voltage for any condition of 
transiency, i. e., for any flux originally trapped in the 
armature at the time of short circuit. For maximum 
flux linkages a = 0 and all terms appear. For minimum 

flux linkages a = —^ and that term containing the 

armature deoement does not appear. The steady-state 
voltage is obtained by neglecting all terms containing 
either the armature or field decrements. 

Appendix G 

Variation op Armature Inductance with Position 
The object of ^^Iving a sine wave of m. m. f. into 
two components is to obtain fluxes which are in space 
phase with the m. m. fs. In dealing with ssmehronous 
machines, resolution is made about the direct and 
quadrature axes, and the reactance of a single-phase 
armature winding in any position with respect to th^e 
axes, due to the space fundamental flux produced by 
the space fundamental m. m. f., may be obtained as 
follows. 

Assume a single-plmse armature winding with the 
axis of the vdnding at an angle y from the direct avig 
of the machine. When a current i of normal frequency 
flows through this winding a space fundamental m. m. f. 
of amplitude 

2 

A = k i cos t (Ig) 
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b produced. The component of A in the direct axic fa asthem.m.te. The te linkagee, produced by the 


-Ad = h i cos 7 cos t 


(2g) 


and the component in the quadrature axis is 

. 2 . . 

•Aq = A:« sin 7 cos t 


single-phase current i will then be -g ¥ times the linkages 


(3g) 

The m. m. f. in the direct axis produces a space 
fundamental flux in this axis proportional to the 
m. m.,f. If there are no short-circuited secondary 
windings in this axis, the proportionality factor between 
m. m. f. and line-to-neutral linkages is Xaa,* or, in general 

k Xad. 


produced by the same three-phase current i, and 

_2 
3 


aiAD = 


■ k^ Xad 


and 


Xxa = 


2 

3 


■k^x. 


■at 


( 9 g) 

(lOg) 


Substituting these relations in (8g) 


Then, ^ ^ ^Qg y ^ 

Likewise, in the quadrature axis 
2 

'ka = g k^ i Xaq sin 7 cos t 

The component of \j/o which is in space phase with the 
armature winding, thus linking the winding, is 

2 

if'i — COS 7 = k^i Xad cos® 7 cos t 


= i 


(4g) 


(5g) 


[ 


®AD + OJaq . Xkt) — Xaq 

n + - 5 -COS 2 7 


d fp 


] 


cost 


dig) 


The induced voltage is . Thus, remembering 

that i is taken here as the amplitude of normal fre¬ 
quency current: 


e = % 


[ 


a^AD + a;A<i Xa^ — ojaq . 

2 + o -cos 27 I sin f d 2 g) 


] 


= -^k^iXad 


+ "2 2 7 J cos t 


The coefficient of i sin«is the per-unit reactance of the 
single-phase winding due to the space fundamental flux 
produced by the space fundamental m. m. f., as a func¬ 
tion of position when both the rotor and stator are 
stetionary. Since per-unU reactance of a stationary 
circuit at normal frequency is numerically equal to the 
per-unit inductance of the circuit, this coefficient 
^ves also the per-unit inductance; and when used as an 
inductance, is independent of the relative motion of the 
rotor and stator. 

As pointed out in a previous paper,®'* the leakage 
reactance also varies with position as a second harmonic 

The linkages due to the total flux in space phase with displacement of the winding from the 

the winding is > • 


( 6 g) 

Also, the component of \f/Q in space phase with the 
armature winding is 

2 , . . 

= -^ k^ i Xaq sin® 7 cos { 


= jkH Xaq 


[ 


■g - -g cos 2 7 


] 


cost 


(7g) 


f = Y^'i 


[ 


^ad " 1 “ ^aq Xad 


— COS 2 7 


] 


cos t (8g) 


Xx, - 


^LD 3/LQ Xld — CUlQ 


The three-phase reactances, Xad and Xaq may be 
expressed in terms of the corresponding reactances for 
the single-phase winding in question. When a current 
i flows in a single-phase winding, the alternating virhere. 


2^2 
The total reactance may then be written 

Xt> ~h Xq xo — aiQ 


cos 2 7 ( 13 g) 


X = 


cos 2 7 ( 14 g) 


Xd = aJtD -|- ®AD 
Xq = XjjQ -f- Xaq 


( 15 g) 

( 16 g) 


2 anH 

stationary m. m. f., fundamental in space is-^k times ’ 

O 

the rotating m. m. f. produced when a three-phase Appendix H 

current i flows through a three-phase winding. If Decrement Factors 

these m. m. fs. act on the same reluctance paths, the Field Decrement. The theoretical basis for deter- 

q)ace fxmd amental fluxes will have the same relation mining this is given in the body of the paper 

*Xad is the three-phase reactaaoe of armature reaetion and Equations.” It is shown in 

applies here since the single-phase space fundamental m. m. fs. Appendix C that the average field current— i. e., the 
are expressed in terms of normal three-phase space fundamental d-c. component, spontaneously increases at short 

circuit to a value 



484 


DOHERTY AND NICKLE: SYNCHRONOUS MACHINES—IV 


Transactions A. I. E. E. 


gp + VXq'Xq' 

*d' + V gp' gq' 

times the value existing immediately before short 
circuit. Thus the increase in equivalent magnetic 
reluctance, as discussed in the above reference, is given 
by the same ratio, and the corresponding change in 
inductance is given by the reciprocal. Hence, assuming 
negligible armature resistance, as may be done without 
appreciable error in commercial machines, the field 
decrement factor is 


The average current required to sustain these linkages 
is, by equation (9b) in Appendix B, 

. k Co cos a 

V gp' gq' 

Thus, the inductance to be used in the decrement 
factor is f -s- io, or 

L = Vgp'gq' 

and the armature decrement factor is 


_ gp + V gp' gq^ 
gp^ "f" a/ gp^ gq^ 

where ao is the open circuit, field decrement factor. 


(Ih) 


0-0 


(R 

03 £o 


where ffl is the ohmic resistance of the field circuit, and 
£o the toM inductance, in henrys, of the field circuit, 
corresponding to the condition of open circuited arma¬ 
ture, and 0 } is 2 t /, where / is normal frequency. 
These three quantities (R, £o, nnd a are not pet-unit 
quantities, but cro is. 

If appreciable resistance exists in the armature circuit 
the value of o-/ given by (Ih) will be decreased to the 
extent (discussed under “Fundamental Equations”) 
which the equivalent inductance is thereby increased. 

It is of interest to note that in the ideal case of a 
laminated cylindrical rotor where 

gq' = gq = gj) 


equation (Ih) reduces to 


gp 

gp' 


0-0 


(2h 

The decrement factors (Ih) and (2h) give, of course 
the average decrement, thus determining the direci 
com^nent of transient current in the field, the envelopt 
of the even harmonics in the field current, and th« 
envelope of the odd harmonics of current in the anna- 
ture. It can be shown that these decrement factors are 
ngoroim for the envelopes and average component 
ref^d to, for the assumed ease of zero armature 
r^stance. Thus the only error involved is the slight 
difference m wave shape, the peaks being correct. The 
^e thmg IS true of the armature decrement, derived 
below, under the assumption of zero field resistance. 

ArtrMwe Decrement. The armature decr^ent ap- 
phes to the ^^tment flux linkages which happen to be 
caught and trapped” in the armature circuit when the 
fettw IS ^ort-circuited. It is, of course, altogether a 
mtter of chance of rotor position at the instant of 
^ort circuit, whether such linkages shall be zero, 
m^num value, or some intervening value; that is, 

• f ^ “armature transient,” 

The value of trapped linkages is, 

'k = k Bo cos a (3li) 


-v/gp'gq' 


(4h) 


where r is the per-unit resistance of the short-circuited 
armature circuit, and gp' and gq' represent the per-unit 
static transient inductance, (and also the corresponding 
per-unit reactance). 

The decrement factor a a applies to the d-e. com¬ 
ponent of the total armature current, the envelope of 
the even harmonic currents in the armature, and the 
envelope of the odd harmonics in the field current. 


Appendix I 

Reactances—DEP iNmoNS and Relations 

Xd = synchronous reactance, three phase, line-to- 
neutral, direct axis, corresponding to open- 
drcuited rotor windings. 

god = reactance of armature reaction, thus due to the 
direct axis space fundamental air-gap flux, 
produced by three-phase currents. It is one 
component of Xa. 

Xid = armature leakage reactance, three-phase, line-to- 
neutral, and is the other component of gw. 
Thus, 

*d = god + xid (li) 

Xd' — transient reactance, three-phase, line-to-neutral, 
direct axis, corresponding to the total leakage 
flux between the armature and field windings. 
It thus corresponds to the total flux linkages 
of the armature winding occasioned by the 
sudden application of three-phase currents, 
when the field winding is closed, such flux 
linkages being only those which generate 
voltage of fundamental frequency. It com¬ 
prises Xed —^that is, the leakage flux of the 
armature—plus additional space fundamental 
flux which crosses the air-gap, and corre¬ 
sponds in amount to the field leakage flux 
produced by the induced field current. The 
latter component is denoted by x^d'. Thus 

= Xld -|- Xad' (2i) 

gD = toM static reactance, single-phase, correspond- 
to the condition that, at stand-still, the 
direct aM coincides with the axis of the single¬ 
phase winding, and that the rotor windings are 
open-drcuited. It thus corresponds to the 
total linkages produced by the armature 
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current under those conditions. It will of 
course, have a different value if the single¬ 
phase mnding is considered to be line-to-line, 
from that if the winding is taken as line-to- 
neutral, the per-unit value being about three 
times M much in the former as in the latter 

It IS analogous to the three-phase 
total reactance Xd> 

SCAD = static reactance, single-phase, corresponding to 
the space fundamental flux, direct axis under 
the above conditions. It is a component of 
Xv>, and IS analogous to the three-phase reac¬ 
tance of armature reaction Xad. 
tCtD = static armature leakage reactance, single phase 
direct ^s, corresponding to the conditions 
specified under ojd. It is analogous to Xid and 
IS the other component of x^, that is, corre¬ 
sponds to all flux linkages not contained in the 
space fundamental. Thus, 

= Xad + Xi,D (3i) 

xd' = Static transient r^ctance, single-phase, direct 
axis, corresponding to the conditions specified 
under Xd, ^cept that the rotor windings are 
short-circuited. It corresponds to the total 
leakage flux between the armature and rotor 
windings, and is thus analogous toas^. It thus 
comprises xm, and some additional space 
fundamental flux crossing the air-gap and 
con-esponding in amount to the field leakage 
produced by the induced field current. The 
latter component is denoted by xat>'. Thus, 
Xd' = a;i.D -f Xad' (4i) 

The corresponding symbols for all of the foregoing 
ten quantities for the quadrature axis are denoted by 
the subscript q instead of d for three-phase quantities, 
a«d by Q instead of D for the static single-phase quanti- 
ties. Thus small letter subscripts indicate three-phase 
quantities, and capitals indicate static single-phase 
quantities. 

There are certain additional important relations 
which exist between the above quantities. These 
relations will now be derived. 

Subtracting equation (4i) from equation (3i), 

Xd~ Xd' = *AD - Xad' (Si) 

and, subtracting equation (2i) from (li), 

Xd — Xd' = Xad ~ Xad' (fil) 

Now the same space fundamental m. m. f., whether 
produced by a three-phase or a single-phase current, will 
produce in the same axis the same space fundamental 
linkages in a given winding. Thus, since by definition, 
the product of Xad by the amplitude of a space funda¬ 
mental m. m. f. produced by a three-phase current 
direct axis will give line-to-neutral linkages of armature 
reaction, it follows that the product of ««<*' by any 
Sjpace fundamental m. m. f. in the same axis will give 
line-to-neutral linkages. Hence, the line-to-neutral 
linkages, maximum value, due to a suddenly appearing 
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space fundamental m.m.f. Ad, the latter being pro¬ 
duced by a single-phase current, are, 

^D = Ad Xad 

when the rotor circuits are open-circuited, and are, 

'I'd' = Ad Xad' 

when the rotor circuits are dosed. The line-to-line 
hnkages would be k times these values, where k = 1.0 
for line-to-neutral, 1.73 line-to-line. Thus in general 

hi •=‘k Ad Xad (7i) 

h>' ='k Ad Xad' (8i) 

Subtracting (8i) from (7i), 

fD - fo' = k Ad iXad - Xad) (9i) 

But, by definition of x, = Id Xd (lOi) 

^d' = io Xd' (Hi) 

Subtracting these, ^ 

'pD- 'I'd' = io (xd - Xd') (12i) 

Equating (9i) and (12i), and substituting the general 
relation from (Ic) between the amplitude of the space 
und^ental m. m. f. produced by single-phase current, 
and the value of the current, 

2/8 k^ Id (Xad — Xad') = in (Xd — Xd') 

Therefore, substituting (6i), 

3 


Xd — Xd' — g-p- (ojd — Xd') 


(131) 


Nomenclature 

Per-unit quantities, as outlined under “Discussion 
of Theory,” are listed and defined below. The general 
scheme of notation involves the use of capital letters for 
field circuit quantities, small letters for the armature. 

For the Armature. All voltages are expressed as a 
fraction of the peak value of normal armature voltage; 
currents, as a fraction of the peak value of normal 
armature current; flux, as a fraction of normal space 
fundamental flux, the latter corresponding to normal 
voltage at normal frequency on open circuit; linkages, 
as a fraction of the linkages corresponding to normal 
flux; inductance, as a fraction of unit inductance, the 
latter being defined by the ratio of normal linkages to 
normal current; and reactances (at fundamental 
frequency), as a fraction of unit reactance, the latter 
being defined by the ratio of normal voltage line-to- 
neutral to normal current. 

For the Field. All voltages are expressed as a fraction 
of unit field voltage, i. e., the direct voltage across the 
field corre^onding to unit field current; currents, as a 
fraction of unit field current, i. e., the direct current 
corresponding to normal a-c. terminal voltage on open 
circuit (no saturation); flux, as a fraction of normal flux, 
as defined above for the armature circuit; linkages, as a 
fraction of unit field linkages, the latter being defined 
as the linkages produced in the field winding by normal 
flux; inductance, as a fraction of that inductance which 
is defined as the ratio of unit field linkages to unit field 
current; reactance, as a fraction of unit field reactance. 
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which is defined as the ratio of unit field voltage to unit 
field current. 

With regard to the per-unit bases for field voltage and 
field reactance, it should be mentioned that there are 
other bases which, in certain cases, it might be more 
convenient to adopt. It is altogether a matter of con¬ 
venience. For instance, if it should be of greater con¬ 
venience to have symmetrical equations for the arma¬ 
ture and field, than to have, as in the present case, the 
calculated results of field circuit voltage come out in 
terms of the known excitation voltage, then unit field 
voltage might be taken as the voltage which unit field 
linkages would generate in the field winding at normal 
frequency. Unit field reactance and resistance would 
then be changed accordingly. 

A = amplitude of space fundamental of armatme 
m. m. f. Specific values of A are: 

= m. m. f. in direct axis, produced by 
balanced pol 3 q}hase current 
A, = corresponding value in quadrature avis 
A\ = amplitude of m. m. f. produced by 
current at any instant in a single-phase 
winding. 

Ad = component of A 1 in direct axis 
Aq = component of Ai in quadrature axis 
b = geometric ratio defined by the relation following 
equation (9) 

6 = instantaneous value of any armature voltage 
eo = line-to-neutral voltage before short circuit 
Bd = nominal voltage due to direct axis excitation 
Cj = nominal voltage due to quadrature axis 
excitation 

A = increment in induced by transient field 
current 

ACj = increment in induced by transient field 
cmrent 

E = field voltage in general 
Eo = field voltage preceding short circuit 
i = armature current in general 
I = field current in general 
Id = field current in direct axis winding 
Iq = field current in quadrature axis winding 
^ Id — increment in J,* induced by transient armature 
cmrent 

AJj = corresponding inCTement in J, 
lo = field current at the instant before short circuit 
A = voltage conversion factor for the short-circuited 
ph^. A = 1 for line-to-neutral short cir- 
. = -v/3 for line-to-line short circuit 

= similar factor for the voltage generated in the 
open circuited phase 

I = inductance, in general, of the armature circuit 
I' = transient inductance of the armature, variable 
with respect to rotor position 
L = inductance, in general, of the field circuit 
£ * inductance, in henrys, of the field circuit, with 

open circuited armature. That is, the to¬ 


tal field self-inductance. Not a per-unit 
quantity 

r = per-tmit resistance of the armature circmt 

(R = resistance, in ohms, of field circuit. Not a per- 

unit quantity 

t = time, expressed as a fraction of the time corre¬ 
sponding to one radian at normal frequency. 
It is thus nmnerically equal to the elapsed 
radians 

X = armature reactance in general 

== three phase, line to neutral reactance of arma¬ 
ture reaction, direct axis (See Appendix I) 

Xid = three phase line to neutral armature leakage 
reactance, direct axis 

Xd = Xad -f- Xid = three phase, line to neutral S 3 m- 
chronous reactance, direct axis 
Xd' = three phase line to neutral transient reactance, 
direct axis 

®AD = static reactance single phase, corresponding to 
the space fundamental flux, direct axis. 
(See Appendix I) 

«LD = single phase armature leakage reactance, direct 
axis 

= *AD + ®i,D = total static reactance, single phase 
direct axis. (See Appendix I) 

Xd' = single phase static transient reactance, direct 
axis 

The corresponding reactances in the quadrature axis 
are denoted by q and Q, instead of d and U. 
a = displacement between armature winding axis 
and axis of field pole at the instant of short 
circuit. See Fig. 1 

P = angle between the axis of the short circuited 
winding and any open circuited winding 
considered 

7 = angle between armature winding axis and direct 

axis at any time t. See Fig. 1 
<h = flux in the direct axis due to current in a single 
phase winding 

<^Q = corresponding flux in the quadrature axis 
if- = flux linkages in the armature, in general 

= flux linkages, jH'oduced in the armature by any 
transient armature current 

4'm — armature linkages due to current in the field 
winding 

P = ratio of open phase armature voltage to peak 
value of unit armature voltage 

0-0 ■ = decrement factor of the field circuit, correspond¬ 
ing to the totcU self-inductance (i. e., with 
armature open circuited). It is thus, 

(R 

(To = -— 

CO J0O 

where CR is the total resistance (in ohms), JB is 
the total inductonce (in henrys), of the field 
circuit; and co is the angular velocity corre¬ 
sponding to normal frequency—thus 2irf. 
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Although, fll, and co are not 'per-v/nit 
quantities, <ro nevertheless is. The usual 
simple exponential is of the form 
_, 

w where V and W are in seconds. In the 
present system t represents the elapsed 
radians— e., time is expressed as a fraction 
of the time of one radian at normal frequency. 
Thus, referring to the exponent 

JL _ t' 

to' J3/(H “ CO £/(R " ^ 

Cf — decrement factor of the field corresponding to 
the condition of single-phase short circuit. 
See equation (2) 

<Ta = corresponding decrement factor of the armature 
circuit. This factor is on a per-unit basis 
similar to cq. It is merely the ratio of per- 
unit r to per-unit x. If these were each 
multiplied by unit ohms, and in the resulting 
ratio of resistance to reactance the factor co 
were taken out of the reactance, the decre¬ 
ment factor would be back on the usual basis. 
CO = 2 tt/, where/ = normal frequency 
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Discussion 

C. H. Linders In Synchronous Machines—Part IV, mathe¬ 
matical relations are presented which permit the calculation of 
the short-circuit currents and voltages at the instant of single- 



Fig. 1 Armature Current; the Short Circuit Occurring 
AT THE Instant op Maximum Linkages with the Short- 
Circuited Phase 

Upper curve—Test 
Lower curve—-.Calculation 



Fig. 2—Field Current; the Short Circuit Occurring 
AT the Instant op Maximum Linkages with the Short- 
Circuited Phase 

Upper curve—Test 
Lower curve—Calculation 

phase short circuit, and at any time thereafter. Experimental 
data are included in the paper which check the calculated curves 















488 


DOHERTY AND NICKLE: SYNCHRONOUS MACHINES 


Transactions A. I. E. E. 


accurately for both round-rotor and salient-pole machines at 
single-phase short circuit. 

Additional evidence is presented in the accompanying Pigs. 
1 to 6, with particular reference to the correlation of test and 
calculated curves, for armature current, field current, and open- 



PiG. 3 —Open-Phase Voltage; the Short Circuit Oc¬ 
curring AT THE Instant op Maximum Linkages with the 
Short-Circuited Phase 

tTpper curve—Test 
Lower curve—Calculation 


due to saturation. Open-phase voltages were measured 90 deg. 
from the short-circuited phase; for example, in case the short 
circuit was between line 2 and line 1, the open-phase voltage was 
measured from 3 to zero. 



Fig. 5 — Field Current; the Short Circuit Occurring at 
THE Instant op Maximum Linkages in the Short-Circuited 
Phase 

Upper curve—Without the amortisseur winding 
Lower curve—With the amortisseur winding 
The variation in held current Is less with than without the amortisseur 
winding on the rotor. This is because the amortisseur winding acts as a 
cushion for the field, having induced in it a voltage which is otherwise 
induced in tlie Held. 



Fig. 4—Open-Circuit Voltage; the Short Circuit Oc¬ 
curring AT THE Instant op Maximum Flux Linkages with 
THE Short-Circuited Phase 


Upper curve—Without the amortisseur winding 
Lower curve—With the amortisseur winding 
A comi^lson the curves shows that the open-oiroult voltage Is o 
siaerably less with than without the amortisseur winding; so that ' 
amorttaseur Is beaeflolal In reducing open-phase voltages at slngle-ph 
snort-circiut. 


phase voltage, at single-phase short circuit on a salient-pole 
synchronous machine. The machine used to obtain the test 
data was rated: ATI 4^pole, 15-kv-a., 1800 rev. per min., 220 
volts. AU short circuits were made from line to line at a sub¬ 
normal voltage, thereby eliminating any error in the test curves 


B. A. Behrend: Mr. Doherty has succeeded in elucidating 
one of the most important and intricate problems in a-c. circuits 
by a method of approach which maJces a great appeal to the 
engineering mind. Simple and natural as it may seem it was an 
ingenious suggestion to treat the initial value of the short-circuit 
current of a synchronous or induction machine by a.ssuming a 
circuit without resistance and introducing this resistance later 
to account for the decay of the short-circuit current. The 
general law which Mr. Doherty has developed and which he 
calls the “law of linkages*' and for which he has given a general 
proof, is henceforth going to be a great help in solving engineer¬ 
ing problems. In this present paper he has shown further how, 
by introducing a rather large pumber of factors, he is able to 
account in every detail, not only for the initial current, but 
also for the entire form of the decaying current wave. The 
striking agreement between his calculations and the records 
of the oscillograph are most interesting. 

In actual practical calculations it may be advisable to sacrifice 
in completeness of calculation in order to gain in simplicity. 
The total eirors involved may be no greater by pursuing such a 
course than by attempting to take into account every phase 
of the problem; However, much depends upon the taste of the 
individual designer and a method suited to one may not suit 
another. 

Robert Treat: These papers on the reactance and behavior 
of synchronous machinery indicate that we are coming closer to 
a complete understanding of what goes inside of a synchronous 
machine. They do not indicate, to my mind, that we shall 
forever be burdened with the complication which a cursory 
examination of them would indicate. I believe that further 
study will show that for certain classes of calculations our solu¬ 
tions can be reduced to practically the same simplicity that 
they had years ago, but with this important difference; where 
before omissions were made because of our ignorance, in future 
they will be made because of our understanding that they have 
an insignificant effect on the result. 

The operating engineer is interested in the internal processes 
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of a synchronous machine from several standpoints. Among 
others, I might name three particularly important ones: first, 
from the standpoint of the duty which they are going to impose 
on oil circuit breakers; second, from the effect they are going to 
have upon the relaying system; and third, he is recently becom¬ 
ing interested in the effects which the synchronous machine is 
going to have upon the stability of his system;,whether they are 
going to stay in synchronism with all their fellows on his system 
at all times or whether they are going to fall out of step some¬ 
times, and if so, when, and under what conditions. 

In respect to the first two, pai‘tieularly, this is a function of 
the short-circuit current which will flow. The short-circuit 
current in the sy.stem is caused by a voltage and limited by an 
imped&ince. The voltage is generated by the synchronous 
machines. The impedance is furnished partly by these machines 
and partly by the external circuit. 

In regard to the external circuit, we have for some time had a 
fair comprehension of the various characteristics which are 
important therein, of static apparatus in general, transmission 
lines, transformers, and so forth. But what went on inside has 
been a very considerable mystery. Not so very long ago oil 
circuit breakers were applied so far as interrupting capacity was 
concerned in terms of kilowatts installed in the station where the 
circuit breakers Avere put. A little later we distinguished between 
kv-a. supplied from salient-pole generators and from smooth- 
rotor generators. From tliat time we have progressed to a 
point where we now try to calculate as near as we know how the 
exact amount of current which the breakers may have to inter¬ 
rupt. Tt is a matter of considerable importance to an operator 
to know the amount of current which he is going to encounter on 
a short circuit in or near his power house. 1 mention only one 
effect. Tlie electroinagnetic stresses which he encounters in the 
bus supports and so forth vary not directly, but as the square of 
that, current, hence, if his calculations of current are 50 per cent 
off, tbe results are over 100 per cent off. 

The remarkable agreement reported by Messrs. Doherty and 
Nieklo between their calculated and test results indicates that 
this jnystory of Avhat. is going on inside the synchronous machine 
is disappearing. The results reported in those papers will be 
simplified, I am sure, so that they can be applied to a determina¬ 
tion of what is going to happen in a system during transient 
disturbances and will, without any question, make the life of the 
operating emgineers a little easier than it is now. If he can know 
how mucJi short circuit is going to be encountered under all 
conditions with certainty, not only can his oil circuit breakers be 
determined with greater precision but, probably of more impor¬ 
tance, he will be able to predict what his relay system is going 
to do under the various conditions to which it will be subjected, 

W. V. Lyons 1 should like first to congratulate the authors 
on the analy.si.s they have made. However, I do not regard this 
analy.sis as the final word on tliis problem but only as a stepping 
stone to a more complete solution. For they, in order to make 
the solution come within our present mathematical ability, have 
neglected the losseii in the circuit. That is, they have neglected 
them in determining the magnitudes of the currents and have 
later introduced them in order to obtain approximate values of 
the damping coefficients. This treatment seems to be quite 
satisfactory in the relatively simple problems that they have 
solved. Now it is a sure prediction that the mathematicQ,! 
difficulty which stands in our way to a more exact solution of the 
problem today will be removed tomorrow. One of the most 
promising ways of attacking transient problems is by means of 
the Heaviside operational method. It has proved of enormous 
value in solving problems dealing with static circuits and there 
seems to be no difficulty in extending the method to rotating 
machines. While spealdng of mathematical difficulties it is 
interesting to point out that they are to a great extent removed 
if the d-o. exciting circuit is a polyphase one, for example, if the 
winding is arranged like a 3-phase symmetrical winding and has 


direct current supplied between one terminal and the other 
two terminals, which are themselves short-circuited. This 
system of excitation is assumed by Bekku in his recent analysis 
to which reference is made, see Fig. 6 herewith. 

I do not wish to be understood as detracting in the least degree 
from the excellence of this paper but I must nevetheless empha¬ 
size that it should be regarded as a stepping stone to a more 
complete solution of the problem. 



Fia. 6— Polyphase Excitation 


There is one interesting point to which I should like to call 
attention. You will observe that in the oscillograms shown in 
Fig. 12 and Fig. 17 the first peak of current is highest, that the 
next two peaks are lower but are equal, that the next two are 
still lower but are also equal, whereas in the computed curve of 
current each peak is lower than the last. It would be interesting 
to know if the authors have any explanation of this. 

I should like to point out that the nearest approach to a 
uniform air gap is in a properly designed induction motor. A 
rotor such as used in a turbo alternator does not have a uniform 
gap. Due to the effect of the slots which contain the field wind¬ 
ing the reluctance of the air gap may be somewhat more in the 
quadrature axis than in the direct axis. 

Although it is not particularly important, I believe it might 
avoid some confusion if the damping coefficients were not repre¬ 
sented by the Greek “sigma,*' inasmuch as this letter is used to 
represent the leakage coefficient of two coupled circuits,^ and is 
thus an important constant in both the steady-state and trans¬ 
ient theory of such circuits. In fact, the so-called “transient 
reactance” which occurs in the solution of a polyphase short 
circuit of an alternator is the product of this leakage coefficient 
and the synchronous reactance, L e., in symbols, Xt - (T 
I suggest that, following a very common practise, the Greek 
“alpha” be used as the damping coefficient.*^ 



7a 7b 

Fig. 7—Effect of Condenser Load 


I wish to comment on the high potential that is observed across 
the open phase under the condition of single-phase short circuit. 
Two years ago we obtained oscillographic records during a 
single-phase line-to-line short circuit when the generator was 
loaded with three condensers which were used to simulate a 
three-phase cable. We found that with the condensers used 
both the steady and transient potentials across the open phase 
were about 60 per cent greater than when the condensers were 
disconnected. The steady-state oscillogram of this potential 
without the condensers and with them are shown herewith in 
Pigs. 7a and 7b. Another interesting and more common case 

1. B. A. Behrond. Induction Motors. 

2. See Doherty and Shirley, Reactance of Synchronous Machines and 
Its Applications, Tbans. A. I. B, E., 1918, Vol. XXXVII, p. 1248. 



490 


DOHERTY AND NICKLE: SYNCHRONOUS MACHINES 


is that in which the generator is connected to the line through 
transformers. Here the high potentials that would otherwise 
exist would be somewhat reduced, due to the increased exciting 
current that a transformer takes when the applied potential is 
increased in this manner. 

I feel very strongly about the use of the term ^‘transient 
reactance. To spealc of the **transient reactance” of a genera¬ 
tor as has been done in the past is to my mind very unfortunate. 
Fundamentally reactance depends upon frequency, x = 2 tt / L 
or in a more generalized form x ^ p L, where p is the so-called 
generalized angular velocity. If the frequency is omitted the 
term “reactance” in general is useless. Now in this problem of 
alternator transients there are in the simplest ease armature 
currents of several frequencies, so that a logical mind is forced 
to ask what is this “transient reactance”? 

In analyzing some new phenomenon we often draw upon our 
past experience and use modified forms of well known terms with 
which to describe it, rather than invent new terms which will be 
distinctive. For example, the impedance of an a-c. circuit was 
called the apparent resistance and similarly, the product of the 
potential and current, F/, was called the apparent power. Now 
to anyone who is familiar with the simple theory of power in the 
a-c. circuit, it is apparent that the product VI is not the power 
and tMs appellation of “apparent power” only befogs the under- 
stan(hng. When the first attempts were made to calculate the 
transient current in an alternator at short circuit the underlying 
theory was very imperfectly imderstood and, foUowing prec¬ 
edent, it was perhaps natural that a crude method should be 
devised which contemplated dividing an electromotive force by 
a reactance, just as would be done in the problem of the steady-. 
state short circuit. 

If at this time we had been fortunate in having an exact 
analysis based upon reasonable assumptions, it is quite probable 
that the term “transient reactance” would not have come into 
general use, but that the transient currents would be computed 
in terms of resistance, self and mutual inductances, and the so- 
called leakage coefficients. We are now beginning to realize 
that the theory of these transient currents cannot be expressed 
by such a simple formula as was at first proposed. It is interest¬ 
ing to note that Messrs. Durgin and Whitehead who suggested 
this term, “transient reactance,” in 1912 apparently appreciated 
the complexity of the problem more than many who have since 
attempted to apply their method. This is what they say: 

“This paper is confined to demonstrating the existence of a 
characteristic of alternators provisionally named the transient 
impedance and to investigate the influence of the characteristic 

.seems evident that the current is limited by some 

reactance beside those contemplated in the original theory®”. 

The existence of a transient reactance, or rather the existence 
of complex reactions which are conveniently grouped and 
replaced by a single* fictitious quality called the transient 
reactance is shown conclusively by the test results and has, 
mdeed, been more or less clearly appreciated for some time.^.” 

At first the “transient reactance” was taken to be the so-called 
leakage reactance of the armature, but this conception has 
gradually changed until it is, as the present authors show, taken 
to be what might be called the “equivalent reactance” of the 
armature and field windings. That is, it is the reactance mea- 
^d on the armature side with the field winding short-circuited 
m the same way in which the equivalent reactance of a trans¬ 
former or of an induction motor is measured. To quote from 
the paper by Messrs. Doherty and Shirley on Reactance of Syn¬ 
chronous Machines and Its Applications,^ the value of the tran- 
sient current at symmetrical polyphase short circuit is given by: 

^ Electric Phenomena and Oscillations,’* Stelnmetz. 

Reactions in Alternators,” by W. A. Durgin and R. H 

nitenead. 

B. Tbans. a. I. B. E.. 1918, Vo). XXXVII. p. 1209. 
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\ Xs / Xt 

This is still founded on the idea that the transient current is 
determined by dividing a generated e. m. f. by a “transient 
reactance.” The symbol E is rather indefinitely defined as “the 
voltage per leg,” but it seems to be apparent that it represents 
the ph^e e. m. f. on open circuit. Let us apply this method of 
analysis to the following problem. An alternator operating in 
parallel with others loses its field excitation due to a break in the 
field circuit of the exciter. The field winding of the alternator 
is still closed through the armature of the exciter. Directly 
after the armature current of the alternator reaches its steady 
value, which may not be much in excess of its full-load value, a 
polyphase short circuit occurs at the terminals of the alternator. 
The problem is to determine the transient current in the alter¬ 
nator. We have here a ease in which there is no e. m. f. due to 
field excitation and furthermore there is no steady short-circuit 
current. If the theory of transients is no more perfectly under¬ 
stood than is expressed by the above equation it would be said 
that the transient current is zero, whereas, as a matter of fact, 
it may be nearly as great as if the polyphase short circuit had 
occurred before the alternator lost its field excitation.® Ob¬ 
viously if this is true anything that fosters the idea that the 
transient current can be computed by dividing a generated 
e. m. f. by a “transient reactance” in a manner similar to that 
in which the steady current is determined, impedes our progress 
toward a true understanding of the problem. To tJie writer’s 
mind the very term “transient reactance” does this by suggestion. 
Now while it is true that the problem of transient conditions in 
machinery is a complicated one at best it is also true that approxi¬ 
mate solutions can be obtained which are at once relatively 
simple and accurate. In some of these approximate solutions 
it so happens that one of the important constants of the machine 
is what is commonly called the “equivalent reactance.” This 
equivalent reactance is measured by applying potential to one 
of the windings and short circuiting the other, as is done, for 
example, in the case of a transformer or of an induction motor. 
It is now suggested that this same test be used in determining 
the so-called “transient reactance” of an alternator. It seems 
but logical that, if the same test procedure is followed in the 
case of a transformer, an induction motor, and an alternator, and 
the same use is made of the results of this test in solving steady 
and transient problems concerning the transformer and the 
induction motor and in solving transient problems concerning 
the alternator, this commonly determined constant of the ma¬ 
chines should have a common name.. If this constant has a 
certain designation in one case it should have the same designa¬ 
tion in all cases. When discussing the transformer and induc¬ 
tion motor the term “equivalent reactance” is used. This has 
come^ to have a defimte and well understood significance. It 
certainly does not tend to clarify the understanding of the 
transient problem to call a similarly defined and measured con¬ 
stant of a synchronous machine by another name especially if 
this name itself suggests an erroneous conception of the problem. 

If the term, “equivalent reactance” is believed unsuitable for 
this commonly determmed constant we should choose some 
other appropriate name, but let us at least be consistent in our 
nomenclature. 

Furthermore I predict that as the operational method is 
extended to the problem of machine transients the terms that 
will be used will be resistance and self and mutual inductance. 
At present I can only hope that use of the term “transient 
reactance” will be as fleeting as its name implies. 

6. The ratio of the transient currents in these two cases is the ratio of 
to V, i. e., the ratio of the generated volts on open circuit in the first 
case to the terminal volts at the time that the short circuit occurs in 
the second case with no fidd excitation. This readily follows from the 
analysis given in the writer’s paper. Transient Conditions in Electric 
Machinery, Trans, A. I. E. B., 1923, Vol. XLII, p. 167. 
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W. P. Dawsont It is out of the question to go through aU 
of the defied work indicated by these formulas as a preliminary 
to e^h design made, but when a group or line of machines is 
developed they naturally follow uniform proportions until they 
look more or less like brothers and behave as such. Of course 
no line is complete until there is reasonable assurance that 
detailed calculations of the “reactance” will indicate values 
approximately as required. After these mathematical investi¬ 
gations, the thought naturally arises, Why do we do it? What 
appKcation shall we make of the results? It has already been 
stated It is to give the operators a chance to select their oil 
switches and to protect their systems. This apparatus is 
selected from the knowledge of the reactance and on the assump¬ 
tion that the oscillograph waves of short circuit current will be 
smusoidal. This assumption is approximately true in the case 
of turbo alternators having solid fields, but with laminated fields 
on short circuit, the wave shapes are often contracted consider¬ 
ably at the base. This means that if the oil switches and other 
apparatus are selected on the basis of thermal capacity they will 
be larger than necessary. 

What I consider as another error in the interpretation of 
oscillographs is the projection of the crest envelope to the instant 
of short circuit and assuming the maximum current to be the 
mtersection point instead of the top of the first wave which 
occurs from M to cycle later and which is usually 10 to 15 
per cent less than the intersection point. It is not the intersec¬ 
tion point but the altitude of the maximum wave crest which 
determines the mechanical stresses. 

It seems reasonable to expect the Standardizing Committee 
ultimately to talce cognizance of these important details and that 
the selection of oil switches will depend upon the actual r. m. s. 
of the wave shape, so far as thermal capacity is concerned, and of 
the maximum altitude of the first wave so far as mechanical 
strength is concerned. 

H. M. Mobart: To get curves to coincide as nicely as in 
Fig. 16 between the estimated and the observations by the oscillo¬ 
grams seems to me marvellous. Twenty years ago I never 
dreamed that any such command of the subject would have been 
possible. Any price is justifiable to have such a command of 
predetermination of these characteristics of dynamo-electrical 
machines. 

The comparison given in Fig. 16 between the predetermined 
curve of the transient field current, and the curve actually 
obtained with the oscillographs, is extremely interesting and 
remarkable as proof of the great progress which has been made 
in obtaining a quantitative knowledge of these complicated 
occurrences. 

H. H. Spencer: Messrs. Doherty and Nickle treat at con¬ 
siderable length decrement factors but their eq. (9) does not take 
any attenuation into account. I should like to ask if they will 
explain how these entered into the calculations, of curve 11 or 
subsequent curves which show a very sharp decrement of 
successive peaks. 

R* E. Doherty: If I have interpreted the discussion cor¬ 
rectly, Mr. Behrend's impression is that the results, while 
apparently of an accurate nature, are nevertheless too compli¬ 
cated to be of much use. Now the results are really not com¬ 
plicated, even if some of the equations leading up to them are. 
For instance, the relations shown in Fig. 9 and in eqs. 9 to 15 
inclusive do not appear so. 

But suppose they are so considered, what is the justification? 

It certainly is not, as Mr. Behrend suggests, to exact the last per 
cent of accuracy in those problems which already may be solved 
within practical engineering accuracy. None of us wishes to 
increase the engineer’s already heavy burden of numerical 
calculation. On the contrary, my own experience as a designer 
places me in sympathetic agreement with Mr. Behrend’s appeal 
for simplicity in such matters, and I have spent many hours in 
affecting simplified calculations. But mere accuracy is not the 


objective here. Progress makes it necessary o answer new 
questions and oaloidate characteristios which have not been 
extensively dealt with. A sound theory, as indicated by the 
close agreement of test and calculation, makes it possible to 
answer such questions and to calculate such characteristics with 
some degree of confidence. And that is the justification for any 
relative complication which may appear in tMs work. 

In stating that “damping” is of comparatively little impor¬ 
tance, Mr. Behrend is probably right, in so far as he is considering 
only those r^ults, such as mechanical force, which may depend 
on the first impulse. But in other connections, such as cirenit- 
breakOT ratings and synchronizing power following short circuits 
damping is of very great importance. ’ 

Mr. Behrend mentioned the oscillograph. The function of 
tWs instrument is to record not merely the general shape, but 
^ the magnitude. The short-circuit curves are accurately 
mdicated by the oseiUograph, and in the figures which are given 
m the paper the magnitude checks as weU as the form. For much 
higher frequency—say 10,000 cycles per second—the ordinary 
oscillograph records would not be reliable, but they are for such 
phenomena as are shown here. 

With reference to Mr. Dawson’s remarks: I understand that 
his statement that “Everything is being based on the assumption 
that the wave shape is sinusoidal,” refers to the usual inter¬ 
pretation of oscillograph records—such, for instance, as dividing 
the peak value of an off-set wave by 2 V 2 to obtain the r. m s 
of the a-c. component. Ho is right that such a procedure is 
incorrect unless the wave is sinusoidal, and usually it is not. 
Relations between the peak current and other values are given 
in Appendbc B. 

,, ^ hardly agree with his statement that the 

theoretical value” at zero time “is no good.” It may not be, 
for sheeting oil switches, but there are other uses and reasons for 
knowing it. This matter is one of the major points of the com¬ 
panion paper by Park and Robertson. 

Mr. Dawson’s comments and predictions at the close of his 
discussion would have been in order 15 years ago; but I am not 
awme that anyone nowadays selects circuit breakers on' the 
basis of the initial current, corresponding to what he terms the 
“theoretical reactance,” i. e., transient reactance. Many years 
ago standard decrement curves were adopted as a first step 
toward a rational method of selecting circuit breakers. We 
must keep the transient reactance, but we must use it properly 
in connection with decrement factors, etc., to obtain the desired 
result. 

In reply to Mr. Spenc®:’s question, the decrement factors are • 
derived in Appendix H, and applied in Appendices B and C ■ 
under Transient Currents. Also the simplified forms of equations 
are given in Appendix A. 

UnUke Mr. Behrend, Professor Lyon believes there are yet 
more details which should be included in the theory. In deter¬ 
mining the magnitude of the initial currents, we have neglected 
resistance, and have made an approximation in taVing it into 
account in the decrement factors. While the calculated results 
appear satisfactory, there is no question about the desirability of 
including all fetors rigorously. As stated in the paper, no one 
has yet done it in the general case, but we hope and trust that 
Professor Lyon will be able to do this. 

The slight variation of the test curves from calculated curves 
in Figs. 12 and 17 is due, as explained in the title of Pig. 17, to 
the fact that the magnetic linkages were not quite zero, as as- 
sumed when the short circuit occurred. 

Professor Lyon feels strongly that the term “transient 
reactance should be abandoned. Perhaps a bettor name could 
^ve been foimd when this term was first proposed, or even later 
m 1918 when I endorsed it after consulation with a number of 
intoested engdueers, including Dr. Steinmetz; but a more appro¬ 
priate name did not appear. Nor has any since that tiiwo in 
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wiy opinion. Certainly ‘Vquivalent’^ reactance is not better. 
1 liere are already too many “equivalent** things. 

^ rhe term transient reactance*’ is not illogical, inasmuch as 
It indicates tlie nature of the phenomena to which it is appli¬ 
cable. Ill tills respect, it seems quite as logical as the term 
synchronous reactance.” Certainly, no one would interpret 
the latter to indicate that the reactance is, itself, “synchronous,” 
nt merely that it is the reactance which applies to certain 
conditions of synel^onous operation, z. c., steady-state conditions. 
t-'niii a more significant and appropriate term than “transient 
reactance” is available, it would seem convenient and desirable 
to continue its usage. 

With regard to the speoifle problem given by Professor Lyon, 
tne solution in tenns of open-cireuit voltage, transient reactances, 
etc., IS quite simple. Let 

fi> = armature current while the machine is connected to the 
bus. 

= transient reactance line to neutral. 

“ synchronous reactance line to neutral 
If the machine is removed from the bus and immediately 
short^ireuited, the short-circuit current wiU be the same as iT 

£ the connected 

to the bu,. W hen the machine is disconnected from the bus, the ' 


induced field current or nominal voltage is, as shown in Synchro^ 
nous Machines III, 

ed^u(xd-xj) ( 1 ) 

Since on open circuit, the nominal voltage is nuinorically c»qual 
to the terminal voltage, assuming nb saturation, 

^ = u {xd — xj) (2) 

Then when short circuit occurs 
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When the macliine is connected to a bus of voltagij, A’,, iho 
current, u, is 
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As pointed out in the discussion, this current may he nearly as 
large as if the machine were short-circuited at no load and at a 
voltage. Mi. The difference is merely the current which oxistod 
before short circuit. 



The Calculation of the Armature Reactance of 

Synchronous Machines 

BY P. L. ALGER* 

Mom her, A. I. E. E. 


Synopsis, This papei' presents new and simplified formulas for' 
the armature leakage reactance of synchronous machines^ and com-- 
pares the results obtained with tests on 100 machines ofvaHcd types. 
The new formulas are characterized by novel expressions for the 
end leakage and for the **air-gap** or differential leakage^* reac¬ 
tances. Formulas for zero phase-sequence reactances are also 


given. The definitions of armature leakage and armature reaction 
reactances used are those proposed by Dohei^ty and Nickle in 
19^6f and as a result the leakage reactance has a much smaller value 
than has heretofore been assigned to it^ thus requiring a rather 
fundamental revision of the ordinary conceptions of the flux denn 
sities existing in the various parts of a loaded synchronous machine. 


I. Introduction 

T he growing interest of operating engineers in 
machine reactances, (as system stability and short- 
circuit phenomena become continually more 
important), together with the recent advances in the 
theory of synchronous machines, make renewed con¬ 
sideration of the subject of reactance calculation 
opportune at the present time. Papers on this subject 
have appeared in the Journal's pages at intervals over 
a period of more than 20 years, each paper marking a 
further refinement of methods and an advance in 
accuracy. At first, it was customary merely to estimate 
the numbers of leakage lines per ampere inch of em¬ 
bedded and free conductor, and multiply them by the 
respective lengths to obtain the reactance. Later, the 
reactance was segregated into several distinct elements 
that were separately calculated. These calculations 
due to their greater importance and in this case, the 
possibility of more accurate tests have reached greater 
precision in connection with induction maphiripg 
than with synchronous machines. Adams'i-'s-'^ first 
developed formulas for induction motor reactances, and 
later Fechheimer» and Doherty and Shirley’ developed 
formul^ for synchronous machines. In 1926 Doherty 
and Nickle* presented some fundamental extensions 
of the theory of ssmehronous machines, and proposed 
new, more precise, definitions of armature leakage 
reactance and of armature reaction reactance. The 
present paper adopts these new definitions and develops 
simple formulas for the accurate calculation of the two 
quantities, for salient pole machines. 

The reactance of armature reaction is here defined as 
the reactance due to the fundamental sine wave of 
air-gap flux produced by the armature current acting 
alone. It is calculated by means of the curves derived 
by Wieseman* from flux plots. There are two distinct 
(values for it, the direct axis value occurring when the 
;axis of armature m. m. f. coincides with the pole axis; 

; and the quadrature axis value, occurring when the axis 

♦Assistant Engineer, A-C. Engineering Department, General 
Electric Company, Schenectady, N. Y. 
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of armature m. m. f., is midway of the interpolar space. 

The armature leakage reactance is defined as the 
difference between the total, or sjmehronous, armature 
reactance and the above defined reactance of armature 
reaction. The distinction between the leakage and the 
armature reaction components of the total reactance is 
quite an arbitrary one, since no winding can have a 
' definite value of leakage reactance except with respect 
to another winding. Some distinction of this character 
is very desirable, however, for convenience in calculat¬ 
ing the transient reactance, and for other purposes. 
The armature leakage reactance as above defined, is 
as nearly equal as may be, to that part of the total 
armature reactance which remains the same under 
transient as under steady conditions of operation. 

Following Adams' treatment of the induction motor, 
the armature leakage reactance of a synchronous 
machine will be divided into four parts; the slot, end, 
zipag, and belt leakages. Formulas for each of these 
will be derived in turn. As the slot leakage has been 
quite satisfactorily treated by Adams*^ already, the 
discussion of it here will be abbreviated as much as 
possible, consistent with the derivation of a little more 
exact formula, and its extension to apply to zero phase- 
sequence currents. None of the other three elements of 
the leakage has been adequately treated by pre¬ 
vious writers, so they will be given more detailed 
consideration. 

The four divisions of the reactance found useful for 
induction machines are followed for the two reasons 
that they fit in very well with the new conceptions of 
leakage reactance, and that their adoption will tend to 
unify the theory of the two types of machine. In 
particular, the total "'air-gap leakage," due to harmonics 
of the air-gap flux, is segregated into the two parts 
called zigzag and belt leakage, respectively, in order to 
permit the effects of the independent variables, number 
of slots, and number of phase belts to be separately 
taken into account. 

All previously published formulas for zigzag leakage 
have involved the consideration of overlapping primary 
and secondary teeth, and so have inadequately taken 
into account the effects of flux fringing in the air-gap. 
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and have been inapplicable to synchronous machines. 
Also, older formulas for end leakage have been frankly 
empirical in nearly all cases. All new formula for 
these elements will be derived by considering the leak¬ 
age flux to consist of revolving magnetic fields, divided 
into a fundamental and a series of harmonics. In each 
case, the coefficient of the resulting formula will be 
derived from theoretical considerations alone, and no 
empirical multipliers will be used to bring the results 
into agreement with practise, although simplifying 
assumptions will be freely made as the oceaalon 
demands. 

Before proceeding to the derivation of the formulas, 
it is desirable to get clearly in mind the distinctions 
between the four elements of the leakage that have 
been specified. The end leakage reactance is due to the 
flux linking the end windings alone. The slot leakage 
comprises all of the flux crossing the slots due to the 
armature current, but does not include flux passing 
from tooth to tooth in the air-gap space. Evidently 
there is a slight error here, because the flux lines near 
the mouth of the slot do not pass straight across, but 
bulge outwards into the gap. The zigzag leakage 
comprises all of the space harmonics of the air-gap 
flux, due to the armature current in a one slot per pole 
per phase winding which induces fundamental frequency 
voltages in the armature. This includes the flux which 
crosses from tooth to tooth in the air-gap and interpolar 
q)aces without actually reaching the field surface, and 
so takes up the leakage flux at the point at which the 
slot leakage left it. The belt leakage then comprises 
all the remaining fundamental frequency voltage pro¬ 
ducing space harmonics of the air-gap flux due to 
armature current.. This last reactance is the additional 
reactance that an actual winding has above that which 
it would have if there were as many phases as slots per 
pole. Thus, the zigzag leakage reactance is due to the 
deviation of the armature m. m. f. wave from a sinusoid, 
caused by the limited number of slots, and the belt 
leakage reactance is due to the further deviation caused 
by the limited number of phases. 

The belt and zigzag reactances together have been 
appropriately called® the “differential leakage,” since 
they are due to the deviations of the armature m. m. f. 
from the ideal sine wave. They may also be called 
“air-gap leakage,” since they represent the difference 
between the total and the armature reaction com¬ 
ponents of the fundamental frequency voltage producing 
air-gap flux. As the differential leakage reactance 
varies with the relative positions of the axes of the 
armature m. m. f. and the poles, the annature leakage 
reactance varies likewise, and has a slightly higher 
value in the quadrature than in the direct axis.* 

Formerly, the air-gap flux due to the armature current 
was divided into two parts, that due to the armature 
reaction, and that due to “tooth tip leakage.”’^ The 
armature reaction part was intended to represent the 
air-gap flux produced by the armature that links the 


field, but the determination of this flux was erroneously 
based on the linkages of the armature by the air-gap 
flux due to the field.* The remaining part of the total 
air-gap flux produced by the armature was then called 
tooth tip leakage. As the new definition of armatoe 
reaction includes most of this latter flux, we have 
abandoned the name “tooth tip” and called the small 
remaining part, the syndironous frequency voltage- 
produdng harmonic fluxes, “differential leakage,” as 
just described. 

Bearing in mind these conceptions of the leakage 
reactances which we are going to calculate, we can now 
proceed to the derivation of the formulas. The four 
components of the reactance will be taken up in the 
order of their difficulty, and subsequently the results 
of their application to actual machines will be compared 
with tests. 

11. Slot Leakage Reactance 

Only two-layer barrel-type armature windings in 
open slots will be considered in this paper, since the 
inferior electrical and manufacturing characteristics 



of single layer windings have reduced them to a place 
of only historical importance in polyphase a-c. machines 
of American manufacture. 

Consider the slot shown in Pig. 1. All the flux 
crossing the slot returns below its closed end through a 
path of negligible reluctance, and none of it links any 
of the other slots. The leakage reactance in ohms per 
phase, due to this flux is then equal to the product of the 
following factors; 

1. The permeance of the path across unit length 
of slot. 

2. The embedded length of slot, or L 

3. The number of slots in series per phase, or S/q 

4. The square of the number of series connected 

conductors in each slot, or 

6. The rate of change of the flux, or 2 -r / 

6. A constant to reduce linkages per second to 
ohms, or 10“* 
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The permeance of the path for flux A linking all the 
conductors in the slot of pig. 1 is: 

4 T / da \ 

P®^ length of slot 

And if the winding is full pitch, so that the currents 
in coil sides I and II are identical in magnitude and 
phase, the linkages per ampere produced by the flux in 
paths B and D are equal to the expression: 

4 TT / di — ds \ 

10 V /’ 

since with uniform current distribution over the height 
di, the flux density distribution is linear and the linkage 
distribution is parabolic, while the average height of a 
parabola is one-third its maximum height. As all the 
flux through path C links one-half the total current, the 
linkages due to it are one-quarter as much as they would 
be if this flux linked all the current. The linkages due 
to C are, therefore: 


and that of II is proportional to: 


J. 

4 


[ 


da + 



+ ^2 + 



r , 2 d, 

di 1 

1^3+ 3 



while their mutual inductance is proportional to: 


Hence, the total linkages due to the two currents 
0® out of phase acting together are proportional to: 



(4 da -|- di — da) cos 9 
8 

Or, the slot constant for this case is: 


4 TT / ^2 \ 

To" \Tw)’ 


da 

2w 


(1 + cos 9) -f 


di 

24 w 


(6 + 3 cos 9) 


and so the total slot reactance of a balanced, full pitch, 
polyphase winding is equal to: 


di 

24 w 


(3 cos 9 — 1). 


8 TT^ 

.X^siot = (/ L) (S/q) 


qZ\ rl2 da + 4 d, - da' 


mi 


12 w 


] 


0.79 / L g Z® r 12 da + 4 di - da "I 

10^ S L 12 w J 

ohms per phase ( 1 ) 

For dimensions measured in inches, the constant 
0.79 becomes 2.006. The expression outside the 
bracket is a quantity containing factors common to 
many of the elements of reactance, and so it is con¬ 
venient to give it a special symbol, M, in future equa¬ 
tions. The bracketed expression is the “slot constant.” 

For a fractional pitch winding, the currents in the 
two coil sides in some slots are not in phase, and so, a 
more detailed analysis must be made. If the current in 
coil side II lags that in I by 0®, then in the slot carrying 
the return conductor of I, in the bottom of another 
slot, there will be (under balanced conditions) a top 
conductor carrying current 0® ahead of the current in I. 
As the mutual inductance of I, with respect to II, is 
equal to that of II with respect to I, the out-of-phase 
component of voltage induced in ea<A coil side by the 
other will be canceled by the corresponding out-of¬ 
phase voltage in the return coil side, leaving only the 
in-phase components of voltage to be considered. 

The total self-inductance of I is proportional to: 



When the winding pitch is 100 per cent, all the slots 

„_ 

have 0 = 0 deg.; when the pitch is — -, all the 


180 deg. 

slots have 0 = ---, and when the pitch is 


g- 2 


, they all have 0 = 


360 deg. „ . 

-‘ For intermediate 

Q 


pitches, the slot constant varies linearly between 
these values. Thus, by plotting the function Ka 
against per cent pitch, where Xs is a broken line 
function having values equal to 

1/, m TT \ q — m , 

Kb = -g ^ 1 + cos J at —-— pitch, (2) 


m being any integer, (as shown in Fig. 2), and substitut¬ 
ing it in the expression for the slot constant, we have 
as the final equation for slot reactance: 



The third term in this expression is negligible, 
except for zero phase-sequence currents, unless th^e is 
a large space between the top and bottom coil sides, 
as in the case of a multi-speed machine with two 
primary windings. The second term is very small, 
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unless the pitch is below two-thirds, so that only the 
first term is ordinarily of importance. 

|lb The slot reactance given by (3), with the coefficients 
iv.s of Fig. 2, applies when balanced polyphase currents 
flow in the windings. It is sometimes desirable to 
know the slot I’eactance for other conditions, however, 
as for single-phase, or for zero phase-sequence currents. 
These reactances can all be obtained from equation (3), 
if proper values of /Cs are used. The appropriate val- 


TABLE r 

VALUES OP FOR USE IN EQUATION {.D 


Oonnection 


Type of winding 


Winding pitrh 
0 i/a j ;t j i 


ISZS55S5S5SSESS5SBS55""**m>>bhb 

1SSSIS!S!!SS-'^522S2225B***'^""""i 
saii5iSiSSi1^!2222E222a9saaaaB 


laaEaaaaa-aaa-i!! 



laSmMgsrBLmsi as 

ap«EiiS^i9 



Fig. 2 

be derived by the methods alreadv 

It will be noted that the single-phase Hne to 
dot rsaetajce of a threo-phaJwinS 

b«au« the mutJi'^^^Seea’Sor 

in l‘t?Sn“aS^STiftte“t:'^ V 

to two-thirde Of the ^Sv^hS 


Balanced t three- 

Pliase. three-phase, 00-dog. bolls 0 O 0 7.0t> l .iict 

Line to neutral, 

one-phase. three-pliase, 00-dog. bolls 0 0..‘i00 I ini 

Line to line, one- 

Pl^ase. three-phase, 00-dog. bolts 0 0.U50 0.7511.1.00 

Zero phase. three-phase, 00-deg. bolts 0 1.00 o , 1 IMI 

Balanced, three- | 

P^®^®. throo-pha.se, 120-dog. btdts 0 . .'175 o. 7.~.o : o. 7.50 

line to neutral, '} 

one-phase. throe-phaso, 120-di?g. bolus 0 o. 0.500 ^ o, ,%00 

• Line to line, one- j 

. three-phase, 120-deg. bolts 0 .;J7:» 0.7.“.o i u.7.M> 

Zero phase. three-phase, 120-dog. bolts 0 0 0 o 

Balanced, two- 

phase. two-phaso, 00-dog. bolts 0 0.;m 0.iiUT,IJUi 

line to line, one- j 

. two-phitsB, Iwits II o.mivji lui 

Zero phas e. two-pha-so, OO-doB. IjoIik o (|,;i:i;( j ii iiiiv | i chi 

iN-iw.vi, II,.. i„|,„. 


reactancs, plus one-third of the zero 
reactance. 


phase s<‘<pu‘m'(> 


III. End Leakage Reactance 
The leakage reactance of the end winding.s will lu're 
be considered as due to two kinds of field. 'Phe linsl 
kind IS a revolving magnetic field of the .same nature 
as those that are produced in the core length. This 
field flows m planes perpendicular to the .shaft,, and is 






•— zx(/s) -J 


.. -s^s-cr/e/y 





IQ. 3 -Axiai, Leakaok Pi.ux o„- En„ Winuimis 

i»iphe,al leat^ 1. 
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. primary and secondary windings, and so the 
usually predominates. 

he procedure will be, then, first to find the per- 
meance of a cylindrical air core to a sinusoidally dis- 
1 ibuted encircling m. m. f., second to find the effective 
this character produced by the end windings, 
in d to determine thence the reactance due to the 
peripheral end leakage flux; and, finally, to determine 
the additional reactance due to the axial leakage. This 
completes the story for a salient-pole synchronous 
rnachine, where there is no mutual inductance between 
the amiature and field end windings. For induction 
machines, however, the further step of subtracting the 
mutual reactance of the two windings from the sum 
of their total reactance is necessary. 

As shown by earlier writers’’®'**', the total flux per 
pole produced in a circular air core of one cm. axial 
len^h by a sinusoidal m. m. f. distributed around the 
periphery is equal to just twice the maximum m. m. f. 
in filberts. Or: 


, - / 4 IT A \ 

*' - ’ 

This equation assumes the flux to lie entirely in air 
on one side of the periphery of the core, and entirely 
in iron of high permeability on the other side. It makes 
no difference whether the air is on the inside or the out- 
.'«ide of the core, and neither does it make any difference 
vvhut the radius of the periphery of the core is. If there 
is no iron present, so the flux paths lie entirely in air, 
both inside and outside of the m. m. f., the reluctance 
is doubled, and so: 


The flux per pole produced by the same m. m. f. 
acting on a uniform air-gap of len^h g is equal to: 


.8 TT A D 


( 6 ) 


The first of these factors is given by the familiar 
expression: 


The second factor is: 

<#> St D L 
A ^ 10 gP 


( 8 ) 

( 9 ) 


and the third* is: 

A 2qZK^K, 


I tPV2 

The product of these three factors gives the magnet- 



PiG. 4 —End Winding Cdrrbnt Rblationship 


And, therefore, the ratio of the flux produced by 
a given sinusoidally distributed m. m. f. acting on the 
periphery of an air cylinder of diameter D, with air 
outside, as well as inside the cylinder, to the flux 
produced by the same m. m. f. acting on a xiniform air- 
gap of length g, is equal to: 


<l>i _ P g 

<l>t ~ 2D ’ 


(7) 


where P is the number of polesof the m. m. f. 

The magnetizing reactzince due to the air-gap flux 
of an induction motor with uniform air-gap g is equal to 
the product of the following factors: 

1. The volts per phase due to unit flux per pole; 

2. The flux per pole due to unit armature reaction; 

3. The maximtun of the sine wave of armature 
reaction per ampere in one phase. 


izing reactance of a pol37phase armature winding in 
ohms per phase: 

STQfPLZ^K^K^ 


O.S19K/K^DSM 

Pg 


( 11 ) 


The ratio of the axial length of the end windings on 
both ends of the machine to the core length is: 


TpDtaxia 

PL 


( 12 ) 


where p is the fractional pitch, and a is the angle 
indicated in Fig. 4. 

*R. B. La'wreixce, “Principles of Alteenatmg'-Ciiirent 
Machines,” page 108. 
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Multiplying together (7), (H), and (12), the leakage 
reactance^ of the end windings due to the fundamental 
of the peripheral field only is: 


[ 


xpDtano: 

PL 



pD S tan a"! 
2P*L 


where F (p) is that function of the winding pitch that 
corre^onds for the coil end projection length to the 
function K/ over the core length. The distribution 
factor Kd is the same for the end windings as for the 
core portion, due to the unvarying widths of the phase 
belts. 

To evaluate F (p), consider an elementary section of 
the end windings at a distance x from the outer end, as 
indicated in Fig. 4. If x is expressed as a fraction of 
the total axial winding projection on one end, the pitch 
of the winding at any point is equal to p x. Therefore, 
the square of the ratio of the m. m. f. at any point to its 
value in the core portion is, 


sin® 


p ^ra; 

2 ’ 


harmonics may be approximately taken care of by 
simply omitting the factor in the first member of 
equation (13). 

The component of end leakage reactance d!ue to 
axial flux may be ev^uated by considering the periph¬ 
eral components of the end winding currents at any 
fractional distance x from the outer end of the winding, 
as indicated in Fig, 4. The peripheral currents in the 
upper and lower layers of the winding are out of phase 
in time by an angle equal to p ir x, which differs by ir 
from the phase difference between the axially directed 
components of the same currents. Thus, the resultant 
peripheral current at any point is proportional to 

pirx ^ 

2 ' of gravity of this current area 

is accordingly located at a distance from the end of the 
core equal to: 




1 _ 
1* P IT X 

irpDtaxia 

J 

7 ^ 

<■ X COS g dx 

2P 

X — 

j 

P Tf X J 
cos — dx 


J 

- 0 

2 


and accordingly the value of F (p) is: 
F(p)= t = 


' (P) = J' sir 


_ irpDtaxta / 2 tan p 7 r/ 4 \ 
2P \ p T ) 


2p T 


(14) 


To evaluate the additional end reactance due to the 
irregular peripheral space distribution of the end wind¬ 
ing m. m. f., we may proceed as follows: The ratio of 
the nth. harmonic flux per pole in an air core to the 
fundamental flux per pole is n times greater than the 
same ratio for a unifom air-gap, (from equations (5) 
and (6) ). For a full pitch winding with a large number 
of slots per pole, the reactance due to the «th harmonic 
is therefore approximately 1/w* times that due to the 
fundamental for an air core, and 1/n* times the funda¬ 
mental for a uniform air-gap, the latter ratio being 
derived in the section of this paper on belt leakage. The 
sum of the values of 1/n* for all the harmonics present 
in a full-pitch polyphase winding with an infinite 
number of slots is equal to 1/K^4 The actual effect 
of the haimonics is less than this for windings with 
pitches a little less than 100 per cent, and greater for 
very short pitch windings, but these errors are not 
important. The tooth harmonics due to the concen¬ 
tration of tile m. m. f. in a small ntunber of conductors 
are sm^ler in the end windings than in the core, since 
the finite slot depth makes the actual length of flux 
path much greater for the higher harmonics than in the 
ideal case, for which the formulas are derived, where the 
m. m. f. is concentrated in a cylinder of zero thickness. 
Thus, the increase in end leakage reactance due to 

tSflberstein, "Synopsis of Applicable Mathematics,” p. 87. 


wpDtaa a 
4P 




approx. 


(15) 


We will now m^e the assumption that the a via l end 
leakage reactance is the same as if the peripheral current 
were concentrated in a conductor of circular cross- 
section at each end of the machine at the distance 
from the core ends given by (15). The proper diameter 
of cross section to assume for these conductors is evi¬ 
dently greater than the depth of primary slot, and less 
than the axial length of the end projection on one end. 
For reasons of simplicity, we will assume this diameter 
to be one-half the axial projection at each end, or. from 
( 12 ): 


vpD tan a 
4P 


(16) 


As the peripheral current extends over a radial depth 
equal to the depth of primary slot, the equivalent 
diameter cannot be less than this. Hence (16) is 
really based on the assumption that the primary slot 
depth is about equal to one-third the axial end pro¬ 
jection, and if wide variations from this relationship 
occur, then (16) will be correspondingly in error. The 
effect of this error is to make the calculated reactance 
too high for very deep primary slots and too low for very 
sh^ow slots. However, since only the logarithm of 
this effective diameter enters the final equation, a 
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considerable error in the diameter makes only a small 
error in the result. 

The current in this conductor varies cyclically around 
the periphery, its r. m. s. value for a full-pitch winding 


being 


1 

2 


times the total axially directed current in 


one pole pitch, or: 


/ep 



K^KgqlZ ^ 2 V2 ^ 


qlZK^Ki 

Pt 


(17) 


We will neglect the leakage flux that enters the ends 
of the armature core in an axial direction, as it is 
largely canceled by opposing eddy currents in the 
punchings, that are entered broadside on. Then, the 
peripheral currents at the two ends may be considered 
as flowing in a pair of parallel wires separated by a 
distance twice that given by (15). 

Assuming the air-gap diameter, D, large compared 
with this distance, the problem reduces to that of cal¬ 
culating the reactive kv-a. of a single-phase trans¬ 
mission line consisting of round wires of a diameter 
given by (16), separated by a distance twice that 
given by (15), of a length x D, and carrying a current 
per conductor given by (17). The inductance of such 
a line is equal to: 

2tD r1 , 1 

■■ + 21 n 4,(1 + pVS) J henrys 

which is practically equal to: 

4 X D (8.2 -I- p5) 

- (5)100 

The total reactive volt-amperes due to the axial end 
leakage flux are, therefore, equal to: 

IS.lfqDK/ Zo (1 -h 0.12 pO) 

•^EA = 10»P0 


Adding (19) to (13), and dropping the Ke? factor of 
(13) as previously explained, we obtain for the total 
end leakage reactance: 

^ „ r P-5 tan O'P (p) 

■^End = I 2 PO L 

(1-1-0.12 po) -I 

6 P 0 L J 

We will take a = 60 deg., a value higher than the 
usual angle of the ends, but one that checks the mean 
length of conductor on most windings, and so one that 
allows something for the straight portion beyond the 
core. Equation (20) then reduces to: 

aZMDSiZy-l) 

AEnd — P^L 


very closely. The substitution of 0.3 (3 p — 1) for the 
complicated function of pitdi given in (20) is justifled 
by the comparison of the two values shown in Pig. 5. 
Over the ordinary range of pitches from 0.5 to 1.2, the 
agreement is very satisfactory. We will, therefore, 
adopt (21) as our flnal expression for the end leakage 
reactance of a synchronous machine with a barrel-type 
primary winding. 

Equation (21) gives the end leakage reactance, imder 



Fia. 5 —End Leakagb Reactance Cobppicients 


the condition of balanced polyphase currents flowing 
in the armature winding. As the derivation of liiis 
equation is based on the assumption that the end 
leakage flelds are due to revolving m. m. fs., with 
nearly negligible space harmonics, the reactances for 
other winding connections may be taken as proportional 
to the corre^onding values of armature reaction. 

On this basis, the coefl&cient 0.3 of equation (21) 
may be changed in accordance with the following table 
in the special connection cases: 


TABLE II 


Oonnection 

Winding 

Value of coefficient 
for equation (21) 

Balanced polyphase. 

two or three-phase 

0.3 

Single-phase, line to neutral 

two or three-phase 

0.2 

Single-phase, line-to-line... 

two or three-phase 

0.3 

Zero phase. 

three-phase, 60 or 120 



deg. 

0 

Zero phase. 

two-phase 

0.3 
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IV\ Zigzag Leakage Reactance 
Inasmuch as the stator windings of polyphase 
machines consist of coils arranged in a finite number of 
slots and connected in a finite number of phases, usually 
two or three, the shape of the wave of magnetomotive 
force along the air-gap surface is not sinusoidal, even 
though the winding carries balanced sinusoidal poly¬ 
phase currents. At any particular instant the shape 
of the m. m. f. wave is stepped, the agreement between 
the stepped figure and a true sinusoid becoming closer 
and closer as the numbers of slots and phases are made 
larger and larger, until perfect agreement results when 
both the number of slots and the number of phases 
are infinite. 

As shown in reference 3, the air-gap flux produced 
by this stepped m. m. f. wave in a salient-pole syn¬ 
chronous machine consists of three elements: 

1 . A fundamental sine wave stationary on the rotor 

inducing fundamental frequency voltages; * 

2. A series of harmonics moving with reject to 

the rotor and also inducing fundamental frequency 
voltages; and ^ 

3. Other harmonics inducing other than funda- 

OfTl ^ding. 

^e..e, 1 IS the effect of the armature reaction, 2 

constitutes an element of the leakage reactance, and 3 

may be disregarded. Thus, if we now derive a formula 

complete the work of determining the 
armature leakage reactance. ^ 

of discussion, to begin with, an ideal type 

of machine will be considered. The air-gap length will 
be asmmed uniform, and the flux will be assumed to 
cross the gap mdially. The slots will be SZed to 

vSLZ “' 2 ht entail a 

\ anation m air-gap peimeance, but will be a^sumpH m 

It Zkh the Z'Znt periphery of the machine 
therefZthemT? f and at which, 

aloUe^oSd:Z^^hS 

wave of flux may'be analyzed 
sinusoidal distribution of flux haviZ+i, ^"“damental 
of poles as that for which the s^e number 

nected, plus an infinitT « wmdmg is con- 

waves having different nuZ^^^ ? harmonic flux 
being no rotor Si Z "" There 

tudes of the fundamental^ 
monic fields, are proZtionni Z+v ^ *he har- 
windings, the back e m f nrod ° current’ in the 
the stator winding by these fluxes in 

th^u^es are truly *” 

Xne reactance du6 tn -thnoa i. 

tutes the “air-gap leakag^'^r 
two parts, the 

and the ‘zigzag leakage.” 


The distinction between belt leakage and zigzag 
leakage is that the former is due to the concentration of 
the m. m. f. in a definite number of phase belt s. while* 
the latter is due to its concentration in a definite iiuin- 
ber of slots. No accurate dividing line can he drawn 
between the two kinds of leakage, as they are imituaHy 
dependent on each other, and as in the ca-we of om* slot 
per pole per phase, for example, they coalesce into the 
same thing. The reason for making a disiincl.ion i.s 
that, for ordinary design proportions, a change in (he 
number of slots affects only the zigzag leakage, while a 
change in the winding pitch affects only the belt 
leakage, so that the independent effects of nunilier of 
slots and of pitch can be more easily dealt wdth when 
the two parts are considered sepai’ately. 

Independent formulas will be developed for tlie belt 
and zigzag reactances, therefore, but it must be recog¬ 
nized that, whenever the number of slots }»er pole is 
small, the two are not separable, and the fornuilas 
become macc^te. The only accurate way to obtain 
the total differential reactance is to eoinpute it for 
each case separately, and tabulate the I’esults. The 
computation of the total for any regular winding <-an be 

suggested by Chap- 

^ in? n “Z windings are given. 

The definitions adopted will be as follows- 

toteVLr Inferential leakage reaclan. e Ls the 
to^ per cent reaetance due to harmonic fluxes cro.ssing 

pies "or 1 ?fs fundamental number of 

to air MT. flf '-n® total excess per cent reactance, <lue 

an ^ ®u‘ ^ machine with 

anmfimtenumberof slotsand of phases. ’ 

of: ;z 

auithaudoJ^pl* ® "'’“•-‘oo 

or tore pS ^ 

wtading. ItiashZ, i„ i “ odoinrek-age 

method that the total ^ Chapman's 

with one dot 

mdnctanco^^TtaS:^^^^'’ “ “ 


1 

= -- CSC* 

o 


2s 


( 22 ) 


"fi?/> 'J'®'® o'oloto POT polo 

BOOM A that the total 

mental flnx tt:::dn,St,. r“f' *“ '""'io- 

one full pitch cSl is: ’ inductance of 


Qu = 


4s 


(23) 
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Hence, the zigzag leakage, Xi, is equal to: 

Xt = Xa ’r/2 s - l) (24) 

where Xa is given by (11). 

As t/2 s is a small angle, (24) may be developed into 
a series of which only the first two terms need be 


considered, so that: 


TT^Xa / IT* TT* 

" 12 s* 20 s* 504 s« • . 

) (25) 

or, approximately: 


5X„ _6/P*N 
‘ “ 6 s* ”615*/“ 

(26) 


Equation (26), then, gives the desired result, the 
total differential leakage reactance of a regular winding 
with one slot per pole per phase, or, by definition, the 
zigzag reactance of any winding with the same number 
of slots per pole. Clearly the error in the formula is 
small for large values of s, but it makes the calculated 
value a little low when s becomes less than 3. The 
value of Xj thus found applies to a single winding, and 
to the case of a uniform air-gap length. 

For the ease of a salient pole synchronous machine, 
the zigzag leakage can be found from the same formulas 
if an equivalent uniform value of air-gap length can 
be ascertained. It has been shown by Doherty and 
Nickle* that the reactance due to the nth harmonic of 
primary m. m. f. depends on the average permeance, 
and on the second harmonic of permeance variation 
only, and that these two permeances have different 
values for each harmonic. The effect of the variation of 
permeance due to the salient poles is to make the 
fimdamental armature flux and the belt leakage flux 
greater in the main axis than in the quadrature axis, 
but to make the zigzag harmonic leakage fluxes greater 
in the quadrature axis than in the main axis. This is 
true because the predominating portions of the high 
order harmonic fluxes are produced at the points of 
r nayimuTn armature current, and these come over the 
pole faces (low reluctance) when the poles are in the 
quadrature axis, while they come over the interpolar 
spaces (high reluctance) when the poles are in the main 
axis. 

The average permeance increases with the order of 
the harmonic, since the shorter the harmonic pcde pitch, 
the greater the relative permeance for the peripheral 
flux that reenters the primary iron without ever reach¬ 
ing the pole face. For the same reason, the second 
harmonic of the permeance variation is less the greater 
the value of TC. 

The same authors have shown that the fundamental 
magnetizing reactance in the direct axis is proportional 
to: 


Kp„Ki„ /KpnKdn 


n 


I- 


n 


Po" + 


l/2( 


Kpnd,i Kda^l 

n ±2 




where the plus signs are taken if the i*th harmonic 
rotates backwards with respect to the fundamental, 
and vice versa. For the quadrature axis, the signs of 
the Pi terms in both the fundamental and the harmonic 
magnetizing reactance expressions change sign. 

It may easily be shown that the product KpuKv^mt 
is always either negative or very small, and that 
KdnKdn^iis always negative for the low order (belt 
leakage) harmonics, but is positive for the tooth 
(zigzag leakage) harmonics. Hence, the numerical 
values of the two terms in the foregoing expression are 
additive for the belt leakage, but are ^btractive for 
the zigzag leakage, and the contrary is true for the 
quadrature axis. 

It is quite feasible to carry through the indicated 
numerical work for any particular case, using these 
general methods, but to do so for the general case is 
quite impractical. We will, therefore, make some 
bold assumptions at this point, with the object of 
obtaining a simple formula accurate enough for general 
use. First, we will assume average values for the 
permeance coefficients, corresponding to a two-thirds 
ratio of pole arc to pole pitch, a minimum air-gap two 
per cent of the pole pitch, and a maximum air gap 1.5 
times the minimum, as follows: 

Pi^ = 2/3 po\ Po“ = 1.2 Pc, and Pi” = 1/3 po". 

On this basis, the nth harmonic magnetizing reactance 
varies about 15 per cent, above and below its average, 
between the direct and quadrature axes. We shall 
leave this relatively small variation out of account, 
therefore, and calculate only the average reactance, 
as suming it to be the same in both axes. Then, the 
ratio of the magnetizing reactance for the nth harmonic 
to the direct axis magnetizing reactance of the funda¬ 
mental is approximately equal to: 

X«„ _ .9Kpn^Kd„^ 

Xad ~ n^K^^Kd,^ 

Finally, we must take into account the fact that om: 
ideal assmnption of true rectangular m. m. f. waves for 
each coil is not exact. Actually, the m. m. f. of each 
slot is distributed across the slot opening, instead of 
concentrated at a point in the center of the slot, and so 
the steps in the m. m. f. waves are not vertical, but 
slightly sloping. This reduces all the harmonies ap¬ 
preciably, especially the higher order ones. We shdl 
assume tW the average effect of this error is to reduce 
the magnetizing reactance to 6/6 of its ideal value. 
Multipl 3 dng the last expression by this factor, therefore, 
we find the proper average value of X* to substitute in 
equation (26) is: 


Kd,Kp,^ +1/2 Pi^), 

and that on the same basis the direct axis magnetizmg 
reactance for the nth harmonic is proportional to: 



(27) 
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V. Belt Leakage Reactance and rotor belt leakage must be added to obtain the 

leakacre reaetanpp is Hna -tn total. 


I he belt leakage reactance is due to the increase 
in differential leakage caused by reducing the number of 
phase belts per pole, q, to a small number. When the 
number of slots per pole is very large, this effect can 
be r«idily calculated, but as the slots are made fewer, 
the belt leakage increases to two or three times its 
imiting value. When the slots finally become equal 
to one per pole per phase, the belt leakage becomes zero 
j definition. As the effect of the number of slots is 
lurther complicated by variations in the winding pitch 
It IS not considered practicable to present any adequate 
formula for the belt leakage in the general c4. W 
leakage is small by comparison with the 
ig^ag leakage, unless s is large, and as in this case the 
belt leakage fomula is fairly accurate, these errors are 

Foraccmate.*a»to, ttanec^“ 

compute the total differential leakage reactan^d 

.r"*' 

This IS e^ecially necessary in the ease of fractional 

SdTk X?’ grLtly 

uLrreouenrnM ^^ depending on the partic- 

fundamental number nf ^ 
hm-monic must revolve with re^pL toTe IrSn®^ 

high frequenc;;4a"i ^ ^*^duce 

latter is short^ircuitS t,r^r°“^^^’ ^ 

A regulai- pha^ in it. 

has so little admittance foC SS^v 
damping effect can be neiected bS 
squirral-cage, the induct clients ^ 

greatly reduce the belt leaVa^L ® sufficient to 

^gnag leakage 

negteed'to' S' SStithl^^ ke Practically 


total. 

As a first step, it mil be necessaiy to calculate the 

. X.„ 

Is the magnetizing reactance 

of the nth hamonic. A measm'e of the effectivene.ss of 
tie stator winding m producing fundamental llu.x i.s 
the number of turns in series per phase times the pitch 
and distribution factors for the fundamental number of 
poles, or; 

iVi = 

m the same way the effectiveness of the stator winding 
in producmg nth harmonic flux is mea.sured by 

where Zp„ Kd„ are the pitch and distribution factors 
r^ectively, of the stator winding for the nth harmoniii 

R a voltage is applied to the primary winding and is 

and then entirely by nth harmonic flux, the ratio 

If <l> is the total flux per pole, then 


(f>n = <l>i 


JL 

Nn 


and if B is the air-gap flux density, then 

pote ”” «"■« 

the raagnetfatag cunent b the^L 

T -T -^1* 

reffual to the 

the per cent oth ' 




1 


( 




(29) 


Xb = 0 


per pole.'tS'S"t slots 
considered, while for induction' SSn?"«,e"'^,J' 


the >”?8”eti2ii^^^SiSrt'^‘'tS'h' **•' 

St SjTn'' 

well known thkt a dots. It is 

produces only those itmi^wl”'^ Pde 

to 2 * ? ,± 1 . And, for aU thel^ ®tol 

tnbution factor with an infi^?® harmonics, the dis- 
^ply'equaltoonena^fS^^/’^^®*- slots is 
factor. Hence, we may write; ^ distribution 
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Xb 


n «oo 


n* 


(30) 


where n takes only the values 2tg±l;A: = l, 2,3,... 

For a full pitch two-phase winding with 90 deg. phase 
belts, this is: 




/ 1 _l_ 

V 3^ 6« 




= - l) X. = 0.0147 Xa (31) 

For a full-pitch three-phase winding with 60 deg. 
phase belts, it is: 

/ 1 _L \ 

XBoj — Xo I 54 74 114 "t" 134 + • y 

= (1 + XBo,) - 04 ^ — Xa = ^ X« 

= 0.00214 Xa (32) 



The actual value of Xb for any pitch for each 
type of winding can not be expressed by any simple 
formula, but must be found by actually carrying 
out the summation indicated in (30). This has been 
done, and the results are shown in Fig. 6. 

The value of Xb for a salient pole synchronous ma¬ 
chine is also approximately given by the foregoing 
equation, if 3/4 the direct axis magnetizing reactance is 
used for Xa, as shown in the previous section. Sum¬ 
ming up, therefore, the belt leakage reactance is equal 
to: 

Xb = 0 (28) 

for any machine with a squirrel-cage winding and inte¬ 
gral slots per pole per phase; 

Xb = 1“ Xorf (Xbi) (33) 

for salient-pole synchronous machine without squirrel- 
cage; and with integral slots per pole per phase; and 

Xb — Xt = "g ^ ^ Xoi (34) 

for a salient-pole synchronous machine with fractional 
slots per pole per phase. This last equation is arbitrary, 
as Xb for fractional slot windings varies very widely, 
but in a general way Xb in such cases is larger the larger 
Xt is, and it is on the average of the same order of 
magnitude. From some unpublished work of Professor 
A. A. Bennett, the differential leakage reactance for 
six different fractional slot windings averaged 1.82 
times Xt. Hence, our assumption of 2 for this factor 
in the general case is not unreasonable, and should be 
satisfactory until such time as an adequate table of 
differential leakage reactance values for irregular 
windings is available. 

Since some of the harmonics of belt leakage flux for 
fractional slot windings are of fractional, and many are 
of rather low, orders, a squirrel-cage winding will have 
demagnetizing currents induced in it, which may reduce 
the belt leakage reactance considerably. The magni¬ 
tude of this effect is extremely variable, however, as it 
depends on many factors. It is the writer’s opinion 
that the demagnetizing action of a squirrel-cage on the 
belt leakage reactance due to fractional slot windings is 
gmall for usual design proportions, and so it will be 
neglected in the present paper. 

In these equations, we have derived expressions for 
all the elements of the reactance, and we may now turn 
to their application to actual machines. 


Fig. 0—Chart of Values op Ab the Belt Leakage 
Constant 

For a full-pitch three-phase winding with 120 deg. 
phase belts, it is also 0.00214 X„, but in thfe ease it 
increases rapidly as the pitch changes from umty, due 
to the resulting dissymmetry of the winding, while in 
the other cases Xb decreases as the pitdi changes from 
unify. 


n. Application to Salient Pole Synchronous 
Machines 

The leakage reactance in ohms of a salient pole 
jmchronoTis machine with integral slots per pole, and 
rfth a squirrel-cage winding, has been determined by 
3), (21), (26), (27), and (28), to be: 




0.3 (3 p - 1) D S 
I»L 


] 
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+ 


8 




ad 


(35) 


The belt leakage given by equation (33) or (34) 
t^hould be added in case the machine has fractional 
slots or has no squirrel-cage winding. The second 
order terms of the slot reactance (equation (3)) have 
been omitted as being non-essential for normal syn¬ 
chronous machines. 

E.xpressed as a fractional voltage drop due to full¬ 
load current, (34) becomes by (8), (10), and (11); 

PLKs / dj di 


rmauy, tnererore, our formula for the per cent leakage 
reactance, expressed as a decimal, of a salient-pole 
sjmc^onous machine with a barrel-type armature 
winding, and fractional slots per pole, in inch units, is: 

20 A rP L/ 3p + l \/ d:, rf, \ 
4 W 


X, = 


Kp^ (f> 


+ 


0.3(3p-l)Z)i 1.1 A 

-J + —pT- ((P/S)^ + 0.6 Kn) 


(37) 


-Y. = 


-^•90^ f PLKs / d, d^ \ 

k / k /< i > l 5 I,+ 3 ir/ 


0.3 (3 p- 1) 


]+l (■!■) (^) w 

constant 7.90 becoming 
20.0 If inch umts are used. The value of E to be used 
m the last term of (36) is the number of normal voltage 





Fig. 7 

skap. of field poloaod 

an a^rage vnhe a little lees than o'fif anil; ^ 
A further simplification of (st) can be made by 
P"“i"*"^-^.->«iaetacayco«ctfor 

Wween 2/8 and 1 , 
.'TOin®. (Fig. 2). L t “■Sf!k“. »«>«• 


in the <«ier time 

IS below 2/8, the small erroraP^tafr^i* * j™ 
nght side. ^ introduced are on the 


If integral slots per pole are used, the (P/Sr- term 
Mould be multiplied by 0.6 If in addition the machine 
has a squill-cage winding, the Ks term is to be 
oimtted. The reactance is assumed to be the same in 
both ^es, but actually it is greater in the quadrature 

^s than m the direct axis by about 1/4 of the A/F 
term. 

As the value of Zi found from test is totally different, 
spending on how the armature reaction is con¬ 
verted mto equivalent field ampere-turns, it is neces- 
to consider the matter before pi-oceeding To 
the^ comparison of test reactances with tho.se given by 

accurate coefficients by flux 

'“”‘'™?ntui nine 
^ 3. salisnt polG machiiio bv the 

SbuSI^ “ uinunmSiy 

‘I'e raL of 

WO coefBcients, the necessary factor K fn 

invert the mmatnm maetjon a.Jpe?tVut( into 
eqmvalent field ampere-turua, can be de^ed Thic h^^ 

ta 

Jig. /. ±5y substituting the quadrature axis coeffifienfV 

S’SSe'tT' «'“* o“S5a^g 

~ iu eithec axiaraSbl'a^;^; SS“»- 
re^rfy 2ia‘“fi,Jtt' ~ ^ 

chamcterWcILl ““ ^«rt.«ircuit 

oPen-cmmifanTISaSfcSrr^l 

Then,’th?3 w 

annatnre current on abort circuiT°*ri?w*n *““* 

c^t correaponding to normal votaStn tL‘»- 
Ime, is equal to the synchrononc rd.« + air-gap 

a fraction. By subtracting the ^ 

^^<^on,a.]so expressed as armature 

gap field ampere-turns, from the test Taffie nf *''■ 
nous reactance, the test value S Jl . ^ 
reactance is found. The calculatpi leakage 

multipS hy tfaTvIlue 
reactance is very small by comparison 'wiS thfSS 
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reactance, so that the results are particularly inaccurate 
in this case. 

It is possible to measure the total leakage reactance 
of a synchronous machine at standstill, just as for an 
induction machine, but this requires the inclusion of the 
reactances of the field winding and squirrel-cage, if 
present, which do not enter the calculation of steady 
state performance. It is also possible to measure the 
armature reactance with the rotor removed and to 
determine the leakage reactance as the difference be¬ 
tween the total and the calculated reactance due to the 
fundamental of the flux produced in the air core. This 
last method involves large errors in the amounts of 
zigzag and end leakage, however, and is not as accurate 
as the usual short circuit test method of measurement. 
Finally, it is possible to insert exploring coils on the 
aiinature surface and by their means measure the net 
flux existing during a short-circuit test, which gives a 
measure of the leakage reactance. The dissymmetry 
and wave form errors introduced, unless the exploring 
coils exactly follow the armature coil grouping, together 
with the fact that the slot leakage part of this flux links 
only a portion of the winding, make this method of no 
practical use. For these reasons, the usual method of 
finding Xi from open and short-circuit tests has been 
followed in checking the results obtained with the 
formulas derived in this paper. 


TABLE in 

HIGH SPEED MACHINES 


Pole.s 

K v-a. 

I’roa. 


Test 

Xd 

Test Xd 

Xid 

Xad 

Xd 

Calc. Xd 

4 

SO 

60 

0.105 

0.955 

1,060 

1.043 

0.984 

4 

105 

50 

0.054 

1.220 

1.274 

1.250 

0.981 

4 

180 

60 

0.001 

1.002 

1.063 

1.032 

0.971 

4 

000 

60 

0.060 

2.163 

2.223 

2.195 

0.987 

4 

040 

25 

0.128 

1.770 

1,898 

1.895 

0.998 

4 

2000 

25 

0.108 

1.562 

1.762 

1.793 

1.018 

4 

3000 

25 

0.117 

2.300 

*2.417 

2.355 

0,974 

4 

5700 

25 

0.109 

1,857 

1.9G6 

1.937 

0.980 

6 

150 

25 

0.102 

1.040 

1.142 

1.092 

0.954 

0 

187 

60 

0.003 

0.908 

l.OOl 

1.068 

1.007 

n 

200 

00 

0.055 

0.804 

0.859 

0.872 

1,015 

(\ 

400 

00 

0.009 

1.250 

1.319 

1.275 

0.967 

0 

435 

60 

0.077 

1.127 

1.204 

1.172 

0.973. 

Ci 

500 

(U) 

0.151 

2,005 

2.216 

2.212 

0.998 

6 

500 

GO 

0.105 

1,610 

1.715 

1.078 

0.978 

6 

1000 

00 

0.127 

1.932 

2,059 

2.040 

0.991 

0 

1500 

00 

0.092 

2,025 

2.117 

2.145 

1.013 

0 

3125 

25 

0.098 

1.019 

1.117 

1.133 

1.014 


5000 

25 

0.097 

1.060 

1.157 

1.101 

1.003 

V} 

5000 

25 

0.088 

1.592 

1.680 

1.745 

1.039 




Average... 



. 0,909 




Average error from mean. 

=b0.017 




1 Average error from 1 


ri=0.012 


TABLE IV 

MEDIUM HIGH SPEED MACHINES 


Poles 

Kv-a. 

Freq. 



Test 

Xd 

TestXrf 

Xid 

Xad 

Xd 

Calc. Xd 

8 

560 

60 

0.067 

0.815 

0.882 

0.884 

1.002 

8 

800 

60 

0.077 

1.338 

1.416 

1.416 

1.001 

8 

1200 

60 

0.086 

1.073 

1.159 

1.150 

0.992 

8 

2500 

60 

0.143 

2.100 

2.243 

2,230 

0.994 

8 

6000 

60 

0.161 

1.750 

1.911 

1.928 

1.009 

10 

1100 

60 

0.097 

0.983 

1.080 

1.098 

1.019 

10 

1880 

60 

0.061 

1.139 

1.200 

1.214 

1.012 

10 

7600 

60 

0.080 

0.853 

0.933 

0.922 

0.988 

12 

1000 

25 

0.081 

0.810 

0.891 

0.906 

1.016 

12 

1900 

25 

0.089 

0.758 

0.847 

0.842 

0.994 

12 

2400 

60 

0.159 

1.103 

1.262 

1.246 

0.986 

12 

2500 

60 

0.093 

1.452 

1.546 

1.564 

1.012 

12 

5000 

60 

0.132 

1.560 

1.692 

1.667 

0.985 

12 

5000 

60 

0.101 

0.750 

0.851 

0.852 

1.001 

12 

6300 

60 

0.136 

1.280 

1.416 

1.414 

0.999 

12 

7000 

50 

0.115 

0.900 

1.016 

0.987 

0.972 

12 

12500 

50 

0.110 

1.048 

1.168 

1.172 

1.012 

12 

16000 

60 

0,086 

0.667 

0.763 

0.766 

1.017 

12 

16000 

60 

0.137 

1.066 

1..202 

1.208 

1.005 

16 

3500 

50 

0.114 

0.969 

1.083 

1.071 

0.989 




Average... 



1.000 




Average ex*ror from mean....... 

*b0.010 




Average error from 1. 


^0.010 


TABLE V 

MEDIUM LOW-SPEED MACHINES 


Polos 

Kv-a. 

Frnq. 

Calculated 


Test 

Xd 

Test Xd 

Xia 

Xad 

Xd 

Calc. Xd 

18 

1.660 

40 

0.108 

0.844 

0.952 

0.993 

1.043 

IS 

1,650 

60 

0.123 

0.961 

1.084 

1.100 

1.015 

20 

2,260 

40 

0.148 

0.975 

1.123 

1.136 

1.011 

20 

14,444 

50 

0.123 

0.806 

1.019 

1.023 

1.004 

22 

2,000 

60 

0.123 

1.078 

1.201 

1.188 

0,989 

22 

7,900 

60 

0.162 

1 017 

1.179 

1.198 

1.016 

24 

1,100 

60 

0.132 

0.902 

1.124 

1.152 

1.026 

24 

4,000 

50 

0.136 

1,027 

1.163 

1.178 

1.013 

24 

6.S80 

50 

0.131 

0.688 

0.819 

0.826 

1.009 

24 

10,700 

50 

0.120 

0.648 

0.708 

0.761 

0.991 

24 

30,000 

60 

0.128 

0.647 

0.775 

0.803 

1.030 

28 

10,125 

60 

0.147 

0.919 

1.066 

1.089 

1.022 

30 

3,125 

60 

0.106 

0.973 

1,079 

1.080 

1.001 

32 

760 

60 

0.138 

0,820 

0.958 

0.951 

0.903 

32 

2,250 

40 

0.180 

0.918 

1.098 

1.113 

1.014 

32 

9,375 

60 

0.142 

1.064 

1.206 

1.202 

0.997 

36 

500 

60 

0.166 

0.853 

1.008 

1.003 

0.995 

36 

1,500 

60 

0.117 

0.881 

0.998 

0.088 

0.990 

40 

760 

60 

0.162 

0.766 

0.918 

0.906 

0.987 

40 

1,375 

60 

0.088 

0.619 

0.707 

0.716 

1.013 




Average.... 



1.008 




Average error from mean....... 

^O.OVd 




1 Average error ‘from 1. 


*0.014 


In Tables III to VII inclusive, the calculated and 
test values of synchronous reactance are compared for 
five groups of machines of different types. The 
machines were selected at random, and the tests were 
all made in the regular commercial routine. The 
average absolute error for the entire list of 100 machines 
is 0.4 per cent, and the average numerical error is 1.7 
per cent) so that the results are as accurate as could 
reasonably be expected when the errors of test and those 


inherent in Fig. 7 are considered. If the value of the 
armature reaction reactance, Xad, and the test value of 
total reactance, Xd, are assumed to be exact, the 
test value of leakage reactance can be found by sub¬ 
tracting the one from the other. This has been done 
for each group of machines, and the average errors 
between the test and calculated valties of X i for each 
case are given in Table VIII, together with the cor¬ 
responding errors in Xd- 












ALGER: SYNCHRONOUS MACHINES 


Transactions A. I. 15. 15. 


o0« 


The avemge absolute error of the leakage reactance 
for the 100 machines on this basis is 0.6 per cent, and the 
aveiage numerical error is 14.6 per cent. The worst 
errors occur for the high speed machines, and inspection 
of Table VIII indicates that the calculated value of Xd 
is appreciably too high for high speed machines and a 
little too low for low speed machines. By empirical 

TABLE VI 

LOW SPEED M.4.0HINES 


each one uses. The formulas as given were derived 
straightforwardly from theoretical considerations, and 
no attempt has been made to make empirical cor¬ 
rections, although simplifying assumptions have been 
freely used. 

The causes for the varying magnitudes of eiTor shown 
in Table VIII are brought out more clearly by a study 


TABLE VIII 


Polas 

50 

sr, 

50 

CO 

m 

«iO 

CO 

04 

04 

04 

GS 


Kv-a. 


72 

72 

SO 

S2 

100 


3.500 

4.500 
5.720 

750 

1.500 

1.500 

2.500 

025 

6.250 
S,000 
1..500 

750 

S75 

1.000 

2.250 

12.250 
32,500 

3,500 

2.250 

1.250 


Freq, 


00 

60 

60 

60 

60 

60 

60 

60 

60 

GO 

60 

60 

60 

60 

60 

60 

60 

60 

60 

60 


Calculated 




0.144 

0.147 

0.159 

0.177 

0.1.55 

0.231 

0.130 

0.168 

0.128 

0.254 

0.192 

0.239 

0.223 

0.228 

0.147 

0.213 

0.166 


Xarf 


0.187 

0.162 

0.127 


0.798 

0.860 

0.648 

0.699 

0.871 

0.587 

0.724 

0.782 

0.870 

0.776 

0.766 

0.818 

0.818 

0.740 

0.813 

0.782 

0.926 


Xd 


0.942 

1.007 

0.807 

0.876 

1.026 

0.818 

0.854 

0.960 

0.998 

1.030 

0.958 

1.057 

1.041 

0.968 

0.960 

0.995 

1.092 


Test 

Xd 


0.810 I 0.997 I 1.020 1.023 

0.745 0.907 0.898 0.990 

0.510 I 0.637 I 0.652 1.024 

. . 1.011 

Average error ft*om mean. t^o 018 

Average error from 1.*0.022 


Average. 


0.960 

1.013 

0.775 

0.902 

1.041 

0.882 

0.849 

0.907 

1.013 

1.043 

0.961 

1.065 

1.068 

0.962 

0.983 

1.015 

1.130 


Test 


Calc. Xd 


1.019 

1.006 

0.960 

1.030 

1.015 

1.078 

0.994 

0.955 

1.015 

1.013 

1.003 

1.008 

1.026 

0.994 

1.024 

1.020 

1.035 


Type of machine 


Test 


Calc. 


Per cent 
Absolute] 
error 


Errors in values of X/ 

High-speed (ID. . 0.86 

Medium high-speed (III). 1.01 

Medium low-speed (IV). 106 

Low-speed (V). I’oo 

Small low-speed (VI). 1 ‘04 

„. . ^ ^ values of Xd 

High-speed (II). 0.992 • - 

Medium high-speed (III). 1 OOO 

Medium low-speed (IV). 1 OO 8 

Low-speed (V). 

Small low-speed (VI)....... ].. 


1.011 

1.019 


-13.6 

1.0 

6.3 

5.7 

3.0 

0.8 

0,0 

0.8 

1.1 

1.0 


Per cent .\ iiniorit'al 
error 


Prom 1 


31 

11 

11 

12 

S 

1.0 

l.O 
1.4 
2,2 
1.0 


From 


30 

n 

10 

10 


1.7 

1.0 

1.3 

1..S 

1.7 


adMtments of the coefficients of the end and differential 
eakage components of the reactance, it is evident that 

^ ^ manufacturer for 

eular end wmdmg constructions, and so forth, ^at 


of the relative proportions of the various elements of the 
totd re^tance for the different types of machines. 

I-of slot, entl and 

fe^tial leakage to the total leakage reactance; and 
also the average ratio of the total leakage reactance to 
^e ^ture reaction reactance for each case. Since in 
the high-speed machines, X, averages only 6 per cent of 
X* while m rile small low-speed machines it averages 

surement of Xi makes more than four times as great an 
apparent error m Xj in the former as in the latter case. 


TABLE IX 



Type of machiue 


High-^eed. 

Medium high-speed. 
Medium low-speed.. 
Low-speed. 

Small low-speed. 


Average ratios 


Xsiot 


X/ 


0.37 

0.57 

0.60 

0.67 

0.58 


Xiiind 


Xl 


0.60 

0.35 

0.32 

0.16 

0.16 


Xpir 


X/ 


0.03 

0.08 

0.08 

0.17 

0.26 


Xl 




0.0.59 

0.087 

0.132 

0.189 

0.262 


X/new 


Xi old 


o.,56 

0,68 

0.66 

0.70 

0.72 


given by the older formul^ deriveTZ 

speed machines. The percentavA^,,^^^ ^ 

and calculated value<« nf Y io + 1 , between test 

->t, «> thatS^z,ss‘s;:'^, 'S 
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cause a considerable part of the dispersion, the new 
formula is indicated to have about half the true error 
of the old. 

VII. Zero Phase-Sequence Reactance 
Calculations 

The zero phase reactance is important in the calcula¬ 
tion of single phase short circuits, circulating currents in 
delta windings, and in other cases. The slot portion 
of this reactance is given by the complete equation (3), 
using the appropriate values of Ks from Fig. 2. For 
usual three-phase windings, Ks for the zero phase 
sequence reactance is equal to Bp — 2. The end 
leakage portion is very small, and will be neglected. 
The differential leakage portion is given by the ratio of 
equation (12a) or (13a) to (14a) in Appendix A. Com¬ 
bining these expressions, we derive the following formula 
for the zero phase reactance of a three-phase, 60 deg. 
belt winding, wdth a pitch between 2/3 and unity, 
expressed as a decimal: 

y 20A { \ 

^zerophase “ Kp^ K/<f> \ wS / 

[(3p-2) (da) + (9p-5)-^- (9p-8)^] 

4.AKo(p-2/S) 

FKp^K^ 

2 

[ (^) + ^ + 7/18 (p - 2/3) - (p - 2/3)*] (38) 

The corresponding formula for a winding pitch 
between 1/3 and 2/3 is: 

20A / PL \ 

^zero phase “ 1, M) S J 

[(2-3p)d3-f-(7-9p)-^- (4-9p)-^] 

4AR:o (2/3- p). 

+ F if,* if d* 

2 

[ (-|-) + \ (2/3 - p) - (2/3 - p)*] (39) 

The coefficient ifo is introduced in (38) and (39) to 
allow for the reduction of the harmonic fluxes, especially 
the third, by induced currents in the rotor circuits. 
As all the terms except the first in the last brackets of 
these equations represent third harmonic fluxes, these 
terms are generally reduced to a fraction of their appar¬ 
ent values, and ifo should ordinarily be taken as less 
than 0.5. The coefficient 4 of the last bracket in (38) 
includes the factor of 3/4 for the average permeance of 
a salient pole machine, as previously derived. 

The zero phase reactance has been calculated for two 


machines, and the values compared with tests, with the 
following results: 






Assumed 

Zero-phase 

Sequence Beactance 

Poles 

Kv-a. 

Preq. 

Winding 

pitch 

value 
of Ko 

Calcu¬ 

lated 

Test 

Percent 

error 

6 

36 

435 

20,000 

60 

60 

2/3 

0.80 

0.25 

0.026 

0.070 

0.021 

0.0676 

-24 

4 


VIII. Conclusions 

It is believed that equation (37) is at once the most 
accurate and the simplest comprehensive formula for 
the armature leakage reactance of a synchronous ma¬ 
chine that has been published. It requires no curves, 
no logarithms, and no tables for its use, but only a few 
slide rule operations, and it gives a value of leakage 
reactance which, added to the armature reaction 
reactance derived from flux plots, quite accurately 
checks the test values of synchronous reactance for the 
entire range of salient pole synchronous machines in 
commercial use. 

The leakage reactance so determined averages about 
two-thirds of that given by the widely used formulas 
derived in reference No. 7, since the latter included as 
leakage reactance a part of the fundamental sine wave 
of air-gap flux due to the armature, which links the 
field wdnding in the direct axis, and thus constitutes a 
part of the true armature reaction. The new value of 
leakage reactance, added to the squirrel-cage reactance, 
cheeks observed standstill reactances of synchronous 
motors; and added to the field reactance checks the 
values of transient reactance found from oscillographic 
tests on synchronous generators. With the old re¬ 
actance formulas, rather arbitrary reductions of the 
calculated field reactance and tooth tip reactance 
were necessary before checks with transient and stand¬ 
still reactances could be secured. Finally, with the old 
formulas, the calculatedincreasein“intemalvoltage” of a 
synchronous generator under load gave much higher 
flux densities in low power factor machines than 
actually do occur, so that arbitrarily reduced values of 
field leakage under load were used in calculating satura¬ 
tion curves, thus establishing a series of compensating 
errors. 

There is no i^ace to demonstrate the validity of 
these statements here, and they are simply made to 
^ow that the acceptance of the new values of leakage 
reactance involves a fundamental revision of the 
generally adopted design constants of synchronous 
machines. In writing the paper, an effort has been 
made to make the new formulas and the new definitions 
such that the further refinements which the future will 
bring can be added without again altering our con¬ 
ceptions or the orders of magnitude of the characteristic 
constants of design. 

Nomenclature 

A = Maximum ampere-turns per pole of 
armature reaction 
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di, di, di,w =. Slot dimensions shovra in Pig. 1 
D . = Gap diameter 
/ = Frequency 

F = No-load air-gap field ampere-turns per 

pole 

y = Air-gap length (radial) 

K-a = Belt Leakage constant, given by Fig. 6 
— Pitch and distribution factors of arma¬ 
ture winding (less than unity) 

= A function of winding pitch given by 
Fig. 2 

L = Gross core length 


2fLqZ^ 


for inch units 


V = Winding pitch expressed as a decimal 

■P = Number of poles 

Q = Number of phases 

s = Slots per pole = S/P 

S = Total number of slots 

V = Volts per phase 

= Armature reaction reactance 
= Belt leakage reactance 

■X’d = Total, or s3mchronous, reactance in 
direct axis 

^1 = Total armature leakage reactance 

•X/ = Zigzag leakage reactance 

2 = Series coimected conductors per phase 

oi = Angle of end windings as shown in Fig. 4 
" ~ Angular phase difference between cur¬ 

rents in upper and lower coil sides in 
one slot 

<l> = Pluxperpoleinc.g.s. lines 

Appendix A 

Exact Calculation op Difpesential Leakage 
Reactance 

Chapman* has shown that the total inductance of a 
winding due to the air-gap flux can be very conve- 
mently calculated by adding the inductances due to the 
rectangles of flux produced by successive pairs of sym- 
metocally located slots. With this method the smallest 
umt of flux IS that produced by a uniform m. m. f 
actmg over one slot pitch, so that the permeance varia¬ 
tions due to the slot openings are quite satisfactorily 
taken mto account by merely using the average per- 
m^ce, as m calculating the magnetizing reactance. 
Thim, the point of view leads to the immediate con- 
cluaon tiiat all the harmonic fluxes; (hence the zigzag 
belt le^ge reactances) are exactly proportional 
to the fundamental magnetizing reactance. And so 
the elaborate analyses of the permeance for the zigzag 
l^ge flux as (flstinct from that for the fundamental 
flux, that ha-i^ frequently been employed heretofore, 
ar6 snown to b© unnecessary. 

_We_^l now proceed to calculate the total in- 
•Referenee No. 13. 


ductance of a regular, distributed, polyphase winding 
with s slots and q phase belts per pole (s/q a whole 
number), and a uniform air-gap length, following 
Chapman’s method. In doing this, the self-inductive 
voltage produced in the set of coils forming the inner 
halves of two adjacent phase belts in the same phase by 
their air-gap flux is considered as the sum of the s 
voltages produced by the fluxes in the s teeth under one 
pole. The voltage due to any tooth is proportional to 
the square of the number of turns linking it, as the 
reluctance of each tooth pitch is the same, while both 
the flux per ampere and the volts per unit of flux are 
proportional to the number of turns. It is most con¬ 
venient to make all the calculations in relative terms, 
and, therefore, to take as the unit of inductance the 
self-inductance which the two adjacent half-phase 
belts of one phase would have if all their turns were 
concentrated in one pair of slots exactly one pole pitch 
apart. 

Assuming the winding pitch to be b slots short of 




""■■■■"■■■■■■■■■■■■■■■■■■I 

■■■■■■■■■■■■■■•■■■•■■■■■■■SI 

""■■■■■■■"■■■■■■■■■■■■■■■■■■I 
■■■■■■■■■■■«■■■■■■■■■■■■■!•■ 
I ■■■■■■■■■■■■■■■SSSaSSSSSSii 

■■■■■■■■■■■■■iSSSSSBBSSBBES 

:K::B::s:;:sBBB3SSr!!!SSB| 

s:u::issBs:BBssissi 
s:isisss'!ssssSnshsssssissi 

■■■■■■■■■■■■■SSSSSSSi 



iiiiiiiiilBi 


Pig. 8 Ideal M.M.P. Diagrams poh Pdlyphase Windings 
full pitch, (6 being not greater than s/q), and referring 
to Fig. 8, there will be — ~ +1-6 central teeth 

that are linked|by all the turns in the two half belts of 

phase A, ^d hence the total inductance due to these 
teethwillbe: 

1 /s (g - 1) X 

The next two teeth (3 and 3') outside these central 


ones will be linked by 


of the total turns, and 


mil have a permeance 2/s of the total permeance so 
that they will contribute to the inductance: 

2 (s - q)’^ 

Similarly, consecutive pairs of teeth wiU each have 
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q/s less turns than before, until the 6th pair is reached. 
The next pair of teeth after that (1 and 1') will be 


linked by 


s— 2q— bq 
s 


of the total turns, so that they 


will contribute an inductance equal to: 

2 

— (8-2q-bqy 

The following pairs of teeth will have consecutively 
2 q/s less turns than the last, until the outermost pair 
is reached. Hence, the total self-inductance of Phase A 
is: 

■f' = -V r J — +s* (l-&)+2 (s-qy + 2(s-2qy 
S' L Q 

2(s-6?)*-l-2 {s-2q-bqy+2 (s-iq-bqY+... ] 


Of the remaining teeth there ai’e 6—1 that cari’y 
full flux, but are linked by successively fewer coils of 
the B phase. These contribute an inductance equal to: 

1 TT 

"IT cos — [(s - g) -1- (s - 2 g) 

-|-...-|-(s- (6-l)g)] 

There are also 6—1 pairs of teeth, (3' and 3") one 
of each pair of which carries positive flux and the other 
an equal negative flux, the former of which is linked by 
all, and the latter by successively less of the coils of 
phase B. Each pair is linked by successively less of 
the coils of phase A. Hence, these teeth contribute 
an inductance to phase B of: 

cos [g (s - (6 - 1) g) -f 2 g (s - (6 - 2) g) 

-t-... -h (6 — 1) g (s — g)] 


As the sum of the squares of the first n integers is 

TO (n -I- 1) (2 w -h 1) ijg reduced to: 

6 

i[6«< (,-|+l-6) 


6-1 


■) 


+ 




and this reduces to: 

Laa» 1--^ +-^(2s-3 6*s-6g-h6»g), 

0<bl-, (la) 
q 

g— 1 

all for a winding pitch not less than ^ • 

The linkages produced by phase A with ph^e B 
are similarly found, except that, as the currents m the 
two phases are out of tiine phase by ir/g degrees, and 
as conditions of symmetry make the out-of-phase com¬ 
ponents of the linkages cancel with the correspondmg 
components due to the other ph^es, the effective 
current in phase A must be reduced by a factor cos v/q. 
The number of teeth that are linked by all of phase B 

as well as by all of phase A is ^s— — 6 -|-1^, and 

these will create linkages with B equal to: 

(t) “““T 


The remaining teeth consists of pairs (6, S"-?, 4'- 
l',l‘'-2',2") carrying equal and opposite fluxes and 
linking the same numbers of coils of phase B, so that 
they contribute nothing to the inductance of phase B. 
Hence, the total increase of inductence of phase B 
due to phase A is: 

cos T/g [s* (s - + l) 

+ s(S““ q + + + (& — 1)^) 

+ g (s — (6 “ 1) ^) + 2 5 (s — (6 — 2) 9 ) 

+ .. • + — 1) ff 

which reduces to: 

Lab = cos ir/g [ ^ (^'- 1) ] 

0 < 6 < s/g (2a) 

The bracketed expresaon in (2a) is to be redded as 
zero if it is negative, since the inductance is always 
positive. 

The corresponding expressions for values of 6 between 
s/g and 2 s/g, corresponding to winding pitches be^een 
one and two phase belts short of full pitch, are, if g is 
greater than 2: 

11 2 s 

_—_ —j-(6s-g/3), s/g <6 ir 
3g 


s* 


Laa = 1 
and 

Lab = cos'ir/g 

3 6M 
" 2 s* 


(3a) 


q 3 b 

q 2 ^ 2 s 


+ 


6*g* 

3s* 


3s» 


] 


(4a) 


2s 

s/g < & < q 
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And, the value of the self-inductance of one phase 2 / 2 tt 3 tt 

for winding pitches greater than zero by not more than = 1 _ — cos ( t/s -h 2 cos--f 3 cos- 

one-phase belt width is: ® \ ® s 


Laa = 


g (s - h) 

3 s* 


(s — b) (S s — q s + b q) 


-f (s — 1) cos 


(s - 1) X 


® ~ q < ^ < s (5a) 

There is no need of considering values of q greater 
than, 3, except for full pitch windings, as three-phase 
belts per pole are all that are used in practise. A 
squirrel-cage winding always has one slot per pole per 
phase, so that its differential leakage ratio is the same 
for all values of pitch. For this case s/g = 1, and 
(2a) reduces to: 

s- 2 

Lab = -cos tt/s (6a) 

s 


1 

= “CSC* x/2 s (11a) 

It is interesting to compare the total reactances of the 
several types of windings by means of these formulas. 
For a regular three-phase winding, equations (9a) and 
(10a) show that: 

, 10 .2 

Lw = —^ -I- for full pitch 

149 7 

“ 144 + aJ 


and the corresponding expression for the «th phase is: 

s-2(x-l) ■ (x-l)x 

Aan =- cos- (7j 


The total inductances per phase are obtained by 
adding the self and effective mutual inductances, as 
given by the foregoing expressions. For g = 2, (2a) is 
zero, so that the total inductance of a two-phase 
winding is from (la): 

L»t<> = 2/3 -j- g ^ (4 s — 6 -4 6-1-4 6*) (8a) 


For g = 2, (la) and (5a) are identical, so that the 
single equation (8a) is valid over the entire range of 
pitches from 0 to 1, for two-phase windings. 

For a three-phase winding, g = 3, and the total 
inductance of one phase is given by the sum of (la) and 
twice (2a) for pitches between 2/3 and 1, and by the 
sum of (3a) and twice (4a) for pitches between 1/3 
and 2/3: 

Leo. = 10/9 -f- ^(4s- 6 6*s- 3 6 -f 3 6*), 


0 < 6 < s/3 (5a) 

and 

Leo* == 19/18 -t- 2 g 3 (5s-l-6s*—66—9 6*s-|-6 6*), 


2 s 

s/3 < 6 < —g (10a) 

(9a) and (10a) become identical if 6 = s/3. 

For a squirrel-cage winding, the total inductance of 
one phase is, from (la) and (7a), placing 6=0 and 
g = s in the former: 

^ ^.s—2 ,_s—4 2x 

Lk = 1 + — — cos tt/s H- — ; — cos —— -f . . . 

o So 


5 3 

= 2/3 pitch 

5 1 

= for 1/2 pitch 

5 1 

= + 2 ^ for 1/3 pitch 

For a regular two-phase winding (8a) shows that: 

, 2 4 

Loo. = -f- g^ for full pitch 

9 1 , 

= -jj- -I- for 3/4 pitch 

1 2 

“ ~T~ Ts^ 

5 1 

“ "iT "sF 

For a single-phase winding made by using two legs 
of a regular three-phase winding, the total inductance is 
found by substituting 1 for cos x/2 in (2a) and adding 
(la) to it, which gives identically the same equation 
(9a) as for the original three-phase winding. Thus, 
the per cent line-to-line reactance of a three-phase 
winding is always identical with the per cent three- 
phase reactance. For a single-phase winding consisting 
of one leg of a three-phase winding only, the total 
inductance is given by (la), (3a), and (5a) ,whence: 

Line to neutral 


Loo. = for full pitch 

17 3 

“ '24~ TF 
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5 1 . 

= for 2/3 pirch 

7 1 

= for 1/2 pitch 

2 1 , 

= + -p- for 1/3 pitch 

6 1 . 

y 2 2 s* for 1/6 pitch 


reactance will give the desired values of total differential 
leakage reactance. 

The ratio of the useful to the total flux generated by a 
single full-pitch coil is S/tt*, as this is the ratio of the 
area of a sine wave to the area of a rectangle whose 
fundamental it is. This factor, multiplied by the 
squares of the pitch and distribution constants of the 
winding, and by the ratio, q/2, of the total revolving 
field produced by all the phases acting conjointly to 
the field made by a single phase, gives an expression 
for the reactance due to the useful flux. Or: 


Thus, the line-to-neutral air-gap flux reactance of a 
three-phase winding operated single-phase is 7/10 of its 
value in three-phase operation for full and half-pitch 
windings, but is only 2/3 of its three-phase value for 
2/3 pitch windings. For a 1/3 pitch winding, it is 
4/6 of its three-phase value. These variations are due 
to the triple harmonic fields that are produced by each 
phase winding separately, but that are canceled out 
by a 2/3 pitch, or by a three-phase connection. 

Since the zero phase sequence reactance is equal to 
three times the line-to-neutral, less twice the balanced 
three-phase reactance, of a three-phase winding, the 
foregoing expressions lead to the following expressions 
for the zero phase sequence inductance: 

Zero phase 

I/eo- = (2s-3 6*s-66-h 66’), 



0 < 6 < s/q (12a) 
(2 s -I- 4 6 s* - 6 6 - 9 6* s -f- 6 6*) 


4 q* an* v/2 q sin* t/ 2 (1 — 6/s) 
TT* s* sin* 7 r /2 s 


(14a> 


Putting q = 2 in (14a), dividing it into (8a), and 
subtracting unity from the result, we have for the total 
differential leakage reactance of a two-phase winding, 
expressed as a ratio to the fundamental magnetizing 
reactance: 


tt* (s — 6) (s* + 6 s — 2 6* -I- 2) sin* x/2 s 
X„ ~ 24 ssin* x/2 (1-6/s) 

(15a> 

If s is large, and 6 is zero, corresponding to the case 
of a full-pitch two-phase winding, (15a) gives: 


■3rp,o« 


X* (s* + 2) 
24 


sin* x/2 s — 1 = 


£l 

96 


/ .687 \ 



Hence: 

1 2 

Zero phase Loo* = "^ + ‘tt" for full pitch 

-^ for 5/6 pitch 

= 0 for 2/3 pitch 

= for 1/2 pitch 

= for 1/3 pitch 

All of this zero phase inductance is leakage flux, since 
the fundamental m. m. fs. of the three-phases cancel 
with this connection. 

The useful, or fundamental, flux produced by the 
same windings can be readily cjdculated from the usual 
pitch and distribution factors, and the difference re¬ 
maining after the useful is subti-acted from the total 


If s is very large, (16a) reduces exactly to (31), thus 
confirming the latter result. For small values of s, 
equation (15a) is the only convenient means of 
obtaining exact values for Zd„. Numerical values of it 
for some usual windings are given in Table X. 

TABLE X 


DIFFERENTIAL LEAKAGE REACTANCE OF TWO-PHASE 
WINDING EQUATION (I5a) 


Pitch 


s/2 » slots per pole per phase 


deHclency 













b 

1 

2 

3 

4 

5 

6 

0 

0 2337 

0.0840 

0.0468 

0.0330 

0.0264 

0 0229 

1 

0.2337 

0.0583 

0.0334 

0.0251 

0.0213 

0.0193 

2 


0.0840 

0.0285 

0.0177 

0.0147 

0.0138 

3 


0.0840 

0.046S 

0.0189 

0,0116 

0.0096 

4 



0.1019 

0.0330 

0.0148 

0.0080 

5 



0.2337 

0.0649 

0.0265 

0.0130 

6 




0.1222 

0.0486 

0 .022f> 

7 




0.2337 

0.0839 

0.0398 

8 





0.1382 

0.0650 


Putting q = 3 in (15a), dividing it into (10a) and 
(11a), and subtracting unity from the result, the total 
differential leakage reactance for a three-phase, 60 deg* 
phase belt winding is: 
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_ 7rK20 s»+36 s-54 6^s-27 &+27 sin»7r/2; 
486 s sin* t/ 2 (1 - 6/s) 


and 


0 < 6<3 


“ 1 , 


(17a) 


7r*(19 s^+4Sf +9 b 54 6—81 &%+64 6*)gin8 7 r2 s 
486 s sin^ 7r/2 (1 - h/s) 


- 1 , 


8/3 Ih 


2s 

3 


(18a) 


For a full-pitch three-phase winding with a large 
number of slots per pole, (17a) may be reduced to: 

^Djo 2 TT* (6 8 -|- 9) _ 

XT-243-sin*7r/2s-l 

^ V* 'it* ■ / 0.672 \ 

486 64 8* ~ s 2 + ... j - 1 (19a) 

If 8 is very large, (19a) reduces exactly to (32). 
Numerical values of (17a) and (18a) for some usual 
three-ph^e windings are given in Table XI. 

For a squirrel-cage winding, g = s and 6 = 0, so 

TABLE XI 

DIFFERENTIAL LEAKAGE BBAOTANOE OF THREE-PHASE 
WINDINGS 


Pitch 

defidency 

b 


s/ 

'3 » slots s 

ler pole per 

phase 


1 

2 

3 

4 

5 

6 

0 

.0.0966 

0.0284 

0.0140 

0.0089 

0.0064 

0.0052 

1 

0.0966 

0.0235 

0.0115 

0.0074 

0.0055 

0.0045 

2 

0.0966 

0.0284 

0.0111 

0.0063 

0.0044 

0.0035 

3 


0.0284 

0.0140 

0.0069 

0.0041 

0.0030 

4 


0.0284 

0.0143 

0.0089 

0.0060 

0.0031 

5 

6 

7 



0.0137 

0.0140 

0.0092 

0.0089 

0.0083 

0.0064 

0.0068 

0.0067 

0.0040 

0.0062 

0.0066 

8 

9 




0.0089 

0.0062 

0.0057 

0.0066 

0.0052 


that by substituting these values in (15a) and dividing 
the result into (14a), the differential leakage reactance 
is found to be: 




it^ 

4 s* 


CSC* v/2 8- 1 (20a) 


n 8 is large, this may be developed into a series of 
which only the first term need be considered: 

Xd, 


TT^ / 

128 * y 


20 8* "'■504 s* 


It* 


+ 


...) 


(21a) 


For large v^ues of s, (21a) agrees exactly with (25), 
thus confirming the previously derived formula for 
zigzag leakage reactance. 


Bibliography 

1 . 1928, Park, R. H., and Robertson, B. L. The Reactances of 
Synchronous Machines, Winter Convention of the A. I. E. E., 1928. 

2. 1927, Wieseman, R. W., Graphical Determination of 
Magnetic Fields; Practical Applications to Salient-Pole Synchro- 

^ nous Machine Design, Tbans., A. I. E. B., Vol. XLVT, p. 141. 

3. 1926, Doherty, R. B. and Nickle, C. A., Synchronous 
Machines—Part /. An Extension of BlondeVs Two-Reaction 
Theory, Tbans. A. I. E. E., 1926, Vol. 46,p. 912. 

4. 1926, Gray, A., ‘ ‘Electrical Machine Design, 2d. ed. Rev.” 
by P. M. Lincoln, p. 623, 1926, McGraw, N. Y. 

6. 1922, Siegel, E., “Leakage Calculations for Three-Phase 
Induction Motors with Phase-Wound Rotors,” (in German), 
mekt. u. Masch., Vol. 40, pp. 217-22, May 7,1922. So,. Ahstr’., 
Sec. B, Vol. 26, pp. 502-03, Oct. 1922, Abstract translation. 

6. 1920, Alger, P. L. and Eksergian, R., Induction Motor 
Core Losses, A. I. E. E. Joun., 1920, Vol. 39, October, pp. 906-20. 

7. 1918, Doherty, R. E. and Shirley, O. E., Reactance of 
Synchronous Machines and Its Applications, A. I. B. E. Tbans. 
1918, Vol. 37, pp. 1209-97; discussion, pp. 1298-1340. 

8. 1916, Chapman, P. T., “Air-gap Field of the Polyphase 
Induction Motor,” Electrician, Loud., Vol. 77, pp. 663-67,705-08 
730-34, 904W, 936-38; Vol. 78, pp. 9-12, 49-50. Aug 18^ 
Sept. 1, Sept. 22-29, Oct. 6-13,1916. 

9. 1912, Peehheimer, C. J., Self-Starting Synchronous 

31. PP- 529-85; Discussion, 
pp. 686-604. ’ 

10. 1909, Schenkel, M., “Determination of Leakage Flux in 

Mtemating-Current Machines,” (in German), Elekt u. Masch, 
Vol. 27, pp. 201-08, Feb. 28,1909. Sci. Abslr., Sec. B, Vol. 12 
pp. 160-61, Apr. 1909, Abstract-translation. ' 

11. 1907, Adams, C. A. and others. Fractional Pitch Windings 
for Induction Motors, A. I. E. E. Tbans., 1907, Vol. 26. pn. 
1486-1503; Discussion, pp. 1525-26. 

12. 1907, Hellmund, R. E., Zigzag Leakage of Induction 
Motors, A. I. E. E. Tbans., 1907, Vol. 26, pp. 1605-24. 

13. 1905. Adams, C. A., The Design of Induction Motors— 

With Special Reference to Magnetic Leakage, A, 1. E. B. Tbans. 
1905, Vol. 24, pp. 649-84; Discussion, pp. 686-87. ' 

^ 14. 1904, Adams, C. A., “The Leakage Reactance of Induc¬ 
tion Motors,” Int. Elec. Congress, St. Louis, Trans., Vol, pp. 
706-24; Discussion, pp. 725-28,1904. 

15. 1904, Hobart, H. M. and Punga, F., A Contribution to Ae 
Theory of the Regulation of Alternators ^ A. I. E, E. Trans., 1904 
Vol. 23, pp. 291-322; Discussion, pp. 323-336, 340-43. 

Discussion 

B. A. Be^end: In connection with Mr. Alger’s very com¬ 
plete investigation of the factors which determine the armature 
reactance^ of a synchronous machine the question may be raised 
whether it is more satisfactory for the designer to derive his 
characteristic data from comparison with known fiimga r designs 
or by a fresh calculation for each particular case. As a rule 
the designs v^ comparatively little, thus makmg it possible 
to obtain design data by comparison. The analysis of the 
constituent parts of the total leakage field as carried out by . 
Mr. Alger is in keeping with the desire to leave no part of the 
theory unexplored and to link together the leakage of syn- 
chronous and induction machines. In. this very painstaking 
and intricate procedure I doubt that a method which is evolved 
by one designer and which suits his method of w:orking is likely 
to appeal equally to another designer. I am inclined to view 
such methods as to a great extent individual though notwith¬ 
standing this they are of the greatest importance in clarifying 
obscure problems and showing us the empirical basis of our 
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assumptions. It would be interesting: to know just how many 
factors could bo gi’ouped toj^ether mthout entailing errors 
greater tiian those ordinarily encountered in the limitations of 
design and workmanship. 

A. A. Bennett: I wish to call attention to Pig. 4. The 
oiirrents flowing along the bent end windings there are supposed 
to be distributed in sinusoidal fashion, and they are then analyzed 
into two components, one flowing peripherally and the other 
axially. 

I object to the idea here expressed of analj^ziug something 
into components Avhioh have no meaning. We cannot analyze 
the cosino function into the product of a oo function by a sine 
function. The peri))heral current is snp]>osed to be flowing 
along a conductor, but it i.sn't a real cun-ont in any proper sense. 
At one point, the current is large and flowing in one direction; 
at another point, t.lujro is no current at all, and, at still another 
point, it is large and flowing in the opposite dmection. 

E, B, Shand: Mr. Algor has modified somewhat the methods 
of separating out the maidiine flux<^s so tliat the resultant leak¬ 
age reactance is conskhiralily less than that given by a number 
of other formulas. 1 have always considered that these latter 
formulas, beginning with the classic one f)f Dr. Arnold, were 
inconsistent in using fluxes wliicJt shoidd properly be classed as 
cross-magnetizing and thereby gave results which could not be 
enl.irtdy recomnlt^d with all data found on tests. This was 
j)oiiito<l out in my di.scussion on *^V(mahle Arinature Leakage 
Reaclance in HnlumUPole, Hynehronone Machines'' by V. Kara- 
jiotoff, A. I. E. K. Thanh., 1026, p. 733. Formulas of the type 
of this present may bt^ ndifal upon to giv(< more complete infor¬ 
mation of ma<diines. 


P. L. Alters Mr. Shand’s remark agrees with what many of 
us have felt for a long time, that the necessity for using a lower 
value of leakage reactance to cheek transient performance than 
for synchronous operation indicated that the old value of syn¬ 
chronous leakage reactance was too high. The new and lower 
values of leakage reactance will, I am sure, clear up many dis¬ 
crepancies heretofore existing in synchronous-machine theory. 
It is well to remember, however, that the point of division be¬ 
tween the reactances of armature reaction and armature leakage 
cannot be very exactly defined. For example, my colleague, 
D. H. Harms, has pointed out that a small part of the funda¬ 
mental flux wave in the direct axis, due to the armature reaction, 
passes along the air gap space without entering the field at all, 
and that this part is truly a lealcage reactance,, although in the 
paper it is included with the armature reaction. From Appendix 
B of reference 3, the magnitude of this part of the reactance is 

pa fA 

approximately:— A Yati =■ ■ — Xad, 

o 1 j “ 

which usually amounts to less than 0.6 per cent of Xad^ but 
may be as much as 2 per cent in some high-speed machines. 
This more exact distinction between the two elements of the 
reactance makes the calculated values of transient reactance a 
trifle higher. 

I agree with Professor Bennett that my conception of the axial 
end leakage flux, as due to a discontinuous peripheral current, 
is a higlily artificial one, and that it would be more satisfjdng 
to consider the end leakage flux as a whole. I can only say that 
the device adopted affords a short cut that leads to simpler and 
more definite results than I could find by any other method. 
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Synopsis*—Until somewhat recenUyf synchronous machine 
theory has been satisfied with a relatively few characteristic constants, 
or reactances, in terms of which the behavior of machines has been 
calculated* Present theory, however, requires many more co¬ 
efficients. There are now generally recognized two values each of 
leakage, synchronous, and transient reactance which correspond 
to ike two symmetrical axes of magnetization of the armature current 
and which refer to balanced operation. Negative and zero phase- 
sequence reactances are also employed to determine operation under 
unbalanced conditions, and it is possible and desirable to distinguish 
olker reactances. In view of the increasing complexity of ike subject 
it is felt that a cntical survey of it is in order and Ike object of the 
paper has been to provide that survey. 

The paper has been divided into two parts. Part 1 is descriptive, 
and treats the subject with regard to those factors which are important 
to application or operating engineers, and to designers. In partic¬ 
ular, the major types of reactances which include Vie synchronous, 
transient, and phase-sequence reactances, are discussed. These 
quantities are defined and their methods of test outlined. 11 appears 
necessary to consider a second type of transient reactance, namely 
sub-transient reactance. Both reactances may be determined from 
short-circuit oscillograms as illustrated in the paper. A table is 
included which gives the numerical range of reactances for the 
various types of synchronous machines. 

Part II discusses the theoretical considerations, with a view to 
broadening and classifying existing conceptions of reactance. It 
includes the effect of external reactance on negative phase-sequence 


reactance, and the variation in this latter quantity depending upon 
whether current or voltage is impressed on Ike machine. An im¬ 
portant aspect of ike division of synchronous reactance into armature 
reaction and leakage reactance is discussed. Transient reactance is 
shown to he the difference between synchronous reactance and the 
ratio of the mutual reactance between armature and field and the total 
field reactance. Calculations are included to show that the short- 
circuit and open-circuit time-constants are related to each other in a 
simple manner. 

The appendixes cover the following subjects: 

a. Application of the Principle of Superposition to Synchronous 
Machine Analysis. 

b. Replacing the Effect of Induced Field Currents by Employing 
Transient instead of Synchronous Reactances. 

c. Significant Rotor Circuits in Addition to the Main Field 
Winding {which affect transient reactances). 

d. The Negative Phase-Sequence Reactance of a Synchronous 
Machine with Negative Pha^e-Sequence Voltage Impressed. 

e. Construction of Equivalent Circuits: Concept of Field Leakage 
Reactance. 

f. Calcidation of Total Field Reactance. 

g. Relation of ike Mutual Reactance Between Armature and 
Field to the No-Load Excitation Current. 

k. Relation Between Three-Phase and Single-Phase Reactances. 

i. Discussion of the System of Notation Used in the Paper. 

j. Per-Unit Representation of Quantitities. 

« % 4e « « 


The Reactances op Synchronous Machines 

N the coiirse of the development of the theory of 
synchronous machines there has come into use, along 
with an increased knowledge of the behavior of such 
machines under varying conditions of operation, a corre¬ 
spondingly increased number of characteristic constants 
or coefficients referring generally to reactive voltages, 
in terms of which this behavior is calculated* 

Thus, in place of the concept which was formerly held 
of a single leakage reactance and armature reaction, 
there are at present generally recognized two values 
each of leakage, synchronous, and transient reactances, 
corresponding to the two symmetrical axes of magneti¬ 
zation of armature current. In addition to these 
reactances, which refer to balanced operation, there are 
also values of negative and zero phase-sequence 
reactance, which are employed to determine operation 
under unbalanced conditions. It is also possible and 
desirable to distinguish other reactances, particularly 
those which obtain with the rotor stationary, and those 
which are encountered by harmonic currents. At the 
same time, improvements have recently been made in 
methods of calculating leakage reactance and armature 
reaction. Therefore, on accoxmt of the increasing 

1, Both of the Qenl. Engg. Dept., General Blectrio Co., Schen¬ 
ectady, N. Y. 
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complexity of the subject it is felt that a critical survey 
of it is in order. The object of the paper has been to 
provide a survey of this character which would be of 
value both from the standpoint of system analysis and 
from that of fundamental theory. 

Since the requirements of these two points of view are 
to a considerable extent distinct, the paper has been 
divided into two parts. . Part I treats the subject with 
regard to those factors which are important to designing 
and application engineers, and to operating engineers. 
Part II discusses in detail the theoretical considerations 
involved,, with a view to broadening and classifying 
existing conceptions of reactance. 

Part I. Reactances Particularly Appecting 
Operation 

In the analysis of system stability, and in the calcu¬ 
lation of the effect of short-circuits, the factors of 
interest to operating engineers are those which relate 
to the behavior of the machine as viewed from the 
armature terminals. The most significant of these 
factors are the armature reactances of machines to 
normal frequency current having any distribution 
between phases, any power-factor, and whether trans¬ 
ient or sustained; also, in connection with transient 
components of current, their rates of decay, or 
decrements. 

Types of Reactances. The major types of armature 
reactances then are to be distinguished according to: 


28-21 
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A. Distribution; that is, the relative distribution of 
current between phases. 

Any distribution of armature current may be 
expressed as the superposed sum of three symmetrical 
components:’ 

a. Balanced three-phase currents of normal phase 
rotation, or positive phase-sequence, 

b. Balanced three-phase currents of reverse phase 
rotation, or negative phase-sequence, and 

c. Balanced three-phase currents of equal time 
phase, or zero phase-sequence. 

B. Method of application in time of positive 
phase-sequence currents. 

Here it is desirable to distinguish between: 

a. Steadily applied, or sustained currents, 

b. Suddenly applied, or transient cxurents. 

In the case of armature reactances these differences 
are due to the transient currents induced in the rotor 
circuits when armature current is suddenly applied. 
If, as is generally so, there are closed circuits on the 
rotor in addition to the field winding, as for example an 
amortisseur, it is found that some of the currents in the 
rotor circuits may die away very rapidly. In order to 
distinguish between the effect of these currents and the 
effect of those which die away dowly, it is desirable to 
establish two (or more) transient reactances. The 
higher reactance, i. e., the reactance which depends on 
currents that die away slowly, is then referred to as the 
transient reactance of the machine. The lower reactance 
may be referred to as the suh-transient reactance on 
account of its lower value. 

C. Position of the rotor with respect to axis of 
magnetization of positive phase-sequence currents. 

When the rotor is moving ssmchronously, the positive 
phase-sequence current can be resolved into two 
components, one of which magnetizes in the axis of the 
poles, and the other in the inter-polar space. Accord¬ 
ingly, these components are referred to as direct and 
quadrature,* and the corresponding reactances are: 

a. Direct, or 

b. Quadrature. 

Thus, to summarize, the types of armature reactance 
which have been considered so far are to be distin¬ 
guished according to whether they are: 

A. Positive, negative, or zero phase-sequence, 

B. Sustained, transient, or sub-transient, 

' C. Direct or quadrature. 

The determination of a suitable notation for these 
reactances should depend more upon present and future 
requirements than merely upon previous practise. 

After careful consideration of the subject, it seemed 
that a consistent notation could be obtained by denot¬ 
ing the various types of reactance according to the 
method outlined below: 

3. Reference (11). 

4. A considerably broader conceplaon of direct and quadrature 
quantities is developed in Part II. 


A. Distribution. 

Armature reactances 

Positive phase-sequence Xi, or no subscript 
Negative phase-sequence Xi 
Zero phase-sequence Xo 

B. Application in time. 

Sustained—^No special indication. 

Transient—One prime, i. e., x' 

Sub-Transient—Two primes, i. e iX" 

If it is desired to distinguish other degrees of tran- 
aency, additional primes nmy be added. 

C. Position of rotor. 

Direct Xa 

Quadrature Xq. 

The various armature reactances of the types dis¬ 
cussed are then represented by the notation shown in 
Table I. 

TABLB I 

ARMATURE RBAOTANOES 

za Direct synchronous, positive phase-sequence. 

Xq Quadrature synchronous, positive phase-sequence. 

Xa' Direct transient, positive phase-sequence. 

Xq' Quadrature transient, positive phase-sequence. 

■ xa" Direct sub-transient, positive phase-sequence. 

Xq' Quadrature sub-transient, positive phase-sequence. 

Xq Negative phase-sequence. 
xo Zero phase-sequence. 

Definitions and Methods of Test. Syndmjnous reac¬ 
tance: The problem of determining the rdations between 
fundamental components of armature voltage and 
CTirrent during steady operation has been thoroughly 
analyzed by Blondel,® Arnold,* and Doherty and 
Niclde.^ The accepted theory may be briefly sum¬ 
marized as follows: 

First, the balanced three-phase system of armature 
currents is resolved into two component three-phase 
systems: one in which the current in each individual 
phase reaches a maximum at the instant that the axis 
of the field pole coincides with the axis of magnetization 
of the phase under conaderation; and another in which 
the c^uTent in each individual phase readies m ax i mum 
at the instant the axis of magnetization is in line witii 
the axis midway between poles, that is, one-quarter 
cycle later. The former is called the direct component 
because it produces direct component of armature 
reaction. The latter is the quadrature component. 

Then coeflSicients are defined expressing the ratio of 
reactive component of voltage to armature current for 
each type of current. These coefficients are the 
direct and quadrature synchronous reactances of the 
machine. 

These reactances may be expressed either in ohms, 
or as a ratio of their reactance in ohms to normal 
ohms, where normal ohms is the ratio of normal voltage 

5.. Reference (13). 

6. Reference (12). 

7. Reference (8). 
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and current. When so expressed, they are referred to 
as per-unit reactcmces.^ Thus: 


Per-unit reactance = 


reactance in ohms 
normal ohms 


Normal ohms = 


normal line-to-neutral voltage 
normal line current 


Consequently, per-unit direct synchronous reactance is 
deling as the per-unit fundamental component of 
reactive armature linkages, due to unit sustained direct 



component of armature current. Quadrature syn¬ 
chronous reactance is defined similarly. The resultant 
terminal voltage is then found by subtracting the 
reactance drop in each axis from the no-load terminal 
voltage corresponding to the existing field current, 
assuming no saturation. Hence, if the machine is dead 
short-drcuited at normal voltage, the reciprocal of the 
per-unit sustamed armature current is equal to the 
per-unit direct synchronous reactance. 


In the figures: 

e (o) = normal armature voltage.® 
i (o) = normal armature current^ 

/(o) = field current required to produce eco) at no-load. 
Ig = field current required to force normal flux 
across the air-gap. 

Iz = field cmrent required to produce normal 
armature current at short-circuit. 
S 3 mchronous reactance, in accordance with established 
practise, is understood to be calculated on the basis of 
no saturation, and all quantities are referred to the air- 
gap line. Hence, the direct component of synchronous 
reactmce is measured as the ratio of J* and i. 


Iz 



The quadrature synchronous reactance, of a three- 
phase machine may be determined by the following 
method.’® The machine, coupled in electrical quadra¬ 
ture to a relatively very large synchronous motor and 
connected to the motor lines, is operated unexcited. 
The ratio of the armature voltage, e, to the correspond¬ 
ing amjature current, i, is the quadrature synchronous 



reactance in ohms. Expressed as a per-unit quantity, 
it is: 



S^chronous reactances can be measured accurately 
by test. Thus, direct synchronous reactance, xa, is 
convemently determined from the saturation and 
^chrono^ impedance curves of the machine, which 
Jigs. 1 and 2, respectively, represent. 


8. The desirability of using the term 
reactance, when expressed in terms of uni 
in Appendix J. 


per-unit to characterize 
ity as a base, is discussed 



^ ( 0 ) 
e (o) 


The disadvantage of this scheme is the limitation it 
imposes on the sizes of the machines which may be 
tested, due to the fact that the driving motor must be 
of sufficient size so that its angular displacement will 
not be appreciable. 

A method, refOTed to as the “slip method,” affords, 
however, a practical means of obtaining Xg, and may 
also be used to obtain xa. The machine to be tested is 
left unexcited and a three-phase voltage is applied to 
ite amature. The rotor is coupled to a driving motor, 
of suflttcient capacity to overcome the reluctance torque 
at the reduced voltage, and is run at a low value of slip. 
In this manner the poles are slipped past the m. m. f. 
wave. The magnetizing current is then a function of 
the rotor portion with respect to the m. m. f. 

The osci llogram of Fig. 3 is the result of such a test. 


(0), enclosed in parentheses, refers to normal 
values, and sho^d not be confused with the subscript, 0, used to 
indicate zero phase-sequence quantities. 

10. Two alternative methods of obtaining are given in Ref¬ 
erences (3) and (7) respectively. 
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It will be noticed that both the current and voltage are 
modulated harmonically as the pole position changes, 
the variation in voltage being due to reactance drop in 
the source of power employed. 

When the poles line up with the axes of the phases, 
position (a) on the above curve, the current is a mini¬ 
mum. At this position the ratio of voltage to current 
is the direct synchronous reactance. Similarly, when 
the axes of the phases are midway between the poles, 
position (b), the ratio of voltage to current is the 
quadrature synchronous reactance. 

This last means of testing for the synchronous 
reactances is simple and has several points of advantage. 
Thus, the power supply to the tested machine can be 
small, just enough so that the meter readings are 
easily obtained. Corresponding readings, or oscillo¬ 
grams, of voltage and current can be taken, and the 
calculated reactances plotted as a function of time or 
pole position. Also, the driving motor need only be 
of sufficient capacity to supply the reluctance torque. 
Moreover, if the motor speed is well regulated, so as to 
produce a low value of slip, there will be no difficulty 
in taking readings directly from indicating instruments, 
since the swings of the meter needles can be easily 
followed. In some cases, it may be desirable to take 
oscillograms of both voltage and current. 

Transient reactance. When a machine is subjected to 
a three-phase short-circuit from an initial condition of 
no-load, the flux-linkages in every rotor circuit must 
initially stay constant. But, since the armature current 
tends to demagnetize these circuits, it is necessary for 
the currents in them to increase, in order that the con¬ 
dition of constant flux-linkages in each circuit may be 
fulfilled. 

This increase in rotor m. m. f. is responsible for the 
familiar fact that the initial short-circuit current of a 
machine is greater than that obtained under sustained 
conditions, after the induced d-c. currents in the field 
and additional rotor circuits have died away. The 
resultant armature current is calculated in terms of the 
voltage before the short-circuit, as the ratio of that 
voltage to a value of reactance referred to as the 
transient reactance of the machine. 

More specifically, this reactance is, of course, the 
direct component of transient reactance, since it in¬ 
volves only reactive or direct axis component of cur¬ 
rent. Thus, direct transient reactance, x/, is 



where e is the voltage preceding short-circuit and i is 
the symmetrical component of armature current just 
after the short-circuit. 

The exact interpretation of this definition would 
imply that the current i is to be measured as the value 
of the envelope of the wave of symmetrical component 
of current, as projected to the instant of short circuit. 
But, in machines with closed rotor circuits in addition 


to the field, this initial value may not satisfactorily 
represent the performance of the machine on account 
of the fact that the current induced in some or all of 
these additional circuits may die away very rapidly. 
It is, therefore, desirable to establish the conception of 
transient reactance proper, as the value of apparent 
transient reactance which applies to the current varia¬ 
tion after the rapidly decaying components of current 
have died away. It can be obtained, as shown in Pig. 4, 
by projecting the envelope of the current wave to the 
instant of short circuit, neglecting the first one or two 
peaks. Point (b) of Fig. 4 corresponds to the transient 
reactance proper. The reactance determined by the 
projected value of the envelope of the first few pealcs of 
the current wave, point (a), is then referred to as the 
sub-transient reactance. In practise, the low value of 
this reactance may be due in part to saturation in the 
leakage paths. 

Practically, the value of short-circuit current can be 
expressed as the sustained value plus one or more com¬ 
ponents, each of which die away exponentially. Tran- 



Pia. 4 —Determination op and xg ' by Method op 
Projection 

sient reactance proper is then the reciprocal of the cur¬ 
rent that would exist at i = 0 i^the high-speed terms 
were absent. These relations may be made clear by 
reference to Fig. 5, which shows the obs^ed values of 
symmetrical component of armature current from a 
three-phase short-circuit test on a large waterwheel 
generator. The test was taken at reduced voltage so 
as to exclude saturation, and the i)er-unit values of 
current have been multiplied by a factor so as to refer 
to a test at normal voltage without saturation. 

The per-unit current is expressible in this case as, 
i = 1.64 + 1.83 e-oM* 1.06 
the term with high decrement factor being due 
to the presence of a copper short-circuiting collar at 
the top of the pole. The values of direct transient 
reactance are then, 

1.0 

Xd — direct sub-transient = l 54 + 183 -|- 1.06 

= 0.226 
and, 

1-0 

Xd = transient = l 54 -|- 1 83 “ 0.297 
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So tar, transient reactance has been interpreted only 
in terms of the no-load short-circuit current of the 
machine. But, clearly, it may also be regarded as the 
reciprocal of the ratio of suddenly applied balanced 
current, to the reactive voltage due to this current. 
It is, therefore, similar to synchronous reactance, 
except refaring to suddenly applied instead of sus¬ 
tained currents. From this standpoint it will of course 
have both a direct and quadrature value, each of which 
in timn can be transient or sub-transient. If, however, 
as is often the case, there is no really effective winding 
in the quadratme axis of the machine, the transient 
reactance in this axis should be taken equal to syn¬ 
chronous. Thus, the term sub-transient reactance will 
always refer to the “high-speed” phenomena in either 



PiQ. 5 Decremjsnt op Symmetrical Component op 
C vRRENT Three-Phase Short Circuit on a 30,000-Kv-a. 
Waterwheel Generator 


axis. Moreover, if, as in the ease of the machine to 
which the data of Fig. 5 refer, there happens to be no 
rotor winding in the quadrature axis, the sub-transient 
quadrature reactance will also equal the s3mehronous in 
that axis. Hence, in this case. 

On the other hand, for machines equipped with amor- 
tisseurs, the value of the sub-transient quadrature 
reactance will be different from the corresponding S 3 m- 
chronous value, although, as before. 


defined as the per-unit value of positive phase-sequence 
voltage, due to the sudden application of a positive 
phase-sequence current of normal amount; while 
transient reactance is the corresponding apparent value 
that obtains after the “high-speed” transients have died 
out. The four coefficients will, therefore, be 
Xi direct transient reactance 
r,' quadrature transient reactance 
Xd direct sub-transient reactance 
r/ quadrature sub-transient reactance 
It has been pointed out that the direct sub-transient 
reactance can be determined from short-circuit tests. 
It is also possible to measure it by suddenly opening up a 
sustained short circuit, that is, applying the equivalent 
of a negative current equal in magnitude to the sus¬ 
tained current. Also, either direct or quadrature 
transient reactance can be found by impressing a direct 
or quadrature voltage, respectively, on the terminals, 
directly or flirough a reactance. In all of these cases 
the ratios of voltage to current, as shown on oscillo¬ 
grams, vary progressively from an initial value equal to 
sub-transient reactance, through transient, to a final 
value equal to synchronous reactance. 

Another method which is sometimes useful in deter¬ 
mining Xd' is to determine oscillographically the time- 
constant of the decay of armature voltage and current, 
respectively, with the armature open-circuited and 
short-circuited. If these time-constants are re^ec- 
tively To and To', Xd' may be found from the relation” 

Xd' _ T,' 

Xd ~ To 

provided that Xd is already known. 

A convenient method, which may be used in testing 
for both as/'* and x/^^ is to apply a single-phase line-to- 
line voltage to the machine, the rotor being held still. 
The field is shorted through an ammeter and the rotor 
moved until the meter reading is a m aximum, at which 
position the rotor is directly under the center of the 
phase. The direct sub-transient reactance, in ohms, 
is one-half” the ratio of the armature voltage to the 
armature current under these conditions. 

The pole is moved slowly until the field ammeter 
reads zero, showing that the pole is in quadrature with 
the aris of magnetization. Then, the quadrature sub- 
tra^ient reactance, in ohms, is again one-half” the 
ratio of the armature voltage to the armature current. 

For delta-connected machines the line-to-line 
reactances are similarly divided by two and the equiva¬ 
lent Y-circuit used. 


Xo' = Xf 

since there is no really effective winding in this axig 
In practise, an maortisseur always has a decrement 
sufficiently high so t^t its reactance is sub-transient. 

Thus, the per-unit sub-transient reactance of a 
machine, in either the direct or quadrature axis, is 


11. See Part II. 

12. If there are no auxiliary windings on the rotor this reac¬ 
tance is transient, i. a., Without such windingfs the method 
may also be used to obtain s3aichronous reactance by leaving the 
field open-circuited. 

13. If amortisseur windings are not present this reactance 
is the quadrature s 3 mehronous reactance. 

14. See Appendix H. 
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Negatiiw. phase-sequence reactance. In the ease of a 
machine rotating synchronously the application of 
fundamental negative phase-sequence current gives 
rise to negative phase-sequence fundamental and 
positive phase-sequence third harmonic voltages from 
line-to-line and from line-to-neutral. The per-unit neg¬ 
ative phase-sequence reactance of a machine is thus equal 
to the per-unit fundamental phase voltage, or the i)er- 
unit line-to-line voltage, due to normal negative phase- 
sequence current supplied at the machine terminals. 

On the other hand, if the rotor is not moving exactly 
synchronously the line-to-line voltages will not be 
purely fundamental, but, as is shown in Part II, they will 
contain slip frequency components. On this account, 
the direct determination of negative phase-sequence 
reactance by test is often inconvenient. 

However, it can be determined very easily by static 
test since the negative phase-sequence reactance of a 
machine is very nearly equal to the average'® of x/ and 
a* 9 , i. c., 

x/ -4- x/ 

3-2 - 2 

Zero phase-sequence reactance. The application of 
fundamental zero phase-sequence current to a syn¬ 
chronous machine gives rise to pulstiting third harmonic 
m. m. f. in the air-gap and end-windings, and to a slot 
flux the magnitude of which varies widely with the wind¬ 
ing pitch. Thus, with other than full pitch coils, the slot 
flux is diminished by the presence, in the slots, of coil 
sides carrying current in opposite directions. Zero 
phase-secjuence .slot reactance is thus very sensitive to 
pitch, and because of the fact just previously mentioned 
is a minimum at "/.h piteh. The zero phase-sequence 
air-gap leakage also varies accordingly and disappears 
at ■/:i pitch, since in this case there is no air-gap m. m. f. 
There is no armature reaction m. m, f. due to zero 
phasc-se(iuence currents. Hence zero phase-sequence 
reactance is very small, say, from 15 to 60 per cent of the 
flirect sub-transient reactance. The effect of the 
motion of the rotor is very .small, and, as a consequence, 
there are no appreciable harmonic, voltiges. Per-unit 
zero phase-sequence reactance is defined as the per-unit 
phase voltage with normal zero phase-sequence current 
applied. While its definition implies a condition under 
which the rotor is moving at normal speed, the difference 
in Lest result, if the rotor is stationary, is inappreciable. 

Decrements 

Synonelrical component of current. As pointed out in 
the disc.us.sion of transient reactance, the decrement 
curve of the transient armature current of a machine on 
short-circuit will, in general, be composed of several 
simple decrement terms, or exponentials. That is, the 
current will be expressible as a series 

_£_ _ i_ 

= a + b + c € -I- . . . • 


where a is the sustained component of current, and b, c, 
etc., are the transient components of current with time- 
constants Tb, T„ etc., respectively. In practise all but 
one of these time-constants will be small, i. e., less than 
about one-twentieth sec., while for dead short-circuits 
the r emaining time-constants will vary in large machines 
from about 0.5 to 2.5 sec. 

Thus, a few cycles after the occurrence of a short, 
from an initial condition of no-load and voltage c, the 
armature current will be 



where is the short-circuit time-constant of the 
machine. 

If the machine is operating at no-load and its field 
winding is short-circuited, the variation of armature 
voltage, shortly after the beginning of the transient, will 
follow a decrement having a time-constant T o, which is 
larger than the short-circuit time constant To'- These 
time-constants are related by the simple expression 



As it happens that the open-circuit time-constant of 
most large machines is about five sec., the above rela¬ 
tion provides an easy means of determining T o' when the 
other two quantities are known. The time constant 
T for a short circuit through an external reactance x is 
then given as 


This also applies to the case of single-phase short cir¬ 
cuits. Thus, on single-phase short circuits, the positive 
phase-sequence component of current is to be calculated 
as the current that would exist when an equivalent^* 
three-phase short circuit is applied. 

In the ragft of short circuits under load the time- 
constants of the rotor circuits in the quadrature axis 
are also involved. Except for solid rotor turbo alter¬ 
nators, these are all so fast, however, as not to merit 
attention from an operating standpoint. 

The case of turbo alternators is also complicated 
to some extent by the large amount of saturation which 
exists in the rotor leakage paths. The effect of satura¬ 
tion in such paths is not confined to tobo alternators 
only, but is encountered to some extent in short circuits 
of salient pole machines. Its effect does not, however, 
greatly modify the general conclusions stated. 

16. The OQLuivalent reactance of a line-to-line short is the neg¬ 
ative phase-sequence reactance viewed from the point of short, 
while for line-to-neutral shorts it is the sum of the negative and 
55 ero phase-sequence reactances. The negative and zero phase- 
sequence currents can, of course, be found by appljdng the con¬ 
ditions which hold at any instant,—that for line-to-line faults, the 
positive and negative components of current are equal in the 
fault; and that for line-to-neutral faults, all three components 
are equal in the fault. 


lo. See Appendix D. 
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D-e. component. On dead short circuits, the time- 
constant of the d-c. component is 

1 X 2 

—seconds 

while if the machine is short-circuited through an 
external reactance, the time-constant is 

1 Xi z 

r = - - -seconds 

where r is the armature resistance as a per-imit 
quantity. 

The time-constant on single-phase short-circuit is 
calculated as for the equivalent three-phase short- 
circuit. 

, Range of magnitude of reactances and Ume-eonstariis. 
It is noticeable that in any certain type of Tna<»hino the 
average value of each of the particular reactances 
appears to be a rather constant quantity, the deviation 
from^ which is not very great. Thus it is possible to 
obtain tables showing the general limits and the average 
values of the reactances, such as Table II. 

The first figures in any group of three quantities 
indicate the lower limit, the second figures are the 
average, and the third figures, the upper limit. It is 
understood that they are not absolute values, but are 
representative of most machines. Whare only two 
quantities are mentioned, the lower and upper limits are 
meant. If only one term is given it is the average 
reactance. 

PART II 

Theoretical Considerations 
The general problem of calculating the p^formance 
of a synchronous machine does not admit of any but 
the most difficult forms of analysis, unless the effects of 
saturation and hysteresis are n^lected. Therefore, 
ttiey are not considered in the analysis which follows! 
Practically, these effects are small in a large number of 
cases. In those cases where their consideration be¬ 
comes necessary, the final result, or the coefficients, may 
be "shaded.” 

Since sat^tion and hysteresis are neglected, l inea r 
relations exist between current and magnetic flux. It 
then follows, as is shown in detail in Appendix A, that 
for a given motion or position of the rotor, the currents 
and voltages in any part of the machine, due to any 
currents or voltages impressed at its terminals, may be 
found by superposing the effects that would result from 
the action of each separately. Thus, there will exist 
factors of proportionality between the voltage or current 
impressed at any terminal, and the voltages and cur¬ 
rents at all other points of the ma/yhiTio 
^ For instance, if the armature of the machine is open- 
cmeui^, a steady voltage impressed on the field will 
^ve rise to a steady direct current in the field, and to 
fund^ental and harmonic voltages at the armature 
temunals. On the other hand, if, say, one phase of the 



'frindiog pitch. 
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armature is short-circuited, a steady voltage applied to 
the field will give rise to steady and harmonic currents 
in the field, and harmonic currents and voltages, 
respectively, in the shorted and open armature phases. 
The ratios of these various currents or various voltages 
to the impressed field voltage may be referred to as the 
characteristic coefficients of the machine with reference 
to the particular condition of operation and the particu¬ 
lar terminal quantity impressed, which in the illustra¬ 
tive case under consideration happens to be field 
voltage. 

In general, characteristic coefficients can be estab¬ 
lished to cover any combination of impressed and result¬ 
ant quantities, of any frequency, in any of the four 
distinct terminal circuits'^ of the machine comprising 
the three armature phases and the field winding. 
These coefficients may be further distinguished from 
each other according to the rate and time-phase of 
application of the impressed quantities, the character 
of the terminal circuits on which these quantities may 
be impressed, the motion and position of the rotor, and 
the time-phase of the resultant quantities relative to the 
impressed quantities. 

The general problem of classifying and establishing a 
nomenclature for all of the various t 3 T)es of coefficients 
would be difficult, especially as there is no generally 
accepted name for the voltage, due to a voltage, or the 
current due to a ciurent.'* Moreover, the necessity 
for a careful study of the broad subject is not pressing 
at present, although it is anticipated that as progress 
is made in the analysis of machine performance, the 
recognition and emplo 3 mient of an increasing number of 
characteristic coefficients will take place. 

However, the specific problem of classif 3 dng and 
studying that particular class of coefficients, which 
refers to the reactive voltages and currents in syn¬ 
chronous machines, is relatively straightforward: at 
the same time it is important, in view of the practical 
significance of this type of coefficient in the study of the 
phenomena occasioned by short circuits. It is this 
comparatively restricted aspect of the general subject 
which is considered in the present paper. 

Following conventional practise, these particular 
characteristic coefficients which express the factors of 
proportionality between reactive voltage and current, 
are referred to, generally, as reactances. 

Dependence of Reactance on T&rminal Circuit. Unlike 
a simple reactance, however, these reactances are not 
independent of the character of the terminal circuit. 
Thus, when negative phase-sequence voltage is applied 
directly at the terminals of a three-phase machine, the 
phase current contains a negative phase-sequence 

17. Throfl-phase mapchines are referred to. The aprmatures of 
single-phase marines may be regarded as three-phase armatures 
with one log left idle in operation. 

18. The term ahorUArcuit ratio, expressing the per-unit am^ 
ture current on sustained short circuit duo to the application 
of no-load field current, is an exception to this rule. 


fundamental and a positive phase-sequence third 
harmonic. Neglecting the effect of the resistance of 
the closed rotor circuits as regards double frequency 
current, the per-unit value of the fundamental com¬ 
ponent of current with normal negative phase-sequence 
voltage applied is approximately 



corresponding to a reactance: 

2x/xf 

“ X/ -h X/ • 


( 2 ) 


If this voltage were applied through an external 
reactance, x, the total reactance of the circuit would be: 


2 (x/ + x) (x/ -f x) 
x/ -I- X -h x/ + X 


Thus, the effective negative phase-sequence reactance 
of the machine would be: 

_ 2 (x/ + x) (x/ -I- x) _ 

Xd‘'-l-x/ + 2x ® 


_ 2x/ x/ + X (x/ + Xg") 

X/ -[- X/ -h 2 X • ^ ^ 

If X is sufficiently great this reactance becomes: 

Xi = (x/ -1- x/). (4) 

Physically, the effect of the external reactance is 
to force the current in the machine to be sinusoidal, and 
to permit the existence of a third harmonic voltage 
across each phase. This results in a change in the 
effective negative phase-sequence reactance of the 
machine. This change may be considerable. For 
ina taTioft, the ratio of the two extreme types of reactance 
given by equations (2) and (4) might be as high as five 
to one.*’ 

In the case of sustained single-phase line-to-line 
short circuit, on the other hand, or in the equivalent 
case of fundamental voltage impressed from line-to-line, 
the per^adtfundcmerUal component of current is shown 
by Doherty and Nickle to he 

19. In the case of the smidlmaeHiie employed in the tests illus¬ 
trated in Doherty and NicHe’s paper Synchronotia Machines 
/Y the negative phase-sequence ooeffioient is 0.40 when negative 
phase-sequence voltage is impressed directly, and is 1.99 when the 
voltage is impressed through a reactance, or a ratio of five, 
based on the smaUer quantity. This, however, is a very extreme 
case. 

In maoliines of normal design, the ratio would be ap¬ 
proximately, 

Water-wheel generators.1.30 

Synchronous Motors and Condensers.. 1.04 
Turbine Generators.1.00 

The exact difference in these two types of reactances is dis¬ 
cussed in detail in Appendix D. 

20. This form follows from equation (27b) of‘the paper men." 
tioned by substituting xjy ^ 2 Xdt xd' — 2 xd‘', and Xq = 2 
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V3 e 
Xd + V X/ 

where e is the per-unit voltage before the short. Thus e 
is also the per-unit value of the equivalent line-to-line 
voltage impressed. But, in the analysis provided by 
the method of S3nnmetrical coordinates, this current is: 

V3 e 

Xd + Xi ■ 

Thus, for the particular type of short-circuit under 
consideration, the effective negative phase-sequence 
reactance is 

Xi = s/ Xd" x/ (6) 

that is, the geometric average of */ and «/. If, how¬ 
ever, the short circuit is effected through an external 
reactance, x, per phase, the reactance of the complete 
circuit is: 


reactances. Thus, when fundamental current is “im¬ 
pressed’' on a synchronous machine, the rotor of which 
is moving normally, harmonic as well as fundamental 
terminal voltages are produced. If, however, the 
machine is supplied from an infinite bus these harmonic 
voltages are short-circuited. But an »th harmonic 
Client of proper phase-sequence, taken in combination 
with a winding which does not exclude «th harmonic 
m. m. f., results in the rotation of this m. m. f., in 
s3mclu‘onism with the poles. Also, with a salient pole 
machine, an nth. harmonic m. m. f. over the pole can 
give rise to a flux of fundamental pitch, and thus 
generate fundamental voltage. It follows that if the 
harmonic voltages which exist with cmrent impressed 
are short-circuited by impressing fundamental voltage 
at the terminals of the machine, the effect of the result¬ 
ing harmonic currents will be to generate some funda¬ 
mental voltage. This slightly modifies the proportion 


■v^ (.Xd" -|- 2:) {.Xq" -|- x) 

and the effective reactance of the machine is: 

Xi = V (Xd" -I- x) (x/ + x)'- x (7) 

Expanding (7) by the binomial theorem gives: 

_ i I + X q" _ x/ a;/ ] * 1 

8 [ X 7^ I . . . . etc. J - » 

When X is suffi ciently large this becomes 
1 

= ~ (*/ + Xq") (8) 

as in (4). 

In practise short circuits are usually effected through 
some external reactance. For this reason, and in order 
to retain the principle that the reactance of a machine 
and any external reactance in series®* is the sum of the 
machine and external reactances, it is desirable to 
normally regard the reactance of a machine, when 
referred to without qualification, as that obtaining with 
a large external reactance in each phase, or the reac¬ 
tance that obtains with fundamental current rather than 
voltage impressed. Thus, negative phase-sequence 
reactance is to be interpreted normally as the effective 
phase-sequence reactance with current rather tRan 
voltage impressed and, numerically, may be taken as 
the average of */ and Xq". 

So far, it has been pointed out that the effective 
negative phase-sequence reactance of a synchronous 
machine vanes with the nature of the circuit external 
to the machine. This effect, however, is not limited to 
the negative phase-sequence reactance, but applies, to 
a slight ex tent, to positive and zero phase-sequence 

21. When reactances are to be taken in parallel the principle 
w reversed. Ho;wever, it is felt that usually the series principle 
IS the more useful. 



Pig. &— 30,000-Kv-a. Watbbwhbbl Generator. Rotor Cir- 
cuiTs: Field Collar 

between positive phase-sequence current and voltage 
from the value which would obtain with current im- 
pressed at the machine terminals. 

Division of Synchronous Reactance into Armature 
Reaction and Leakage Reactance 
ArmaMire reaction. The synchronous reactance of a 
machine is ordinarily calculated as the sum of the 
armature reactance due to armature reaction flux, and 
the armature reactance due to leakage flux, but the 
exact line of demarcation between reactive and leakage 
flux has not always been very carefully drawn. 

Originally, armature reaction was apparently con¬ 
sidered equivalent merely to the action of a lumped coil 
moving along the armature surface and subtracting its 
ampere-tums directly from the ampere-turns on the 
pole. Later, it was realized that it was desirable to 
modify the effective amount of armature reaction to 
take account of the facts;—-that the m. m, f. of armature 
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reaction existed at the armature surface and, hence, a 
given amount of it did not have the same effect as if it 
were due to the field winding; and that the principal 
component of m. m. f., and the only one that is station¬ 
ary with respect to the poles, is distributed sinusoidally 
along the armature surface. 



Pi«. 7— inO-Kv-A. Hiiai-Si'KKi) SvNCHBONOus Motor. RoToit 
Circuits: Amoutusskuh, Piki.d Coluar 


Thus, in recent theory, armature reaction is under¬ 
stood to refer to the space fundamental or stationary 
component of m. m. f. due to the armature. However, 
some question arises as to whether the term should be 
interpreted to apply to the total .synchronous m. m. f., 
due to the armature, thus including the synchronous 
m. m. f. in the end-windings, or whether it should be 
limited so as to refer only to the m. m. f. along the 
stacked length of the machine. 

Obviously, the answer to this question should depend 
on the relative value of each alternative as regards 



Fjfj. S-- 240 ’-Kv-a. Low-Si»kei> Hynchuonous Motor. Kotor 

(^XUOtTlTS: AMOItTIKHEnU 

calculating the performance of the machine. But the 
chief purpose of separating out the voltage due to 
armatme reaction from the total synchronous reactance 
drop is to consider separately those fluxes which can 
normally penetrate the rotor windings, and which can, 
under abnormal conditions, induce direct current or 


slip frequency in these circuits. Therefore, it appears 
logical that, in general, armature reaction should be 
taken to include all of the m. m. f. that is stationary with 
respect to the rotor, since, and especially in induction 
motors or turbo alternators, the end-winding m. m. f. 
can produce a flux which links the rotor circuits. 
Hence, this point of view, i. e., that armature reaction 
exists in the end windings as well as along the stacked 
length of the machine, is favored by the authors. 

However, from a practical point of view, the net 
effect of the armature reaction in the end-windings of a 
salient pole machine is usually negligible as far as 
2 ’egards the induction of flux in any of the rotor circuits. 
Consequently in the present state of the art, at least, 
it is legitimate to regard all the end-winding flux of 
salient pole machines as leakage flux. 

In the case of turbo alternators, this assumption is 
less correct, although the action of the iron end-rings 
employed on these machines tends to reduce the mutual 
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flux between armature and field, and, thus, lessen the 
degree of approximation involved. However, these 
machines have a relatively small leakage reactance, 
so that the error involved, practically, in treating end- 
flux as all leakage is small here also. 

On the other hand, in the case of induction motors, 
there can exist a comparatively large amount of end- 
flux. Since a considerable part of this flux may be 
mutual with the rotor winding, the approximation 
that end-flux is all leakage cannot be satisfactorily 
employed. 

Thus, on account of physical appropriateness, and to 
obtain consistency, it is desirable, normally, to consider 
all armature m. m. f. which is stationary with respect 
to the rotor as armature reaction. In practical 
computations, however, it is desirable, at present, to 
limit the term to the m. m. f. in the stacked length of 
the machine, except in the case of induction motors and 
special synchronous machines. 
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In addition to establishing the conception of armature 
reaction as denoting a particular type of m. m. f., it has 
appeared desirable to broaden the scope and applica¬ 
tion of the term so that it may apply not only to m. m. f. 
but also to fluxes and their linkages. Thus, it is pro¬ 
posed to characterize by the qualifying term armature 
reaction all those phenomena which depend upon the 
action of the s 3 nichronous component of armature 
m. m. f. In this way there are: 

A. M.m. f. of armature reaction, or armature reaction 
proper; all the synchronous armature m. m. f. 

B. Flux or flux density of armature reaction; that 
component of flux, or of flux density at any point of the 
air-gap or in the rotor, which is due to the armature 
reaction m. m. f.; under normal conditions, all that flux 
or flux density which is stationary with respect to the 
rotor. 

C. Linkages of armature reaction; the linkages with 
any circuit on the armature, or rotor, of the fluxes of 
armature reaction. 


far as possible so that this effect is small in order to 
eliminate losses in these windings. 

Methods of calculating leakage reactance are given 
by Mr. P. L. Alger in a companion paper on this subject. 

The Ideal Synchronous Machine 

The ideal synchronous machine has a sinusoidal 
open-circuit voltage wave, and leakage reactance 
unaffected by rotor position, i. e., only armature reac¬ 
tion flux is affected by pole position. Practically, the 
divergence of machines from this ideal type is often 
important; for example, as a cause of circulating cur¬ 
rents, or, in the case of motors, of locking at part speed. 
In a large number of cases, however, it is legitimate to 
neglect these differences. The calculation of the 
electrical behavior of an ideal machine of this type can 
be accomplished in terms of a relatively small number of 
characteristic constants. Thus, it may be shown®< that 
the per-unit linkages in phase a of an ideal synchronous 
machine are expressed as 


D. Reactances of arnuUure reaction; the reactive 
coefficients expressing the voltages of armatiu-e reaction 
(f. e., linkages) in any circuit on the armature, or 
rotor, due to normal armature current. 

The reactance of armature reaction, or in the case of 
induction motors, the magnetizing reactance, will, 
however, when retoed to without qualification, mean 
the per-unit armature fimdamental linkages due to 
normal positive phase-sequence armature current and 
will have direct and quadrature components, thus: 

Xai = direct reactance of armature reaction 
= quadrature reactance of armature reaction. 

< Methods of calculating armature reaction have been 
given by R. W. Wieseman.** 

Leakage Reactance. Leakage reactance is defined as 
that part of synchronous reactance which is not in¬ 
cluded in the reactance of armature reaction. Hence, 
there are two components 

^Id “ X,i — Xad 
Xld = Xg— Xag. 

They are the reactances due to the flux in the slots and 
to the flux produced by the moving harmonic of 
m. m. f., which latter is that flux in the air-gap or end¬ 
winding which is not normally stationary with respect 
to the poles. Actually, the flux due to the nth harmonic 


m. m. f. pulsates over the rotor at 



times 


normal frequency and, therefore, is subject to the 
demagnetizing influence of the field winding and all 
other closed rotor circuits. Consequently, in deter¬ 
mining the permeance*’ of the air-gap to nth harmonic 
m. m. f. the effect of these circuits should be considered. 
In practise , however, the rotor circuits are adjusted as 

22. Reference (5). 

23, Reference (8). 


Xq 


^a = la cos e-Ig sin d- (ia + it. + if) 


Xd -H Xg 


r. + tc 1 

1*“--^— J 


Xq r . 

^- 3 -[ cos (2 0) + if, cos (2 0 120) 

+ ic cos (2 0 + 120)] ( 10 ) 

where, 

ia, ib, and ic are the instantaneous currents in phases 
a, b, and c. 

Id is the nominal voltage, or per-unit rotor current 
in the direct axis. 

Iq is the nominal voltage, or per-unit rotor current in 
the quadrature axis, ahead of the poles. 

0 = electrical degrees in direction of normal rotation 
between axis of poles and the magnetic axis of phase a. 

Axis of phase b is 120 deg. ahead of the axis of phase a. 

Axis of phase c is 120 deg, behind the axis of phase a. 

The linkages in phase b are similar except that 
(0 - 120) is substituted for 0 in the first two terms, 
lb for ia in the fourth term, and (120 - 0) for 0 in the 
fifth term. ^ The linkages in phase c are, obtained in a 
corresponding way. From this, the voltage of any 
phase can be obtained from the relation 

d yf/a 

= ( 11 ) 

In order to determine the reactance between the 
armature and rotor, it is of great benefit to resolve the 
armature quantities under consideration with respect 
to the two axes of symmetry of the poles, a procedure 
introduced by Blondel and further developed by Arnold 
and Doherty and Nickle. 


24. Reference (14). 
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To this end, and in analogy with their recognized 
significance under steady conditions of operation, let 
the du'ect and quadrature components of current at 
any instant, and under any condition of operation, be 
taken equal to the instantaneous amplitudes of the 
direct and quadrature components of armature m. m. f. 
It may be shown^“ that, at any instant, the magnitudes 
of these m. in. fs. are equal to the quantities 

2 

U = ~ l*,i cos 0 + cos (0 — 120) + cos (0 + 120) ] 

( 12 ) 

2 

^ *'■ ~ ^ 

The currents, i,i and then determine the reaction 
of the armature on the rotor at any instant. In general, 
there will be more than one rotor circuit. Consider, 
however, any particular circuit, say circuit h of the 
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direct axis; that is, circuit h d. There will be factors 
of proportionality between the linkages, 'P** in this 
circuit, the currents in every other rotor circuit in the 
direct axis, and the instantaneous direct component of 
armature current. Thus, there is 

'Pirf = Xhfd T 4- Xu\d lu + .. . 

4" .Sl AArf J/,|J “H .... Xhndlnd^ Xhmd id (13) 
where 

J = per-unit field current 
Ihd = per-unit current in circuit h of the direct axis 
Xh/d ^ per-unit mutual reactance of field with circuit 
h d 

Xhnd ~ per-unit mutual reactance of circuit h d with 
circuit n d. 

XiMd * per-unit mutual reactance of armature with 
circuit h d. 

Similar relations exist in the quadrature axis except that 
field current is not involved. 

If there is only one rotor circuit, equation (13) becomes 
merely 


= X I - X„ id 

in which’*', X, Z,„, and I refer to this circuit. 

In order to retain the valuable principle that the 
per-unit nominal voltage is equal to the total rotor 
current, it is desirable to define unit current in any 
circuit as that current which acting by itself produces 
normal space fundamental flux at the armature surface. 
In this way the nominal voltage at any instant is always 
to be identified as the instantaneous rotor current. 
Thus, in the direct axis, as 

Id = I -\-I Id •h ltd 4^ . • 4" ^nd (14) 

Transient Reactance. In analogy 'svith the procedure 
employed in determining the effect of the armature 
circuit on the rotor, it is desirable to establish the con¬ 
ception of instantaneous direct and quadrature com¬ 
ponents of armature linkages. If these components 
are defined as 

2 

^d = y[^« cos 0 + i/I, cos (0 — 120) + ic cos (0 4-120)] 


(15) 

2 

i/q — — sin S+i/b sin (0—120)-l-fc sin (04-120)] 


it may be verified that the simple relations, which 
obtain between armature linkages and armature and 
rotor currents under steady conditions, now hold at 
any instant. That is, under all conditions, 

i/d=Id-Xdid (16) 

i/q — Iq Xqiq ■ 

Transient reactance Will then be the constant of 
proportionality between ^ and i when i is suddenly 
impressed. Thus, if A f d is the sudden change in i/d 
when a current A id is suddenly impressed, there is 


Xd' - 


A j/d 
Ma 


(17) 


But, A i/d = Aid— Xd Aid 

where A Id is the corresponding increase in direct axis 

rotor current. Therefore, 


Xd' 


Xd- 


A Id 
Aid 


(18) 


and similarly in the quadrature axis. The value of 
Aid may be found by solving the % equations 

’P = ’Pld = = . . . . ■Pnd = 0 (19) 

subject to the conditions id = Aid. A I, may be found 
similarly. We shall only consider in detail here the 
case of a single rotor circuit. The equations (19) 
become in this case merely 

= JT A J — Xm A id = 0 
from which it follows that, in this case. 



where Xm is the mutual reactance of the main field wind- 


25. Reference (14). 
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ing with respect to the armature, and X is the total field 
reactance. 

Ccdeidation of Rotor Reactances. Before calculating 
these quantities in per-unit terms it is necessary to 
decide on an appropriate value of normal or unit link¬ 
ages. It has been found convenient to specify normal 
linkages in each rotor circuit as the product of normal 
fiux by the number of series turns in the circuit. On 
this basis it is shown in Appendix G that, for any rotor 
circuit h, 

^ A (o) 

Xum — E> , , (21) 

r A (o) 

where, 

A (o) = 2.12 X (effective full-load armatxire ampere- 
turns per pole, per phase). 

Fh ( 0 ) = normal no-load ampere-tums of circuit h 
with no saturation. 

Thus, the determination of the mutual reactances of 
Xmh can be reduced to the determination of no-load 
excitation ampere-tums in each rotor circuit. 

The self and mutual rotor reactances at present 
require fiux plots for their determination, except in the 
case of the total field reactance. 

As shown in Appendix F, the latter is given by the 
expression 


in order to obtain S3mimetry with the equations for 
armature voltage a different procedure is here employed. 
In the following, normal voltage of any rotor circuit is 
that voltage which would erist in this circuit if normal 
flux changed through it at normal frequency. Normal 
resistance is then the ratio of normal IR ^op to this 
voltage. In this way the per-unit voltage of any field 
circuit, say h d, is 

Ehd = + Rhd Ikd (25) 

while for the field circuit proper there is 

d'9 

E^-^+RI (26) 

Decrements. Only the ease of a machine with the field 
as the only rotor circuit will be considered. In this 
ease, if the armature is open-drcuited, there is 
^ = XJ 
and 

dl 

so that the open-circuit time-constant of the field is 

To = (radians) (27) 




F (0) 

<l> (o) 


IL 


( 22 ) 


where and L are given by formulas and curves in 
Doherty and Shirley’s 1918 paper on reactances, I is 
the stacked length of the machine, and <^) (o) is normal 
no-load armature flux. The transient reactance of a 
machine with no additional rotor circuits is then given as 


iCd " 3Cd 


A (o) _1_ 

Fm -IJ^IL 

9 ( 0 ) 


(23) 


Equivalent Circuits and Field Leakage Reactance. 
This general subject is treated mathematically in 
Appendix E. It is shown that any number of equiva¬ 
lent circuits can be constructed to represent the rela¬ 
tion between armature and rotor currents and linkages. 
Of the various circuits which may be so constructed 
thCTe is one in which the armature branch is xid, and the 
magnetizing branch is a:„d. The field branch of this 
particular circuit has been referred to as the field leakage 
reactance, and is denoted by Xj.** It is shown in 
Appendix E that Xi may be expressed in terms of the 
quantities already described by the relation. 


■aTj = a:„d ^ X„ ~ ^ 


Fidd Voltage. It sometimes is desirable to define 
normal field voltage as the voltage which will just force 
normal current through the resistance of the field, but 


If the machine is short-circuited through a reactance 
X, and the effect of the resistance of the armature circuit 
is negligible, as is normally tlie case, there is 


9 



X„ 

•Td “1“ X 



Xd' + a; 

Xd + X 


XI 



Xd -|- X ^ d I 

Xd + X dt 


+ RI 


so that the time-constant of the field, in this case, is 


T = 


Xd' -b X 
Xd + X 


To 


(28) 


The time-constant on dead short-circuit is 

To' = ^To (29) 

The effect of armature resistance, or of machines 
operating in parallel, is to modify these results in a 
complicated way which will not be considered here. 

If, as is ordinarily the case, the resistance of the rotor 
circuit is negligible, the time-constant of the direct 
current in the armature depends upon the inductance 
of the armature to direct current in the same way as 
the time-constant of direct current in the field depends 
on the inductance of the field to direct current. The 
inductance of the armature to direct current is, however, 
the average of Xd" and a;/, and is thus equal to the 
negative phase-sequence reactance. Thus the time- 
constant for the d-c. component in the armature is 
simply 


26. Reference (6). 
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T =-(radians) 

T 

as stated in Part I. 
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Appendix A 

Appucation op the Principle op Superposition to 
THE Analysis op Synchronous Machines 

In a synchronous machine, as in a static device, the 
flux density at any point will be in linear relation to 
the total number of currents in every circuit of the 
machine, providing saturation and’ hysteresis are 
neglected. However, in a synchronous machine the 
factors of proportionality between flux density and 
current depend upon the angular position of the rotor. 
Thus, if the circuits in the machine are numbered 1, 2, 
etc., the component of flux density in a given direction 
at any point of the machine will be related to the 
currents in a manner shown by the following equation: 

P = /i (^) *1 + fi (6) + • • . . 6tc. 

Consequently, for a given position of the rotor, the 
flux at any point in the machine may be found by 
superposing the fluxes due to the current in every circuit 
acting separately. Also, the flux due to the current in 
any circuit may be found by superposing the fluxes due 
to any components into which this current may be 
resolved, taken separately. 

The same rule will of course apply to linkages. Thus, 
the linkages in circuit 1 will be represented as 
4'i. — (^) ” 1 “ ^12 (^) *'2 + • . • etc. 

where Xu is the self-inductance of circuit 1, and Xu is 
the mutual inductance of circuit 1 with respect to 
circuit 2. The voltage in circuit 1 is then 

. . dtj/i 



dXti {9)de \ 
d 6 dt ) 


i\ + Xii {6) 


dii 
d t 


d\n(d) d d . 

+ dt^*- 


d 

+ Xu . . • • etc. 

But, since if i -|- i„ 

di d ix diy 

dt ~ dt dt 


it follows that, for a given ‘position and speed of the rotor, 
the voltage in any circuit of the machine may be found 
by superposing the voltages due to the current in every 
other circuit acting separately. Also, under the same 
conditions, voltage due to the current in any circuit 


may be found by superposing the voltages due to any 
components into which this current may be resolved. 

To illustrate, the annatvu^ voltage due to a field 
current J, and an armature current i, may be found as 
the sum of the armature voltages due to the currents I 
and i acting sei)arately. That is, the voltage under load 
may be found by subtracting from the no-load voltage 
corresponding to the existing field current, the voltage 
due to the impedance drop caused by the armature 
current. Or, the voltage due to a current 

i = ia sin (t -1- a) 

can be found by superposing the voltages due to 
currents 

ix == ia cos a sin t 

and, 

i„ = to tin a cos t 

acting alone. 

So far it has merely been pointed out under what 
conditions the voltages due to a given current distri¬ 
bution can be found by superposing the voltages due to 
any components of the distribution. Suppose, how¬ 
ever, that a given distribution of voltage is impressed 
at the machine tominaJs. Let this distribution be 
characterized by the symbol e (t), and let e* (t) and (t) 
be component distributions into which e (t) may be 
resolved so that e (i) = e, (0 + Cy (t). Let the currents 
due to these distributions be i (t), ix (t), and iy (t). 
Then there must be 

i (t) = ix (t) + iy (t) 

since this result fulfills all the conditions imposed by the 
differential equations and terminal conditions of each 
circuit of the machine, provided that the position of the 
rotor as a function of time, 6 (i), is the same with e (t), 
ex (t), and (t) impressed. 

Thus, it follows that the current distribution due to a 
given distribution of armature voltage may be found 
by superposing the current distributions due to any 
components into which the voltage distribution may 
be resolved, provided that the motion of the rotor, as a 
function of time, is the same for the components as for 
the resultant. 

For example, if a machine is suppljdng current to a 
reactor and is then short-circuited, the current at any 
time after the short circuit may be fmmd by super¬ 
posing on the initial current distribution the fictitious 
currents which would be due to the application of a 
negative voltage at the point of short circuit. This 
negative voltage is equal and opposite to that which 
would have existed at the point of short circuit had the 
short circuit not occurred, and it is assumed to be 
applied with the machine unexcited. 

On the other hand, if the machine is supplying 
a kilowatt load, it would be only possible to calculate 
the currents at the instant of short circuit in such 
manner. This is because of the fact that generally, 
in this case, the motion of the rotor would be different 
before and after the short circuit on account of the change 
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in load effected by the short circuit. In the first instant, 
however, the inertia of the rotor would prevent a change 
in its motion. 

When current is impressed on the open circuits of a 
machine, in which closed circuits also exist, the same 
limitations apply as in the case for voltage. In both 
events the currents and voltages due to the impressed 
quantities depend on the complete variation in time of 
those quantities. Superposition is still legitimate, 
subj^t to the condition that the motion is the same for 
the components as for the resultant. 

The general statement of the possibi’ity of super¬ 
position is, then, that/or a given motion or position of the 
rotor, the currents and voltages in any part of the 
machine, due to any currents or voltages impressed at 
its terminals, may be found by superposing the effects 
that would result from the action of each taken 
separately. 


Appendix B 

Replacing the Effect of Induced Field Currents 
BY Employing Transient Instead of 
Synchronous Reactances 

Equation ( 10 ), of Part II, gives the complete expres¬ 
sion for the phase linkages of a s3nichronous machine 
under all conditions of operation. However, in the case 
of rapidly changing or suddenly impressed currents, 
there is a definite relation between the currents in the 
field and armature circuits.*®^ As a consequence, the 
field current terms may be replaced by terms involving 
armature currents. 

Thus, if the field circuit is closed, and the effects of a 
given armature current are to be calculated 

a. only in the first instant after their sudden 
application, 

b. imder sustained conditions of such a nature that 
all m. m. fs. ovct the poles are pulsating, or moving at 
sufficient speed that the demagnetizing action of the 
rotor circuits is practically complete, 

it is merely necessary to substitute x/ and a:/ or Xa' 
and ie/ for xa and x^ in order to eliminate the terms 
Id and Jj. 

The linkages in phase a thus become 


./. . .s a:/ + a:,/r. n + id 

V'o-3 iia + tb lo) — -g- ^-J 



[ 


ia cos (2 d) -I- ib cos {2 6- 120) 


+ io (cos {2 6 + 120) J (lb) 

Xi' and Xq' replace x/ and x/ when the m. m. f. over 
the poles is 

a. Suddenly impressed, but steady thereafter, and 
it is desire d to determine the effects of currents after 

27. That is, Id = (xa - »/) id and Ig - (»„ - x/) i,. 


the currents in the "additional rotor circuits” have died 
away. 

b. Alternating so slowly that the demagnetizing 
action of the “additional rotor circuits” is slight. 

But if, with closed circuits on the rotor, the armature 
currents are sustained and of such a nature that the 
armature m. m. f. is stationary and steady over the 
poles, Xd and Xg are used as before. 

Finally, if there are closed circuits on the rotor, but 
neither of the above conditions is fulfilled, it is generally 
possible to divide the currents into two parts; first, those 
which meet sub-transient or transient reactimce, and 
second, those which meet synchronous reactance. 
The appropriate factor is then used with each type of 
current. For example, a single-phase line-to-line 
current 

ia = — ib = io cos t 

is resolvable into positive and negative phase-sequence 
components as 

1 

*o = io [cos {t — 30) -|- cos {t -f 30)] = iu cos t 
Vo 

1 

U [cos {t - 150) + cos {t -I- 150)1 = - i,, cos t 


1 

ic = j= io [cos {t -I- 90) -|- cos {t 

VO 


90)1 = 0 


(2b) 


For normal motion of the rotor, the positive phase- 
sequence component of current meets s3mchronous 
reactance, and the negative phase-sequence meets 
sub-transient reactance. Thus, 


i'a = — 


n 

3 


•Trf -[- X/f 

-2-(< — 30) 

+-2-cos (< -f- 2 00 + 30) 


. Xd^+X/ 

H-2-(^ + 30) 

H" 2 cos (8 f -|- 2 00 30) 


(3b) 

Appendix C 

Significant Rotor Circuits in Addition to the 

Field 

The principal circuits in the rotor of a machine, 
besides the field winding proper, which are capable of 
significantly affecting the behavior of the machine 
under practical operating conditions, are listed in 
Table III. 
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TABLE III 

Signilicant rotor circuits 
Type of Macliine to addition to field 

Water-wheel Generators Amortisseur, if used. 
Synchronous Motors and Field collars, if used. 

Condensers. Spider, unless laminated. 

Turbine Goneratons Metal Wedges 

Rotor Iron, unless laminated. 

Figs. 6 to 10 show these circuits pictorially for 
representative machines of each type. 

Appendix D 

The Negative Piuse-Sbqubnce Reactance op a 
Synchronous Machine with Negative Phase- 
Sequence Voltage Impressed 
With normal negative phase-sequence current im¬ 
pressed on the terminals of a machine the phase cur¬ 
rents are, 

ia = cos t 

ih = cos it + 120) 

ic = cos (< — 120) 

It follows from equation (10), of Part II, and from 
the fact that all the resultant fluxes are varying rapidly 
over the rotor,** that the flux linkages in each phase 
are, under these circumstances, 

X/ + X,; X/ - a-,/ 

---eos j ^---gQg (2 0 4- f) (Id) 

X/ + 

h =- ^—^cos {t + 120) 


Xd" -f x/ 

= - 2 -(3 f -h a) 

Xd" — x/ 

+- 2 -cos (2 0 - 3 f - a) (4d) 

Xd" -I- x/ 

” 2 cos (3 i — 120 -)- cr) 

Xd" — x/ 

+ 2 (2 0 — 3 f — 120 — a) (5d) 

etc. 

If fundamental negative phase-sequence voltage is 
maintained at the armature terminals, and if the 
resistance of the armature is negligible, the armature 
linkages will also be negative phase-sequence. This 
will require that both negative phase-sequence funda¬ 
mental and positive phase-sequence third-harmonic 
currents exist, having a definite ratio to each other. 
Thus, let t 2 (i) be the magnitude of the negative phase- 
sequence fundmental current, and iiCa) be the magni¬ 
tude of the positive phase-sequence third-harmonic 
current. Also, suppose that the two are acting to¬ 
gether, and let 0 = 0o 4- 1. Then, combining equa¬ 
tions (Id) and (4d), 

. Xd" + */ . 

Wa — »2(l)-2- ^ 

. . Xd"+X," 

+ ills)-2-(3 < 4- ct) 


25 X 

- 1 - ■■■ '. 2 cos (2 0 4- i - 120 ) ( 2 d) 

^ ll .... +£i !cos(f--120) 

-1- ' 2 " cos (2 0 4- « + 120) (3d) 

The variation in linkages will give rise to a voltage 
of fundamental frequency and a harmonic of 
(2 d 0/d t 4-1) times fundamental frequency. For 
normal motion of the rotor these voltages will be funda¬ 
mental and third harmonic of which the fundamental 
may be found by analyzing the voltage wave over one 
cycle. However, if the speed of the rotor is not 
exactly normal, the third harmonic in the terminal 
voltage will pulsate at the slip frequency. 

If normal third harmonic positive phase-sequence 
current is impressed, i. e., if 

ia = cps (8 t -H a) 
ib = cos (3 i — 120 4- a) 
ie “ COS (3 i 4-120 4“ ck) 
the phase linkages become, 

28. See Appendix B. 


Xd" - x/ 


■f" i«(i) 2 cos (3 i 4“ 2 0o) 


Xd" - X," 


+ ills)-2-(2 00 - t - a) 

If, O' = 2 00 

, . Xd"-x" . oj/H-a:/ 

and, --- 


^2(l) ■ 


2 “ “ 2 
will contain only a fundamental component, i. e.. 


(6d) 


(7d) 


= is(i) ^ 


r Xd" + X," 

ixd" - x,"Y •] 

L 2 " 

■ 2 iXd" + »/) J 


cost 


2xd"x," 

® 2 (i) .. ff 1 .. ff cos t 


Xd" + X," 


(8d) 


If 

then 


cost 


1/1 1 \ 

- 2 V a:/ r/ ) 

J . _ 1 / 1 , 1 A / ~ ^9 \ 

and *i(s) - 2 \ r/ ■*■»// V / 

But under the conditions specified. 
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f» = cos (t + 120), if'c = cos (t — 120), 
so that the current distribution. 



~ r " 4- r"" (3 < + 2 0o) 1 (9<1) 

- cos (3 < + 2 00 -120) 1 (lOd) 

i.-4-(^.+ -^)[«»» + 120) 

-J7+^cos(3« + 2 0o + 12O)] (lid) 

is just adequate to give rise to balanced normal negative 
phase-sequence terminal voltage. It follows that the 
application of balanced normal negative phase-sequence 



Fig. 11—^Equivalent Circuit op Synchronous Machine 
Direct Axis, Main Field Only 

voltage will give rise to a fundamental negative phase- 
sequence current of amount 

2 V a;/ / 

The voltage may be applied either from line-to- 
line or from line-to-neutral. 

Appendix E 

Construction op Equivalent Circuits: Concept op 
Field Leakage Reactance 
Consider a machine without any “additional rotor 
drcuits.” The equations relating per-unit armature 
and field linkages are, in this case: 


^d- I — Xd id 

(le) 

^ =XI-X^id 

(2e) 

The second equation may be put in the form. 

= X(/) I - id 

(3e) 

where, •$(/) = — 

(4e) 

X 

X(f) = -Y- 

(5e) 


But, equations (le) and (3e) are satisfied by the equiva¬ 
lent circuit of Pig. 11. 

This circuit also holds good when the linkages 


are determined by an external circuit such as an 
impedance, for example, a reactance and resistance in 
series. Thus, it is possible to calculate the power 
factor of a current of any frequency induced in the field, 
or to determine the effect of external field reactance, etc. 

The field voltage equation is 

d 

E(/) = ^ ^ ^(/) R(/) I 

E R 

where Eq) = and R(.f) = 

Reactance and resistance of the field circuit are, 
of course, to be calculated in per-unit and divided by 
Xn. Normal or per-unit resistance is the product of 
normal field current and resistance in ohms, divided 
by the voltage due to unit rate of change of normal 
fiux linkages. 

While the circuit just discussed is perfectly practical, 
it is not at all the only circuit that can be constructed, 
nor is it in every way the best, since it may involve 
negative reactances. These latter, while not incon¬ 
venient mathematically, are not entirely satisfactory 
from a physical standpoint. 

A particTolar circuit previously employed*® is that 
in which the armature branch of the equivalent circuit 
is made equal to the leakage reactance of the armature. 
In this case write: 


r I 

*] 


A. 

11 

J - aJd id 

(6e) 

B^ = ABy[ 

J — B Xm id 

(7e) 


where A and B are arbitrary factors to be determined in 

such a way that id andcan be employed in the 

eqmvalent circuits. Then, it is necessary that 

Xd - A = xi (8e) 

or, A = Xd— Xi = Xad 

But, also there must be, on accoxmt of the nature of the 
equivalent circuit: 


A =BX„ 

(9e) 

A Xnd 

^ X X * 

(lOe) 

The equations may then be written: 

4'd — Xad I[f] — Xd I'd 

(lie) 

^adid 

(12e) 

where, Jr,. = — ^ 

Xad 

(13e) 

^ad 


(14e) 


29. Reference (6). 
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^[/i = 




(15e) 


The equivalent circuit in this case is shown in Fig. 12. 
In this case the field voltage equation is 

_ d 


where Eif\ = E and Rif\ = R 

The term •X'l/j — Xad has been referred to as field 
leakage reactance—thus, 


X, = Xi/j- a:,. = l] = ^ l^ad- X„] 

(16e) 

The formula for transient reactance may be obtained 
by shorting the field side of the equivalent circuit. 
Referring to Pig. 12 this gives: 

(X(^)-l) 1 X„ 

(17e) 


Xd Xd 1 “h* X(f) — 


or in terms of field leakage reactance 

Xi Xad 


Xd! xi + 


Xi “1“ Xad 


(18e) 


The form 


(- ¥) 


is probably the easiest for 


calculation since; 

Xd is calculated by standard methods. 

Xm is calculated from a knowledge of no-load normal 
field current. 


*i 

nnnnnrinr>- 





g! 

oXfld 

XI 1 

9m 

A _ 

_ d _ 

1 


Fig. 12 —Equivalent Circuit op Synchronous Machine, 
Direct Axis, Main Field Only 


X may be calculated without great difficulty. It is 
merely the ratio of the total field linkages to fh.e 
linkages the field would enclose if normal space 
fundamental armature flux linked all of the field 
turns. 

The construction of equivalent circuits when addi¬ 
tional rotor circuits are to be considered is more difficult 
than in the simple case discussed and will not be treated 
here. 

Appendix F 

Calculation op Total Field Reactance 
The calculation of total field reactance, i. e., the 
quantity or quantities X, is conveniently accomplished 
by considering separately the fluxes at the armature 


surface, in the slots or inter-polar space, and at the ends 
of the poles. This corresponds to the division of 
armature leakage into air-gap, slot, and end leakage. 
The reactance X is then expressible as the sum of three 
factors relating to the armature, inter-polar space, and 
pole ends respectively. Thus: 

X = Armature factor -|- inter-polar, or slot-factor 

-h end factor.*® 

Armature Factor. That component of flux, due to 
current in any field circuit, which enters the armature 
surface will be assumed to link all of that circuit, a 
condition which, it happens, is very generally fulfilled. 
Then the armature factor in field reactance, expr^sed 
as a per-unit quantity, is the ratio of the total flux to 
the space fundamental component of flux entering the 
armature along one pole pitch. This factor was first 
employed by Doherty and Shirley in their paper on 
Reactance,*® and has received the designation 
As pointed out by them, it is capable of being expressed 
as the sum of the per-unit harmonics of flux, due to 
normal current in the circuit under condderation, 
divided by the order of the harmonic. Thus: 







it. 


where the corresponding per-unit flux density wave is: 

j8 = 1 -f fes sin 3 7 -f 1:6 sin 6 7 -f . . . etc., 

7 being the electrical angle measured from the quadra¬ 
ture axis of the machine. 

It is interesting to realize, then, that harmonies in 
the no-load flux wave of a machine are of the nature of 
leakage flux. This leakage flux can, however, be 
poative or negative according to whether the wave of 
no-load flux is flat-topped or peaked. This would be 
indicated by negative constants in the above equation. 
Charts for determining X* for ordinary field windings 
are available in the above mentioned paper on Re¬ 
actance. 

Interpolar, or Slot, and End Factors. These factors 
comprise the field linkages due respectively to all the 
flux in the stacked length of the machine that does not 
penetrate the armature surface and to all the end- 
flux.*i A formula for the field-flux linkages of salient- 
pole machines, due to flux which does not penetrate 
the armature surface, has been givOTi by Doherty and 
Shirley.** Using the quantity L given in formula (33a) 
of that paper, the inter-polar and end factor becomes 
equal to: 

N 1(0) LI \ 

<t>(0) 

Where 7(o) = no-load field current in amperes 

<^(o) = no-load space fimdamental flux per pole 
I = gross stacked length of core. 

30. Reference (10) p. 1242. 

31. More stariotly, all the end-flux which is not space funda¬ 
mental at the armature winding:. 

32. Reference (10), p. 1279. 
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Thus, there is: 


X 


NUo)Ll 


Appendix G 

Relation Between Xm and No-Load Excitation 
Current 

Ordinarily, the leakage reactance of a machine does 
not have a tranaent value perceptibly different from 
Its sustained one because the currents induced in the 
various rotor drcuits by the leakage fluxes are sensibly 
reactive in character, i. e., are nearly out of phase with 
the voltage producing them. Consequently, it is 
possible to neglect the changes in leakage reactance with 
method of application of current and to regard all the 
change that is necessary to account for the difference in 
synchronous and transient reactance as being due to 
the difference in the reactances of armature reaction 
in the two cases. Therefore, in calculating the values 
of the constants Xm, X„id, etc., it is only necessary to 
consider the flux linkages of armature reaction, that is, 
the flux linkages due to the space fundamental com¬ 
ponent of armature m. m. f. 

But the effect of normal space fundamental m. m. f. 
acting in one axis of the rotor is just two-thirds’* of the 
effect of the maximum value of normal phase current. 
That is, if i(o) is the current flowing in a single-phase 
winding when the rotor is stationary and its axis in 
question is directly in line with the axis of magnetiza¬ 
tion of the excited armature phase, the effect of normal 



space fundamental m. m. f. is *(o)> 


Now consider any rotor circuit, for example, circuit h. 
The linkages in this circuit, due to a current of normal peak 
value i(o) in one armature phase in line with circuit h, are 

2 

—^ Nh <#)(o) Xkm (Ig) 


Thus the mutual inductance of circuit h and the arma¬ 
ture phase is 

2/3 Nh <^>(o) Xhm ^ 

The linkages in the armature phase due to a normal 
value of current I»(o) in circuit h are, from the definition 
of normal current in any rotor circuit, simply” 

n <!>((,) (3g) 

Thus ihe mutual inductance of the armature phase and 
circuit h is 


n<t>(o) 

hio) 


(4g) 


But since (2g) must be equal to (4g) it follows that 

33. The effect of fimdameiLtal m. m. f. only is to be considered. 

34. Since only the sinusoidally distributed component of the 
armature -winding is considered, harmonic linkages are neglected. • 


3 n ko) 

“ 2 N»(o) I*(o) 


{5g) 


or. 


Xhm — 


A(o) 
F h(.a) 


(6g) 


where, 

A(o) = 2.12 (effective armature times per pole perphase) 
X (normal r. m. s. armature current). 

Fa(o) = no-load air-gap ampere-turns of any circuit .h 
In particular. 


A(o) 

1^(0) 


per-unit mutual field reactance (7g) 


where, 

F{o) = no-load air-gap ampere-turns of field. 

Using this relation, it is possible to reduce the calcu¬ 
lation of transient reactance to the following items: 

A. Determination of synchronous reactance, 

B. Determination of the “no-load field currents" 
of each rotor circuit, i. e., determination of current 
necessary to give normal fundamental component of 
armature flux, and 

C. Determination of self and mutual coefficients 
of the rotor circuits between themselves. 


Appendix H 

The Relations Between Three-Phase and Single- 
Phase Reactances 


In accordance with the procedure discussed in Part 
II, the impedances of a machine will be regarded as 
the ratios of the sinusoidal components of voltage and 
current due to sinusoidal current in the windings. 
Since only sinusoidal currents of definite frequency, and 
only sinusoidal components of terminal voltage of 
corresponding frequency, are to be considered, it follows 
that it is legitimate to employ vector notation., 

Thus, any current i = t'o .sin (t -|- a) will be repre¬ 
sentable as a vector? = it /oc, and the phase currents 
will be representable as 

*0 = *1 + *2 + *0 

H- r. /120 -b ^ (Ih) 
ie ~ ii / 4* *2 \ 120 -f" ia 

The phase voltages are similar. 

It may be readily verified that with a line-to-line 
connection between phases h and c. 






V3 


(2h) 


where ?.6, = line-to-line current of phases 6 and c, 
while with a line-to-neutral connection from phase a 
to neutral. 



(3h) 


where = current from phase a to neutral. 
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Undei* normal conditions of operation, however, it 
follows from the symmetry of every phase, that the 
fundamental components of the voltages due to any 
phase-sequence current distribution must be of the same 
phase-sequence as the current. Thus, subject to the 
condition of normal motion of the rotor, there is. 

Cl = Ziii 

e» = z«ii (4h) 

Vo ~ ^0 ^0 

but the line-to-line voltage of phases b ^d c is 
Cbnc = ej, — er_ = 3 (it — ca) "^90 

= (il + 2s) la ha = 2» U Ik (5h) 


Xo — 3 Xqd Xsd — 3 Xqq Xsq 

(13h) 

„ Xsd 

x/= 2 

(14h) 

Xq" = 2 

(ISh) 

as mentioned in Part I. 



The values of per-unit single-phase reactances which 
obtain with no closed rotor circuits may also be identi¬ 
fied as the per-unit single-phase armature inductances. 
Thus, in treating the subject of short-circuit currents, 
Messrs. & Doherty and Nickle“ employ the relations. 


or line-to-line impedance = 2 , = ii + 2s 

Similarly it follows that, subject to the conditions 
stated, line-to-neutral impedance is 


= 


2i -f- 2s + 2ii 


2, H- 2o 
3 


(6h) 


However, these relations do not obtain without 
special interpretation unless the rotor is moving 
normally. In case of an "ideal machine” with the rotor 
stationary, the values of single-phase reactance are given, 
by the value of — '/'i> with ia — — U = 1,% — 0, and 
with = 1, ifc = i = 0, respectively, for a line-to- 
line or line-to-neutral connection. 

Thus, with all rotor circuits closed, the line-to- 
line static reactance is 


Xs — JUrf -|- Xtf -|- 


x.r 


[cos(2 0) - 


2cos (2 0—120) 


-f cos (2 0 -1- 120) ] 

= (x/ -t- x/) + (*/ - »/) cos (2 0 -f- 60) (7h) 

The value of when the axis of magnetization of the 
armature coincides with the direct axis of the rotor is 


. „ . , . + ^SQ. . ^SD “* XSQ 

Ime-to-lme inductance - 2 -+-g (2 ^ ) 

line-to-neutral inductance 

=2 -2- +-2-(2 d) 

where, d' - 6 + 30® 

The idea of transient inductance has also been 
introduced« For example, the transient line-to-line 
inductance is, 

Xbd^ T cos (2 00 

In case machines with auxiliary rotor circuits were 
to be considered, the conception of the subtransient 
inductance and the use of the double primed notation 
would also be in order. Thus, for the transient 
reactances, 

Xsd' — 2 Xa', XsQ = 2 Xj 




Xo -b 2x,)' 
3 ’ 


Xsq' = 


Xo+2 X,' 


X, = *,<{== 2 Xd (8h) 

When the axis of the armature winding coincides with 
the quadrature axis the value of x, is 

X, *= = 2 x/ (SI') 

The corresponding line-to-neutral reactances are, 
with all rotor circuits dosed. 


Xo _ Xd "h Xq ^ 

X. = — + 3 + 



cos 2 0 


(lOh) 


When the axis of the armature winding is in line with 
the poles 


Xo -h 2 x/ _ Xo -H x,d 

Xq — Xqd “ 3 ” 3 


(llh) 


and when the armature axis is in quadrature with the 
poles 




iKo 2 Xq^ Xq -h Xaq 


3 - 3 

These relations are useful in determining the values 
of Xo, x/, and x*". Thus 


and for the sub-transient reactances, 

Xsd" = 2 Xd", etc. 

Appendix I 

Notation Employed 

The problem of deviang a simple scheme of notation 
which will be in accord as much as possible with existing 
nomenclature has not been easy. The difficulty is due 
to the many terms which pertain to synchronous ma¬ 
chines. 

The notation of the paper follows the somewhat 
generally established principle that all armature quan¬ 
tities are denoted by small letters or s 3 Tnbols, and all 
field terms by large letters or symbols. The subscripts 
d and q refer to the direct and quadrature axes of magneti¬ 
zation. The corresponding single-phase line-to-line 
and line-to-neutral quantities are recognized by the 
subsaipts s and or, respectively. Positive phase- 
sequence terms may be indicated by the subscript 1, but 
are usually given no special notation. Negative and 


35.' Reference (2). 
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zero phase-sequence terms are specified by the sub- c. Use of zero as subscript, 

scripts 2 and 0, respectively, following the notation Except in connection with time-constants, 0 will 

introduced by Mr. C. L. Fortescue.*® All transient indicate zero phase-sequence quantities, and (0) will 
quantities are signified by primes. imply normal, or per-unit quantities. 

These compose, in the main, the group of indexes To = field time-constant with all armature phases open, 
required, but various modifications and special designa- To = armature time-constant with all rotor circuits 


tions were necessary. The notation is not peculiar to 
this paper but is largely the same as the system used by 
Doherty and Niekle in their recent treatments of syn¬ 
chronous machines. Although it is not urged that 
this notation be standardized, since the primary 
pu^ose has been to fill the requirements of the present 
article, the system may be helpful to others. 

A. Major Quantities to be Identified 

Circuits 


Armature Rotor 


Voltage. e 

E 

Linkages. ^ 


Current. i 

7 

M, m. f. A 

F 

Reactance. x 

X 

Resistance. r 

R 

Time-constant.... r 

Flux density. 

Time 

T 

(Electrical radians).. i 

t 

Electrical space angle along armature surface 

with respect to phase “a” 

y 

Electrical d^ees in direction 

of normal rotation 

between axis of poles and 

magnetic axis of 

phase “a” 

e 


B. Use of Small Subscripts in Notation 

a. Direct and quadrature quantities, 
direct d 

quadrature q 
These apply to: 

poffltive phase-sequence armature quantities 
rotor quantities 
single-phase static quantities 

b. Distribution. 

1. Armature quantities. 

positive phase-sequence 1, or no subscript 


negative phase-sequence 2 

zero phase-sequence 0 

single-phase line-to-line s 

single-phase line-to-neutral or 

separate phases a, h, c 

2. Rotor quantities, 
direct d 
quadrature q 


Where there are several circuits in any axis they are 
to be distinguished from each other by numeral sub- 
sdpts, as Xsi, except that the symbol, /, may be 
retained for the field winding proper. If no subsmpt 
is employed reference to the main field winding is 
implied. 


open. 

C. Prime Quantities 

a. With reference to armature reactances: 

sustained—^no special indication, 
transient—one prime, i. e., z'. 
sqb-transient—^two primes, i. e., z". 

b. With reference to time-constants: 

field time-constant with all armature phases 
shorted— To' 

armature time-constants with all rotor circuits 
closed— To' 

D. All Subscripts Capitali2£bd 
In the present scheme of notation, this form is 
reserved for the particular single-phase static reactances 
used by Doherty and Niclde in their paper Synchronms 
Machines IV, and discussed here in Appendix B. 


These are: 

total static reactance zd 

static reactance due to space fundamental zao 
datic leakage reactance zu> 

static transient reactance zd' 

static transient fundamental reactance zja>' 


As these reactances are single-phase they are also 
characterized by S and S to indicate whether they are 
line-to-line or line-to-neutral, thus 

Zgo, or ZsD* 

Corresponding quadrature values are designated 
similarly by the subscript Q instead of D. 

E. Miscellaneous Terms 

It is necessary to include a number of special terms 
which have not been discussed above. The notation 
used for these quantities is more or less arbitrary, but 
an attempt has been made to employ accepted symbols 
as much as possible. 

h — Sk subscript denoting any rotor circuit. In 
conjunction with d or g it signifies that that 
dreuit is in the direct or quadrature axis. 

= a per-unit quantity expressing the ratio of the 
total flux to the space fundamental com¬ 
ponent of flux entering the armature along 
one pole pitch. 

I =: used as a subsmpt to denote leakage reactance, 
or used alone to denote length of armature 
stacking. 

L” == effective leakage lines per unit length of stack¬ 
ing, linking the entire field winding when the 
field m. m. f. is one ampere-tum. 

37. First employed by Doherty and Shirley in their paper 
Reaotanoe, reference 10. 


36. Reference (11). 
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VI = St, subscript denoting mutual reactance between 
armature and any field winding. 
n = a, subscript, similar to h, denoting any field 
circuit, or used alone to denote effective 
armature turns per pole per phase. 

N = turns per pole of the main field winding.®* 

A == a coefficient employed to denote increment 
change in any quantity. 

In Appendix E it has been found necessary to devise 
special notations for certain quantities in order that they 
fit the construction of the equivalent circuits. These 
notations employ parentheses and brackets. Their 
use may be made clear by reference to that appendix. 

Principal Derived Unit Quantities 
F. The principal derived unit quantities are 
^(o) = normal armature flux-linkages 


= normal armature flux 
~ n 

• 9 ( 0 ) = normal flux-linkages of the main field winding 
= N (fxa) 

E(t) = per-unit field voltage produced by the variation 
at normal frequency of normal flux-linkages 
in the main field 
= 2 10 “® 

Appendix J 

Per-Unit Representation op Quantities 

Messrs. Doherty and Nickle, in their recent series of 
papers on Synchronous Machines, have employed tiie 
practise of representing quantities as a decimal fraction 
of some normal or base value. This method shares 
with the percentage method of representation, the 
marked advantage that it eliminates the necessity of 
employing unwieldy conversion factors in pmely 
anal 3 dical work. At the same time, it is definitely 
superior to the percentage s 3 rstem in that it is unneces¬ 
sary to continually consider the factor “one hundred.” 
In the percentage system this factor must be spedally 
inserted or divided out whenever the operations of 
division or multiplication are performed. Therefore, 
on accoimt of the convenience of the dedmal fraction 
system it will be used hereafter in the paper. 

Thus, in the paper, each quantity will have a normal 
value, and the value of the quantity at any time will be 
expressed as a decimal fraction of its normal value. 
For example, normal armature linkages are defined as 
the linkages which generate normal voltage when varied 
at normal frequency. Thus, 4' = 0*45 means that 
the armature linkages at the instant of conaderation 
are]]45 per cent of this normal value. 

38. Effective turns in the case of turbo alternators and in¬ 
duction motors. 


Originally, the method of representation used was 
referred to as “percentage representation of quantities, 
as a decimal,” but this name was to some extent a source 
of confusion in view of the accepted meaning attached 
to the word “percentage.” Recently the term “per- 
unit representation of quantities” has been suggested 
as a designation for the decimal percentage system. 
As this name appears to solve the difficulties previously 
encountered, it has been used throughout the paper. 
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Discussion 

A. E. Kenndly: At the present time, according to the 
information vrhich has been presented to us, there are possibly 
thirty-one varieties of reactance in electrical machinery. 

It seems important that these useful concepts referred to in 
these papers as “reactance,” “leakage reactance,” ' differential 
leakage reactance,” and so on, should be clearly set forth and 
tabulated, because evidently, in the future, when a speaker usm 
the word “reactance,” his audience wUl want to say, “Which?” 
It is increasingly important that this matter be thoroughly 
classified. 

The concept which has been presented to us of the peivumt 
value seems to me of great importance. Percentage, of course, 
is an expression that we are constantly employing and is very 
useful, but in computations, percentage is not so convenient. 
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not so simple as per-xmitage, and there is no reason why the 
unit should not have at least as much recognition as the centum, 
so I hope that method of expression will continue to find favor. 

H. H. Spencers The papers treat generally of single-phase 
short circuits and their resulting phenomena, but the trouble 
which we run into in operating practise is not solely confined to 
single-phase disturbances. I should like to ask the writers if it is 
possible simply to superpose the conditions of subsequent short 
circuits upon the initial equations to . determine what may 
happen later and if so, how the constants here presented must 
be shaded, and how constants for the three-phase fault can be 
found. 

S. L. Hendersons Under the subject of Zero Phase-Sequence 
Reactance, the statement is made that there is no armature- 
reaction m. m. f. due to zero phase-sequence currents. This is 
true for the fundamental current. However, for a third-har¬ 
monic current, the currents in the three phases are in time phase, 
and there is an m. m. f. of three times the number of pairs of 
poles on the rotor. The effect of this third harmonic m. m. f. 
can be seen on a delta-connected machine, without ^/s pitch. 
The temperature of the field and the losses on short circuit are 
higher with the machine connected in delta than when coimected 
in star. 

I understand, therefore, by the statement in the paper, that 
there may be an m. m. f., but that there will be no reaction of this 
m. m. f, on the exciting circuit. Is this because this m. m. f. 
cancels out in a pair of poles? 

R. H. Parks Mr. Spencer has inquired how the condition of a 
three-phase fault occurring shortly after a single-phase fault is to 
be calculated. A fault of this type may be calculated by deter¬ 
mining from the solution for the single-phase short circuit the 
values of field and armature flux linkages at the instant when 
the three-phase fault occurs, and then adjusting the a-c. and 
d-c. components of the tliree-phase fault to correspond with these 
calculated imtial conditions. Thus, neglecting saturation and 
extra rotor circuits, the initial value of the a-c. component of the 
toee-phase short-circuit current will be the same as though the 
three-phase short circuit had occurred at a voltage equal to 
the product of the voltage before the single-phase short circuit 
by the decrement of the a-c. component of the single-phase 
short-eircmt current, at the instant at which the three-phase 
short eircmt occurs. 


there is no armature reaction due to zet’o-pliase-sequetice 
currents” arises from the special interpretation of this term which 
we have introduced. According to the concept advanced in the 
paper we would regard as armature reaction only those magneto¬ 
motive forces which are stationary with respect to the rotor. 
The advantage claimed in this view is, that it clearly delineates 
between those magnetomotive forces which can freely penetrate 
the rotor, and which do not induce eddy currents in it, and those 
magnetomotive forces which move relative to the rotor and are 
thus subject to the demagnetizing action of the currents which 
they induce. These latter magnetomotive forces are regarded 
as producing leakage flux. 

As stated in the paper the exact line of demarcat ion between 
armature reaction and armature reactance must necessarily 
be drawn arbitrarily. It is hoped, however, that the distinct ion 
made will prove to be a useful one. 

As to the possibility of the reaction of the third-harmonic 
m. m. f. due to zero-phase-sequence current on the exciting cir¬ 
cuit. it is of course understood that m. m. f’s need not bo con¬ 
sidered as directly reacting on each other, but that we are entitled 
to find the effect of two m. m. f.*s by adding the effects that would 
be due to each acting separately. Now in general the d-c. 
current in the field will produce an armature voltage of funda¬ 
mental and all harmonic frequencies. A third-harmonic zero- 
phase-sequence current will develop armature m, m. f. of third 
and multiples of third harmonic frequency in space, varying in 
time at three times normal frequency. To the extent that th(i 
reluctance of the air gap is not uniform these in. ni. I’.’s can give 
nse to fluxes of frequency in space different from tlieir own, and 
it is to just this extent that they can give rise to other tlian third- 
harmonic armature voltage. Sinco the third-harmonic m. m. f. 
in question is pulsating at three times normal frequency, half of 
It may be regarded as moving forward at synchronous speed 
thus stationary with respect to the poles. Jn the case of a 
salient-pole machine this third-harmonic m. m. f.. stationary 
over the poles, can give rise to a fundamental component of flux 
also stationary over the poles, and thus generating voltage of 
normal frequency in the armature. Ordinarily, however, this 
effect IS very sma.ll. Were it present in a delta-connected ma- 
e^ne, not of A pitch, a slight change (increa.se or decrease) in 
the fundamental component of voltage would be expected when 
the delta is opened or closed. 


Thus, if the three-phase short circuit begins at time (L) after 
the occurreuce of the single-phase short circuit the symmetrical 
component of three-phase short-circuit current will be 

If there are several rotor circuits or if it is desired to determine 
the d-c. oom^nent the answer is not as easy. The general 
method which may be employed is to calculate the effect of 
impressmg, on the open phases of the machine, a voltage eoual 
and opposite to that which would have eidsted under the condi- 
hon of smgle-phMe short circuit if the three-phase short circuit 
had not occurred. If the currents which are found in this wav 
are added to those found from the single-phase short-circuit 

three-phase short circuit. 

Mr. Henderson s difficulty m regard to our statement that 


I ne tact that the third-harmonio circulating current of a delta- 
connected m^hine, not of V.i pitch can cause very appreciable 
losses makes it desirable that a means of calculating these cur- 
rents be available. If the third-harmonic voltage of the open 
delta is first calculated, the current that will result when the 
* dividing this voltage by tliree times 

me third-harmome zero-phase-.sequeace reactance, which in turn 
will, in general, be sbghtly more than throe times the correspond- 
^®'^"-Plia'Se-sequence reactance. The reason 
mat the third-harmonic zero-phase-sequence reactance is slightly 
p^tor than toee times the corresponding fundamental value 
w that, as mentioned above, in the case of third-harmonic current, 
halt of the space third-harmonio m. m. f. is stationary with 
respect to the poles, and thus is not subject to the demagnetizing 
wtion of the rotor. Usually this effect is not very great. It can 
however, be corrected for by modifying the value of (K.) in Mr! 
Alger s formula for zero-phase-sequence reactance. 
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Synopsis,—The thermal volume meter was originally brought 
out by Professor Thomas, and is freguenily called a Thomas meter. 
The principle is that the temperature of Ulc gas is raised by means of 
an electrical heater, the change in temperature being accurately 
measured either by means of resistance thermometers connected in a 
Wheatstone bridge network, or by means of a thermopile. It is 
believed that the thermocouple method is preferable to resistance 
thermometers, and most of the paper deals with that construction. 

The usual construction has walls of wood or micarta, which 
serve as an insulating support for the heater coils cmd thermocouples. 
The general proportions of the volume meter as to section and length 
are dealt with, the former being determined mainly by the mean 
velocity of the air, and the latter by the disiance needed to give the gas 
an opportunity to mix after passing the heater. A sufficient 
number of thermocouples is required to give a good reading of the 
potentiometer with a comparatively low temperature rise of the gas 
and also to obtain a good average of the gas temperature. The 
details of construction are described. The equations that are 
suitable for calculating the volumes of the gas are then given. 

Then follows considerable discussion on the possible sources of 
error in the meter, the principal ones being 


The non-uniform heating of the gas. 

Non-uniform distribution of velocities. 

Heat escapement. 

Methods are suggested for determining the magnitude of these 
various conditions experimentally or by calculation. There are 
several minor sources of error, such as: 

Time lag of meter. 

Unsteady source of e. m. f. 

Instrument errors. 

Heat flo w along thermocouple wires. 

Loss of pressure in 2 )a^sing through the meter. 

Variation of specific heat and humidity. 

Most of these are shown to he of negligible effect. 

Some 7iotes on design which include means of calculating the 
proportions of ike heater are given. 

In Appendix I the advantages and disadvantages of the various 
methods of measuring gas volumes are included. In Appendix II will 
he found some notes on comparison of resistance thermometers and 
thermocouples for temperature measurement. In Appendix III 
consideration is given to the electrical machine as a thermal volume 
meter. 


Introduction 

T here are many ways of measuring the volume of 
flow of gases, each having advantages and dis¬ 
advantages. The most important of these 
methods are given in Appendix I, together with reasons 
why they are not generally well adapted for the mea¬ 
surement of air volumes passing through electrical 
machinery. With most of the more accurate methods 
the principal objection is that the pressure drop is so 
great as to reduce the volume considerably (c. g., 
the orifice method). In the thermal volume meter, 
this objection is met by using a short duct in which the 
velocities are only moderate and the obstructions 
very small, so that the resistance to flow is very slight. 

The thermal volume meter was first brought out by 
Prof. Carl Thomas, and is frequently called a Thomas 
meter. 

The principle of operation of the instrument is that 
the temperature of the gas is raised, the temperature 
increase and amount of heat required to produce that 
change in temperature being accurately measured. As 
the specific heat at constant pressure has been ac¬ 
curately determined, the mass of the gas flowing per 
unit of time can readily be calculated. As most engi¬ 
neers are more interested in the volume than in the 
the change to volume can easily be made if one 
has a knowledge of the absolute pressure and tempera¬ 
ture. In practise, the gas is heated electrically. The 
temperature increase is measured by one of two 

1. Both of the Westinghouse Electric & Mfg. Co., East Pitts¬ 
burgh, Pa. 

Presented at the Winter Convention of Ike A. I. E. E., New York, 
N. Y., February lS-17, im. 


methods: (1) by means of resistance thermometers 
placed before and after the heater, they being used as 
two arms of a Wheatstone bridge; and (2) by means of 
thermocouples connected in series (frequently called a 
thermopile). A comparison of these two methods of 
temperature rise measurements is given subsequently. 
It is believed that the latter method using thermo¬ 
couples is preferable, and the following description 
pertains to that type. 

In this paper are given the experiences of the writers 
and their co-workers at the Westinghouse Elec. & Mfg. 
Company; there is very little in the technical liteirature 
on the subject with which to make comparison. 

Some of the data in this paper have appeared else¬ 
where, but as they were scattered, it was thought best 
to combine them with those which have not been 
previously published. 

Construction op the Thermal Volume Meter 

As electrical conductors are used for the heater and 
for the thermocouples, it simplifies the construction to 
use for the walls material that is an electrical insulator. 
That has an additional advantage, as an electrical 
insulator is usually a poor heat conductor, and to 
secure accuracy it is essential that escape of heat 
from the outside be avoided. In all but the smallest 
pine or maple wood has been used; and for the 
smaller sizes, such as is shown in Fig. 1, micarta plate 
was the material adopted. The walls are then 
thermally “insulated” with cork board. In the larger 
azes with wooden walls about 1 in. thick, and with 
internal temperatures of the air not over 6 deg. cent, 
above atmospheric temperature, it was found that the 
heat loss from the outside was negligible, even, though 
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there was no heat insulating material added to the 
exterior. This heat loss can be calculated close enough 
to determine whether or not insulating material should 
be added, and how much. 

In Fig. 1 is shown a small meter with one side removed 
for inspection. The inside dimensions are 3}4 by 
by 18 in. It is suited for handling from about 60 to 
300 cu. ft. per min. This meter had micarta walls, 
fastened together with machine screws. In Fig. 2 is 
shown a medium size volume meter in which the sides 
are made of planed pine lumber about one in. thick.* 

It has been found desirable to wind the heater 
element on a mandrel with the wires close together, and 
tiien stretch them like a spiral spring. These are 
arranged in a number of coils of equal numbers of turns, 
and are supported by means of screw-eyes in the walls. 
This scheme of construction for the heater coils is 



1—A Small Volume Meter With One Side Removed 
FOR Inspection 

shown in Fig. 1. It is desirable to keep the axes of the 
spirals vertical; otherwise, with the axes horizontal, 
when the coils heat the wires may sag and there is then 
the possibility of part of a coil short circuiting on 
another coil. In the larger volume meters it is desirable 
to support the heater coils say half way, or one-third 
and two-thirds the way up, for which glass rods have 
been found to be suitable. In Fig. 1 four rows of 
heater coils were used; in all but the very small meters, 
two rows of heaters are suflScient, and these are then 
staggered with respect to each other. 

The distance between the heater coils and the thermo¬ 
couple junctions is l^gely a matter of how far the gas 
must flow to mix fairly well; it has been the practise 
of the writers to make that distance at least as great 
as the mean of the two cross-sectional dimensions for 
the large m eters, and about two to three times as great 

2. »ee paper by laffoon and Calvert: AddiUondl Losses of Syn¬ 
chronous Machines, Trans. A. I. B. E., Vol. XLVI, 1927, p. 84. 


for the smaller meters. It would be of interest to learn 
from others what their practise has been. 

It is desirable to use small screw-eyes in order that 
the heater wires may be dose to the walls, thereby 
securing as uniform distribution of heat as possible 
throughout the cross-sectional area. 

The number of thermocouples used has never been 
less than 16, and usually the number is more. With 
a large number of thermocouples a good average of the 
temperature inm’ease of the air is obtained and a 
fairly high reading of the potentiometer is secured. 
Thus, with 40 microvolts per degree per couple, and 
with 25 couples, a reading of 2 naillivolts is obtained 



Fig. 2—Cross-Section Showing Location op TBBn.Mo« 
COUPLE Junctions 



Fio. 3 W'lRiNQ Diagram of a Volume ]!^eter 


with ody 2 deg. cent., increase in air temperature. In 
arranging the locations of the thermocouple junctions, 
the rectangular area is broken into as many equal 
squares as there are thermocouples, and a junction is 
placed in each square. The scheme of arrangement 
for 26 thermocouples all in one plane, in a square duet, 
is huhcated m Fig. 2. In the small volume meter shown 
in Fig. 1, for simplicity of construction, each set of 
thermocouple junctions is arranged in four planes. 
It IS well to select the wires of such size that, with the 
arrangonent adopted, the flow of heat along the wire 
to wall will not be sufficient to alter appreciably the 
temi^rature of the junction. The thermocouple wires 
vnthin the meter ^e all bare. The scheme of connec¬ 
tions is shown in Pig. 3, where for simplicity two thermo- 
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couples are shown. The junctions are usually made by 
slightly overlapping the wires, and silver soldering; 
or, in the larger meters, they may be made by twisting 
the wires and soft soldering. It is interesting to note 
that all wires on one ade of the meter are of one kind 
of metal, say constantan, and opposite another kind 
such as copper. Thus, only copper wires are brought to 
the potentiometer. It has been found simplest, in 
making the required number of junctions, to bring out 
the leads through suitably drilled holes in the walls of 
the meter and make the connections on the outside. 
These may be simply twisted, preferably soldered. 

It is important that the th^mocouples placed in the 
cool stream be at the same distance from the heater as 
those in the warmed gas. Otherwise, heat radiation 
will play its part unequally, thereby introdudng a large 
error, even when the heater coils are at a comparatively 
low temperature. 

In dry weather, static electricity has been known to 
affect the reading of the potentiometer, and it is well, 
therefore, to ground one of the thermopile leads. 

Equations for Computing Volumes 

It may readily be shown that 


Q 


0.03165 W 

yC^ e 


( 1 ) 


HereQ = cu.ft.permin. of thegas. 
y = density in lb. per cu. ft. 

Cp = specific heat at constant pressure. 

W = watts absorbed by the gas. 
d — temperature rise of thegas. 

For dry air, the density at 25 deg. cent, and 29.92 
in. of mercury may be taken as 0.074, and the specific 
heat as 0.2418. Then for such conditions, 

W 

Q = 1.765— (2) 


For any other than standard conditions, the law of a 
perfect gas may be used, so that then 

/ 273 +t \ 29.92 W 
Q = 1.765 278 + 25 j P 8 


= 0.177 


( 


273 + t 
P 



(3) 


for each of which there are E microvolts per deg., the 
reading on the potentiometer being e millivolts. Then 

9 - 1000 ^ (4) 


which substituted in equation (3) gives: 
Q.ninEW / 273 + t 


Q = 


1000 e 


( 


^ cu. ft. per min. for air 
(5) 


or 0 


0.03155 TV , 

-t; -CU. ft. per mm. for any gas 

yCpe 


C6) 


Q = CU. ft. per min. 

E . = microvolts per deg. from calibration curve. 

W = watts input to heater (absorbed by the gasj. 
y = density of gas in lb. per cu. ft. 

Cp = specific heat of gas at constant pressure (about 
0.2418 for air). 

e = millivolts as read on potentiometer. 
t = gas temperature in volume meter, deg. cent. 

P = absolute pressure in in. of mercury. 

The calibration curve of the thermocouples is nearly, 
but not quite, a straight line. In general, its equation 
may be written as: 

V ^ at + bt^ + cf (7) 

where V is the millivoltage, t the temperature, and a, b, 
and c constants. 

For most cases the third term may be dropped. The 
microvolts per deg., E, will then be: 

df V 

E = W -^r- = 1000 (a + 2 ll> <) (8) 

at 


Equation (8) is that of a straight line which may be 
plotted; or a chart may be used combining the constant 
and the terms (273 + «) and P from equation (5) 
with E. 

It is important to secure an accurate calibration 
curve, and if there are not facilities available, a sample 
of the wire may be sent to any of the well-recognized 
laboratories, such as the Bureau of Standards, where a 
very accurate calibration can be obtained. One of the 
manufacturers of constantan wire has a standard cali¬ 
bration, and it keeps its products so close to that 
curve that it is usually sufficiently accurate to accept 
its data without further checking. 


Here t is the temperature of the air, deg. cent., and P 
is the total pressure in in. of mercury.* The influence 
of humidity is so small that it may well be neglected. 
The order of error is discussed under “Sources of Error.” 

In the volume meter, there are n thermocouples 

3. It will readily be seen that the volume per unit time changes 
with the density as the gas passes through the apparatus. The par¬ 
ticular value of < and P to be used in equation (3) are those corre¬ 
sponding to the location where the value of volume is desi^d; 
thia might be ahead of, behind, or within the meter. In most 
cases, <he differences in density at various locations are so small 
as to be negligible. 


Possible Sources of Error 
The principal sources of error are non-uniform heating 
of the gas; non-uniform distribution of the gas; and 
heat escapement. 

Non^niform Heating of Oie Gas has been previously 
mentioned. To discuss this, it is assumed that the 
velocities are uniform throughout the section. It is 
manifestly impossible to secure uniform distribution of 
loss in the heater coils, for to secure that would mean 
that the heater covered the entire section. By making 
the volume meter fairly long the gas has more of a 



540 


PENNEY AND PECHHEIMER: THERMAL VOLUME METER 


Transactions A. I. E. E. 


chance to mix after it has passed the heater. It is 
believed that the heater coils tend to produce some 
turbulence in the gas stream, which assists in mixing 
the gas. Then by employing a large number of thermo¬ 
couples the error becomes practically negligible. In 
some of the tests the e. m. f. per thermocouple was 
measured, which was easily done by removing the 
insulation from the joints of the series connections 
on one side of the meter, using a sensitive potentiometer 
and galvanometer for balancing. It was usually found 
that there was considerable variation in e. m. f. per 
couple, but with a large number of couples, the average 
of the readings was so close to the true average that 
the error was very small. For example, the volume 
meter with 20 thermocouples, shown in Fig. 1, was 
checked against a converging nozzle, designed in 
accordance with data in the paper by Dr. S. A. Moss.‘ 
In three sets of readings, in which the air was heated 
3 deg. to 6.8 deg., the difference between the nozzle 
and volume meter readings were + 0.4, — 0.8, and 
— 1.6 per cent, the plus sign meaning that the volume 
meter read high. Yet readings of individual thermo¬ 
couples varied from 0.40 to 1.05 millivolts, with an 
average of 0.827 millivolts, thus showing 51.6 per cent 
below, and 27 per cent above, the mean. In this case 
the velocity distribution was very good, the error due 
thereto being probably less than 0.3 per cent. 

Non-Uniform Distribution of the Gas, In the above, 
where non-uniform heating was considered, it was as¬ 
sumed that the velocities were uniform throughout the 
meter. In general, that condition cannotbeobtainedbut 
can be approached close enough to reduce the error, due 
thereto, to negligible magnitude. The effect of non- 
uniform velocities is different from non-uniform heating. 
Thus assuming uniform heat distribution, the tem¬ 
perature increase of the gas as it passes through 
the heater coil is nearly inversely as the velocity. 
On the other hand, if the velocities are uniform, 
the temperature increase is directly proportional to 
the heat per unit of area. It is because of the reciprocal 
relation with velocities that great departures from 
uniformity should be corrected. In a number of the 
earlier tests it was found that the air in some small areas 
actually moved in the reverse directions to the main 
air streams. Then the cool and warm thermocouple 
junctions were reversed, and a very large error was 
introduced. It is not essential that the velocities be 
uniform, but the departures should not cause the errors 
in measurement to be more than about one per cent. 
Then there may be considerably greater irregularities 
than for, say, pitot tube measurements. 

. If the sectional area of the duct be broken into a 
number of small but equal areas, through any one of 
which the velocity be considered as uniform and be 
turned to obtain throughout the length of the volume 
met^, then the ratio of the volume that would be 

4. "The Impact Tube,” American Society of Mech. Eng. 1916. 


measured were the velocities uniform to the volume 
that is measured given by:* 

(sy)(si) 

R - V -—— 

n^ 

Here V is the velocity in the small section, and n 
is their number, that is, multiply the volume as mea¬ 
sured by i? to obtain the correct volume. 

To determine the velocity distribution an impact tube 
has been used. In some cases the air discharges from 
the meter directly to the atmosphere so that the impact 
tube can be used conveniently; although in some cases 
the duct just beyond the meter must be removed. A 
suitable impact tube may then be used without con¬ 
sidering the differential pressure, ^ the surrounding 
pressure is atmospheric, the same as on the open side 
of the manometer. The section may conveniently be 
divided into a suitable number of equal squares by 
means of small wires drawn taut, and the impact tube 
placed in turn at the approximate center of each square. 
A suitable, rigid support should be provided far enough 
back from the issuing stream so as not to interfere with 
streams before they issue. 

In some cases the duct system beyond the volume 
meter cannot readily be removed, and then slots can be 
cut in the duct preferably before and after the meter. 
As used by the authors, the explorations were made in 
horizontal and vertical directions, (with the flow hori¬ 
zontal), but only along the center lines. The static 
pressure was usually fairly high, and the differential 
pressure was then read using an ordinary pilot tube 
which was passed through the slot. It was necessary 
to hold the tube rigidly, suitable clamping being pro¬ 
vided and tightened for every setting of the tube. 

While uniformity of velocities is not essential it has 
been our practise to make the velocities sufficiently 
alike to reduce the error to about one per cent, or less, 
as given by equation (9). When the air is to be taken 
directly into the volume meter from the atmosphere, 
the vma contacta arising from sharp entrance condi¬ 
tions should be avoided and a suitably curved, con¬ 
verging intake should be provided such as is shown in 
Fig. 4. It is often convenient to provide a curved, 
converging intake when the volume meter is made 
part of a duct system. This scheme was shown in 
Figs. 3 and 6 in a previous paper.® There are times 
when there is liM^ood of having poor distribution 
of velocities, and when a converging duct cannot con¬ 
veniently be used. Then, suitable “air strmghteners" 
in a duct ahead of the volume meter have been employed. 
These consist of about three vertical and three horizon¬ 
tal planes of sheet metal (assuming the air flow to be 

6. ‘The derivation of this equation is given in the Appendix of 
paper, "Performance of Centrifugal Pans for Electrical Machin¬ 
ery,” A. S. M. E., 1924. 

6. VentilaUonof Twbo Alienators;CondttdingStudy, A.1. E. B. 
Tbans., VoL 45, pp. 255,25^ 
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horizontal). These planes are hinged at one end and 
the other end can be moved externally by means of 
suitable rods, or the like, which can be clamped in any 
position.'^ Adjustments are made until the distribution 
is satisfactory. 

It should be especially noted that an obstruction 
within or just ahead of the meter, or a sudden bend, etc., 
which may tend to produce poor velocity distribution, 
should be avoided. On the other hand, if there is a 
fairly long, straight duct ahead of the volume meter 
the velocity distribution will probably be sufficiently 
satisfactory. Generally, the distribution just after 
the air leaves the volute around a centrifugal fan is not 
of enough uniformity. 

Hml Escajmnmit. To secure accurate measurements 
all of the heat generated in the heating coils must be 
absorbed by the gas passing through the meter, and the 
heat loss from the walls must be of no consequence. 




Fl(I. 4—MKnitlM StZKD VOLUMK Mktioii 


In the earlier calculations tests in which moderate 
size volume meters with wooden walls were, used, and 
the difference between the internal and external tem¬ 
peratures were generally less than 4 deg. cent., the 
losses of heat from the outside .surface, were negligible. 
But in later tests, when small volumes were to be 
measured with perimeters that were large in relation 
to the cross-sectional areas and with their walls of 
higher thermal-conducting material, the heat loss was 
sufficient to introduce an appreciable error. The air 
entered the meter not far from the discharge of a 
centrifugal fan, which was operated at low volumes, 
high pressures, and inefficiently. The temperature of 
the air entering the volume meter was consequently 
serveral deg. cent above the temperature of the sur¬ 
rounding atmosphere. By adding several layers of 

7. This scheme is shown in Fig. 1 in paper, “Performance of 
Centrifugal Pans for Electrical Matthinery, A. 8. M. E., 1924. 
See also text following “The Tost Rig.” 


corkboard to the outside, the heat loss was made 
practically negligible. Another way of remedying the 
difficulty is to surround the meter with a jacket of air 
at about the same temperature as the air inside, 
which in this particular case could have been done by 
letting a little of the air, as discharged from the fan, 
go through the jacket and then escape to the 
atmosphere. If the meter is measuring the air dis¬ 
charged from an electrical machine, the air entering 
the meter may be considerably warmer than the sur¬ 
rounding air, which in some cases may give a corre¬ 
spondingly large heat dissipation in passing through the 
meter. A test for this error is to pass the initially 
heated air through the volume meter with no current in 
the heater coils and measure the decrease in temperature 
using the thermocouples and potentiometer. If a 
temperature change can be detected there is an. error 
due to heat dissipation. 

It is believed to be desirable to maintain fairly low 
temperatures of the heater, the design being such that 
it is of the order of 50 deg. cent, above the air. With 
high heater temperatures, there will be appreciable 
transfer of heat by radiation to the walls, and thence 
by conduction through the walls to the outside air. 
Such loss of heat, which cannot be recorded by the 
temperature-measuring device may introduce a con¬ 
siderable error. 

Although the heater temperature is only about 50 deg. 
cent, above the air, the watts per sq. in.' of wire surface 
are generally considerably higher than for, say, insu¬ 
lated conductors in an air stream, or bare conductors in 
still air. The reasons are that the wires are of small 
diameter; are bare; and are right in the air stream. In 
one instance the mistake of bringing one of the heater 
wires as a lead through the wooden wall, was made and 
the wood was burned by the high temperature that the 
wire attained. There was a small error introduced 
because some of the heat generated in the wire buried in 
the wood was not taken up by the air passing through 
the volume meter. It has been found satisfactory to 
place a short loop of the wire under a small brass bolt 
head or washer, the bolt being used as a terminal. 
There may then still be a small error due to very small 
heat escapement through the bolt, but that is generally 
negligible. 

Minor Sources op Error 

Time Lag of Meter. As in any thermal device, time is 
required to reach a steady state of temperature. That 

rate of storage heat 

time eonstanf is practically ^ awiation of best’' 

Unlike many other thermal devices, the time constant 
seems to be greater, the smaller the meter. In the 
larger thermal volume meters, the potentiometer con¬ 
nected to the thermocouples may be read in consider- 

8. This refers to the time oonstant in the usual exponential 
equation. 
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ably less than a minute after the current value is fixed. 
In some c^es, it seemed unnecessary to wait at all 
after the value of heater current was fixed. But in 
some tests made with a small volume meter (1)4 iii* 
square in section) it was sometimes necessary to wait 
more than ten min. until the potentiometer reached a 
steady value. Fig 6 shows time-temperature curves for 
a small volume meter. The temperature as indicated by 
the thermocouples is plotted as a function of the time in 
minutes after closing the heater switch. This is done 
for a normal rate of air fiow through the meter, and 
also for a low rate of flow, and shows that the sluggish¬ 
ness increases as the volume decreass. The percentage 
of error as derived from the temperature curves is also 
plotted against the time. The sensitivity of the meter 
was indicated by a sharp break in a cooling curve when 
a door leading out of the building was opened in cool 
weather. These latter data are not given in this paper. 

Unsteady Source of E. m. /. From the above it will be 
seen that it is important to have a steady source of 
e. m. f. for the heater, particularly when there is liable 
to be a considerable time lag. Often, to simplify tests, 
the heater is connected through a rheostat to a fluc¬ 
tuating shop circuit, and then it is found nearly impos¬ 
sible to duplicate one's readings. 

Instruments. If suitably checked, and direct current 
is used, ordinary indicating ammeters and voltmeters 
are suitable for measuring the power input to the heater. 
If the heater material be of negligible temperature coeffi¬ 
cient, dividing the volts by the amperes should give a 
constant, an additional check on the readings. If 
alternating current is used, an accurate watt-meter 
may be employed, or usual ammeter and voltmeter if 
it is found that the circuit is non-inductive. Very 
sensitive potentiometers are obtainable for measuring 
the thermocouple e. m. f. However, most of the galva¬ 
nometers used for balancing are not sufiiciently sensi¬ 
tive. Recently a small portable reflecting galva¬ 
nometer has been used, and the sensitivity has been 
much improved. 

The Thermocouples. As previously pointed out, the 
walls, plus heat insulation, if used, should limit the flow 
of heat through them to a negligible quantity. This 
should imply that the inner wall surface temperature 
equals that of the air stream adjacent to it. A short 
distance from the inner-wall surface the air temperature 
may be slightly different from that right at the wall, 
and a thermocouple junction may be placed there. If 
the thermocouple wire is large enough heat may flow 
from the junction to the wall to affect the temperature 
at the junction. Therefore, it is desirable to select 
wire that is just large enough to possess the necessary 
mechanical strength, and yet prevent enough heat-flow 
longitudinally to affect the junction temperatures. To 
secure an accurate average of temperature some junc¬ 
tions must be near the walls, following the arrangement 
indicated in Fig. 2. It is also evident that to read the 
correct temperature a little farther away from the wall. 


where the air temperature is higher, by thermocouple, 
the cooler air stream near the wall should not affect 
the junction temperature. 

As previously stated, there may be a very consider¬ 
able error if the cold and warm thermocouples are not 
symmetrically placed with respect to the heater, (due 
to unequal radiation), even if the heater is worked at a 
comparatively low temperature. 

In taking observations it is usually well to take at 
least two sets of readings with different watts input to 
the heater, for the same volume. The watts divided 
by the millivolts should not differ more than about one 
per cent'. This is a means of checking unequal radiation 
to the cold and warm junctions. 

Effects of a Drop in Pressure in Passing Through the 
Meter. V^en using a volume meter for measuring\ 



Meter 

la. Thermocouple reading In millivolts plotted against, lime in min. 
after closing the heater switch, with a normal rato of air-flow through the 
meter. 

Ila. Same as la except a low rate of air-flow through the int.ter. 

l b, Pot cent error plotted against time at which the tempera Uire is 
read for normal rate of air-flow through the meter. 

lib. Same as lb except a low rate of air-flow through the meter. 

much larger volume of air than normal, there may be a 
considerable pressure drop in the meter. Since this 
represents a dissipation of potential energy it may be 
thought that this may result in an increase in air tem¬ 
perature with a corresponding error in the indicated 
volume. Taking an extreme case, if the energy dis¬ 
sipated went to increase the temperature of the air, a 
pressure drop of one in. of water would give an increase 
in temperature of 0.21 deg. cent., which would be a 
serious error when as ordinarily used the rise in the 
volume meter is only two to four deg. cent. However, 
the expansion of the gas tends to cool it and the energy 
distipated tends to heat it, so that these two effects 
compensate for each other. Or, stated differently. 
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when gas is expanded by a throttling process the total 
energy content of the gas is unchanged so that for a 
perfect gas there would be no change in the tempera¬ 
ture. In actual gases there may be some very slight 
change in temperature which may either heat or cool 
the gas depending on the initial temperature and 
pressure; but under conditions prevailing in the thermal 
volume meter, they are negligible. 

Influence of Variation in Specific Heat and Humidity. 
Errors introduced by neglecting the influence of change 
of specific heat with temperature, and of various per¬ 
centages of humidity are very small, and it is believed 
that for practically all engineering work, their effects 
upon volume meter readings may be ignored. Accord¬ 
ing to Mark’s Mechanical Engineers Hand Book, 
the specific heat of dry air at 10 deg. cent is 0.2412, and 
at 50 deg. cent, it is 0.2422,—^a difference of only 0.41 
per cent, over a probable greater range of temperatures 
than will usually be encountered. 

As to humidity, the density decreases and the specific 
heat increases the greater the humidity, the product of 
the two changing very little. At 26 deg. cent and 29.92 
in. of mercury, for dry air the product is 0.07403 by 
0.2418 = 0.0179. For 100 per cent moisture it is 
0.07317 by 0.2462 = 0.01801. The difference between 
these two products is only 0.6 per cent, and this is for 
greater extremes than will be found in test. 

Some Notes on Design 
Liet W = watts input to heater. 

d = diameter of wire in heater, in. 

I = length of wire in heater, in. 
p = resistivity of metal used in heater in ohms 
per square in. per in. 

S = surface of wire in heater, sq. in. 

V == mean velocity of gas, thousands of ft. per 
min. 

E = E. m. f. across heater. 
d — temperature rise of wire above air. 




W- ^ , 

pi 

(10) 

S = wdl 

(11) 


The formula that has been used for the rate that heat 
is transferred from the wire to the air is:® 


W 

Sd 


( ^ -h 595 ) V1 + 20.3 V 


( 12 ) 


The first term in the numerator may be dropped 
without much error, and the three equations may then 
be combined and solved: 


I = 2.82 


1 TV i 

< E \ 

1 p(l+20.SV) ’ 

< e ) 


(13) 


9. Taken from paper by Kennelly, Wright and Van Bylevelt, 
Trans. A. I. E. E., 1909, p. 388. 


d — 1.13 p I (14) 

from which the length and diameter of Jwire may read¬ 
ily be calculated. When these are determined, the 
arrangement of the various parts may be determined 
by means suggested in other parts of the paper. The 
watts loss is determined from a knowledge of the 
approximate volume of air and the temperature rise of 
the air. 

Velocities of air from about 400 to 4000 ft. per min. 
have been used in volume meters. When using the 
above equations, one should estimate on the highest 
velocity anticipated, as, for a given temperature rise 
of the gas, the higher the velocity the higher the 
temperature of the heater coils. 

Appendix I 

Advantages and Disadvantages op Various 
Methods op Measuring Gas Volumes 

The measurement of air volumes is very difficult 
because air cannot be weighed by the methods or¬ 
dinarily used for weighing or measuring solids or liquids, 
nor does its flow foUow simple laws such as for the 
flow of an electric current. For these reasons, rather 
indirect methods must be used for measuring air 
volumes. There are many different methods, and 
each has advantages which make it applicable to 
certain cases. The following are some of the most 
commonly used methods: 

1. Direct measurement of total volume by means 
of a gas-holder or gasometer. 

2. Measurement by displacement of volume per 
unit of time (c. g., an ordinary gas meter). 

3. Measurement by means of an anemometer of 
the velocities of the air passing a given area. 

4. Measurement of the pressure drop across a given 
orifice. 

6. Measurement of the velocity of discharge from a 
nozzle, using an impact tube to measure the velocity 
head. 

6. Measurement of velocities in a duct by means of a 
pitot tube. 

7. Measurement of pressure change in a converging 
(subsequently diverging) channel, known as a Venturi 
tube. 

8. Measurement of volume per unit of time by 
means of a thermal volume meter. 

A few of the advantages and disadvantages of these 
eight methods are given below, in brief: 

1. The gasometer is the absolute method for accu¬ 
racy. Its very large size prohibits its use except for 
calibrating other devices, and then only for the smaller 
rates of flow. For example, the air from a 10-hp. 
motor, if caught for one minute, would probably 
occupy about 100 cu. ft. 

2. The ordinary gas meter is also too large, except 
for small volumes of flow. Also, in most displacement 
meters the pressure drop is prohibitively high for use 
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with electrical machines. It is an accurate means of 
measurement. 

3. Witti an ordinary rotating-vane anemometer, it is 
usually found very difficult to get accurate results. 
The instrument itself is liable to disturb the flow; the 
resistance that it offers to the flow may reduce the 
volume of air through that part of the section in which 
the instrument is placed. If held by hand, the arm 
and hand disturb the flow and seriously affect the 
reading. The anemometer is a delicate instrument, 
and its calibration is liable to change. It may be used 
with a fair degree of accuracy when the total voliune 
of air passes through it,’” but that is necessarily a 
limited application. So far, the hot-wire anemometer 
has not been successful, as it is usually too sensitive 
for direction of flow. 

4. The measurement , of pressure drop across an 
orifice is very satisfactory where the pressure drop neces¬ 
sary to obtain a reading of reasonable magnitude is 
not objectionable. The orifice requires calibration, 
but fairly complete published data are available giving 
the calibrations.” A considerable length of straight 
duct is required, both ahead of, and past the orifice, as 
otherwise the measured pressure drop across the orifice 
may be changed. For these reasons an orifice is 
seldom, if ever, used for electrical machines. The 
method has been used successfully in work on models, 
but even then the applications were rather special. 

5. When a pressure drop of the order of an inch of 
water is permissible, the air may be discharged through 
a nozzle or stack, and the velocity head of the stream 
may be measured by means of an impact tube and an 
ordinary manometer. Some rather extensive data 
are contained in a paper by Dr. S. A. Moss,* but as the 
conditions may be different in the electrical machine, it 
may be advisable to do some experimental work to 
find a form of nozzle which will give approximately 
uniform discharge velocities. An example of a stack 
is shown in Pig. 2 in a recent paper by Laffoon and 
Calvert.” The stack is applied to a turbo alternator, 
and in many such high speed machines the voliune is 
affected but little by tibe additional pressure needed 
for the stack; and if the fan characteristic is approxi¬ 
mately known the volume can readily be corrected so as 
to allow for the reduction. 

6. With a pitot tube, it is essential to have a long 
straight duct so as to eliminate most of the eddies, and 
the velocities must be high enough to secure high 
enough reading to insure reasonable acciuacy. The 
long straight duct is usually very inconvenient, and 

10. An instance of tMs was described in paper An Experimental 
Study of Ventilation of Turbo Alternators, A. I. E, E. Tbans., 
Vol.43,1924,p.480. 

11. J. M. Spitzglass, ‘^Orifice Coeffieients, Data and Results of 
Tests, Trans, of A, S, M. E,, 1922. Also report of A. S. M. E. 
Special Committee on Fluid Meters, Part 1,1924. 

12. Additional Losses of Synchronous Machines, Tbans. 
A. I, E. E., Voi. XLVI, 1927, p. 84. 


there may be an appreciable pressure drop due to the 
length of the duct, fairly high velocity and losses at the 
bend usually essential at the ends of the duct. Even so, 
xmless the pitot tube is used with considerable care, 
errors will be introduced. For these reasonsthis method 
is seldom applicable to electrical machines. 

7. The Venturi tube is used frequently with liquids, 
but seldom with gases. The authors have not had 
practical experience with this device, but it appears that 
unless the converging channel is made carefully, and the 
taps for pressure drop placed with precision, the 
meter is not accurate. Venturi meters were used in 
some tests a few years ago with apparently considerable 
success.” There will be some loss of pressure, as, with 
the divergent channel following the convergent duet, 
some head mTJst be lost. It is believed not to be 
in general suitable for use with electrical machinery. 

8. One of the principal advantages of the thermal 
volume meter is that the pressure drop through it is 
very small, as the obstructions offered by the heater 
coils and the temperature-measuring devices are not of 
great magnitude. Furthermore, the velocity can be 
low as compared with that needed with most of the 
other methods enumerated above, which also means 
low pressure drop. 

Appendix II 

Some Notes on Comparison op Resistance 
Thermometers and Thermocouples for 
Temperature Measurement 

In some of the earlier work of one of the writers, 
(about ten years ago), resistance coils were used, con¬ 
sisting of fine copper wires stretched zigzag across the 
air passage, the wires in the cold and heated air forming 
two arms of a Wheatstone bridge, the other two arms 
being of constant resistance external to the volume 
meter. No coimections were changed once the circuit 
was formed, so that there could be no error introduced 
due to a change in contact resistance. The network 
was so arranged that with a predetermined temperature 
rise of the air the galvanometer read zero. The loss in 
the heater was altered until this condition was obtained. 
However, this way of operating is very slow and tedious 
because there is a time lag between a change of the heat 
input and the resulting change in resistance. This 
makes it very difficult to secure a balance if there are 
fiuctuations in voltage or air flow. A much more 
convenient method is to adjust the heater current to a 
given value and read the resulting temperature rise 
of the air, but this requires changing the contacts when 
measuring resistance. 

An inherent difficulty in using resistance coils is that 
the rise in temperature is small, so that the change in 
resistance is v«y slight and, therefore, extreme accu" 

13. “The Operation of Blower sin Parallel for Forced Draft in 
Naval Service,” M. C. Stuart, Jl. of Amer. 8oc. for Naval Engrt., 
Nov. 1920. 
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racy is required in measuring the resistance. Thus, for 
two deg. cent, change in air temperature the change in 
resistance is only 0.8 per cent; consequently the maxi¬ 
mum allowable error in measuring this resistance is 
about 0.008 per cent for one per cent error in volume. 

Even though resistance can be measured with great 
accuracy with a Wheatstone bridge network, it is 
believed that such order of precision is too much to 
expect. On the other hand, each thermocouple 
measures the temperature rise of the air between the 
two points in the cool and warm air where the two 
junctions are located. A given percentage error in 
measuring the e. m. f. of the thermocouple produces 
the same percentage error in the air volume. But 
when using i*esistance thermometers a given percentage 
eiTor in measurement of resistance is multiplied many 
times in the air volume. Higher air-temperature rises 
than two degi'ees ai-e frequently used, but that means 
proportionately greater power consumption in the 
heater which is quite an item with large volumes. 
The smallness of this error with thermocouples is one of 
their important advantages. 

In the tests referred to above, the wires in the resis¬ 
tance coils got covered with dirt and the added weight, 
combined with the effect of the air streams impinging 
on the enlarged surfaces, caused the wires to sag, 
thereby changing the resistance of the thermometer 
coils. As the resistance did not change equally, a very 
serious error was introduced. While it is true that in. 
some meters this objection is met by more substantial 
construction, it also may mean greater obstructions 
in the paths of the gas, and usually considerably more 
expensive construction. 

There is an advantage in the use of resistance 
thermometers, in that a better average of the tem¬ 
peratures is obtained. However, as previously ex¬ 
plained, it is believed that with a large number of 
thermocouples, the error is so small as to be negligible. 

Each source of error applicable to volume meters 
equipped with thermocouples, holds also for resistance 
thermometers, except that due to the escapement of 
heat along the thermocouple wii'es to the walls of the 
meter. However, there may be even a larger error with 
resistance coils, because the supports afford paths for 
heat flow to or from the walls, which may affect the 
temperatures of the coils. 

It will be of value to obtain an expression of opinion 
from others regarding the merits of the two methods 
of measuring the gas temperature rise. 

Appendix III 

The Electrical Machine as a Thermal Volume 

Meter 

In most electrical machines in which forced convec¬ 
tion is used for cooling, an accurate knowledge of 
the temperature rise of the air and of the losses which 
produce it, should enable one to calculate the vol- 
lume. Conversely, if one knows the volume and the 


temperature rise of the air, one can calculate the losses. 
Both ideas have been used. In most tests it is too 
expensive to provide separate volume meters. Fre¬ 
quently the machine losses and air-temperature rise 
in the machine can be used to advantage to determine 
the approxunate volume. Even though the method is 
not accurate, it is extremely helpful at times when one 
is searching for the cause of high temperatures. 

There are errors that may creep in with this method 
which do not appear as such in the thermal volume 
meter. 

1. It is diflicult to determine the amount of the 
losses that are absorbed by the ventilating air. Usually 
the bearing loss has little effect on the air-temperature 
rise, and, as it is uncertain in magnitude, it is very 
diflicult to correct when making a single test. A 
method has been suggested by E. Roth'' in which the 
losses and corresponding air-temperature ri.se are 
measured for two different conditions at the same 
speed (e.g., tests at two voltages). If the friction 
losses are the same for both tests, the bearing loss 
can be eliminated by using the difference in air-tem¬ 
perature rises and the difference in losses. Since the 
result depends on the difference of quantities of the 
same order of magnitude, any error in the readings is 
magnified in the result. This may be a serious source 
of error because a machine has a high thermal capacity, 
and it takes considerable time to determine the steady 
state air rise. An accurate determination of the air 
rise is nearly impossible if the room temperature is 
fluctuating. Therefore, this method may lead to 
erroneous results. 

If only one temperature test is made, and the losses 
determined separately, we are never certain just how 
much the electrical losses are. This, of course, is quite 
beyond the scope of the paper, and is only mentioned to 
indicate some of the uncertainties. 

2. We usually assume that all losses go to heating 
the ventilating air. A small part of the generated 
heat escapes from the frame, or from other parts of the 
machine, and all that can be done is to estimate 
roughly the extent of such heat escapement. This 
heat escapement is generally by natural convection and 
radiation, neither of which admit of accurate calcula¬ 
tions. Fortunately, most of such heat loss is relatively 
small, so that a great error is not introduced. 

3. If the air temperature rise is measured where the 
air leaves the machine the air velocity and temperature 
usually vary widely at different parts of the cross- 
section. Under such conditions a true average tem¬ 
perature rise cannot be obtained. To correct this, 
either the velocity or the temperature must be sub¬ 
stantially uniform over the cross-section where measure¬ 
ment is made. This reqtiires i^cial precautions in 
measuring the temperature rise of the air. One 
method of securing imiform air velocities at the point 

14. A. I. B. B. Trans., Vol. 44,1926, p. 905 
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where the temperature is to be measured is described 
in the paper by Laifoon and Calvert.^ A stack was 
used, thereby securing nearly uniform velocities. 

It has been the writer's experience that it is desirable 
to measure the temperature rise of the machine's 
ventilating air by means of a thermopile, just as for 
measuring the temperature rise through a volume 
meter. This means that a large number of wires must 
be used and for every thermocouple, the wires must be 
run from the intake to the outlet. Not less than 8 
thermocouple junctions should be used at each intake 
assuming two intakes, meaning that there are 16 



Fig. 6—^A Small Turbo Alternator with Volume Meters 
Attached 

Thermocouples ware also provided for measuring temperature rise of the 
air through the machine. 

junctions at the discharge. It is desirable to increase 
this number. 

A turbo alternator (Fig. 6) was rigged up for testing, 
with volume meters and with thermocouples to measure 
the rise in temperature of the air passing through the 
machine. For simplicity of test, the machine was 
inverted. The large number of small wires are parts 
of the thermocouples. 

Experience indicates that it is not well to use cotton 
covered wire for these thermocouples as they get 
covered with dirt and there is liable to be a small 
lealmge current from one wire to another which cannot 
be indicated readily, and all of the readings become 
worthless. It is well to* use higher grade insulation, 
such as rubber, on, the wires. The thermocouple wires 
in Fig. 6 were cotton covered, but were subsequently 
changed. 
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Discussion 

W. F. Dawson: My experiences have been very much along 
the lines of these authors, except that I have used resistance 
thermometers rather than thermocouples. 

When we started we didn’t use the calorimetric idea at all. 
We started in by attempting to measure the air velocity, and 
thence the air volume with manometers, and we found, as you 
will see by referring to an article I wrote for the General Electric 
Review, February 1920, enormous irregularities of air velocity 
across the inlet section. The air velocity across the outlet 
circuit was not quite so bad, but you will find how that might be 
by referring to the paper by Barclay and Smith,^ which was 
prepared almost at the same time that I prepared my article. 

At the suggestion of Dr. S. A. Moss, I adopted the calori¬ 
metric method. Wo have been going ahead with that; in fact, 
I make practically all of my effi.ciency and loss tests on turbo 
alternators by this method, and I cannot over-emphasize how 
valuable and how convenient it has been. We never could have 
accumulated the information for the analysis of our losses on 
turbo alternators if it hadn’t been for this exceedingly satis¬ 
factory scheme. 

I feel that a comparatively large increase in the temperature 
of the air as it is passing the heater coils contributes so much to 
the accuracy of our information that we can afford a little effect 
from radiation. 

We did find soon after we started the experiment with the 
heaters that immediately they were switched on, the temperature 
of both inlet and outlet air was increased; I mean by that the 
air entering the heater and that leaving it. 

Quite contrary to the arrangement shown in the illustrations 
in the paper, I placed this meter in the discharge pipes or con¬ 
duits and when I found that we had to take account of radiant 
heat, we were very careful to place that heater midway between 

1* “Determination of the SfUciency of the Turbo Alternator," by 
S. F, Barclay and S. P. Smith, Journo/J. JE. E„ April 1919. 
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the two resistance thermometers so that the heat would affect 
both equally. 

We make a log showing the effect of the radiant heat from 
the heater from which final corrections are made. 

There is one other thing, the question of averaging the air 
temperatures, whether it is Hi, H 2 , or Hi {H\ being the tempera¬ 
ture of the air entering the machine or dynamo under observa¬ 
tion, H 2 the temperature of the air as it leaves the dynamo, and 
Hv. the temperature of the air after it has passed the heater). I 
finally made resistance thermometers in which the copper 
resistance wire was wound upon wooden struts placed arbi¬ 
trarily about every 4 in. and having stream line sections, spaced 
equally across the air passage. We pass the resistance wire 
between loosely cogged gears in order to corrugate it and prevent 
it from being strained as it is heated and cooled and then we wind 
it on those struts as a helix of small insulated copper wire, 
shellac it in place, connect all in series and calibrate the whole 
frame, in the Standardizing Laboratory. Then by special 
indicating galvanometers we read our air temperatures directly 
and accurately within 0.1 deg. cent. 

J. Ormondroyd: The temperature read on the potentiom¬ 
eter of the air-flow meter is an average value got by a “sum¬ 
mation of ordinates” integration. The milli-volts which would 
be generated in any couple depends on the position of the couple 
in the flow meter cross-section V - f {x,y) 

where the center of the cross-section can be considered the ongin 
of the X, y coordinate system. The average milli-voltage V in 
the case where the couples are arranged in rows and columns 
equally spaced over the meter cross-section is 

^ ^ S[2 7.Aa;]yA?/ ^ X[XV,Ax]yAy 
H A X A y Cross-section area 

Where the distribution is actually known V csan be determined 
accurately by means of an experimental integration by build¬ 
ing a solid whose upper surface represented the known / (x, y,) 
and weighing it, for instance. In the flow meter the actual 
distribution depends on the disposition of the heaters, and 
the character of the air flow; but the couples are distributed in a 
fixed manner over the cross-section. The accuracy of the 
integration performed by the potentiometer depends on the 
distribution. 

Tests on the small flow meter show that the distribution of the 
temperature over the cross-section can be represented approxi¬ 
mately by the empirical equation V = 65 — 7 re* — 7 2 /* 

With twenty-five coxiples arranged in five rows in the stag¬ 
gered fashion used, average values in each row of couples and 
over the whole area are calculated by adding ordinates, and by 
analytical integrating. Assuming the analytical integral to be 
correct, the errors are as follows: 

Couple plane Per cent error 


Center. +0.6 

Half way out. +0.6 

Outside. — 0.9 


The average over the whole area is « 60.6 analytically, and 
= 51 by summing ordinates. The per cent error is 0.8. 

Doing the same with 20 couples gives 0.6 per cent error; a 
somewhat smaller error than the larger number of couples gives, 
probably due to a more fortunate distribution of the couples. 

When continuous resistance wires are used instead of distrib¬ 
uted thermocouples, the errors in the planes of the wires may 
be considered to be zero. But in summing up five parallel wires 
(to compare with the 26-couple arrangement), the error is still 
about 0.6 per cent. The difference is not enough to be of 
practical importance. 


The probable error in the small flow meter is in the order of 
± 1 per cent. In the larger meter the distribution of tempera¬ 
ture is not so uniform and the error may be two or three times 
larger. 

B, L. Barnes: The authors have very wisely called attention 
to a number of sources of errors in the set-up and operation of a 
thermal volume meter but I believe that it is also advisable to 
mention a very important condition that should be taken into 
consideration when using a volume meter of this type to make 
efficiency or loss tests on large apparatus. That condition is 
that the temperature of the air entering and leaving the machine 
as well as the temperature of the machine must reach a constant 
value before readings can be taken for determining the losses or 
efficiency for the load that the machine is earr 5 dng. Large 
machines will require from five to ten hours to reach constant 
temperature at a given load and if the temperature of the cooling 
air entering the machine happens to be changing toward the end 
of that period the change in temperature of the cooling air passing 
through the machine is not a true measure of the losses. If 
the temperature of the air is rising the machine losses go to raise 
the temperature of the machine as well as to raise that of the air 
passing through. The rise in the air would be less than under a 
constant condition. If the temperature of the air is dropping 
the temperature of the machine will drop and the heat energy 
stored in the machine will be given out to the cooling air so that 
its temperature' will be raised more than under a constant 
condition. 

Several attempts were made by the engineers of the Hydro- 
Electric Power Commission of Ontario and by myself to carry 
out tests of this kind on some large generators on the Canadian 
side at Niagara Palls. We were never quite satisfied with the 
results because the temperature both in the power house and out 
of doors was constantly changing, and there was no way of 
controlling the temperature of the air as it entered the generator, 

C. J. Fechheimer: It is interesting to learn that Mr. Hobart 
was one of the first to propose the idea of the thermal volume 
meter. It is also well to recall at this time a paper presented 
before the Institute in 1909 on The Convention of Heal from 
Small Copper Wires.^ As a result of the investigations given 
in that early paper the hot-wire anemometer was developed. 

Referring to Mr. Dawson's contribution, our views on the 
question of resistance thermometers versus thermocouples are 
covered in the paper. There is just one point on which we would 
comment. He claims that he measures the air-temperature rise 
within 0.10 deg. If the total rise is of the order of 2 deg., the 
possible error is then 5 per cent, which is considerable. If the 
air rises are much higher, the power consumption in the heater 
becomes considerable with large volumes. 

Replying to the question raised by Mr. Barns, we also have 
had difficulties from variations in cooling-air temperature. 
This frequently is due to opening and closing of doors, windows, 
or the like. In some tests in a turbo alternator, the cold 
thermocouple junctions used in connection with the temperature 
rise of the air through the machine, were placed on relatively 
heavy copper which had fairly large thermal capacity, and 
somewhat reduced the effects of alterations in air temperature. 
But generally, where accuracy is important, the time for making 
tests should be so chosen as to eliminate the effects of unsteady 
draughts, or equivalent, upon the ingoing air temperature. The 
gradual changes in air temperature are usually not the causes of 
disturbances; the sudden changes are the troublesome ones. 

It is of value to estimate the probable loss of heat from the 
heater coils when they are worked at high temperatures. We 
shall assume a heater wire 0.04 in. diameter, and calculate by 
means of Eq. 13 in the paper the watts per sq. in. at two tempera¬ 
tures and two velocities; 500 and 4000 ft. per min. The heat 

2 . Paper by A. E. Kennelly, O. A. Wright, and J. S. Van Bylevelt, 
Trans. A. 1. E. E.. Vol.XXVIII, Parti, p. 363. 
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escapement by radiation is given by the well known equation for 
dull black surfaces (the wires tarnish and get dirty after being 
in operation for some time): 

Wattsper8a.in.=36.9[(^-^) ] 

Here Ti and are the absolute temperatures in deg. cent, 
of the hot and cold surfaces respectively. The surface of the 
wire here is only the projected area, whereas that computed by 
means of Bq. 12 is the entire outer area. That is, for compari¬ 
son, the radiated watts should be divided byTT. One extreme 
would be if all the radiated heat were finally transmitted to the 
duct walls whence it escaped by conduction through the walls 
to the outside air. That is hariy justifiable. We shall assume 
a duct width equal to the distance between cold and warm 


thermocouple junctions, 

in which ease 

there might be a possi- 

bility of about of the radiated heat escaping. The following 
table is based upon all of the above assumptions, the ingoing air 
temperature having been taken as 25 deg. cent. 

Heater rise 

Air vel. 

Per cent. 

deg. cent. 

ft./min. 

error 

50 

500 

0.255 

600 

500 

1.980 

50 

4000 

0.094 

600 

4000 

0.740 


Thus it will be seen that at low velocities the erroi* intro¬ 
duced by running the heater, at high temperature may be more 
than should be allowed. The error is practically negligible if 
the heater rise is around 50 deg. cent. 
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Synopsis.—During tlic Iasi few years there has heen a very rapid hatic been studied and solved by the engineers of the WesUnghouse 
increase in the rating of turbine generators. TImI these ratings E. & M. Co. The present status of the design of turbim ge^atars 
mightbe possible, alarge amountof investigation luisbeennecessary; is given, and what tite future developments must be if stUl larger 
and this paper ciwcrs, in a general way, some of the problcins that generators are to be built. 


Introduction 

T he object of the present paper is to describe some 
of the problems that have been encountered in 
the development of the turbine generator during 
the last five years, and to illustrate the means by which 
the recent increases in the ratings of the individual 
units have been made possible. These five years have 
witnessed a very rapid expansion of the size of the 
individual units. In 1922, the largest four-pole, 1800- 
rev. per min., single generator in operation, or under 
construction, had an output of 37,500 kv-a.; at the 
present time, individual units of the .same speed having 
a capacity of 94,000 Icv-a., are being built. 

The general application of the cross-compound 
principle has brought about units of power generation 
having enormous outputs. The amount of power 
generated in the present combinations of two or three 
generators has reached a value corresponding to the 
output of a complete power plant of a few years ago. 
The advance made in the ratings of the individual 
generators is not always apparent in reviewing the 
outputs of the cross-compound units. The figures 
given in Table I indicate, however, that the increases 
in the rating of individual generators have been fully 
as striking as the increases in the ratings of complete 
units. In 1925, in the two-pole, 1500-rev. per min. 
class the maximum output of a single generator was 
66,700 kv-a.; at the present time there is a generator 
of this type under construction having an output of 
160,000 kv-a. In the four-pole, 1800-rev. per min. 
cla.s8, the maximum rating in 1924 was 44,400 kv-a.; 
at the present time, a unit of 94,000 kv-a. is being built. 
Thus, in both classes, the output has been more than 
doubled in less than four years. The figures in Table I 
have been given to indicate the trend of the develop¬ 
ment and do not represent a complete record of all 
large units that have been built or are under 
construction. 

The construction of a turbine generator of these 
large sizes is a problem that encompasses practic^ly 
all branches of mechanical and electrical engineering, 
and the achievements of today are the results of years of 
intensive development work of several firms and many 
individuals. This chapter of the history on the de- 

1. BothofWestinghou8elSleo.&Mfg.Co.,EastPittaburgh,Pa. 

' Presented at the Winter Cmwention of the A. J. E. E., New York, 
N. Y., February 13-17,1938. 


velopment of turbine generators, which is presented in 
this paper, will be told mainly in terms of the develop¬ 
ment work carried out by the Westinghouse E. and M. 
Co. It is hardly necessary to emphasize that this does 
not imply that this company has been the sole agency 
in this development, because the majority of the prob¬ 
lems presented have been encountered and brought 
to a satisfactory solution by all firms active in this 
branch of engineering.* 

The Ventilation Problem 

For 1800-rev. per min. machines, the diameter of the 
rotor is limited (with materials commonly used), to 
about 55 inches, so that the increases in capacity which 
have taken place in the last five years have been 
obtained chiefly by increases in the core length. Even 
in the largest units built five years ago, it became in¬ 
creasingly difficult to supply all the cooling air from 
the two ends of the machine, not only because of the 
excessive pressure required, but also becau^ of the 
increase in temperature of the cooling air as it passed 
through the machine. This latter factor was particuw 
larly important in long axially ventilated m^ines. 

Mvltiple radial ventilation solved this difficulty, and 
it is now possible to obtain fully as uniform a tem¬ 
perature distribution for core lengths of 250 in. ^ for 
100 in. The multiple radial system of ventilation is 
illustrated in Fig. 1. The stator laminations and vent 
plates are built up in a similar manner to the simple 
radial type. The multiple radial S 3 retem differs from 
the simple radial in that not only can the air enter from 
theendsof themachine by way of the air-gap, but aK can 
also enter the machine from the back of the core in one 
or more zones. In this manner a number of paths in 
multiple is provided. Air passes through the air-gap 
from the ends and is discharged through the radial 
vents at the end of the stator. The air entering from 
the back of the core flows radially inward toward the 
rotor, then axially along the air-gap, and then, radi¬ 
ally outward in the discharge zones. As the length of 
the stator is increased, the number of intak^ from^ the 
rear is increased in order to obtain uniform air velocities 
along the core. The introduction of cool air at a 
number of points along the core from the back of the 
core serves to give the result of a n^ber of short 
machines in series, as far as air distribution is concerned; 

2. See Bibliography. 
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TABLE I 


Size of 

No. of 

Bating of 

P. F. 

Speed 



unit— k\v. 

generators 

each gen.—kv*a. 

% 

rev. per min. 

Year 

Manufacturer 

60.000 

1 

66,700 

90 

1500 

1925 

Q. E. 

80,000 

2 

44,000 

90 

1800 

1924 

Westinghouse 

60,000 

1 

70.600 

85 

1800 

1925 

a, E. 

50,000 

1 

59,000 

85 

1800 

1927 

Allis Chalmers 

88,000 

2 

38,000 

85 

1800 

1927 

G. E. 



64,700 


1200 



90,000 

1 

100,000 

90 

1500 

On order 

G. E. 

200,000 

3 

89,400 

85 

1800 

On order 

G. E. 



72,940 


1800 




72,940 


1800 



110,000 

2 

68,750 

80 

1800 

On order 

Westinghouse 



68,760 


1800 


160,000 

2 

94.100 

85 

1800 

1800 

On order 

Westinghouse 

160,000 

1 

160,000 

100 

1500 

On order 

G. E. 

160,000 

2 

88,250 

85 

1800 

On order 

Brown-Boverl 



100.000 


1200 



and it is no longer necessary to restrict the core length 
on account of ventilation. The multiple radial ventila¬ 
tion system was extensively investigated several years 
ago by Fechheimer, Bratt, and others^ and while the 



Eig. 1 The Multiple Radial Ventilation—Skeleton 

Fbame 


system was not new at that time, an exact predetermina¬ 
tion of the dimensions of the air circuit was not possible 
until the work of these men had been completed. 

The detail arrangement of the stator ventilation has 


3. C. J. Fechlieimer, Trans. A. I. E. E., Vol. 43, 192^ 
p. 476, An ExpeHmental Study of Ventilation of Turb 
Alternators. 

Trans. A. I. E. E., Vol. 43, 1924, p. 467 
The MulUple Radial System of Cooling Large Turbine Generators 

AK 100 A Penney, Trans. A. I. E. B., Vo] 

1926, p, 253, Concluding Study of Ventilation of Turh 
Alternators. 

a J. Fechheimer, A. S. M. E., 1924, “Performance of Centrifu 
gal Fans for Electrical Macdiinery,” 


required considerable attention. The minimum number 
of ventilating ducts required to give satisfactory air 
distribution may result in iron packages of too great 
width and, in consequence, too high temperature drop 
through each^ package. Fig. 2 shows a section of the 
stator including two iron packages, one radial vent, 
and two coils with their insulation. For the distance L 
of the coil, there are two paths in parallel for the heat to 





Fig. 2—^Hbat Flow in Statok Coils and Fttnchings 

flow to the surrounding air. For the portion of the coil in 
tile ra<flal duct, tiiere is a temperature drop through the 
insulation and a surface temperature drop; and for that 
part of the coil embedded in the iron, there is an addi¬ 
tional temperature drop through the punchings. 
Therefore, the part of the coil in the duct will dissipate 
more than its proportion of the heat. In order to 
calculate these various temperature drops, it is neces¬ 
sary to determine the thermal conductivity of the 
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built-up stack of punchings, the thermal conductivity 
of the insulation, and the surface drop in relation to air 
velocity. For the particular case shown, 30 per cent 
of the heat generated in the coil escapes directly to the 
air in the duct, although only 18 per cent of the coil is 
in the air duct. For a total drop from the copper to the 
air of 63 deg. cent., 33 deg. cent, represents the drop 
through the insulation, 12 deg. cent, drop through the 
iron, and 9 deg. cent surface drop. For that portion of 
the coil in the air duct, the drop through the insulation 
is 61 deg. cent, and the surface drop 2 deg. cent. These 
figures are representative for one particular type of 
generator and will vary for different proportions in 
machines, but they do show in a general way the 
magnitude of the different temperature drops. 

For more than five years the project of ventilating 
with hydrogen generators and other large machines, 
has been under active consideration by designing 
engineere. The most important advantage connected 
with this use of hydrogen is reduction in windage 
loss; in an 1800-rev. per min. generator of the maximum 
sizes under consideration, this is the largest single loss in 
the generator, and may amount to as much as one 
percent of the kw. rating. But there are obvious practi¬ 
cal difficulties in building a sufficiently gas-tight 
structure and these practical problems have, up to a 
very recent date, prevented the accomplishment of this 
interesting development. 

While there have been no machines actually installed 
using hydrogen as a cooling medium, several turbine 
generators have been sold with the provision that 
hydrogen may be used later, and a large synchronous 
condenser has recently been sold for immediate installa¬ 
tion with hydrogen cooling. Experimental work is 
being actively conducted, and the Westinghouse Co. 
has an experimental 7600-kv-a. generator operating 
with hydrogen cooling. The decrease in friction and 
windage loss, and the possible increase in rating due to 
better heat transfer in a hydrogen atmosphere, make 
the use of hydrogen most attractive. It is the opinion 
of the authors that it is only necessary to demonstrate 
to operating engineers the safety of machines ventilated 
by hydrogen, when there will be another general step 
upward in efficiency and rating. In order to gain the 
most from hydrogen cooling, the design proportions 
must be changed to suit the new conditions. The 
arrangement of the ventilating duets should be dif¬ 
ferent, since higher velocities can be used advanta¬ 
geously. Then too, the proportions of rotor and stator 
strength must be altered if the same short circuit ratio 
and stability is to be maintained. For these reasons 
it would not be possible to change existing air-cooled 
machines to hydrogen-cooling, and materially increase 
the rating without making other fundamental design 
changes. 

Design op Stator Coils 
In order to build machines of extreme core lengths for 


these large ratings, it became necessary to modify the 
design of the stator coils. On shorter machines, it has 
been customary to build the coils in one piece as shown 
in Fig. 3. This type of coil is continuous from the 
front, without any connections in the rear. Such a 
coil has the advantage of being turned over in the rear- 
end coimections; that is, the top conductor of the top 
coil in one slot becomes the bottom conductor in the 
bottom coil in tbe return slot. This provides partial 
transposition against eddy currents and when additional 
transposition is provided at the front of the coil, the 
additional losses due to eddy currents can be reduced 
to less than 30 per cent of the copper loss. Long coils 
of this construction may weigh as much as 360 lb. and 
are therefore difficult to handle in the insulating proce® 
and in winding the coils in the core. This makes it 



desirable to construct them in halves and coimect them 
on the front and rear. If it were posable to connect 
each strand individually at the rear, the structure of 
the half coils would be the same as full coils so far as 
eddy current loss is concerned; but for deep coils with 
many strands, such construction is impossible becauM 
of insufficient room to make all the coimections. It is 
necessary, therefore, to transpose the strands somewhere 
between the front and the rear of the machine. This is 
most easily carried out in the straight or buried part 
of the coil. 

There are several different methods by which this 
can be accomplished. The method used on the l^ge 
Tna^Jhinfia designed by Westinghouse engin^rs is a 
combination of transposition of strands within the 
slot, and transposition outside the slot at the ends of the 
coils. Any one conductor in the coils is split up into 
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groups of several strands in depth and the strands in 
^oup are tran^osed within the slot to eliminate 
um eddy currents between the strands in the group. 
The groups are then transposed with respect to each 
other at the front end of the coil to eliminate the eddy 
currents between the groups. The strands in a group 
may then^ be soldered together at the front and rear 
using a single joint. This arrangement reduces the 
transposition of the strands within the coil and simpli¬ 
fies the construction. One group and the detail of one 
strand is shown in Pig. 4. The transposition points are 
stamped out with a compound die. Each strand is 



insulated with mica tape in the same manner as when 
the coil had no internal transpositions. At the points 
of transposition, half the section of the strand is re¬ 
moved, but because the amoimt is a small percentage of 
the total and also because of the hi^ heat conductivity 
of the copper, the temperature at these points is not 
materially different from that at olher parts of the 
conductor. Tests have been made with thermo¬ 
couples located at different points on the coil, but the 
variation was no greater than could be expected in a 
simple conductor of uniform section. 

The question of armature coil insulation has been 
given considerable study in preparation for these 
larger units. The stator coils on Westinghouse ma¬ 
chines have been insulated for a number of yeara with a 
mica-folium wrapper on the straight parts and treated 
tape on the ends of the coils. The individual strands 
in the coils and the conductors have been insulated 
with mica tape throughout their entire length. The 
insulation on the end turns has given good service and 
the same iype of insulation has been used on water¬ 
wheel mach in es up to 18,000 volts. The advantage of 
the treated tape on the end is that it is flexible and can 
withstand the slight movements of the coil ends that 
will occur on short circuit. The seal between the mica- 
folium wrapper and the treated tape has proved satis¬ 
factory. l^ile it has been criticized as a point of 
possible weakness, there has never been a failure at this 
point. 


An improvement in the mica folimn has been made to 
correct swelling and wrinkling of the insulation. Re¬ 
search work revealed the cause of swelling to be due to 
the vapor pressure caused by the alcohol in the shellac 
bond of the mica and, to some extent, to moisture in 
the paper used for backing the mica. A large number 
of sample bars was wrapped imder different manu¬ 
facturing conditions and with different classes of 
material. The bars were then placed in an electrically 
heated oven, some with voltage applied and others with 
no voltage. Readings were taken to determine the 
amount of swelling and temperature. The difference 
in temperature of the coils with voltage impressed and 
the temperature of the oven gave a relative measure 
of the dielectric loss. 

In Fig. 5, there is shown one of these sample bars in 
the oven as arranged for test. The bars were made up 
of square, hollow tubes and thermocouples were applied 
to the inside surface of these tubes. Plates were 
clamped on the coils, to represent the iron laminations, 
and gaps left between the end of the plates to represent 
the radial ducts. 

The result of these tests led to the development of a 
new bond that practically eliminated the cause of in¬ 
sulation swelling. A comparison of the dielectric loss, 
as expressed by temperature rise above the oven tem¬ 
perature for coils with shellac bond and with the new 
bond, at varioxas oven temperatures, is shown in Fig. 6. 
Three curves are shown covering two grades of shellac 



Pia. 5 —^Experimental Specimen op Coil on Test 


and the so-called black bond. It is evident that the 
dielectric loss for the black bond increased but slightly 
with temperature, while the two bars with mica using 
a shellac bond showed an increasing dielectric loss with 
rising oven temperatures. 

The use of this new bond resulted in a wrapper which 
was more flexible. This characteristic made it possible 
to build in additional sheets of mica which increased the 
dielectric strength of the wrapper. Coils wrapped 
with insulation for 22,000-volt operation have with¬ 
stood a momentary test of 160,000 volts. 

In preparation for higher operating voltages than 
13,800, the use of a special coating for the outside of the 
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coils has been developed, to decrease the corona between 
the sides of the coils and the sides of the slots. If a 
perfect contact could be made between the coil and the 
sides of the slot throughout the length of the slot, corona 
would not exist. This ideal condition, however, cannot 
be reached because of manufacturing variations in the 
width of the slot, and in the width of the coil. If the 
coil touches the slot only at points, then there will be 



Pi<i. 0—TuMi'KKATniiM Tksto on Tukho Ai/i’isiinatoh Coils 

corona from those points of the coil which do not 
touch. A semi-conducting film is therefore required on 
the surface of the coil so that all points on the surface 
will be at ground potential. Fig. 7 shows an experi¬ 
mental set-up to demonstrate the effectiveness of such a 
conducting film. On each coil there was placed a stack 
of punchings to represent the stator iron, and 30,000 
volts were impressed between the copper and the 
iron. The bottom coil (I) shows the corona on a coil 
without grounding film. The middle coil (II) shows a 
comparison of a coil with and without the protecting 
film, the middle of the coil being coated. The top coil 
(III) shows a method of damping out the corona at the 
ends by using a coating of somewhat higher resistance 
beyond the core. This test was made at higher voltage 
to ground than normally obtained in the machine in 
order to demonstrate more effectively the benefit ob¬ 
tained from the use of a grounding film. 

The question of higher voltages for generators is 
receiving attention on these larger units. A unit of 
100,000 kv-a. can be built for 13,800 volts, but the cost 
of circuit-breakers, switches, and bus-bars may make it 
desirable to build such machines, especially in new 
stations, for terminal voltages as high as 22,000. The 
machines for one station are being built for this voltage. 
Such machines must meet a final insulation test of at 
least 45,000 volts before going into service. To prepare 
for this final test, it is necessary to test the coils at 
considerably higher voltages after they are placed in 
the slots, but before they are connected. For lower- 
voltage machines these preliminary tests are made 
with the ends, where the coimectors are applied, un¬ 


insulated. With these higher voltages, however, the 
discharge will creep along the surface of the coil from 
the exposed ends to ground if the voltage is applied for 
a minute. With such high voltage tests in air, a certain 
amount of fireworks must be expected. 

General Design. With the increase in the size of the 
individual units has also come improvement in effi¬ 
ciencies. In the past the stator laminations were made 
from non-silicon steel. There was a prejudice against 
silicon steel in rotating apparatus because of brittleness, 
the fear being that the stator teeth would break off due 
to vibrations. Improved methods of building stator 
iron and better design of finger supports have removed 
the danger of loose iron and consequently, the danger of 
vibration. Furthermore, vibration life is a function of 
the endurance limit of the material and because this is 
higher for silicon steel, it also has a greater vibration 
life. The early troubles in the use of silicon steel were 
associated with the use of fillets with too small radius 
at the bottom of the slots, which resulted in incipient 
cracks during punching. These fillets have been 
increased in radius and this trouble has been eliminated. 

Many machines have been built with two per cent 
silicon steel; and more recently four per cent silicon 
steel has been generally used. In other words, turbine 
generator stators are now built with a grade of steel 
which is equal to the best steel used in transformers. 
The high-grade, four per cent, silicon steel ^eets have 
more scale than the two per cent and non-silicon steels 
and, therefore, must receive special treatment to remove 
the scale. It is possible, by special treatment, to obtain 
the same space factor with the four per cent steel as 
with the lower grades. 

To illustrate the reduction in core loss that results 



Pia. 7 —Corona Elimination 


from the use of these higher grade steels, if the loss in 
non-silicon steel be represented by 100, the loss with 
two per cent silicon steel will be 70, and 46 with four 
per cent silicon steel. The use of four per cent silicon 
steel improves the efficiency slightly more than one 
per cent at full load, and two and a half per cent at 
Viflif load, as compared with the efficiency of machines 
using non silicon steel. When this steel is used the 
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core loss is reduced from 50 per cent of the total loss to 
30 per cent of the total loss. 

A new trouble that has appeared in these larger 
machines, is heating of the finger plates which support 
the stator teeth. This heating is most noticeable on 
machines with high ampere-turns per slot, and on 
machines with full pitch or two-thirds pitch windings. 
For these two classes of windings the hottest fingers will 
be those between phase groups; and this might be ex¬ 
pected since these are the teeth in which the leakage 
flux flows in a radial direction along the teeth. The 
flux distribution is also affected by the nearness of the 
rotor retaining ring and magnetic saturation of the 
retaining ring. A study of the flux distribution at the 
end of the machine has been made, using the methods 
developed in the papers presented at the 1927 Winter 
Convention of the Institute. The flux causing this 
heating can be controlled by proper proportions of the 
finger plates and retaining rings or, if this is not possible, 
by the use of non-magnetic manganese steel in the finger 
plates. The use of non-magnetic steel in the retaining 
rings is also beneficial imder certain conditions. 

The questions of short-circuit ratio and regulation of 
turbine generators hhve not been of serious moment in 
the past, largely because turbine generators are usually 
installed near the center of load, and problems con¬ 
nected with long distance transmission have not arisen. 
The problem has received attention recently on those 
systems which do not use automatic voltage regulation, 
^d where the capacity of the individual units is large 
in relation to connected load. In such a station with 
only a few umts in service, the failure of one unit may 
throw a heavy load on the other units, and power 
stability may become important. The investigation 
has been made on the basis of constant field current and, 
consequently, decreasing voltage. Whether machines 
will be unstable on the basis of constant field current 
depends on the design of the generator and also on the 
system charac^stics. Short-circuit ratio and degree 
of ^satnration in the generators are of importance, but 
it is just as necessary to know the variation of the load 
with change in voltage. With a lighting load, the 
cuii^t ^ and kilowatts will decrease with voltage; 
while with an induction motor load the kilowatts will 
remain practically constant, the current will increase, 
and the power fetors will improve with decrease in 
voltage to a point above the pull-out point of the 
motors. Usually, an estimate must be made of the 
proportions of lighting and power load and this esti¬ 
mate has an important influence on the conclusions. 
Machmes are in operation in this country with short- 
cmcmt ratios as low as 0.8 and large machines in general 
have short-circuit ratios between 0.9 and unity and, so 
to as we are aware, there have been no cases of instabil¬ 
ity which could be traced to generator design pro¬ 
portions. The cost of generators increases, with 
mcre^e m shoit-drcuit ratio. In Europe, short- 
cireuit ratios as low as 0i6 are in use and this fact 


partially explains the high ratings that are obtained on 
50-cycle 3000-rev. per min. machines. It is desirable, 
therefore, that specifications should not call for unneces¬ 
sarily high short-circuit ratios, because this will limit 
the maximum possible size of generator, and will 
increase the cost per kilowatt. More definite informa¬ 
tion is required concerning the performance of systans 
with change in voltage, in order to establish more 
definitely the safe lower limit of short-circuit ratio. 
The performance of machines can be readily calculated 
if the loqd conditions are known, but studies, so far, 
have been made with assumed load conditions. The 
results are no more accurate than the degree of acciiracy 
of these assumptions. 

Statm Construction. In the earlier constructions, 
turbine generator frames were made of cast iron. 
The section of the frame was determined chiefly by the 
demands of the stator-ventilation system, because the 




^ ^ ■ 



Fig. 8—Cast Iron Frame with PuNcriiNfis 

casting included the ducts for conducting the cooling 
air to and from the core. A frame of this type is shown 
in Fig. 8. 

One of the most serious objections to this construc¬ 
tion is that it leads to frame widths too great for ship¬ 
ment with u^l railroad clearances. For the longer 
core lengths, it would be necessary to ship the stator in 
parts and c^ out the assembly and the winding at the 
power station. Another objection to the cast frame is 
the excessive weight. The rigidity and the strength of 
the fr^e are far greater than required by the stress 
conditions to which it is subjected in handling and in 
operation. 

These objections led to the separation of the frame in 
two parts; a super-structure of light, structural steel for 
the air passage and a skeleton frame for canying the 
core. An analysis of the requirements of strength and 
rigidity was made in 1925* and it was found that the 
requirements from this point of view permitted a con¬ 
siderable reduction in the depth of the cast frame 
section and in the total weight. 

4. M. Stoae, “Stresses and Deflections in Large Dvnamo 

Frames,” A. S.M.E., Dee. 1926. ^ ^ 
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Mg. 9 shows a frame of this type, with a part of the 
structural steel super-structure mounted on the outside. 
This super-structure is fitted at the factory, removed 
for shipment, and re-installed at destination. 

This improvement in stator construction reduced the 
weights of the heaviest pieces to be shipped approxi¬ 
mately 30 per cent, and the installed weight of the 
stator approximately 15 per cent. 

With this con-struction it is possible to build the core 
and complete the winding at the factory, and still 
maintain the width within shipping dimensions. The 
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Pennsylvania Railroad assisted in solving this problem 
of shipment by building two depressed cars, each 
capable of carrying a load of 275,000 lb. 

It was but another step to build the skeleton frame of 
structural steel as well, and this has been done in the 
latest constructions. This structural design has de¬ 
creased the weight of the stator another ten per cent, 
and raised the limit of capacity of machines that can be 
built and wound at the factory from 75,000 kv-a. to 
approximately 100,000 kv-a. 

Mechanical Construction op the Rotor Body 

General Conditions of Stress. Working Stresses. The 
rotor body is subjected to stresses from three major 
causes: The centrifugal forces, producing radial and 
tangential stresses; the bending forces (gravity and 
dynamical forces), producing longitudinal stresses; and 
the torque, producing shearing stresses. The relative 
importance of these three causes varies with the type 
of machine, but up to the present state of the develop¬ 
ment only the centrifugal stresses, and the bending 
stresses, have played an important role in limiting rotor 
dimensions. 

The centrifugal forces alone cause critical stresses, 
either in the radial direction at the bottom of the 
teeth, or in the tangential direction at the inner bore. 
The relative magnitude of the former is usually mudi 
greater than the latter, but when the rotor is made of a 
one-piece forging the latter may be more important 
than the former, on account of the uncertain properties 


of the material at the inner bore. In the built-up plate 
rotors, where this uncertainty of the material does not 
exist, the radial stress at the bottom of the rotor teeth 
is the true critical stress. 

This cross section must carry the centrifugal forces 
from the teeth themselves, from the coils, and from the 
wedges, the latter groups being magnified by the 
wedging effect of the rotor wedges. This magnification 
can be eliminated almost completely by the use of 
rectangular wedges (Figs. 10a-b), but the gain is offset, 
to a certain extent, by the increased amount of material 
necessary above the wedge. 

The stresses in the coil retaining rings, due to centrif¬ 
ugal forces, are almost exclusively tangential so that, 
although the nature of the design demands a very 
high stress in these rings, there is less difficulty in 
establishing the actual stresses in the coil retaining 
rings than in the rotor body; and the selection of a safe 
working stress is easier. 

The bending stress in the various parts of the rotor 
body is alternating and for this reason very important, 
even if the value of the stresses, in comparison with the 
centrifugal stresses, is small. The building of long 
rotors, necessitating higher values of these bending 
stresses, has further accentuated this problem. Before 
the rotor length increases of the last five years had taken 
place, the maximum bending stress occurred at some 
part of the shaft near the bearings, and the bending 
stresses in the middle body were very anall. The 
gradual lengthening of the rotors has changed this 
situation somewhat; the bending stresses near the 
bearings have not been reduced, but the bending 
stresses in the middle body are now of the same order. 

This is particularly true of the one-piece rotors where 


A B 

Pia. 10 —Conditions op Loadino on Rotok Teeth 
A —Dove Tail Wedge 
B —Rectanoulab Wedge 

circumferential grooves are turned down to the bottom 
of the slots to provide radial exhaust ducts from the 
a.yia.1 air passages. This increases the bending stresses 
and causes stress concentration. Probably the most 
important aspect of these bending stresses in the middle 
body of solid rotor forgings is the fact that they exist 
in conjunction with a certain tangential centrifugal 
stress. This introduces a two-dimensional condition 
of stress, of which one component is variable and the 
other stationary (Fig. 11). The failure of the material 
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is dictated by the extreme value of shear stress in the 
plane of maximum shear. In this plane the stress 
conditions may be considered as consisting of an average 
stress, upon which is superimposed a variable stress. 
(Fig. 12.) By this reasoning the state of stress is 
reduced to a form, for which failure can be predicted in 
terms of the properties of the materials in pure tension. 

In the bviilt-up plate rotors, air outlets can be pro¬ 
vided without material reduction in the section 
modulus, so that the longitudinal bending stresses and 
the tangential stresses do not occur at the same points. 
In these rotors the critical bending stress will probably 
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Pig. 11—Two-Dimensional Stress Applications 

occur at the sections next to the middle body (under the 
end windings) for rotors of great length. Here the 
tangential stresses due to centrifugal forces are small, 
so that the application of stress is practically one¬ 
dimensional, with complete reversals. 

The question of safe working stresses is a most im¬ 
portant one, both from the point of view of safety and 



economy. A great deal of progress has been made but a 
number of features.still remain under discussion. The 
scope of this problem comprises not only the considera¬ 
tions of the practical designer, and the results of the 
theory of elasticity, but also •&e point of view of liie 
metallurgist, and it is only through complete co¬ 
ordination of these three branches of engineering that 
a satisfactory point of view can be attained. The 
following represents the attitude taken by Westing- 
house engineers at the present time: 

In cases of steady stress in ductile materials, the 
yield poitU is regarded as tiie fundamental basis for the 
selection of the working stress. The factor of safety is 
thus expressed as the ratio of tiie yield point of the 
material, to the stress. The failure of the material at 
the yield point is caused by shear (maximum shear 
theory), so that in cases of combined stresses the maxi¬ 


mum shear stress is the determining factor in expressing 
the factor of safety. Conditions of stress concentration 
are generally disregarded for all cases of steady stress 
in ductile materials. 

In cases of variable stresses in ductile materials, the 
endurance limit for complete reversals is regarded as 
the fundamental basis for the selection of the working 
stress, and the factor of safety is expressed as the ratio 
of the endurance limit to the maximum value of the 
alternating stress. Failure is attributed to maximum 
shear in titiis case also, but here it is necessary to intro¬ 
duce the conditions of stress concentration, so that the 
working stress must be expressed as the maximxun 
stress existing at any point of the structure. This 
stress is generally two to three times that calculated by 
elementary formulas. 

In cases of combination of a static stress, and a 
variable stress, (Fig. 12), the available experimental 
results' are used with certain modifications. It has 



RATIO OF VARHBU STRESS TO STEADY STRESS 

Pig. 13—Example op Working Stresses for Simultaneous 
Application op steadt and Variable Stbp.ss 

been found that these experimental results are applied 
in a logical manner if the actual factor of safety is 
regarded as the combination of an imaginary factor of 
safety n<,, existing when the static stress is acting alone, 
and another imaginary factor of safety n„, existing when 
the variable stress is acting alone. The actual factor of 
safety n, is then expressed by the relation 

_1 _^ 

n ~ Wo 

In this manner it is possible to define the m aximum 
static stress, which can be applied when its exists in 
conjunction with a certain variable stress. Fig. 13 is 
an example of such a curve of working stresses for a 
3 per cent nickel steel. 

It is evident from tiie above that the only material 
properties, upon which the designs are based, are the 
yield point and the endurance limit. 

This by no means implies that the r emaining proper¬ 
ties of the materials (ifitimate Strength, elastic limit, 
dongation, reduction of area, and impact tests are left 

5. See, for example, Timoshenko and Lessells, “Applied 
Elasticity,” p. 477. 
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out Of the pictiire); the consideration of some of these 
quantities is equally vital to the soundness of the design, 
but unfortunately, it is only in a qualitative manner 
and they find expression in the design proportions and 
in the material specifications. 

Probably the most important of these “qualitative” 
considerations are those which refer to the ductility and 
toughness of the materials. The elongation, measured 
on two-in. gage length, is still the chief element in this 
connection, but, since the distribution of the flow in the 
test piece does not find its expression in this term, it is 
equally important to consider the reduction of area, 
which expresses the maximum value of the unit elonga¬ 
tion when failure occurs. But even these two terms in 
conjunction give i nsufficient information about the true 
cohesive properties of the materials; these are expressed 
by the impact test on notched bars. The controversy 
among metallurgical experts on the true value of the 
impact test still makes the designer hesitate in placing 
implicit faith in the impact test values, but there is very 
little doubt that they will play an important role in the 
future. At the present time the chief value of the 
impact tests is to furnish a check on the uniformity of 



Kiii. 14—LoN(iiruDiNAi. Suction op Plate Rdtou 

the heat treatment of the material, not readily obtained 
by any other method. 

The present attitude of the designers is to place the 
lower limit of the elongation of the materials in the rotor 
body at about 20 per cent, and the reduction of area at 
about 40 per cent. These limits have been established 
by experience, and when the arbitrary nature of the 
constants (particularly the elongation) is considered, 
there is a certain justice in raising the question whether 
these limits really do represent the lowest safe values 
that can be used. The question is not without its 
importance because the above limits represent the chief 
obstacle in obtaining one-piece forgings for large rotors. 
On the other hand, the risk is too great to propo^ 
radical changes in these limits until more knowledge is 
available. 

A similar situation exists in connection with the 
location of the test pieces on solid rotors. The attitude 
of Westinghouse engineers with regard to solid forgings 
is to judge the quality of the material by radial, tangen¬ 
tial, and longitudinal test specimens. This sevwe 
specification again adds to the difficulty of obtaining 
large one piece forgings, but in view of the statements 
above on the prindpal stresses in the rotor, it does not 
seem wise to modify this demand. 

The designer who desires to employ very large 
forgings is faced by difficulties. He can insure reason¬ 


able safety by specifying complete radial, tangential, and 
axial tests and by maintaining fairly high limits for 
elongation and reduction of area; the result will be a 
high price for the material; or he can buy on routine, 
material specifications and assume the liability for the 
cost of unsuitable forgings. 

The Westinghouse Plate Rotor. The limitations of 
one piece forgings for large rotors were anticipated at 
an early date by the Westinghouse Co., and their 
present construction was originated by Behrend and 
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Pia. 15 —^Arrangements of Through Bolts 

Fields® over eighteen years ago. It will be referred to 
as the plate rotor. 

The rotor conasts of two forgings A, (Fig. 14), which 
furnish the shaft ends, and a certain small portion- of the 
middle body. The remainder of the middle body is 
made up of plates, B, which in the earliM- constructions 
had a thickness of about two in. In some of the latest 
designs, plate thicknesses up to 8 in. have been used. 
These plates are spigoted into the end forgings, and into 
each other, so that adequate centering is obtained. 
The portions of the plate inside this spigot-fit are 
relieved, so that only the outer portions of the plates 
carry pressure. The entire structure is held together 
by through bolts, C, tightened to give a certain initial 
pressure. The number of bolts is four for two- and four- 
pole machines, the extra pair of bolts in the former 
(usually 25-cycle machines) is placed in the center of the 
slotted portion (Figs. 15a, 15b). Six pole machines 


Pxo. 


16—Load Conditions on Cross Section op Plate 
Rotor 




have six bolts, placed in the centers of the poles. Fig. 
15c. 

In order to appreciate the possibilities and advantages 
of this construction, it is necessary to discuss the 
fundamental principles of its performance. 

Fig. 16a shows schematically the loading conditions 

6. Some DifficuLHee of Deeign of Turbine Oeneratora, A. B. 
Pield,JL.A.I.E.B.,Vol.54,1915,p.65. , 

B. A. Behrend, Trans. A. 1. E. B., Vol. 36.1917, (Disoussion) 

p. 883. 
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on a section of the rotor, when no external bending 
moment is acting. The compressive stress of the 
plates, S„ counterbalances the tensile stress of the 
bolts, Sh, so that if Ap and Ah are the respective areas 
(Pip. 17,18) it is necessary that 



Fig. 16 b represents the loading of the same cross- 
section when it is subjected to an external bending 
moment M. The compressive stress on the plates is 
now increased by Sp' at the top and decreased by the 
same amount at the bottom. The stress of the top 
bolt has been reduced by Sb', and that of the bottom 
bolt increased by the same amount. The stresses of 
the other two bolts have not been changed materially. 
It is evident that one of the most important limitations 
of the structure is that the diminution in stress of tiie 
plates and the bolts must not reduce the stress to zero 
at any point, otherwise a condition of discontinuity will 
occim. It was found in the earliest applications of the 
structure, however, that there are no difficulties in 
seeming this condition. Asa matter of fact, no ma- 


I 



Pio. 17 Pig. 18 

Figs. 17 and 18 —Plats: Area and Bolt Area 

chine has been constructed where the variation in plate 
stress exceeded 20 per cent of the initial stress, or the 
variation in bolt stress exceeded 4 per cent of the 
initial stress. 

It is evid^t from Fig. 16 b that the external bending 
moment M is counteracted by two internal moments, a 
moment from the plates, which will be denoted by Mp, 
and another from the bolts, which will be denoted by 
Mb. Both of these act in the same direction, so that 
tiie rigidity of the rotor depends upon both the plate 
area and the bolt area. 

In order to determine the rigidity accurately, it is 
necessary to take into account the variation of the 
external bending moment along the length of the rotor. 
It has been found, however, that it is sufficiently 
accurate to assume that the bending moment is con¬ 
stant for the entire middle body, that is, for the entire 
length of the bolt. With this assumption it is easy to 
compute separately the extension of a bolt, and the 
extension of a corresponding fiber in the plate column. 
The values of the bending moments Mp and Mb are 
obtained from the fact that these extensions are equal 
The plate stress, at the radius is Mp/Ip. Rb, wher^ 
Ip IS the inoment of inertia of the plate area (Fig. 17). 
The extension of a fiber along the middle body of length 


a is consequently Mp/E Ip x Rb X a. The modulus 
of elasticity E is that of the plate column; so long as the 
compressive stress exceeds about 5000 lb. per sq. in., 
this has been foimd to be the same as that of the 
plate material. The extension of a bolt is similarly 
Mb/E Ib X Eb X a where Jj is the moment of inertia 
of the bolt area (Pig. 18). Consequently 

Mp = -^.Mb 
ib 


Now, since Mp and Mb counteract the external bending 
moment 


M = Mp -|- M.b 


so that 


Mp=M 


1 + Ip/Ib 


and Afft = M 


1 + Ip/Ib 


For the ordinary four-pole machines, 7, ~ 8 Ib, so 
that the bending moment carried by the bolts is 
actually very small; about 11 per cent. The bolts 
furnish mainly the static pressure between the plates. 
As a matter of fact, a bolt configuration having practi¬ 
cally no bending rigidity of its own, such as the case 
of a single bolt in the middle, would be entirely practical 
from this point of view. The only difference would 
be that the plates would then carry the entire bending 
moment, that is Mp = M. 

The actual deflection that is obtained under the 
external bending moment M is now easily calculated. 
For simplicity we may calculate the actual extension 
of a bolt, or a fiber of the plates at the radius Rb. This 
is 


Mp 

YJ- X ax Rb 


Ip 

M Ib 

El r X f X a X Rb 

^ * P 1-1- P 

Ib 


M 

~ £7(7,-1-7,) XaxBi 

showing that the rigidity of the rotor is determined by 
the moment of inertia of the plate area, plus that of the 
bolt area. This is an important feature of the plate 
rotor, in that the rigidity is not reduced by cutting out 
the holes for the bolts. In cases of very large varia¬ 
tions of the bending moment over the rotor length 
(very long rotors), this statement must be modified 
^ghtly; but the error in using the entire plate area, 
including the bolt holes, in computing shaft deflec¬ 
tions, is never more than about 2 per cent. 

It is evident from this that the critical speed of a 
plate rotor is practically the same as that of a solid 
rotor having the same effective area. In view of the 
practise of turning circmnferential grooves in the solid 
rotors for ventilation purposes it may even be said that 
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the plate rotor, for the same ventilation arrangement, 
furnishes greater rigidity than the solid rotor. 

From this fact it follows that the variation in stress, 
to which the bolts are subjected, is also very small. It 
is evident that the variation in bolt stress is exactly the 
same as that of a corresponding fiber of a solid rotor of 
the same cross-section. This stress is always very 
small,—it is only in the very longest rotors that it 
reaches 1000 lb. per sq. in. If it is remembered that 
the assembly stress is usually about 40,000 lb. per sq. 
in., it will be understood why this stress variation can 
be neglected. 

The variation in plate stress is somewhat larger, but 
even this is negligible. The maximum bending stress 
of the middle body, recorded so far, is about 1600 lb. 
per sq. in., while the assembly stress is usually above 
8000 lb. per sq. in. 

The theory has been advanced several times that the 
plate rotor would furnish appreciably damping to vi¬ 
brations, due to friction between its parts. It is evident 
from the above that the only friction occm-s between the 
bolts and the plates, and only when the bending 
moment varies an appreciable amount over the middle 
body. Special tests have been made to determine this 
difference in damping between a solid rotor and a plate 
rotor, but no such difference has been observed. In 
fact, cases are on record where the internal damping of 
a plate rotor was less than that of a solid rotor of the 
same size. Nor has any change in plate rotors been 
observed in this respect after several years of service. 

As a conclusion to the above discussion of the 
mechanics of the plate rotor, it can be stated that the 
plate rotor does not possess any limitations to increases 
in rotor length other than those furnished by the limi¬ 
tations of shaft deflections and critical speeds. In this 
respect, it is on par with the solid rotor.- Its inherent 
advantages are due to the possibility of using high 
grades of steel, independently of the size of the rotor 
body, and the better possibilities of rotor ventilation. 

Development of Rotor Materials: Large One-Piece 
Forgings. The attitude of the manufacturers with 
regard to the relative mo-its of one piece forgings and 
the sectional constructions has undergone important 
changes in the last two or three years. It is only a 
short time ago that most tu^bo designers were con¬ 
vinced that a satisfactory one-piece forging could be 
obtmned for any of the rotor dimensions within sight, 
if the price were forthcoming. The latest advance^ 
in the size of individual units has changed this con¬ 
dition; the present maximum sizes of rotors can no 
longer be built of one-piece forgings, regardless of price 
and specifications. 

The development of the plate rotor has been brought 
to a point where it is competitive in price even for rotors 
of about 76,000 lb. in weight; so that the conclusion 
that a plate rotor is necessarily more expensive than a 
one-piece forging is no longer true. 

The art of making large one-piece forgings will con¬ 


tinue in its development, however, and a few advances 
may easily upset these relative positions. Then, too, 
the plate rotor demands forgings of a respectable size 
for the shaft ends, so that no manufacturer of large 
tmbine generators can afford to be out of touch with the 
forging situation. It may be of interest, therefore, to 
review very briefly some of the problems encountered in 
preparing a one-piece rotor forging for a 37,600-kv-a. 
generator, weighing about 130,000 lb. 

The first forging attempted for this machine, was 
brought through in 1923. The ingot was cast from 
three heats of varying carbon content; the bottom heat 
having 0.46 per cent, and the top heat 0.29 per cent. 
The ingot weighed 217,000 lb., and a top discard of 
79,000 lb. was made before forging. 

After the forging operation it was given a heat 
treatment consisting of 1600 deg. fahr. normalizing heat, 
followed by lower temperature treatments. 

At this stage, tangential tests, taken from the ends, 
showed a jdeld point of 31,000 to 33,000 lb. per sq. in., 
an elongation of 10 to 19 per cent, and a reduction of 
area of 12 to 30 per cent. This was unsatisfactory, and 
two additional heat treatments were undertaken with 
somewhat higher normalizing temperatures, after which 
a complete series of tests was made in the radial, tan¬ 
gential, and longitudinal directions. All test pieces, 
with the exception of one, showed satisfactory properties, 
with elongation above 20 per cent and reduction of area 
of about 40 per cent. The exception was a tangential 
test from the top end of the forging; it gave a 3 ddd 
point of 44,000 lb. per sq. in., an elongation of 9 p^cent, 
and a reduction of area of 11 per cent. 

When the forging was turned, subsequently, con¬ 
centrations of slag pockets were observed near the first 
shaft fillet on the top end of the forging. The forging 
was rejected on the strength of this discovery, and 
subjected to a series of tests. The slag pockets were 
found to extend into the forging, and a chemical 
analysis established that carbon segregation had taken 
place. The carbon content at the top end of the 
forging was found to be 0.62 per cent, and at the bottom 
end, 0.26 per cent, showing a reverse condition from 
that in the ladle analysis. 

A second one-piece forging for the same size of 
machine was brought through in 1926. In’the prepara¬ 
tion of this forging special care was applied throughout, 
and the pouring into the ingot was made with baac 
steel at the bottom, and add steel at the top. The 
ingot was not allowed to cool below a cherry red heat, 
before which it was transferred into the forging furnace. 
Special precautions were taken in the forging operation, 
such as v-tooling before necking, and a very careful 
adjustment of the reductions obtained in each operation. 
The heat treatment consisted of a high normalizing 
heat of 1760 deg. fahr. followed by additional lower 
temperature treatments. One important improvement 
was hollow boring of the forging before the final heat 
treatment, not only to facilitate bore search, but to 
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procure greater uniformity of temperature and faster 
penetration of the heat. 

The test results showed uniformly satisfactory 
properties in the three directions with a yield point of 
about 30,000 lb. per sq. in., an elongation of about 
32 per cent, and a reduction of area of about 66 per cent. 
The endurance limit was found to be about 27,000 lb. 
per sq. in. 

It is evident that perfectly reliable forgings can 
be obtained only through the application of the greatest 





Fig. 19—^Forged and Rolled Turbo Plates 

care and the utilization of the latest advances. The 
performance related for the second forging has been 
repeated subsequently on smaller forgings, but this 
special treatment raises the price to a point where 
one-piece forginp cease to be competitive with the 
plate construction. 

The question of test procedure is of vital importance 
in this connection. If the demand on ductility can be 
VTaived, particularly for the tangential direction, the 
price of one-piece forginp can be reduced considerably, 
and it may be possible to raise the yield point. 
Whether this can be done without too much risk, is a 
question which must remain open until more knowledge 
of the factors which contribute to failures are available. 

Materials for Plate Rotors. The earliest constructions 
were made up of 2% in. rolled plates, machine d to a 
thickness of 2 in. The material was rolled out in slabs, 
large enough to give six rotor plates with ample discard 
on the sides and on the ends. The material was 30 
per cent carbon steel with a 3 deld point of about 40,000 
lb. per sq. in., elongation of about 26 per cent, and a 
reduction area of about 46 per cent. The material 
it^ was fairly inexpensive, but the machining cost was 
high on account of the great number of surfaces in a 
rotor. The directional alignment of the structure, due 
to rolling, was pronountod, so that certain variations 
in ductility were obtained parallel to, and at right 
angles to, the direction of rolling. In addition, it 
sometimes possessed considerable internal stresses. 


A nickel steel (about 3H per cent Ni) was used in a 
number of machines, where it was desirable to have a 
rield point somewhat higher than that of the carbon 
steel. 

The development of a thicker plate material, having 
a more favorable structural alignment, was started a 
few years ago by W. J. Merton. 

The first attempts consisted in obtaining a plate 
which was pressed out from a cylindrical ingot and sub¬ 
sequently rolled out in a tire mill, (Fig. 19). Probably 
the most important advancement in the new practise 
was a heating of the disks above forging temperature, 
followed by a normalizing treatment, and then by an 
annealing, relieving the internal stresses.^ The im¬ 
portance of this heat treatment is seen from the fact, 
that while the plate, as rolled, had an elongation of 
four per cent and a reduction area of 8 per cent, after 
the final treatment these values were brought up to 
20 per cent and 36 per cent, respectively. The jdeld 
point remains practically unaltered, at about 46,000 
Ib.persq. in. 

By this method it was possible to produce carbon 



Pig. 20—^Micbo Photographs op New Plate Material 

steel plates of a thickness up to about 8 in., having in 
some respects properties superior to the flat rolled 
plates, at a price only slightly higher than that for the 
flat rolled plates. The increase in price was more than 
offset by the reduction in machining. 

The next step in tihe improvement of the plate 
materials was obtained by piercing the pressed disk 
and carrying out, the remaining operation by forging on 
a mandrel, instead of rolling. The heat treatment 
conrists of a thorough annealing above finish-forging 

7. W. J. Merton, American Society for Steel Treating Ninth 
Annual Convention, Sept. 1927. 
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temperature, a reheating and quenching in water, 
and then additional reheating for drawing. 

By this process it has been possible to obtain a yield 
point of about. 65,000 lb. per sq. in., an elongation of 
25 per cent, and a 50 per cent reduction of area in disks 
of 0.45 per cent carbon steel. The properties in the 
tangential and radial directions are practically the 
same, and the material has an extraordinarily fine grain 
structure, as shown in Fig. 20. The micro-photographs 
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(from which the figure was made) were taken from 
three different i>lates. Fig. 21 gives an external view of 
one of the.se plates after rough machining. 

The development of this material represents a most 
importent contribution of the metallurgists to the 
solution of the problem of designing these extremely 
large size units. Its use has enabled the designer to 
maintain ample factors of .safety, to increase the output 
from a rotor of given over-all dimensions (because 
of superior strength of the material), and to lower the 
over-all cost. 

It is not possible, so fai* as the authors know, to 
obtain material of this quality, in carbon steel forgings 
for large size rotors (over about 75,000 lb.), at any price. 
The possibility of obtaining it at a low price makes the 
plate rotor of even greater attraction to the designer 
than heretofore. 

The development of the materials for the end forgings, 
may be regarded as a part of the development of solid 
forgings; although the problems in the shaft ends are 
not as accentuated as in one piece forgings, due to the 
relatively small size. 

The bolts form one of the most vital elements of the 
plate rotor, and the .selection of bolt material is of 
paramount importance. 

The usual material up to a few years ago, was 
chrome-nickel steel, having a yield jwint of about 
100,000 lb. per sq. in., an elongation of 20 per cent, and 
a 60 per cent reduction of area. This was superseded 
by a molybdenum-nickel steel, having somewhat 


higher 3 deld point and reduction of area. The real 
virtues of the molybdenum-nickel alloy, however, have 
been attributed to the difference in Izod-impact test, 
which is almost twice as high for the molybdenum- 
nickel steel as for the chrome-nickel steel. 

A similar material is used for the coil retaining rings, 
where the demands on stress are of the same order as 
those of the through bolts. A considerable amount of 
development has been carried out on the problem of 
obtaining satisfactory coil retaining rings of non¬ 
magnetic steel. Such steels are in use, but their chief 
objections are high cost and difficulty of machining. 

Problems Encountered in Building Plate Rotors: The 
BoU Threads. In most of the present fom-pole rotors, 
the bolts have a diameter of 5 in. When it is remem¬ 
bered that these bolts carry a stress at the root of the 
threads of about 40,000 lb. per sq. in., and that this 
stress must be maintained indefinitely, it is evident that 
the design and the cutting of the threads call for more 
than ordinary care. 

The question of stress concentration in the bolts is 
clearly of great importance, because the average stress 
must be maintained fairly high. As usual, in cases of 
ductile materials under steady stress, the existence of a 
certain stress concentration does not indicate failure 
when the maximum stress reaches the yield point, 
because the yielding itself causes a readjustment of the 
stress. In judging the merits of different types of 
threads, however, the factor of stress concentration is of 
sufficient importance to furnish a reliable aid in select¬ 
ing the most favorable type. 

Certain interesting results were obtained in 1925, 
by R. V. Baud, by photo-elastic measurements on 
various types of threads. The threads investigated 
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Fig. 22—^Types op Thread 


were Whitworth (somewhat modified). Acme, and 
Buttress threads, (Kg. 22). Table II gives the results 
of these tests in terms of factors of stress concentration. 

The models tested w^e made to a certain scale from 
the actual threads on a five-in. bolt with four threads 
per in. The factor of stress concentration expresses the 
ratio of the maximum stress obtained by the photo¬ 
elastic experiments to the average stress, calculated by 
ordinary beam formulas. 
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TABLE II 


Type of thread 

Radius of 
illlot inches 

Factor of stress 
concentration 

Whitworth. 

0.027 

1.75 

Acme 1. 

0.C03 

2.66 

Acme 2. 

0.013 

2.00 

Acme 3... 

0.023 

1.75 

Acme 4. 

0.045 

1.54 

Buttress... 

0.023 

2.46 


This comparison gives very favorable results for the 
Acme type of thread with large fillets at the bottom, 
and this type has been adopted. The threads in use at 
present are 29 deg. Acme threads with a 0.023-in. 
fillet at the bottom. 

There is another, and more important, source of stress 
concentration in the bolts, which has been investigated 
very thoroughly during the last two years. This 
concerns the distribution of the load on the different 
threads. It is evident that, due to the extension of the 
bolt and the compression of the nut, there will occur a 
certain difference in pitch, which will tend to throw a 
heavier load on the &st threads in the nut. In bolts 
of ordinary size and moderate loads this question is 
relatively unimportant, but on large bolts under heavy 
load it may cause serious stress concentration in the 
bolt, near the first threads. 

An analysis of this problem was made for the first 
time in 1925 by S. Timoshenko and J. P. Den Hartog; 
and it was found that if no yielding occurs the load 
distribution on the threads is very far from uniform. 
Fig. 23 shows the results that were obtained for a five- 
in. diameter bolt, cut with Acme threads, four threads 
per in. The length of the nut is seven in., and the 
threads are assumed to be cut with no clearances and 





Pig. 23—^Theobetical Distmbbtion op Load on Bolt 
Threads 

equal pitch in bolt and nut. It is evident from this 
result that the major share of the load is carried by 
about six threads from the bottom of the nut. 

Several solutions have been advanced to eliminate 
this condition, among which may be mentioned cutting 
the threads to unequal pitch in bolt and nut, and 
arranging the nut in such a maimer that the threaded 
portion is in tension. These solutions had to be dis¬ 
carded, however, since they demanded an accuracy in 
cutting the threads which could not be attained even 
witii special precision tools. 

Further study of the problem has shown, however, 
that the load concentration on the fiirst threads is so high 


that yielding will occur. After this yielding has taken 
place, the load is transferred to additional threads, until 
the maximum load can be sustained. The load distri¬ 
bution is then of the tsrpe shown in Fig. 24. It was 
found that this yielding begins at about 60 per cent of 
the maximum load. The yielding is very minute 
however, and the actual displacements are of the order 
of machining inaccuracies. 

The most important concrete result of this invest!- 


iiuro 



PiQ. 24 —^Actual Distribution op Load on Bolt Threads 

gation was that it was shown unnecessary to have the 
nut longer than one-bolt diameter; in fact, where 
practical conditions so require, the nut may be made 
considerably shorter than one diameter of the bolt. 

The Problem of Assembly. Before the assembly the 
plates and the shaft ends are machined, and the bolt 
holes drilled. The rotor plates are then stacked, and 
when the stacking is completed, the structure is held 
together by temporary bolts. The bolt holes are then 
reamed and the regular bolts inserted and tightened. 

In the earlier rotors it was customary to tighten the 
nuts by a crane, and record the torque required by a 
scale beam on the crane. This method was found to 
give erratic results, due to variations in the finidi and 
lubrication of the threads and seats of the nuts. This 
method was then superseded by determining the bolt 
stress, by the total elongation of each bolt, which 
proved to be quite satisfactory as far as final results 
were concerned. It was comparatively slow, however, 
and in certain cases considerable variations of the 
wrench pull, which could not be accounted for, were 
obtained. 

For these reasons, a special pulling machine was 
developed by G. M. Eaton, whereby it is possible to 
stretch the bolts to their correct stress (and if necessary 
to a certain over stress) before the nuts are tightfin^ 
up. The introduction of this equipment has proved 
to be a very valuable improvement, and the uniformity 
of the results is no less an advantage than the inoreased 
production. 

The arrangement of this bolt puller is shown in 
Fig. 25. Two bolts, diametrically opposite, are pulled 
up at one time. The puller is attached to the ehd of the 
bolts, outside of the nuts, and when the load is raised 
to its specified value, the nuts can be run on by a Rmali 
hand wrendi. The actual stress in the bolts is checked 
by the elongation, after the puller is slackened up. The 
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bolts are tightened in steps until the final load is 
reached. After machining, the rotor is again returned 
to the puller, and the bolts are subjected to a temporary 
over stretch, which is left on for a short time, after 
which the load is backed off to normal. 

Details op Rotor Construction 

In the present tsTie of machines the maximum rating 
that can be obtained from certain core dimensions is 
limited by the heating of the rotor. There are two 
methods by which this limit can be raised. One is to 
provide more room for copper by deepening, or widen¬ 
ing the slots, or by changing the insulation arrangement. 
Changes in slot dimensions, within the limits set by 
saturation of the rotor teeth, can be obtained only by 
the introduction of better rotor materials. The other 
is to improve the rotor ventilation. The developments 
of the last years have been concerned with both of these 
method?, but the most important change has been 
accomplished by improving the rotor ventilation. 

The problem of rotor cooling is a most diflScult one, 
because of the difficulty of studying the actual condi- 



Fig. 25—Puller for Turbo-Rotor Bolts 


tions with the rotor in motion. This problem is being 
investigated by the use of stationary and rotating 
models, and it is expected that the results of these 
investigations will throw further light on the rotor 
ventilation phenomena. 

One of the most important advantages of the plate 
construction lies in the possibility of obtaining radial 
ducts between the plates, communicating with the 
axial ducts. For this reason the rotors of Westinghouse 
generators have always been cooled by air circulated 
through the body. Fig. 26 shows the original arrange¬ 
ment of this system of rotor ventilation. The axial 
vent ducts are cut at the bottom of the slots, and com¬ 
municate with the air gap through radial ducts, whidx 
are milled out of the rotor plates before assembly. 

The introduction of rotor plates with a large central 
bore made possible a modification, which will increase 
the volume of air going through the rotor. Fig. 27 
shows a cross-section through one of the rotors with the 
modified system of ventilation. Oblique holes are 


drilled in the shaft ends before they are assembled with 
the plates. These holes carry a part of the cooling 
air to the center of the rotor. The remainder is carried 
through axial holes through the teeth in the end portion 
of the rotor. Radial slots are cut down along each 
rotor tooth before the plates are assembled, and these 


Pia. 26 —Original System or Rotor Ventilation 

slots serve to discharge the air from the center of the 
rotor. In this construction there is no change in 
direction of the air at high velocities and, therefore, 
the pressure drop is decreased. In the older design it 
was necessary to provide a steel cell in tiie slots to 
protect the mica lining where the coils were adjacent 


Pig. 27—^Modified System op Rotor Ventilation 

to the air ducts. In the improved construction, the 
steel cell can be omitted and the corresponding space 
made available for copper. With the plate construc¬ 
tion it is thus possible to obtain a cooling system without 
resorting to drilling a number of radial holes in the 
teeth. The arrangement of the end windings has been 
subjected to considerable development. 

In the earlier constructions the coil retaining ring, 



Fig. 28—^Arrangement op Coil Retaining Ring and End 

Plate 

t 

Fig. 28, wras assembled on the end plate, at A, and on 
the rotor body, at B, with an ordinary iron-to-iron 
fit wdthout ^rink allowance. The end plate was 
usually put on the shaft, at C, with a slight press fit. 
The insulation under the retaining ling consisted of 
two layers of mica each 1/16 in. thick. 
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It is evident that this insulation has an unusually 
heavy duty to perform, being subjected to a continuous 
pressure of over 5000 lb. per sq. in., in certain cases; to a 
high temperature; and to frequent shearing action, due 
to expansion and contraction of the coils. In 1923, 
looking ahead to these larger units, a new insulation was 
developed, consisting of channels made of molded 
asbestos, which were put over the coils, and the retain¬ 
ing ring was lined with the same material. A series of 
tests was made to investigate the properties of the new 
insulation, by subjecting it to approximately the same 
cycles of pressure, temperature, and shearing action as 



Pig. 29—^Arrangement of Coil Retaining Ring and End 

Plate 

in the actual rotor. It was found that while the old 
insulation broke down under 365 temperature cycles, 
the new insulation was still intact after being subjected 
to 1800 heat cycles.® 

As the size of the individual units increased, and it 
was necessary to raise the stress in the coil retaining 
ring, it was fo\ind that the expansion of the retaining 
ring under this stress amounted to as much as 0.050 
in. on the larger units. Naturally, with this expansion 
the centering of the retaining ring was no longer ade¬ 
quate, and the eccentric displacements that were 
possible were great enough to affect the balance of the 
rotor to an appreciable extent. 

The logical solution for this difficulty would be to 
provide shrink fits at A B and C, (Fig. 28); and deter- 
min e the shrink allowance in such a manner that the 
fits would have a cei^n necessary minimum pressure 
at the over-speed. It is evident, however, that, since 
the retaining ring then forms a rigid extension to the 
rotor body, most of the bending rigidity of the rotor 
between the planes A and B would be provided by the 
retaining ring and thus cause very heavy reactions on 
the end plate, and on the fit at C. It was found that 
these reactions were great enough to disrupt the shrink 
fit at B, and cause the ring to work loose. In order to 
provide for this possibility, the fit at A, between the 
retaining ring and the end plate, has been made loose, 
with a clearance great enough to absorb the differential 
deflection of the rotor between the planes A and B. 
The end plate is shrunk on the shaft, and furnishes a 

8. “Trends in Turbine Generator Development,” by F. D. 
Newbury, Electric Journal, July, 1927, p. 334. 


rigid base for application of balance weights, and for 
attachment of the fan. 

A further modification of this design is shown on 
Fig. 29, where the end plate has been left entirely clear 
of the shaft. Heavy shrink fits are provided at both 
A and B, and the fits are made with retaining flanges to 
prevent the ring from coming loose under the influence 
of centrifugal forces from heavy balance weights in 
the end plates. This construction is ideal, in that it 
completely eliminates the disturbances due to weaving 
of the retaining ring, and it furnishes an unobstructed 
passage for the ^ into the rotor. 

It w^ thought at first that the practise of shrinking 
the retaining ring on the rotor and on the end plate 
would cause very large reactions on the fits at stand 
still. It is true that if the entire radial force of one of 
the large retaining rings had to be supported by the fits, 
the ring would probably fail due to shear. It is a 
fortunate incident, however, that the retaining ring 
assumes an hom'-glass shape at stand still, so that the 
major part of the radial force is eliminated by contrac¬ 
tion in the middle. 

The curves in Fig. 30, illustrate this condition for 
the size of retaining rings used on 1800-rev. per min. 
machines. It is seen that if both ends of the ring are 
shrunk on a solid piece, the middle contracts about 
80 per cent of the shrink allowance. On the smaller 
retaining rings for 3600-rev. per min. machines the 
middle actually contracts to a smaller diameter than 



Fig. 30—Deformation op Shrxjnk-on Coil Retaining Ring 
AT Stand Still 

that given by the unstressed state. When one end is 
shrunk on, only about half of the ring is affected. As a 
result of this, the reactions on the fits at stand still are 
actually about 25 per cent of the full raffial force. 

This condition produces another important advan¬ 
tage, in that it is possible to press on the rings cold, with 
re^onable press capacity; about 750 tons being suffi¬ 
cient for the largest rings made so far. 

The problem of constructing internal fans has become 
increasingly difficult for the great amounts of air 
required for these rotors. A new type of fan with 
axially curved blades was developed by C. J. Fech- 
heimer .ip which the bejiding stresses on the blades, 
caused by centrifugal forces, were modified into tensile 
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and compressive stresses, (Fig. 31). With the use of 
this fan it is possible to equip 1800-rev. per min. ma¬ 
chines of 75,000-kv-a. rating with internal fans. 

Critical Speeds 

Earlier Conceptmts and Design Ldmitatians. The 
problem of critical speeds in the rotor structure has 
played a peculiar role in the development of turbo 
generatoi-s; and its influence in placing limitations on 
the rotor dimensions represents a striking example of 
the fact that complete absence of theoretical analysis 



Kl<}. 31 NkW CoNSTUllCTION OF INTERNAL BloWEU 

is sometime.s to be prefen ed to unreserved faith in the 
results obtained by a faulty or partial analysis. 

In the early stages of the development it was generally 
considered impossible, or at least undesirable, to run the 
machine through any of its critical speeds, and the rotor 
proportions were definitely limited by the demand that 
the calculated critical speed must be well above the 
operating speed. The gradual enlargement of 3600- 
rev. per min. units soon made it necessary to readjust 
this conception, and De Laval’s demonstrations of the 
self-centering properties of a flexible shaft furnished 
proof of the practicability of running through the critical 
.speeds of the rotor without danger. This demonstra¬ 
tion was made about 30 years ago, and the theoretical 
explanation of the phenomenon followed soon after; 
but it took considerable time before this idea was ac¬ 
cepted by practical designers. Thus it is not more than 
about 15 years ago that the practise of designing 3600 
and 3000 rev. per min. machines to run through the 
lowe.st critical speeds was firmly established. 

At that time there was considerable hesitancy on the • 
part of the designers to extend this reasoning tofour- 
and six-pole designs, primarily because the demand for 
large units in these t 3 q)es was not yet sufficiently great. 
It is certain, however, that the old conceptions of the 
danger of critical speeds played an important role in 
retarding the natural expansion of the low speed units. 
When the demand for large units became sufficiently 
strong, this barrier was finally broken down, and about 
five years ago the Westinghouse E. and M. Co. no 
longer felt hampered in the extension of large units to 
sizes where it was necessary to run through the first 
critical speed. 


Influence of the Flexibility of the Bearing Supports. 
As the numbers of units in active service increased, the 
troubles due to vibrations gradually began to form an 
appreciable portion of the expense of installing and 
bringing these large machines into satisfactory opera¬ 
tion. A survey of these troubles brought about the 
surprising result that the large units, opera,ting well 
above the first critical speed, generally caused less 
vibration ti’oubles than the smaller units of a similar 
design, believed to operate below the first critical 
speed of the rotor. Vibration tests on a number of 
units of the latter type disclosed the fact that the first 
critical speed of the rotor, when mounted in its actual 
bearings, may be far below its calculated value. In 
certain cases the critical speed was found to be less 
than one-half the value predicted by calculations of the 
rotor, while in others it was found very near the operat¬ 
ing speed. 

The quantitative influence of flexibility of the bearing 
supports is most easily understood by considering the 
simplest case of a single concentrated mass on a flexible 
shaft in two supports. It is a well known fact that the 
critical speed of this an-angement corresponds to the 
natural frequency of lateral vibrations in one plane. 
Thus, if the shaft deflection under the influence of 
gravity is yi, the critical speed, N„ corresponds to the 
natural frequency in cycles per min. of a mathematical 
pendulum of length y, that is 

N, = -1^ J — = 187.7 J -- rev. per min. 

2n y y My 

The stator deflection of the rotor has no other signifi¬ 
cance than that of being a measure of the flexibility of 
the shaft. The critical speed remains the same whether 
the shaft is rotated in the vertical or horizontal position, 
in fact it would remain unchanged if the intensity of 



Fig. 32—Singl3c Rotor Span in Two Flexible Bkautngs 

the gravitational attraction were changed, or if it dis¬ 
appeared altogether. 

As far as the natural frequency of vibration is con¬ 
cerned it is immaterial whether the elastic static de¬ 
flection occurs in the shaft itself or in elastic members in 
its supports. We may thus consider the rotor deflection 
as made up of two components; j/i due to the flexure 
of the shaft itself, and yt due to the flexure of the bearing 
supports (Fig. 32). The critical speed is then 

Nc = 187.7 J --rev, per min. 

’ Hi + f/2 

It is evident at once that this critical speed is lower than 
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that obtained for the rotor in rigid supports; the reduc¬ 
tion being dependent upon the relative magnitude of 
yiandj/2. 

It is thus a fairly simple matter to obtain an approxi¬ 
mate value of the critical gjeed when the bearing 
supports are flexible. The actual conditions of motion 
of the rotor body are quite complicated, however, and 
several aspects of the problem are not fully known. 
This applies particularly to the case when the bearing 
supports have different flexibilities in the horizontal 
and the vertical directions. The information available 
at the present time indicates that the natural fre¬ 
quencies in the direction of maximum and minimum 
flexibility give the critical speeds with sufficient ac¬ 
curacy. This result must he considered in the nature 
of an empirical result. Ordinarily, the maximum 
flexibility occurs in the horizontal direction. Thus, 
most two-bearing machines will be fomd to have two 
critical speeds, both somewhat below that calculated 
for the rotor in rigid supports. Fig. 33 shows the 
general speed-amplitude curve that is obtained from 
one of the hearing supports of an arrangement of this 
kind. Experimental curves of this nature form one of 
the most important means for scientific analysis of 



Pig. 33—General Type op Resonance Curves fob 
Machines Operating in Flexible Bearings 

vibration problems. Such curves will be referred to as 
resonance curves. 

The reduction in critical speed due to flexibility of the 
bearing rapports is most marked for machines with a 
high criticeil speed of the rotor on rigid supports. It is 
evident from the above formula that, even if the shaft 
deflection yi, could be reduced to zero, corresponding to 
an infinite value for the critical speed of the rotor in 
rigid hearings, the actual critical speed, now determined 
by Vi alone, may still fall below the operating speed. 

This is actually the case for most machines in the 
1800-rev. per min. class, having a rotor weight over 
approximately 50,000 lb. Willi the most sturdy design 
of the hearing supports, whidi have been used so far, 
it has been found that the actual critical speed can¬ 
not be brought above about 1900 rev. per min., no 
matter how rigid the rotor structure. For rotors of 
this type, having a calculated mtical speed of about 
2400 rev. per min., the actual critical speed will usuafly 
fall around 1200 rev. per min. A similar situation 


exists with machines of the 3600-rev. per min. class, 
when the rotor weight exceeds about 6000 lb. Here the 
possible upper limit of the critical speed is about 3200 
rev. per min. 

tW, while the designer may be able to control the 
rigidity of the rotor structure to a certain extent by 
changes in the rotor proportions, he is usually not able 
to influence the rigidity of the bearing supports to any 
appreciable extent. The natural limitations of the 
construction of the stationary parts, and the materials 
involved, prevent increases beyond certain limits. 
In addition, the oil film in the bearings provides a 
certain unavoidable flexibility. The available informa¬ 
tion on the subject of elasticity of oil films is very scant, 
but those investigations that have been made® indicate 
that the oil film can be considered as a mechanical 
spring interposed between the shaft and the bearing. 

So far, the discussion has been restricted to the 
fundamental mode of motion of the rotor, and no 
reference has been made to the complications arising 
from the fact that most machines are operated in more 
than two bearings. The influence of the bearing 
flexibility upon the second critical speed of the rotor 
is similar to that of the first, but the lower limits of 
critical speeds are considerably higher. In the largest 
machines under construction at the present time the 
second critical speed of the rotor is of major importance, 
and it has been found that a reduction of about 30 per 
cent, from the value calculated for rigid bearings, must 
be considered. The conditions in multiple-bearing 
machines, with rigid couplings, are somewhat more 
complicated but the problem is susceptible of theoretical 
analysis, the only difficulty being in fixing values for the 
flexibility of the bearing supports. 

It is evident from the above that critical speeds above 
the operating ^ed of 1800 rev. per min., as well as 
most 3600-rev. per min. machines, are practically 
impossible of realization; notwithstanding the fact that 
purchasers of electrical machines frequently include a 
clause of this nature in their specifications. 

The General Foundation Problem. The flexibility of 
the bearing supports is only one of the factors that 
cause the great discrepancy between calculated and 
observed critical speeds. A fully satisfactory perspec¬ 
tive of the situation is obtained only when the entire 
unit, with its foundation, is treated as one problem. 
It is here that the real limitations of mathematical 
analysis come to light, and the machine designer is made 
to feel the true importance of intuitive judgment and 
good luck. 

In order to arrive at an understiuiding of the 
mechanics of the systems that are obtained when the 
entire machine, with its foundation, is treated as a unit, 
it is necessary to represent the system by a dsmamical 
model, where the dsmamically essential features are 

9. Stodola, Sehweizerisohe Bavadtung, May 23, 1925* 
Hummel, V. D. /., Forchungs Arbeiten, Heft 287. 
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emphasized, and the non-essentials hidden. Such 
a dynamical model must be constructed separately for 
both the vertical and the horizontal directions, but the 
difference is usually only in the magnitude of the various 
system constants, and not in the arrangement. 

Fig. 34 illustrates a typical layout of a foundation for 
an 1800-rev. per min. machine; and Fig. 35 represents its 
dynamical model. 

It is imnecessary to point out that models of this 
type represent very rough approximations of the actual 
systems, and certain parts must be modified further 



Fir;. 34 —Example op Foundation foe 1800-Rev. pee Min. 
Tubbinb Gbneeatoe 

before they jdeld practical results. A reasonably 
complete analysis can be made, however; the chief 
difficulty lies in the lack of knowledge of the system 
constants involved. It is worthy of note that even if 
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Fig. 35—Dynamical Model for Four Bearing Tdrbine 
Generator and Foundation 

complete mathematical analysis is not made, certain 
results of importance can be obtained by direct inspec¬ 
tion of the dsmamical models. As an example of this 
may be mentioned a condition which is obvious from 
inspection of the dynamical model shown in Fig. 35. 
It is evident that the amplitude of vibration of the 
bearing A, produced by a disturbance in the rotor 
mn-qs wi, depends to what extent the nearest stationary 
mass, m 3 , is made to take a part of the motion. This 
reveals a relation which has not always been observed 


in the present foundation designs, namely, the neces¬ 
sity for effecting an intimate mechanical connection 
between the rotating and the stationary masses. 

Apart from the general considerations of this nature, 
however, successful operation always demands that no 
condition of resonance exist near the operating speed. 
The system shown in Fig. 35 has four distinct resonance 
frequencies for the vertical and horizontal directions, 
maidng a total of eight resonance peaks; of which some, 
may overlap and some may fall wholly outside the 
operating range. In machines of great lengths it may 
even be necessary to consider the rotational vibrations 
of the rotor and stator masses as well, thus increasing 
the number of resonance peaks further. 

The term “critical speed" now assumes an entirely 
different significance from the ordinary conc^tions of 
critical speeds in the rotor alone. The chief object of 
the analysis is to enable the machine to run in a hollow 
of the resonance curve; and there are, evidently, no 
simple rules that will accomplish this result. 

It may be of interest to show some of the experi- 


aoo6 




Fig. 36—Resonance Cueves poe Genbeatoe Pedestal op 
Foue Bbaeing Tuebinb Genbeatoe Expeeimbntal Result 
Obtained feom Areangbmbnt shown in Fig. 34. 

mental results obtained from the actual installations 
which have furnished the justification for this treatment 
of the problem. 

Fig. 36 shows the resonance curves that were obtained 
from a 26,000-kv-a. unit of the type shown in Fig. 34. 
These curves were obtained from the outboard pedestal 
of the generator end A. Each one of the peaks ob¬ 
tained on these curves could be accounted for, at least 
approximately, by analysis. The maximum peak for 
horizontal motion occurred at 1200 rev. per min. 
This was found to represent the fundamental critical 
speed of the rotor, which was calculated to 2380 rev. 
per min. for rigid bearings. 

Prssent Design lAmitcUions. Further progress is 
necessary before the designer of large turbine generators 
<»nTi a definite stand with respect to the design 
limitations made necessary by critical speeds. At the 
present time two methods of approach are possible. 
One is to continue along the old channels of thought 
and discuss the problem in terms of critical speeds of 
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the rotor, making such allowances for the foundation 
influence as experience will indicate. The other is to 
attack the foundation problem aggressively, and regard 
the rotor proportions with no greater emphasis than is 
demanded by its place in the foundation problem. 

Whatever method adopted, it is evident that the old 
conceptions of placing limitations on rotor dimensions 
based on the critical speeds of the rotor alone, in rigid 
bearings, must be modified. The development of 
large units was needlessly hampered by the old con¬ 
ventions of critical speeds, and by adhering to these 
conventions, certain designs were actually made with 
erroneous rotor proportions. This applies to almost 
all of the larger machines designed to run below the 
first critical speed. 

Apart from these considerations, however, there are 
certmn problems which demand immediate attention. 
Probably the most important point at the present time 
is the question of what is the absolute lower limit to 
which the critical speed of a rotor can be brought with¬ 
out danger. At the present time, very few machines 
have been constructed with critical speeds below 900 
rev. per min., corresponding to a maximum shaft 
deflection of about 0.045 in. There are, as yet, no 
indications that the operation of a rotor of this type is 
accompanied by any dangers or unusual troubles. 
As the demand for large units increases, however, rotor 
deflections of 0.100 in., and critical speeds of about 700 
rev. per min. will be necessary. 

An investigation of the probable trend of the develop¬ 
ment of Westinghouse machines of the 1800-rev. per 
min. class has shown that the capacity can be increased 
to about 120,000 kv-a. before the second critical speed 
of the generator rotor must be considered. At that 
capacity, the fundamental cirtical speed will be of the 
order of 700 rev. per min. It may be necessary to 
screen off certain core lengths on the present, maximum 
diameter between about 120,000 and 150,000 kv-a. but 
above this limit it is still theoretically possible to extend 
the rotor length and the capacity still further. How 
far this can be carried is entirely problematical. 

It is believed, however, that the bending stress in the 
rotor might play an important role before the limit in 
critical speed and rotor deflection is reached. This 
bending stress is alternating, and, taking into considera¬ 
tion the probable conditions of stress concentration, 
and the fact that it exists in conjunction with certain 
other stresses, there will probably be considerable 
hesitancy on the part of the designers to raise this 
stress far above 5000 lb. per sq. in. with present rotor 
materials. This will limit the output to a value around 
160,000 Ipr-a., but a considerable amount of further 
research is necessary before this figure can be estab¬ 
lished definitely. 

In addition to this limit of the bending stress there 
^e certain other features to be considered. Pi n ce no 
journals are absolutely uniform, and no rotor has an 
absolutely uniform deflection in all directions, it is 


evident that, as the rotor deflections are increased, the 
effects of these errors may also be increased. The 
danger from this source lies primarily in the danger of 
producing resonance with the second critical speed. 
It is not possible to place a limit on the rotor length 
from this consideration, but it is conceivable that much 
longer rotora than those built at the present time may 
give trouble on account of these causes. 

The question of instability of the rotor in the air-gap 
will probably not be of consequence for any of the rotor 
lengths in sight at the present time. Unless the air- 
gaps are materially increased it is conceivable that this 
feature of the problem must be considered when shaft 
deflections exceed 0.100 in. 

In conclusion it may be stated, therefore, that the 
development towards larger, individual units has not 
yet reached the point where a definite limit can be 
established. The results that are obtained when the 
units, under construction at the present time, have been 
put into service may conceivably add further elements 
to the discussion; but it is almost certain that if the 
demand for large units is maintained, the next decade 
will witness no less striking undertakings in this 
respect than the present. 

Balancing and Vibration Problems in the Shop 
AND in the Field 

Apart from the problems incidental to the building of 
the rotor body, its machining, the winding, and the 
assembly, the vibration problem figures very promi¬ 
nently in the process required to bring a machine into 
satisfactory operating conditions. 

One of the primary requirements for smooth opera¬ 
tion (apart from the question of design), is an accurate 
balance of the rotating parts. The Westinghouse Co. 
realized the importance of this process for large, high¬ 
speed machine? at an early stage in the development, 
and its first balancing machine for this purpose was 
constructed more than 10 years ago. This machine 
had a capacity of 260,000 lb. and has been in continuous 
operation in the Turbine Works at South Philadelphia. 
In 1923 a similar unit, with a maximum capacity of 
300,000 lb., was installed at East Pittsburgh. Similar 
equipment has been added, subsequently, for the 
3600-rev. per min. machines. The construction of these 
machines, and the method of operation, is practically 
the same.’® 

With this balancing equipment the process of obtain¬ 
ing a practically perfect balance is a simple matter, 
but it has been found that the balancing process alone 
is not sufficient to insure smooth operation, except for 
the small units. Due to the mechanical imperfections 
of the coils, and their insulation, certain distortions of 
the rotor structure take place during the first hours of 
heating and rotation. It has been found necessary^ 
therefore, to subject each rotor to a defiboite seasoning 

10. “Balancing Large Rotating Apparatus,” L. 0. Metdier, 
Eleetnc Journal, January 1924, p. 5. 
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process at full speed and maximum field temperature, 
and sometimes a stable condition is not obtained until 
after several days of seasoning. The rotor is heated 
by current through the field windings, and the season¬ 
ing is carried out in a special test rig arranged for this 
purpose. In order to maintain the field temperature 
sufficiently high it is usually necessary to enclose the 
rotor in a heater box, which is made of wood in order to 
eliminate heating by eddy currents. After a sta¬ 
tionary state of balance is reached at full speed and 
maximum temperature, it is not unusual to find that 
the balance at room temperature and low speed is 
different. Ordinarily, however, a well seasoned rotor 
will maintain a permanent balance under all conditions 
of operation. No particular difference has been ob¬ 
served in this respect between plate rotors and solid 
rotors, some of the latter ts^pe having been very slow 
to become stabilized. 

Even with the utmost care in these preparations of the 
rotor, the manufacturer is never completely guarded 
against troubles in the field, so that field balanc¬ 
ing is a very important element of turbine-generator 
installation. 

The cause of these field troubles is occasionally an 
actual slip in the shop process, and sometimes it may 
be traced to incorrect alinement; but in the majority 
of cases the troubles can be traced to unduly sensitive 
foundations. It is very seldom that a fundamental 
reconstruction of the foundation can be made, however, 
and the universal cure (which generally succeeds in 
eliminating the trouble) is to effect greater precision 
in the rotor balance by hand-balancing. These field 
troubles are always a source of inconvenience to the 
customer, and of unexpected expense to the manu¬ 
facturer, but they have had one concrete result of 
importance, in that it is through these field troubles 
that the available knowledge of the properties of founda¬ 
tions has been gained. 

Hand-balancing has always been regarded as more or 
less of a mystery, the secrets of which have been avail¬ 
able only to a select few. The development of the art 
during recent years has dispelled a considerable portion 
of this attitude, however, and the systematic methods 
in use at the present time invariably yield quick 
results, provided that a cure is obtainable through 
balancing alone. 

It is in this connection that the application of vi¬ 
bration instruments has been particularly valuable. 
In ordinary cases of balancing it is merely a question of 
the amplitude of the vibration with a certain 
degree of accuracy. The vibrometra* developed by 
the Westinghouse Co., has proved to be eminently 
useful in this respect. For more elaborate measure¬ 
ments of the vibration the Geiger Vibrograph made by 
Lehmann and Michells in Germany, has been used 
extensively. This instrument has the advantage of 
giving a graphical record of the motion, whereby the form 
of the displacement is also obtmned. It is particularly 


useful in obtaining resonance curves, continuous 
records of amplitude and frequency, and the results 
shown in Fig. 36 were obtained by this instrument. 

Many vibration problems encountered in the field 
are due to local conditions of resonance in bearing 
pedestals, frames, piping, fiooring, etc. While the 
ultimate cause of these vibrations resides in distur¬ 
bances from the rotor, it is very rarely that a cure can 
be effected by correcting the cause itself. The most 
effective cure is usually to change the natural frequency 
of the element in question, by stiffening or weakening. 
These local vibrations are not infrequently classed as 
serious vibrations of the machine as a whole, and a 
great deal of field trouble can be eliminated by particu¬ 
lar care in the design of these parts. 

Axial vibrations of bearing pedestals form a very 
important part of this item. The causes for these axial 
vibrations are not fully known, and there are cases on 
record where resonance has definitely been demon¬ 
strated not to be the cause. In many cases a cure has 
been effected by balancing of the rotor, although theie 
is no apparent reason why unbalance should cause 
axial disturbances. It is probably safe to state that 
more than 30 per cent of field troubles are due to axial 
vibrations of bearing pedestals. This represents one 
example of the many practical vibration phenomena 
which are not yet fully understood. 

Another group of unexplained phenomena has been 
observed in the vibrations of the steam turbines. 
Several cases are on record where the amplitude of a 
certain point would vary periodically with periods of 
several minutes or even hours. These phenomena are 
undoubtedly connected in some manner with tem¬ 
perature distortions, and they have been eliminated in 
several instances by modifsdng the supports of the 
turbine housing, but the actual causes are as yet 
hidden. 

The question of alinement is a very important one for 
large turbine generators. This problem is complicated 
by the movements in the foundation that take place 
because of variation in temperature, particularly in 
cases of exposed steel foundations. Where solid 
couplings are used, the present practise is to aline the 
machine in such a manner that no flexural moments are 
introduced in the coupling, except those produced by 
gravity. Corrections are then made for thermal 
expansion. This method of alinement is sometimes 
modified when flexible couplings are used, but it is 
probably a safe procedure to aline flexible couplings 
fully as accurately as solid couplings. 

Conclusion 

. From the above it will be evident that the desigii of 
large turbine generators is one of extreme complffisity, 
where practically all branches of engineering and science 
find their application. Now, as in the past, the deagner 
of turbine generators is forced to work very close to the 
limits determined by available knowledge; and in many 
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innovations, his only guide is the experience gained on 
artificial models, arranged to test out his theoretical 
investigations. 

A program of development, such as described, is the 
result of the combined activities of the entire organiza¬ 
tion of a large company. For many of the results 
recorded in the paper we are indebted, among others, to 
C. M. Laffoon, G. M. Eaton, E. Mattman, W. J. 
Merten, S. Timoshenko, G. M. Lessells, and C. F. Hill, 
members of the research, metallurgical, and design 
departments of the Westinghouse Co. 
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Discussion 

W. J, Foster: I want first to say a word about the voltage. 
Mr. Henderson takes the position with which I think we will all 
agree that we do not want any higher voltage in generators 
than we can well get along with, on account of the space taken up 
by the insulation, the temperature drop through the insulation, 
and so forth, and yet at the same time, as pointed out by Mr. 
Henderson in his paper when he speaks about the amperes per 
slot and their deleterious effect on losses and so forth, we need 
the higher voltage to keep the amperes down. We must balance 
up one effect against another. 

There has been pressure brought to bear when we go above 
13,800 volts to go to 22,000 or 23,000, since that is considered a 
standard voltage on transformers and in distribution. A number 
of intermediate steps has been made such as 18,000, 16,500. 
We had the 18,000 several years ago on engine-driven generators. 
The step to 22,000 volts on certain turbine generators was taken 
by reason of the pressure brought to bear on the manufacturers 
to go to that voltage on account of the great savings in bus 
construction, switches, and station wiring. It was found prac¬ 
ticable to design the generators for that voltage. 

I wish here to make just a little correction in the paper. I 
think Mr. Henderson and Mr. Soderberg spoke of only one plant 
where this high voltage is going to be introduced in a generator. 
There are two such plants. The generator for the first one 
already been shipped. It win be installed before the more 
conspicuous one, which is the 208,000-kw. unit, is installed. The 
latter consists of three 22,000-volt 85 per cent power-factor 
generators, 1800 rev, per min., the larger or high-pressure unit 
89,411 kv-a. and the smaller ones identical in size, 72,941 kv-a. 
each. It has been found in developing the insulation and in 
testing the same that results have been obtained that are quite 


reassuring. We now have confidence that the 22,000-volt gen¬ 
erator is all right. 

With reference to the matter of insulation, I am interested in 
what has been said and what is shown in the paper with regard to 
the use of shellac, inasmuch as that conforms with my own experi¬ 
ence. There are other bonding materials that are far preferable, 
especially in what happens when they are subjected to higher 
temperatures. 

In the matter of corona discharge, that is another reason why 
we hesitate to wind for very high voltages. It might be brought 
forward as a reason why we should hesitate at such a voltage as 
22,000. I was especially interested in what the authors have said 
regarding the development of a covering that arrests or prevents 
any serious deterioration due to the discharge. I trust that 
what has been discovered is going to prove permanent. Many 
years ago in connection with some of the first high-tension genera¬ 
tors that were installed at high altitudes where trouble developed 
due to corona, it appeared deshable to devise a corona-protecting 
sheathing. The problem was attacked at the factory, and a 
certain pigment was discovered with which the finished coils 
were painted, and apparently a cure had been obtained. It was 
a cure, but only temporary. That protection soon wore away 
and disappeared. Later the practise became established on Ihe 
part of the manufacturers with whom I have been associated of 
putting on a metallic sheathing, which consisted of a metallic 
ribbon insulated on one side and wound around the fully insulated 
coil. That was very effective, but in time it was liable to wear 
out. 

I am still of the opinion that the problem is a very important 
one and should be solved to everyone’s satisfaction. I hope 
what the authors describe will prove the real solution. What¬ 
ever corona-protecting sheathing is used must be of such natiue 
as to adhere perfectly to the surface of the completely insulated 
coil and be a substance that will not deteriorate due to tempera^ 
ture or chemical actions that may take place. As many know, 
asbestos sheathing offers a solution in many cases. 

With regard to hydrogen, the authors point out some of the 
advantages. I simply wish to add that undoubtedly the benefits 
obtained by hy<fcogen are greater on the rotor than on the stator, 
and as a res^llt it strengthens the weaker part of the generator. 
It has long been recognized that the rotor is the limiting feature. 

What is shown in the paper in regard to the skeleton-frame 
stator construction is of special interest to me, as the group of 
men with whom I am associated devised similar stator frames as 
much as two years ago. In fact, several machines have been 
built, including the first of the 100,000 kv-a., which I presume at 
the present time is on its way to the Pacific Coast. That has 
been a great step forward, for the reasons pointed out in the 
paper. 

B. A. Behrend: The paper is divided into parts dealing 
with the electrical problems, the ventilation problems, the 
mechanical design of stator and rotor, and the dynamical 
balance of the latter. I shall use for this discussion the same 
headings as those used by the authors in their paper. 

II. Ventilation 

The multiple-radial system of ventilation, the principle of 
which is the invention of Parsons and Holcombe, has been care¬ 
fully studied and developed and its adoption by the Westing- 
house Company marks a step of great progress. We thus see 
the axial system of ventilation abandoned and supplanted by one 
whose efficacy has been thoroughly demonstrated. The inherent 
limitations of the axial system resulted in higher temperatures for 
the stator coils which entailed both serious electrical and mechani¬ 
cal difficulties. Moreover, we are now no longer confronted 
with the making of a decision as to the possible superiority of one 
system of ventilation over another as the principal makers of 
large tiirbine units are now using substantially the same system. 
This marks progress when it is the result of steady evolution and 
improvement. 
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The mode of ventilation is naturally connected with the 
medium of ventilation and the authors have referred to the use of 
hydrogen gas for cooling. It is my opinion that, given the neces¬ 
sary time to convert the power-plant owners, hydrogen will be 
freely used on large units raising efficiencies, reducing size, and 
making possible higher voltages on the individual unit. Water 
and oil cooling of stators, extensively used abroad, appears to 
have found little or no favor here. A. B. Field’s discussion bears 
on this subject, 

HI 

In the design of stator coils, sound principles as laid down by 
A. B. Field, R. E. Gilman, W. H. Taylor, W. V. Lyon, and noted 
foreign designers, have been adopted. This necessitates cross¬ 
overs in the slots which, as Mr. Henderson states, have enabled 
him to hold down eddy-current losses to about 30 per cent of the 
corresponding d-c. loss. The method used by Henderson, shown 
in Pig. 4, appears to be a good mechanical design. With this 
type of construction, however, care has to be exercised to prevent 
establishing paths for eddy currents which could be induced by 
the external field. 

The important researches on temperature conditions in stator 
coils carried on for years by P. D. Newbury and his associates, 
should have come in for a general review. This was the land of 
work which led up to sound principles of design of stator coils 
and ventilation and was fundamental in character. 

Some little time ago (Tbansactions, A. I. E. E., March 22, 
1907) I described a 100-kw. 22,000-volt generator which had then 
been in operation continuously for some time. I said that 
“where individual units of very large capacity are installed in 
power plants, a potential of 20,000 volts is feasible and it is to be 
recommended in units of 10,000 kw. and above,” Today, 
twenty years later, it might be advisable to weigh these words 
and t(> raise the generator voltage with all the advantages which 
the handling of smaller currents brings. It is right here where 
hydrogen cooling will be useful in connection with the increased 
generator voltages. He is a bold man who will predict the 
limit of capacity of turbo generators, but I am willing to go on 
record here that this limit lies between 160,000 kw. and 200,000 
kw. Twenty years ago iCassier's Magazine^ May, 1907) I 
urged 25,000-kw. units at 22,000 volts as unit sizes for power¬ 
generating stations and, having seen this prediction realized and 
to some extent exceeded, I now go on record stating that we are 
reaching the technical and economic limit at eight or ten times 
this size, m., at 200,000 kw. or 250,000 lew. at the most. 

IV. General Design 

Here it is interesting to note, first, the adoption of a 4 per cent 
silicon steel for the core punchings. The enormous advantage in 
reducing the core loss to one-half of what it would be with 
ordinary iron is obvious. 

The heating of the finger plates is not a new phenomenon. 
It has had to be met before by the adoption of non-magnetio 
finger plates, made of brass or bronze. Losses in the finger plates 
are two-fold, first, those due to induction from the armature, 
second, those due to induction from the revolving field. In the 
earlier machines with weak armatures and powerful fields the 
heating was due principally to the latter; in the present types with 
powerful armatures and weak fields, the heating is primarily due 
to the ampere-conductors per slot. It is obvious that a con¬ 
siderable fiux must pass through the finger plates with slots 
twice as deep as they used to be. This flux is roughly propor¬ 
tional to the product of the depth of the slot into the current 
density. The better the cooling, the greater the latter. Hence 
the loss in the finger plates, which is proportional to the square 
of the induction, is easily ten times what it used to be in the older 
machines. It is, therefore, necessary to study the magnetic 
circuit of the finger plates carefully so as not to give an oppor¬ 
tunity to set up eddy currents. Excessive heating of the finger 
plates is a source of danger as their mechanical strength is reduced 
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by high temperatures, leading to the possibility of fracture. 
Thus broken pieces may drop into the air gap and damage the 
insulation of the coils. The strength of aluminum alloys is 
generally affected by heat and their use is, therefore, to be 
avoided for parts liable to be the seat of eddy currents. 

The question of generator stability is brought up by the 
authors. I have elsewhere (Chicago Regional Convention, Nov. 
1927) discussed this matter and I wish to emphasize here that I 
hope that the designers of largo generators will not return to 
their former practise of using strong fields and wciak armatures 
ill order to raise the frequency of natural oscillation of the 
generatoi*s. Wo have gone through all this in the past and it 
would be painful to see it all gone througli again. 

V. StATOU CONSTIIUCTION 

The adoption of welded structural-steel frames for turbo 
generator stators is highly to be comnuuided. Cast iron is 
iinsuitod for this purpose, and cast stool is too costly. 

VI. Mechanical Consthuction op the Rotor Body 

As referred to by the authors, 1 develoiied the radial slot con¬ 
struction and the plate rotor for the Westingliouse Company 
about nineteen years ago. The rojisons for abandoning steel 
castings or forgings were those given by the authors. The 
bolted shaft ends, first used by DoLaval on his .singhj wJioels in 
his steam turbines, were used by me in 1907 on tho first of 
thirteen goiiorators of 300 rev. per min. for Niagara Falls (Trans¬ 
actions, A. J. E. E., HK)S, p. 811). The first inachine of this 
series was destroyed on its overspoijd test on April 28, H)08. 
A complete description of the accident with copious illu.strations 
was given by me before a joint meeting of the American Bocieties 
of Civil and Mechanical Engineers and of the American Institute 
of Elc^ctrical Engineers, in Boston, fifteen years ago. The type 
of rotor construction is shown in Fig. 5, in tho writer\s pai>er 
already cited. An 8-in. uiipierced central disk of 3)4 per cent 
nickel-steel supported two nickel-steel C3nd rings forged like tirc?s 
on a mandrel. Careful speijifications a(?<3oinpanied the order for 
those forgings. 

Tin 5 fractures revealed a high axial combinefl witli a low radial 
ductility. Tho elastic limit of the radial t(3si bars wa.s higJi and 
so was their ultimate strongtii. The central di.sk had evidently 
not suifered at all; it remained intact and tost bars taken from it 
showed no signs of excessive stress. The use of bolted-on shaft 
ends proved entirely successful, thus imlicating tho way to the 
bolted ends witli unpierced Hhaftles.s rotors described by tho 
authors and introduced by Bohrend and Field. 

Different committees investigating the accident at the i.inie 
arrived at tho conclusion, which was bu<.tress<id by tests of 
models mad (3 in a Tinius Olsen testing machine, that, luul tho 
forgings possessed proper ductility in a radial direction, there 
would have been no reason to have nxpecjted the lujcident. In 
replacing the.se machines I used on the first one 2-in. rolled car- 
bon-stoel plates, and on tho second one, 2-in. rolled nickel-stc^el 
plates, carbon steel having proved ton delicatci in its heat 
treatment. Those plates wore all quenched in water. Particu¬ 
lar attention was paid to uniformity of ductility in two directions 
at right anglo>s to each other, L e., in the direction of rolling and 
at right angles thereto. Samples taken from the platOaS in these 
directions has to bend cold flat 180 deg. without showing cracks. 
(See Transactions, A. I, E. E., 1918, p. 880.) It is this type of 
construction of which thirteen units hav<3 been in coiitinuoiis 
operation for twenty years at Niagara Falls and these are the 
first 2-in. plate rotor types over built. 

The enormous advantage of such a plate construction was 
irresistibly impressed upon my collaborator A. B. Field and my¬ 
self and when we joined the Westinghouse Company in 1909, we 
introduced this type for turbo rotor construction, returning to 
the unpierced plates but retaining the 2-in, plates of rolled 
material. 
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In my paper before this Institute of 1908, I had given a com- Westinghouse Company unceasingly to adopt a type of coiistrue- 
plete stress chart showing both the radial and tangential stresses tion which uses neither castings nor forgings and wliic^h pinunits 
in revolving disks, both pierced and unpierced. This chart is given easy discovery of flaws and defects of material althoiigli (uiiailing 
in Fig. 2, herewith, and it has been reproduced by Professor increased cost of machining. 

Stodola in his book on steam turbines and by C. M. Laffoon in Now four conditions appeared to me paramount in tht‘ design 
an,able paper before the A. S. M. E., 1922, p. 485, Fig. 12. The of the plate rotor: 

1—The use of a commercial material which could he looked o\ cr 



Fig. 1—Deformation and Strain Chart op Rapidl 
Spinning Disk and Toroid 

of ^ before deformation. These points by vlrture of the straL 
^ according as the Inside radius o 

^e toroid is small or large. The disk or toroids develop concave surface 
as boundaries perpendicular to the axis of spin. 

tnTh® makes the cylindrical boundary generated by a line paralle 

to ae axis of rotation, while in reality the generating Une is a cur^ wltl 
Its center on the hne of symmetry making a convex surface for the disk. 

important point here is the sudden doubling of the tangentia 
stress when the disk is pierced at the center. In disks made ol 
materials of low ductility, with unequal radial and tangentia 
stresses, ^e tangential stress may easily treble as a direct result 

avoided such piercing anc 

developed the design shown by the authors in their Fig. ll 
Had the accident to the Niagara Falls generator, described ir 
my paper of 1908, been the only one of its kind, or hadTuch ar 

ihatert^r^'f manufactured 

certain plant, the evolution of a new type might have seemed 

oft^^^' generators with east-steel rotors 

of ^ce the rating of our machine of 1908, designed bv other 
e^eers and built by another company, we;e totally dSroyS 
at Niagara Falls. Thus I have felt warranted in urging the 


and inspected in “small bits”, so to speak, at the shops of the 
generator builder. 

2— The possibility of using unpierced dis’ s in which the radial 
and tangential stresses equal each other at the center. 

3— Great ease of effective rotor ventilation. 

4 Avoiding excessive tangential stresses on the inside! of the 
bored hole due to shrinking fits on the shaft. 

Against these advantages must be cited the greater cost of 
machining. 

Now the authors appear to favor forged rings instead of plates 
and thus they lose the advantages cited under (1) and (2). In 
forgings of 8-in. thickness with a central hole the maximum stress 
is liable to be about twice the stress in the 2-in. unpierced disKs 
or plates. The probability of an invisible flaw remaining un¬ 
discovered is 1/4; 1/4 1/16 or 16 times as great in an 8-in. 

forging than in a 2-in. plate, assuming the same ])rol)ability of 
occurrence of flaws in either material which is hardly the case. 
In general, let us assume a forged or solid steel rotor of lOO-in. 
length and let us compare with the same a plate rotor of equal 
length with plates of 2-in. thickness, then the probability of a 
flaw remaining undetected is 2500 times greater in the first than 
in the second ease. This is, perhaps, the most graphic way of 
bringing home the issue between solid rotors, cast or forged, and 
plate rotors of the type proposed by us. Of the latter, the 
Westinghouse Company has built considerably over one hundred 
large units which have been entirely successful. 

Forpng rings on a mandrel has a tendency to lower the radial 
ductility on account of the direction of the forging work and, 
simultaneously, to raise the axial ductility, which is useless; tlie 
process of mandrel forging thus operates in the inverse direction 



to that which is desirable. This statement is made in spite of 
the micro-photographs shown by the authors in Fig. 20. The 
tendency toward such variation can be offset only by extensive 
heat treatment, counteracting the effect of the forging work, and 
such heat treatment is not in the hands of the builder of the 
generators. 

With rolled plates it is possible to order material for stock in 
large quantities and at times when the steel mills are not busy 
on standard specifications; with the rolled or forged rings this 
cannot be done and every job is a special job. We secured 
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plates from the armor plate department of the Carnegie Steel 
Company at Muuhall, Pennsylvania, of niekel steel with proper¬ 
ties whieli showed that an elastic limit of 55,000 Ib., an ultimate of 
75,000 lb», and 28 per cent elongation with 45 per cent reduction 
was obtainable, thus indicating that it can be done. It is, of 
course, undesirable business for the mills as it is fastidious work. 

VIII, Critical Speeds 

In Ins splendid analysis of critical speeds, Mr. Soderberg 
points out the importance of operating at a speed between the 
fu'st and second critical speeds or between the fundamental 
lateral vjbrati<jn and its first harmonic. Pie shows the effect of 
the oil film in the bearings as resulting in a lower critical speed 
than that which AA'^ould obtain .were the bearings perfectly rigid 
and he concludes that “it is here that the real limitations of 
luatliematical analysis come to light and the machine designer 
i.s made to l*e<:‘l the true importance of intuitiA^e judgment and 
good luck.” 

Mathematical analysis cannot solve the intricate problem of 
dynamic ]>alance but such analysis as Mr. Soderberg has given 
olseAvhere of systems of several degrees of freedom supplies a 
great and useful guide for which the engineer will be duly 
grateful to the author. 

Edouard Roth: I wish to add to the very suggestive list of 
great units Avhich liavo been built or which are under construction 
in th<^ Stat es, a unit of 40,000 Icv-a. at 3000 rev, per min., 13,500 
Aufits, built, by tlu^ Srxjiete Alsacionne de Constructions Mecan- 
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iques at Belfort (B'rance) which is, as far as I know, the largest 
unit at 3(XX) rev. per min. and of which I append some photo¬ 
graphs (P^gs. 3 to 5). Fig. 4 shows how the very important 
question of shipment has boon solved; this is a problem on which 
the authors rightly insist very much. The solution of this 
problem is easier for the American designers, first because the 
railway clearances are larger in America than in Europe, and then 
because the American railway companies allow for a heavier load 
per axle, than the European eompanics; for example, in Europe 
there exists no car that can carry 276,000 lb. The kind of con¬ 
struction represented in Pig. 5 allowed us to build up the sheet- 
iron core in the factory, but the Avinding had to be put in place 
at the power station. The solution by means of a skeleton frame 
is very ingenious but I do not beheve that it can be generally 
emplos’^ed in Europe. 

In the case of the macliines built by the Society Alsaoienne,. 
it is not easy to use this kind of frame on account of the ventila¬ 
tion system. In my paper, which is referred to by the authors, 
I gave a detailed description of this system, the advantages of 
which were so clearly emphasized in the discussion by Mr. 
Feehheimer. This system has proved to be very efficient and 
is used by ray firm for aU turbo alternators. 

In this same paper I explained in detail that this system of 
ventilation is possible ovdng to the leakage, slots, which were so 
thoroughly discussed on the same occasion. I repeat that these 
slots make it possible to build alternators with a flux which 
assures great stability (another problem on which the authors 


insist) and which at the same time gives a very small instan¬ 
taneous short-circuit current. These leakage slots are used by 
my firm for all turbo-alternators of outputs above 5000 kv-a. 

Another problem which the authors mention is that of the 
heating of the finger plates, supporting the stator teeth, which 
is due to stray load losses; may I add that there are also losses 
in the end plates and in the extreme portions of the latoiination 
of the stator core. In my opinion, which is also that of the 
authors, the only and best remedy is the use of non-magnetio 
steel for the wedge and end plates, as well as for the retaining 
rings of the rotor. 



Pig. 5 


The problem of the suppression of eddy currents in the b^ 
has found a perfect solution in the use of the special bars of which 
a detailed description was given in my paper. 

The swelling and wrinkling of the insulating tubes has also 
been for us an object of research, and I agree entirely with aR 
that the authors say on this subject. I imght add that it is 
obvious that the manufacture of the tubes is the first oondition 
of success and that the quality of the raw material, which is the 
mica fohum, is also very important, not only as to the kind of 
bond used, but also in respect to the constitution of the material 
itself. The mica folium must be thin and of a very regular 
















574 


HENDERSON AND SODERBERQ 


Transactions A. I. E. E. 


thickness; it must be flexible, very homogeneous, and the quan¬ 
tity of bonds used must be very small. These properties can be 
given to the material only by a strictly mechanical manufacturing 
process, excluding any manual intervention; it is only in this way 
that perfect homogeneity can be assured. A material of this 
kind is produced quite automatically by a very ingenious 
machine, built by a manufacturer of insulating materials in 
Prance; this machine needs no other manual operation than that 
which is absolutely necessary for its general handling. 

The problem of the elimination of corona was solved by us 
many years ago, in exactly the same manner as that given by 
the authors, namely by the application of a semi-conductive 
coating on the insulating tubes. 

I should like to ask the authors whether they have ever found 
trouble in using transformer plates for building up the stator 
core, as this steel is very brittle, and whether an increase in 
radius of the fillets has given a complete remedy to these troubles. 

I will not dilate upon the mechanical construction of the rotors. 
Up to the present time, we have always used, for four-pole rotors, 
the construction which is described in my paper; on a shaft, 
grooved to permit the entrance of the cooling air, are placed 
forged disks, with clearances between them, forming vents. 
This construction will still be used for a 75,000-kv-a. alternator, 
of 65 per cent power factor, 1500 rev. per min., which is now 
being designed. I may add that this alternator will be built very 
liberally, and would be capable, with normal heating, of an out¬ 
put of 90,000 kv-a. 

The rotors for 3000 rev. per min., are made of solid steel 
forgings. The study which the authors make of the different 
stresses that may occur in rotors is very interesting. I under¬ 
stand very well that the problems which present themselves to 
American engineers on this subject are very difficult on account 
of the great length of the rotor; this is not only due to the large 
outputs of the machines, but also to the fact that the speed is 
1800 rev. per min., and not 1500 as in Europe. 

The critical speed of our 3000 rev. per min. machines is always 
under the normal speed. Up to the present this was not the 
case for the 1500 rev. per min. alternators, for which it is above 
the normal speed. For the alternator mentioned above, it will, 
however, be above the normal speed. 

A. B. Fields One is perhaps disappointed that among refer¬ 
ences tp so many investigations one finds no signs that the 
possibilities of an oil-immersed stator have received considera¬ 
tion or been investigated. We hear of the increased size having 
necessitated higher voltages, and of the difficulties thereby 
encountered; but, even so,, do we reach a voltage which is 
really reasonable for the output? Emphatically not, at 22,000 
volts. We hear of the huge volumes of cooling air to be handled; 
of the windage loss which seems to be leading to hydrogen cooling 
with all its complications, granted that the danger scare is 
largely a bogey, and so on. 

Oil immersion is no recent suggestion. No doubt most design¬ 
ers and users have in a casual way considered its possibilities 
during the past 26 years. Its possibility first really appealed 
when b^elite-paper products had proved their worth, and the 
production of a thick insulating tube of mechanical construction 
suitable as a separator between rotor and stator came within the 
realm of practical polities, somewhat less than 20 years ago. 

In reviving the suggestion then, one realized that, even if it were 
practicable, the construction could not be justified by the 
requirements at that date. The position has been different for 
a good half-dozen years now, and the matter calls for a sufficient 
e^enditure to determine definitely whether the difficulties and 
disadvantages justify a continuance of the cold shoulder. With 
a bakelite-paper ^be between stator and rotor the rotor can be 
water, ofi, or possibly steam cooled, and run in a partial vacuum, 
eliminating windage loss. The stator can be ofl-cooled by a 
confined forced circulation, not the kind of casual circulation 
which a transformer puts up with. For a given temperature rise 


of the cooling medium the fiow of oil across unit area of cross- 
section of the duct at say 300 ft. per min. deals with about 130 
times as many watts as the flow of air at 4000 ft. per min. Thus, 
end-to-end axial ducting becomes practicable, or end-to-ceiiter; 
if desired, the cooling medium can be given direct access to the 
bare copper, or to metal walls almost in contact w’ith such. 
The voltage limitations are pushed away to a figure with which 
we need not quarrel at the moment. The possibilities and 
difficulties of oil immersion cannot be determined witliout 
expenditure on an adequate scale; if the matter has not been 
investigated within the last 5 years or so, a serious study is duo. 

W* J. Merten: I want to point out in more detail two out¬ 
standing metallurgical developments included here and of groat 
Importance to the design engineer* 

One is the full exploitation of the potential physical cliarac I er¬ 
istics of plain carbon steel in the disk forgings described, by a 
selective heat treatment for uniform grain refinement, allowing 
thereby very much higher working stresses without a reduction of 
the factory of safety. 

The second is the development of a new type of sled for 
retainer rings and bolts with properties not as yet equaled in 
any of the alloy steels which have been tried for this service. 
The nickel-molybdenum steel and its composition has Ijueii 
mentioned in this paper. 

1. The problem of producing a bigh-strength disk was 
worked out from a standpoint of securing complete and uniftnun 
distribution of structural components, diffusion of metalloids, and 
complete destruction of segregation by the employment of high 
temperatures after the forging operations were eompl<d,ed, and 
before reheating for grain refinement and quenching wliicli was 
then followed by strain-relieving thermal treatments. The 
successful and uniform structural refinement of large massive 
sections of steel forgings by high-temperature treatment ha.s been 
described in a paper^ before the A. S. S. T. September, 1027, at 
their Detroit Convention. Since then, a more complete refine¬ 
ment by quenching and tempering has been introduced, with 
corresponding increase in physical properties. This step to make 
use of the steel to the safe limit of its capacity is not surprising 
at'aU and a natural consequence of more complete knowledge 
of the potential properties of steel and its response to thermal 
treatments. It will be noted that advantage has also been taken 
of all the mass reduction that the design engineer would permit by 
hollow forging so as to facilitate the greatest possible rate of 
heat abstraction during quenching. 

The microphotograph of the etched steel shows a sorbitic 
structure in which a combination of high elastic properties 
with a satisfactory degree of ductility can generally be assured. 

In concluding this part of the discussion, I should like to state 
that I believe the exploitation of the inherent properties of 
carbon steels by thermal treatment for this class of service has 
been earned to the limit of safety and any further inoreaso in 
stresses in rotor service must be met by judicious selection of 
alloy steels or adjustment of crystal structure by mechanical 
working. 

2. The second metallurgical development—that of a new 
type of steel for retainer rings and bolts, is of even greater im¬ 
portance, since it indicates the direction towards successful 
alloy-steel application in parts of fairly large sections and actually 
obtains a corresponding return in physical values for the addi¬ 
tional cost of the alloys. 

The working stresses in rings and bolts are of a magnitude 
which exclude, the low-percentage alloyed steels from receiving 
consideration. The 1 per cent chrome 3 per cent nickel-steel has 
been favored for this service. Every now and then, however, 
the inherent difficulties from temper brittleness as well as its 
sluggishness and resistance to complete structural refinement 

1. “High-Temperature Treatment of Castings and Forgings as Evi¬ 
denced by Core Drill Tests from Heavy Sections,” by W. J. Merten, 
A. S. S, T, Transactionst January, 1928. 
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during forging and heat treatment and its tendency to develop 
hair cracks during heat treatment and probably during rough 
machining makes it a rather questionable material for a basis 
of composition for still greater performance. Experiments 
with modified percentage compositions of chrome and nickel 
confirmed this conclusion. 

The molybdenum-nickel alloy steel for this application 
resulted from cooperative studies and experiments with the staff 
of the Molybdenum Corporation of America and the Midvale 
Steel Company and has consistently given on retainer rings an 
elastic limit of 95,000 lb. minimum with a yield point of 115,000, 
ultimate tensile of 130,000 and reduction of area of 55 per cent. 

A 6-in. diameter, 16-ft.-long forged bolt showed 90,000 lb. 
elastic limit and equal values of ductility. The impact izod 
values of tliis steel are over twice those of the chrome-nickel 
type. While this characteristic may not add to the usefulness 
of this alloy in rotor service, I have always associated good or 
high impact values with a decidedly amplified crystal-recovery 
tendency when such steel is subjected to alternating stresses of 
great magnitude, suggesting good cold-worldng properties and 
possibilities to improve their physical characteristics thereby. 

R« B. Williamsons The problem of ventilation in large 
turbo generators has been so well worked out that, for the 
present at least, the size of these machines is not limited by this 
feature. Also by the use of transposed stator conductors the 
difficulties due to eddy currents have been overcome. So far, 
therefore, as stators are concerned, the limit as to size and output 
may be very large because stators can, if necessary, be shipped in 
parts and built up and wound in the station. 

The real limit as to the output of these large turbo generators 
lies in the rotor which must be shipped complete, as it is hardly 
practicable to ship one of these large rotors in parts and wind and 
balance it at the station. 

Another limit lies in the materials available for the eon- 
stmction of the rotor. The paper illustrates a very interesting 
metliod of sectionalized construction whereby the use of very 
large forgings is avoided. However, it will be noted that even 
with this construction, quite large and massive forgings are 
required for the end shafts. These must have material in them 
of high grade as tliey are of the same diameter as the central 
disks and subjected to similar stresses. 

Steel makers have made great progress in the last few years in 
the production of reliable forgings of large weight and dimen¬ 
sions. What the designer has most to fear is the presence of 
hair-line cracks in such forgings. A heavy forging may show 
excellent physical characteristics, yet if any cracks are present 
these may spread and cause failure. The danger of oracles is 
much reduced if the forging is made from an ingot that has not 
been allowed to cool. In other words, the forging should be 
made by the steel maker, and from the time the steel is poured 
until the forging is finished, the process should be continuous so 
that the steel is not subjected to the strains of cooling and re¬ 
heating. AH rotor forgings should be bored for inspection. 

However, the main body of the rotor is only one item; suitable 
material for the coil-retaining rings is just as important. Failures 
have ocemred in these rings; at least two cases having come under 
my observation. These were both due to cracks starting at one 
edge and working their way across the ring untjlit finally failed. 
Coil-retaining rings for turbo generators are generally made of 
alloy steel in order to secure the necessary tensile strength. 
Such alloy steels, if tempered too hard, are liable to develop 
cracks. While a relatively high tensile strength may look well, 
because it shows a high factor of safety as compared with the 
working stress, it is in fact more dangerous than a lower tensile 
strength combined with more duotOity. Some years ago, the 
writer specified 100,000 lb. per sq. in. as the yield point for this 
material with an elongation of 16 per cent. This was later 
changed to a maximum of 85,000 lb. yield point with 22 per 
cent elongation. Also special precautions were taken in the 


machining of the end rings to secure smooth surfaces, free from 
tool marks and scratches that might start cracks, by carefully 
finishing and polishing all corners and fiUets. 

Robert Pohls It may be of interest to American designers 
to compare the views and experience of a promiment European 
company, the Allgemeine Elektrioitats GeseDsehaft. The 
points raised are, however, so numerous that I can only briefly 
touch upon some of them. The prevalence of 50-eyele systems 
and other causes have had the effect to direct the development 
in Europe chiefly upon two-pole (3000 rev. per min.) machines. 
These are constructed for far bigger outputs than the two- 
pole machines in the United States. The largest 3000 rev. 
per min. generator in operation is a 40,000 kv-a. A. E. G. unit. 
Even bigger outputs are at present contemplated. Four- 
polar designs are correspondingly less frequent. While they 
have been worked out up to 100,000 kv-a. at 1500 rev. per min. 
there has as yet been no chance here of building four-pole ma¬ 
chines above 50,000 kv-a. Six-pole turbo alternators at 1000 rev. 
per min. have altogether ceased to play any part. The largest 
units of this type, unique at the time of their construction, were 
the 62,500 kv-a. A. E. G. machines of the Goldenberg Station, 
designed in 1916. Their system of ventilation, is multiple 
radial, similar to Pig. 1 of the paper, with this difference, that 
the radial ducts are alternately inlet and outlet passages so 
that even more complete uniformity of ventilation over the 
whole active length was obtained. We find it advantageous, 
however, to let the air from the back pass from the inlet to the 
outlet ducts through axial holes in the core immediately above 
the winding and to cool the rotor exclusively with air passed 
through it and over its surface from either end of the rotor. 
Much depends, in this connection, on whether the stator or the 
rotor is the limiting member from the temperature point of 
view. The scheme of rotor ventilation of the A. E. G. rotor 
allows a greater quantity of air to pass through its vent duets, 
and that is a particularly effective way. The typical A. E. G. 
rotor design—^laminated teeth inserted in a solid core, with 
form-wound coils, baked, insulated, and assembled before 
assembly of the teeth—I suppose to be known. It may not be 
appreciated, however, that, lil^e the Wesfcinghouse plate rotor, 
it greatly simplifies the forging question, since the forged core 
has only about 70 per cent of the diameter and half the weight 
of a solid rotor forging. It also permits of very effective coil 
ventilation since the air can be made to pass axially along the 
copper through passages between teeth and coils. We found 
this direct cooling of the copper about three times as effective 
as indirect cooling. 

The Westinghouse plate rotor design evoked great interest 
when it was discussed in London some twelve years ago. The 
investigation and development of its mechanics as disclosed 
in the paper, form perhaps its most interesting part. Perhaps 
the authors could add some further information as to the tests 
to make sure that the bolts are free from flaws and residual 
strain. Can they be tested by Roentgen rays? 

While large two-pole forgings require special precaution, 
we find less difficulty over here in getting reliable forgings for 
four-pole machines of drum design with separate shaft ends, 
where the drum can be forged on a mandrel. We employ high- 
grade alloy steel, twice heated, quenched in oil at different 
temperatures and annealed. We test the finished forging for 
flaws by heating as well as by electro-magnetic methods. Test 
specimens are taken axially, tangentially, and radially. Apart 
from yield point, elongation and contraction of area, importance 
is attached to the span from yield point to ultimate strength and 
to the micro-photograph, but particularly to the impact test. 
For the latter, we employ not the Izod but the Mesnager speci¬ 
men. Unfortunately, different impact tests are not comparable 
and it is to be hoped that some international agreement on tho 
details of impact tests will be reached before long. 

With regard_to[^the|^mechamcal factor of safety, the formula. 



576 


HENDERSON AND SODERBERG 


Transactions A, I. E. E. 


. L - -s — -j—-— appears to me somewhat arbitrary, espe- 

n 7io 

cially considering that the alternating bending stress in the rotor 
is independent of the speed while the centrifugal stresses increase 
with the square of the speed. A more practical conception of the 
safety of a rotor would, I think, be conveyed by stating the 
overspeed at which ultimately failme will occur. The endurance 
limit, by the way, is not defined in the paper. Some define it 
as the amplitude of reversing stress which the material will 
stand indefinitely, others for 10,000,000 reversals. Again the 
method of test may be of importance. We employ high-fre¬ 
quency load variations, 500 periods per sec., so that an endurance 
test up to 10,000,OOOreversals can be carried out inless than 3 hrs. 

The bending stress does not appear to us, however, to play 
an important part. In our largest rotors, it only amounts to 
3.5 per cent of the tangential stress at the 30 per cent overspeed. 
Of course, it will become much bigger in four-pole rotors when 
the critical speed of the shaft is dropped below the runmng speed. 

Coming to the question of the critical speed, our experience 
does not confirm the observation that it actually occurs below 
the running speed even where it was meant to be above. On 
the contrary, we always find it in close agreement with the calcu¬ 
lated values for the shafts alone. I suppose the difference is 
explained by our different practise in building machine founda¬ 
tions. While in the United States steel structures are usual, we 
invariably employ heavy concrete foundations together with 
rather heavy bedplates. So we feel justified in adhering to the 
old conception that the running speed is definitely either below 
or above the running speed. I may mention that our 100,000- 
kv-a., 1500 rev. per min. design still belongs to the former class, 
the large two-pole rotors to the latter. 

Another difference, not of experience, but of opinion, concerns 
the generator voltage to be chosen. While the authors favor 
raising it as high as 22,000 volts for large sizes, I prefer to keep 
to 6600 volts as far as possible and to form a working unit of 
generator and step-up transformer, the latter placed near the 
generator and joined to it through copper bars without any 
intermediate switch gear. We thus gain an extraordinarily high 
degree of electrical safety together with a high space factor for 
the slot area, the necessary reactance without leakage slots or 
the like, and practical freedom from transients. Corona pre¬ 
cautions can be dispensed with. By raising the potential of the 
neutral point, we obtain a simple and comprehensive protective 
system. This generator-transformer layout at 6600 volts was 
adapted for the 62,500-kv-a. Goldenberg machines and recently 
for the 90,000-kv-a. machines of the Klingenberg Station. It 
can be used for the largest units now contemplated without 
raising the voltage above 13,000 volts. It is very likely the 
cheapest, as weU as the safest system wherever step-up trans¬ 
formers have to be employed in any case. 

J* A. Kuysert (communicated after adjournment) Concurrent 
with the development of large 1500 and 1800 rev. per min. sets 
in the U. S, A. has been the development of 3000 rev. per min. 
generators in Europe, culminating in alternators of 50,000 
kv-a. 3000 rev. per min. which are now put forward commercially. 

Several of the problems touched on by the authors have been 
•encountered by other designers and different solutions have been 
proposed. 

The problem of the relative movement of the coil-retaining 
rings and the rotor body arose on some 18,000-kv-a. 3000 rev. 
per min. Metropolitan Vickers alternators built about 8 years 
•ago which were at that time the largest alternators at that speed 
in existence. In its most severe form the movement results in 
pieces breaking off the tip of the steel retaining ring and in 
breakage and open circuits in the top turns of the rotor winding. 
In a less severe form it is observed on smaller sets and causes 
powdering and disintegration of the mica insulation, and severe 
, rust formation on the ring and rotor body due to the hammering 
<at the spigot end. 


The method adopted by the M. V. Company to overcome this 
trouble is illustrated in the accompanying Fig. 6 which is almost 
self-explanatory. A sleeve concentric with the shaft is provided 
either in one piece with the rotor body or bolted or shrunk into 
position. The rotor shaft ends are free to move inside this sleeve 
without communicating any movement to the rotor end plates 
and the coil-retaining rings. In practise all relative movement 
at the spigot is completely eliminated without the necessity of 
having heavy pressfits at this point. 



With reference to the transposed slot conductor shown in 
Fig. 4 of the paper and the combination with transpositions at the 
coil ends, we have used this winding with highly satisfactory 
results for the past 12 years. 

With regard to the question of stator insulation considerable 
speculation has arisen on the swelling of the stator slot insula¬ 
tion into the radial air ducts. A very obvious method of pre¬ 
venting this difficulty is illustrated in Fig. 7 herewith. In 
this construction the wall of the slot is continued across the air 
duet by metal spacers and a continuous slot is obtained pre¬ 
senting a smooth simface to the coil: 

The authors emphasize the difficulties of obtainijig large 
forgings having adequate elongation. In this connection it 
seems that the view taken is rather pessimistic. We have 
obtained many forgings up to 60 tons in weight having guaranteed 
properties as follows: 



Pig. 7—Statoh Vent Spacers 

Ultimate tensile strength 80,000 lb. per sq. in. 

Yield point 46,000 lb.; elongation, 20 per cent; radial, 24 per 
cent, tangential 24 per cent longitudinal. 

The properties on a test piece taken from a core trepanned 
out of the center of these forgings are on an average: ultimate 
tensile strength, 75,000 to 80,000; yield point, 40,000 to 50,000; 
elongation, 17-20 per cent, although the makers do not give 
guarantees on the latter figures. These properties are very 
satisfactory for annealed forgings of such large dimensions. 

The authors make some interesting remarks on the question 
of stability. Hitherto in discussions concerning stability the 
system characteristics have generally been neglected; as pointed 
out the percentage lighting load is of importance, but of great 
importance also is the amount of synchronous load on the system, 
since this load wiU contribute leading kv-a. in case of a voltage 
drop and tend to counteract the drop. Another point of impor¬ 
tance is the magnitude of the load fluctuations and the rapidity of 
the load increase. We are now using in some cases a small 





Feb. 102S 


IIECFNT IMPROVEMENTS IN TURBINE GENERATORS 


577 


permanent-iiui^n<‘t trt'noralor drivon at about 800 rev. per min. 
from tlu^ frovcjrnor .shaft to supply eiirrent to tiio field .system of 
tlio main t^xeiltir. By means of this system and a voltage 
regulator <*onsideral»ly gnuitcr stability can be obtained than that 
eorresponding to eonstant oxeitation. 

In ease of a unit btung .suddenly tripped by the Morz Price 
gear it is doubtful whetlu*r a slutt-t-cironit I’atio of 0.9 will be 
sullielent to ensure that tli(» load will be ])icked up by the remain¬ 
ing sc'ts if tin* fauUy unit is large compared to the remaining units. 

'Pli(‘ difference with European practise as regards short-circuit 
ratio is not as great as tlie aulhoi*s state. Largo 3000 rev. per 
jnin. generators are gem'rally designed for a ratio of 0.05; the 
lowivst ratio ustul is 0.0. 

G. A* Juhlint (communicated after adjournment) Tlio 
lines of dt*V4‘lopm(mt given by the autliors arc in general the 
.saiiui as those wliicdi European engineers have pursued. The 
eomdusions to he drawn, it seems to me, must also be those wo 
have arrived at, uanudy, that the limiting factors in design of 
large units are no longer electrical hut mechanical ones, 

I'lie introdmdaon of the mnlti-irdet ventilating system W4)uld 
enable the de.signer to increiise the length of his machines 
almost iiuh'liniBdy, wtsre it not. for the fa(5t that other limitations, 
such as deilectiou of tlie rotor, nioclianical stress in the shaft, etc., 
prevtnd. him from increasing the length beyond certain limits. 

In coniuM<t,ion with the? ventilation scheme shown by tho 
aul.hors, it is of inbu’f^st to note tliat the whole air volume 
reejuired is j)rovi<led by fan.s mounted on tho rotor. 

in Gnjat Britain .separately driven fans only are used by some 
manufacturers, or a (*omhination of. small fans mounted on the 
rotor which deal with a portion of the total air volume required, 
the amount depending on the length of tJie machines and a 
separately drivi.m fan supplying tho r(»st of tho air. 

lligiier etlic.itmc^y can l)e ohtaiinwl from separately driven fans 
thatii froni fans mountiHl direct, especially when dealing with 
Jarg<j 3(K)()-rev, per min. units. 

For Hindi units it would he neces.sary to adopt largo-diameter 
rotor.s in order to provide sulficiont inh^t area for the fans. 
Such design.s are undiwirahh^ from the point of view of mechanical 
stresses whiidi become Vf^ry high. 

The windagt4 losses incr(*ase very rapidly with tlie diameter 
with (jon.sequent reduction in fdticiency of the unit. The eiforts 
of British eugin(»era have tliertd’oro been directed towards keeping 
the rotor iliameters as small as possible, hence the use of tho 
separately driven fam In some recent machines comjdeto 
turbo blowers have been mounted and driven direct from tho 
alternator shaft. 

'■JVouhle with swelling of tlie stator-bar insulation was experi- 
onc(?d as far hack as 191(5, and was diagnosed as being due to 
the solvent in tho bond used in building the mica folium. This 
cliihculty \vas niiluciid to a negligible amount by atoam-euring the 
mica wrai> after it had been applied by the wapping machines. 

Another problem whi<jh arose duo to tbe necessity of sub¬ 
dividing the stator conductor into a large number of small strands 
was tlie diiliculty of prcjventing looseness between tho individual 
strands aftcjr prolonged operation. 

Mica tape was used as insulation and after some years opera¬ 
tion it was found that the individual strands wore loose due to 
the bond having lost some of its adhesive properties. This 
dihlculty was overcome by using very thin asbestos tape and 
treating the whole bar with a synthetic gum. 

By this means a perfectly solid bar was obtained—unin¬ 
fluenced by temperature as the gum used had to be treated at 
a much higher temperature than the copper would reach in 
operation, thus ensuring that the bar remained solid under 
operating imnclitions. Considerable credit is due to the manu¬ 
facturer of this asbestos tape for producing a tape thin enough 
to enable us to employ it without losing too much space in the slot. 

Non-magnetic finger plates and end plates have been used by 
British manufacturers for some years with good results. Better 
results still have been obtained by the use of copper end-plates 


having slots at the inner periphery corresponding to the stator slots. 

The details of construction of the built-up plate rotor which 
the authors have given are extremely interesting. To have 
successfully overcome the difficulties mentioned in the paper is 
no mean achievement and reflects great credit on tho engineers 
who have carried out the work. The construction is daring in 
conception and has proved itself sound in operation over a num¬ 
ber of yeai*s. We in Europe are fortunate in being able to 
obtain large solid forgings with much better physical properties 
than those described in the paper. 

1 agree with the authors in their statements regarding the 
fundamental basis for the working stresses. It would seem, 
however, that the statement should be qualified to take care of 
special materials such as heat-treated nickel-chrome steels where 
tho jdelil point and ultimate tensile strength are very close to each 
other. For such materials wo have adopted a factor of safety on 
tho mean of the yield point and the ultimate strength of the 
materials equal to the mean factor of safety of ordinary steels. 
With reference to tests and inspection of solid rotor forgings it 
has for many years been standard practise of the company with 
which I am associated, to insist on longitudinal, radial, and 
tangential tests on aU our solid forgings. 

All rotors above 25 in. in diameter have a hole bored through 
tlie center and a very stringent examination of the bore by means 
of a telesooi)o and mirrors is made. If there is any doubt as to 
tho soundness a special magnetic test is applied. In addition 
to this, sulphitt* prints arc taken on the external surfaces for 
detection of segregations. 

The authors’ discussion on “Critical Speeds” is a very valua¬ 
ble addition to our knowledge on this important subject. 

Tho influence of the flexibility of bearing supports and founda¬ 
tions is of special interest. Personally I have not come acro.ss 
any case whore tho critical speed of the set was influenced by 
the foundations, but this is undoubtedly due to the fact that 
all our machines arc mounted on reinforced concrete foundations 
whicli, of course, are exceedingly stifl!. Bearings are mounted 
in pedestals liaving low center and are therefore also very stiff. 

I agree with the authors as to the necessity of the rotor winding 
being seasoned until stability is obtained and in this connection 
I would suggest tliat tlie baking and pressing of tlie coils before 
wedging is of great importance. 

I also agree with the authors as to the necessity of balancing 
after a sot has been put into operation no matter how carefully 
it has been balanced in the worlra. Minute changes in the rotor 
winding as well as in the alinemeiit are bound to occur and must 
bo corrected by re-balance in the field. 

P, L. Alters (communicated after adjournment) The 
authors have presented a most interesting and comiirehenoive 
survey of turbine-generator design, which strikingly exhibilis the 
complexity of tho modern designer’s task. Theii* remarks in 
regard to armature coil insulation seem to me particularly signif¬ 
icant of the progress being made. They state that the cause of 
insulation swelling and increase of dielectric loss with tempera¬ 
ture is the boiling off of the alcohol in the shellac bond of the 
mica, and illustrate the point by Fig. 6, which shows a more than 
five-fold increase of insulation temperature rise when the ambient 
temperaturo is raised from 60 to 100 deg. cent. This idea was 
suggested in a discussion*'^ of Professor Whitehead’s article on 
Gaseous Ionization before the Institute in 1924. 

All experience indicates that the blaok-asphalt-base insulating 
varnishes have superior characteristics to the yellow materials 
at elevated temperatures. The former retain their flexibility 
after prolonged heating, while shellac becomes brittle under like 
conditions. If the black bond described by the authors does not 
give off vapor when heated, and so does not swell, it will un¬ 
doubtedly retain its flexibility also, and so wiU be suitable for use 
in external mica insulation on. the end windings, as well as in 
the slots. 

2. A. I. .E. E. Transactions, 1924, p. 124. 

G(is 60 U 8 lonizatioTi before the Institute in 1924. 
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Practise in regard to insulation of turbine-generator end 
windings has always varied greatly, some companies abroad 
using hardly any end insulation at all; others, like the authors, 
using different kinds of insulation on the ends and on the slots; 
and still others using the same insulation around the entbe coil. 
Which practise is best may always remain a moot question, but 
I believe that such papers as the present are of great value in 
bringing our ideas into better accord. 

S. L. Hendersons I think Mr. Foster may have left an 
impression that I am sure he did not mean to leave, and that 
was that we really did not have any satisfactory means for 
preventing corona! He was simply talking about the perma¬ 
nency of this film. We have tested the film for many hours’ 
operation at 30,000 volts to ground, in open air, and there 
has been no deterioration of the film, so that at least for that 
tj^e of protection we feel that it has a permanent value. 

Mr. Roth asked one question as to the brittleness of the 
transformer grade of iron which is used in the stator punching. 
We have been using silicon steel in turbo-generators for over, 
five years, and there has been no indication of any teeth failing 
through the vibration. We feel that, of course, with silicon 
steel the question of stress concentration is of more importance 
than it is in the old rolled annealed steel, but we have increased 
radii at the bottom corners of the slot to such an extent that we 
feel certain there is no danger from the amount of vibration that 
can occur in a stator. 

We certainly do owe a note of apology to Mr. Field for not 
having mentioned the question of oil insulation on the stator. 
However, it is a problem that we have not actively attacked; 
consequently, we could not add anything to this information 
that was already out of the problem. It certainly is not one 
that is going to be passed over. It is of interest in the high- 
voltage machines, and it has occurred to us many times in the 
last two years diuring the period that we were considering high 
voltages. After all, oil insulation would be a solution of many 
diMculties of high-voltage stators. 

There are many mechanical difficulties in applying oil to the 
stator. It is necessary to devise some means of keeping the oil 
from the rotor; otherwise, the friction would be enormous. 
Consequently, we must find some barrier that will contain the 
oil around the stator that will be tight and mechanically strong, 
and that is rather a big problem. 

C. R. Soderber^: Referring to Mr. Behrend’s discussion, 
I should like to point out that his descriptions of rotor explosions 
show very clearly the need of scientific analysis of the stresses in 
the rotor structure. The fact that a manufacturer of machines 
of this land has been fortunate enough to avoid failures for a 
considerable period of time certainly is very comfortable, but I 
wish to point out that it is dangerous to assume that this is a 
conclusive evidence of infaUible design and construction methods. 
The problem of failures always involves an element of chance, 
and the designer who has been consistently fortunate may be 
next in ton. 

The change in oixr rotor-plate material has proceeded through 
two steps. The start of the development was made on account 
of certain more or less unsatisfactory properties of the stock 
material to which Mr. Behrend referred. It was not as uniform 
as might be desired, and it was impossible to raise the strength 
above a certain limit. The first step consisted in forging the 
plates from a cylindrical ingot and rolling it in a tire mill. By 
this method we obtamed a plate without a hole in the center 
with considerable improvement in elastic properties, as compared 
to the old material. If I remember con'ectly, the maximum 3 deld 
point, which we could obtain with satisfactory ductility, was 
between 40,000 and 50,000 lb. per sq. in., as compared to about 
35,000 lb. per sq. in. in the old material. The material de¬ 
scribed in our paper was then developed, and here it was possible 
to obtain outstanding strength and ductility. v 

As pointed out by Mr. Merten, the only method of utilizing 


carbon steels is by improvement in the heat treatment. Fully 
satisfactory heat treatment is possible only with a shape of the 
disks which admits of a uniform temperature diffusion. Thus, 
the hole in the center is necessary in order to i*aise the elastic 
properties and the ductility of the material. Of course, it is 
quite true that the stress in the center is increased by cutting the 
hole, but the existence of a certain stress is not in itself objection¬ 
able if its magnitude is known with certainty, and if it can be 
controlled to correspond to the properties of the material. The 
advantage of the solid disk, having a stress at the center, which 
is theoretically one-half of that in a pierced disk, appears to me 
somewhat doubtful. If the uncertainty of the material at the 
center of a solid disk, and the risk of microscopic cracks, are 
taken into account, it would seem that the disk with a central 
hole is preferable. 

Referring to the discussion by Mr. Roth, I should like to 
mention that non-magnetic materials for retaining rings have 
been under consideration. Such materials are in use and appear 
satisfactory from the designers* point of view except for the fact 
that they are very difficult to machine. 

Referring to the discussion by Mr. Field I wish to repeat the 
statement made by Mr. Henderson, that the authors very 
deeply regret the omission of the oil-cooled stator. The possi¬ 
bilities of oil cooling are obvious, but the difficulties of the 
mechanical design certainly appear formidable in comparison 
with those encountered with hydrogen cooling. I wish to 
point out, however, that the opinion of a man of Mr. Field’s 
experience should receive due consideration, and it may be that 
when the problem is studied somewhat more closely, these diffi¬ 
culties may be found less discouraging. 

Mr. Merten’s discussion contained a reference to micro¬ 
photographs*. The microphotographs in our paper, more than 
anything else show the great improvement in the grain structure 
of the rotor material that we ai*e now rising, as compared with tlio 
old materials. 

I think that Mr. Williamson’s point on the question of un¬ 
expected cracks or weaknesses is very well taken. If we had 
complete knowledge of the failures that have occurred, T believe 
we would find that their occurrence very rarely can be attributed 
to too high values of the calculated stresses, but nearly always to 
unexpected faults in the materials. 

Mr. Williamson’s remarks on retaining rings is also very 
important. There is a very natural tendency on the part of the 
designers to raise the strength (the yield point) of the material 
at a sacrifice of ductility. While the theoretical value of the 
factor of safety may be increased, we may actually obtain a 
structure which is less safe than one having a material of a lower 
yield point. At the same time I wish to point out that in the 
rotaining-ring material in use at the present time by the Westing- 
house Company, and by other manufacturers, the ductility is 
actually superior to that of previous materials having a lower 
yield point. Thus, we have improved both the strength and the 
ductility and this is, of course, a logical procedure. 

Referring, finally, to the discussion of Dr. Pohl, I wisli to add a 
few remarks on the formula for actual factor of safety in cases of 
variable stresses, which was given in our paper. This formula 
is arbitrary only in the sense that the somewhat erratic experi¬ 
mental results available on this subject have been interpreted in 
a manner giving, in some cases, a slight amount of added safety. 
I refer to the replacement of the Gerber parabola by a straight 
line, joining the endurance limit and the yield point. An 
explanatory footnote on this formula will be given in further 
publication of the paper. The endurance limit is considered as 
the limiting amplitude of reversing stress, which can be applied 
in straight tension and compression an infinite number of times 
without failure. The available investigations on this subject 
seem to indicate that, for steels, there is no difference in the 
endurance limit when the number of reversals considered is 
greater than 10 X 10®. 
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design is worked out. The theory of the starting winding is given of synchronous motors. This is followed by a description of the 
briefly in non-mathematieal language, and curves are presented operating charaeteristies and of the method of controlling the motors. 


Introduction 

HEN there came a demand for large 3600-rev. 
per min. synchronous motors, it was apparent 
that it emanated chiefly from manufacturers 
of centrifug:al compressors. In this application high 
speed is essential in keeping down the number of stages 
and the weight in the compressor. Steam turbine 
drives are used to some extent, and on the smaller sizes, 
induction motors have been used. The steam turbines 
are very satisfactory where a suitable supply of cheap 
steam is available, but frequently the source of steam 
is too remote. In most cases, 60-cycle electric power 
is readily available. 

It was natural, in designing the high-speed syn¬ 
chronous motors, to turn to the already existing two- 
pole turbine alternators, which have specially designed 
features to make them suitable for high speed operation. 
The essential mechanical features of this type of genera¬ 
tor are determined by the high centrifugal stresses 
involved, which make a small diameter imperative for 
the rotating elements. In order to get tiie required 
volume of iron into the rotating element, it is thus 
necessary to use a relatively long machine. This makes 
a long shaft necessary, and, when the rotor is of lam¬ 
inated construction, the shaft cannot be of large 
diameter on account of the stress at the bore in the 
punchings. With this in mind, the designer must 
obtain a proper balance between the tmit stre.sses in 
the various rotating parts, at the same time maintain¬ 
ing suffleient stiffness in the ^aft to insure smooth 
operation. The electrical requirements are to maintain 
a proper balance between the various flux densities and 
current den.sities, so that heating within the guarantees 
will be a.ssured, and to obtain as high an efficiency as is 
compatible with reasonable cost. The various com¬ 
promises thus utilized are to a considerable extent 
matters of experience. 

It can readily be seen that a large part of the problem 
had already been solved by using the existing high- 
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speed turbine alternators as a starting point. The 
available turbine alternators were of the type which 
had laminations for the rotating elements pressed on a 
steel shaft. These laminations had radial slots in 
which the polar field windings were wound, and these 
in turn were held in place in the core portion by metal 
retaining wedges placed in suitable wedge slots just 
above the polar windings. The polar windings were 
held in place on the end portions by steel retaining rings. 
By employing these special structural features, 
coupled with appropriate starting windings and changes 
in the electrical design, synchronous motors can be 
made having starting characteristics comparable with 
those of induction motors. 

Although the two-pole s 3 mchronous motors are 
usually built for operation at unity power factor, a few 
have been built for operation at leading power factor. 
The design of motors for 0.9 or 0.8 power factor rating 
does not involve difficulties because the construction 
of the amortisseur winding leaves sufficient space in 
the rotor slots for a field winding of adequate capacity. 

The problem of designing suitable starting windings 
for two-pole synchronous motors is much more difficult 
than in the case of squirrel-cage induction motors, 
principally because the ^ort-circuiting rings must not 
in any way interfere with the polar field windings. 
Various schemes were proposed; one consisted of making 
two crown rings of bronze or copper slotted from con¬ 
tinuous cylinders, then passing fhese over the polar 
windings and uniting the ends by a special brazing 
process or by electric welding. Another scheme for 
the starting winding was to insert bars of bronze or 
hard copper as slot wedges above the polar windings and 
properly connect these to low-rraistance end rings 
consisting of annular plates just outside the end portions 
of the polar winding. The fet scheme was impractical, 
due to the great difficulty of maldng a successful joint 
in the middle of the field core. It made the repair of the 
polar windings impossible, except by destroying the 
starting winding, and, finally, it occupied valuable 
space needed for the polar winding. The second 
scheme was actually tried out successfully. But in this 
case, also, the starting windings occupied some of the 
space required for the polar windings, and, while the 
joints with the short-circuiting rings were simpler. 
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they were difficult and expensive to make. The plan 
finally adopted was to utilize the space at the thick 
ends of the teeth between the rotor slots. In carrying 
out Ihis scheme the teeth are sufficiently cut away, as 
shown in Fig. 1, to provide room for two thin but deep 
conductors at the sides of the slots. Each of these 
flat conductors is folded over and. joined outside the 
core ends to a flat copper or bronze disk which con¬ 
stitutes a very satisfactory end ring. Not only are 
two of these flat conductors employed in each winding 
slot,'but extra slots are provided in the polar section, 
thus making the starting winding continuous about the 
entire periphery of . the rotor; a condition difficult to 
obtain on a salient pole machine. In assembling this 
form of starting winding, the ends of the flat bars are 
temporarily held in the end plate by screws, and then 
the joints are perfected by a very carefully made 
junction of silver solder which has a melting point of 
approximately 660 deg. C, This arrangement of bars 
and end rings, in conjunction with the specially ar¬ 
ranged wedges, provides an excellent starting winding. ^ 
Since the bars are inserted in the field core before the 



Pig. 1—Arrangement op Pol.ar Winding, Starting 
Winding and Wedges in Rotor op Two-Pole Synchronous 
Motor 

insulated polar winding is assembled, the latter can 
be repaired at any time without disturbing the former. 
Proceeding along these lines, it was found possible to 
get enough copper into the starting winding to give a 
d-c. resistance of approximately one-half of 1 per cent. 
The starting winding is shown in Pig. 2, which indicates 
clearly how the winding is coimected to the end rings. 
Fig. 3 shows the field windings and the starting winding 
assembled in the rotor without the steel retaining rings. 

^e first two two-pole 3600-rev. per min. motors, 
built with this form of starting winding, were rated 
2550 hp., and were installed in a plant in the Andes 
Mountains at an elevation of 14,000 ft. 

Theory 

It is not within the scope of this paper to develop a 
mathematical theory of the starting characteristics. 
Such a theory has been worked out and will be briefly 
described in non-mathematical terms. Curves of 
torque and current calculated by means of this theory 
have been found to check approximately with the test 
curves. 

Referring again to Fig. 1, it will be seen that the 


squirrel-cage bars are relatively deep. With this con¬ 
struction, the effect of the leakage flux at 60 cycles is to 
cause an uneven distribution of current density, con¬ 
centrating it at the top of the slot. This causes an 
increase in the effective resistance of the bar, and a 
decrease in the reactance. This effect can be calcu¬ 
lated by well-known methods applied to rectangular 



Fig. 2—View op Unwound Rotor op Two-Pole, 3000- 
Rev. per Min. Synchronous Motor, Showing Con.stbuction 
OP Starting Winding 

bars in rectangular slots with open tops. For these 
motors, it was found that the effective resistance of the 
bars at 60 cycles was approximately twice their d-c. 
resistance. 

We come now to consideration of a pai'ticularly 
interesting feature of the starting winding. It was 
considered necessary to make the retaining wedges 
above the polar winding of short sections, each section 
being insulated from the other. This was necessary 
to prevent currents from flowing axially along the rotor. 
Such currents might cause dangerous burning unless 
proper connections were provided at the ends of the 
rotor to confine them, and it is difficult to do this with¬ 
out interfering with the accessibility of the polar 
windings. However, even though these wedges con¬ 
sist of short sections insulated one from another, they 
still possess the essential features of a dead conductor 
placed above a current canying conductor in a slot. 
That is, the leakage flux from the starting winding 
can induce a voltage in the wedges which will cause a 



Pig. 3—Completely Wound Synchronous Motor Field 
BBPORE Retaining Rings abb Shrunk On 

current to flow axially along the top of the wedge and 
return along the bottom, a complete circuit tNiHng 
place in each wedge section. Theories of this action 
have been worked out by various authors.* It was 
foimd advisable to employ two kinds of wedges, some 
being of steel and some of an extruded metal. Various 
effects have been obtained by using alternately steel 
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and non-magnetic wedges in different proportions. 
By thus varying the proportions of the two materials, 
different effective resistances and reactances can 
be obtained. The effect of a steel wedge above the 
starting winding is to increase the reactance by pro¬ 
viding a path of lower penneance for the leakage flux; 
and to increase the resistance by contributing a heat 
lass caused by the eddy currents induced in the wedge 
by the leakage flux. The action is like that of a tertiary 
winding in a ti*ansformer, except that saturation is 
present in the wedge-leakage paths to a large degree 
and modifies the i*esults considerably. 

The method of calculation is to ascribe the additional 
resistance and reactance to the starting winding, al¬ 
though the Ilux causing the additional reactance cuts 
the wedge, and the resistance loss actually takes 
place in the wedge. By thus fictitiously placing the 
reactance and resistance in the starting winding, the 
motor starting characteristics can be calculated in the 
usual way with little difficulty. The start of the cal¬ 
culation is made by assuming a current in the starting 
winding. This determines the m. m. f. in the leakage 
paths and thus determines their degree of saturation. 
When this is known, it is easy to calculate by known 
methods’* the leakage flux and get the effective resis¬ 
tance and reactance of the starting winding caused by the 
wedge. The effective resistance of the starting winding 
itself, due to its own non-uniform current distribution, 
can be determined in the usual way. The effect of the 
end ring is usually small but it may be included and thus 
the total effective resistance and reactance of the rotor 
for that particular frequency and applied voltage may 
be determinefl. Using these, the current which would 
flow in the starting winding is found. If it does not 



Pin. 4 -—Ahmatijuk C^urbknt-Spbkd Chabaotbrirtics op 
Two-Polk SYNOHRONOim Motor at Vahioxib Voltaoks 

check with the value assumed, it is necessary to make 
a new assumption and repeat the process until a suffi¬ 
ciently close check is obtained. Points for different 
voltages and frequencies must be obtained separately 
because the constants depend on both. Thus the 
torque is not necessarily proportional to the square of 
the applied voltage, nor is the current necessarily 
proportional to the applied voltage. 


Starting Characteristic Curves 

Torque and current curves which were taken by 
test on a 1500-hp. 3600-rev. per min. motor, are found 
in Figs. 4-5 for different applied voltages. These 
curves clearly show how the current and torque vary 
with voltage and speed. It will be noted that the 
torque is maintained up to a point very close to the 
synchronous speed. The slope of the torque curves. 



lOiQ. 5 —Torque-Speed Characteristics op Two-Pole 
Synchronous Motor at Various Voltage-s 

from this point to synchronism, is very great and a 
measurement of the slope near synchronism indicates 
that the d-c. rotor resistance is about one-half of 1 
per cent, as calculated. The fact that the torque is 
maintained to a speed so close to ssmchronism makes it 
comparatively easy to synchronize the motor. A 
consideration of the theory, described above, indicates 
that these torque and current curves could be changed 
materially by changing the proportions of steel and non¬ 
magnetic material in the slot wedges. Calculations in¬ 
dicate that at standstill the rotor resistance and re¬ 
actance are each of the order of ten times the value 
calculated for direct current flowing in the sta^ng 
winding. This shows how greatly the characteristics 
depend on the retaining wedges during the first part 
of the starting cycle. 

Heating 

When a synchronous or induction motor is started 
by of a squirrel-cage winding from zero speed to 

synchronous speed, it may be readily proved that the 
heat generated in the rotor over the total cycle is 
practically independent of the construction of the 
starting winding. This heat energy is equal to the 
stored energy of the rotating parts at synchronous 
speed, plus an amount represented by the^ area of a 
curve obtained by plotting the products of slip and load 
torque against time over the whole starting cycle. It 
was found in some actual cases that the kinetic energy 
of the rotating mass was equal to about 80 per cent of 
the total heat loss in the rotor. Thus, it is evident that 
a high amount of inertia inevitably causes a heating 
problem which cannot be ignored. Furthermore, it is 
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impossible to reduce the amount of heat to be stored in 
the rotor by any change in the construction of the 
starting winding. 

One of the ways in which this problem was con¬ 
sidered was as follows: 

The rate of heat flow into the rotor having been 
determined by the above means, Fourier's heat equa¬ 
tion was integrated, considering the rotor to be a 
massive cylinder with heat applied to the surface. 
In such a case, it is theoretically possible to determine 
the temperature rise at the surface, at the end of any 
given time. This giv^ a result which is independent 
of any method of construction of the starting winding 
and serves to indicate the limiting condition. Such 
results, however, must be modified empirically, due to 
the actual construction being different from the assump¬ 
tion. It has been found possible to get a fairly good 
idea of the temperatures to be expected by this means, 
.but some judgment is required in applying the results. 
Machines undergoing test have been put through severe 
starting cycles, and then opened up and examined 
carefully. Such examinations have shown that no 
damage of any kind has resulted to any of the motors 
as a result of tests considerably more severe than their 
usual starting requirements. If more than one starting 
cycle is to be considered, it is evident that careful 
consideration must be given, to see that sufficient time 
is allowed for re-distribution of the heat generated, in 
order to avoid undue accumulation of heat. Special 
methods of ventilation would be of little value in re¬ 
ducing the temperature of the starting winding because 
the heat is generated at such a rapid rate that a flow of 
heat into the steel mass of the rotor must be depended 
on rather than convection to keep the winding cool. 
As a result of these studies, it has been found quite 
feasible to ssmchronize, without exceeding safe tempera¬ 
tures in the rotor, 8600-rev. per min. compressors 
requiring a starting torque of 30 per cent, and a pull-in 
torque of 60 per cent, and having a W of 2 Ib-ft. 
squared per hp. of motor rating. While somewhat 
greater values of W per hp. may be successfully 
started, tiie heating difficulties are then more serious. 

Synchronous Characteristics 

The s 3 mchronous characteristics of the two-pole 
motors are similar to those of lower speed salient pole' 
machines. Since the amoimt of excitation required by 
any synchronous motor is a function of the number of 
poles, the excitation required by two-pole synchronous 
motors is of course very small. A 2600-hp. 0.9-power 
factor 3600-rev. per min. motor, for example, requires 
only 13.5 kw. Efficiencies of about 94.5 per cent 
have been obtained for 1260-hp. rating, and about 
95.5 per cent for 3000 hp. rating, while sKghtly higher 
figures apply to larger sizes. Windage losses, which are 
included in calculating the efficiency, account for these 
results not equalling those of lower speed machines. 


Application 

Several large two-pole synchronous motors have 
been built within the past five years, and these are 
operating successfully. However, the range of ap¬ 
plication has so far been quite limited. This is due 
in part to the constant speed limitation of the syn¬ 
chronous motor and possibly to the fact that very 
meager data have been published on the design, con¬ 
struction, and operating characteristics of motors of 
this type. 

In sizes smaller than 800 to 1000 hp. at 3600 rev. per 
min., the synchronous motor is hardly competitive 
with the squirrel-cage or the wound rotor motor unless 
the need of power factor improvement justifies a 
higher first cost. With increasing size, however, 
the comparative cost of the synchronous motor im¬ 
proves, and this brings the s3mchronous motor into 
consideration for drives requiring greater power. 
Wound-rotor induction motors of several hundred hp. 
at 3600 rev. per min. have been built, and such motors 
up to 2000 or 3000 hp. have been considered. Their 
application, however, depends on the solution of the 
problem of handling large currents at the collector rings. 



Pig. 6—1750-Hp., SMO-ReV. Per Min. Synchronous 
Motor Direct-Connected to Centrifugal Compressor 

For large capacities, therefore, the choice is limited 
to the s3uichronous motor, the squirrel-cage induction 
motor, and the steam turbine. As the power factor of 
induction motors is always substantially below unity, 
large induction motors must be supplemented by cor¬ 
rective devices to make them comparable with syn¬ 
chronous motors. 

At the present time, as nearly as we can ascertain, 
the largest two-pole, 60-cycle synchronous motor in 
operation is rated 2650 hp. This, however, does not 
represent the limit of sizes that can be built with the 
present construction. Designs have been made for a 
7000-hp. 60-cycle motor and a 4000-hp., 1500-rev. per 
min., 25-cycle motor. 

In most of the processes to which a two-pole motor 
could be applied, the suitability of a constant speed 
^ve must be determined by the requirements of the 
individual installation. The two-pole synchronous 
motors now in service are used to drive centrifugal 
gas boosters or to drive centrifugal air compressors jn 
coimection with sewage disposal or copper refining 
processes. 
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The flotation process, for the recovery of copper 
from low-grade ore, requires a large volume of air at 
low and constant pressure and furnishes a steady load. 
For this service the constant speed of the synchronous 
motor is suitable. The high effideney and favorable 
power factor of the synchronous motor may, therefore, 
be utilized to advantage. Copper converters also 
require air at approximately constant pressure and 
volume, except during the intervals required for empty¬ 
ing the converter. A number of two-pole synchronous 
motors are now in use for “blowing” these converters. 

The “activated sludge” system of sewage disposal 
consists of blowing air through a porous medium into a 
sewage tank. The required pressure increases as the 
action proceeds, but the reduction in air flow offsets this 
pressure increase to such an extent that a constant 
speed motor may be applied. 

Gas boosters, on the other hand, are frequently 
required to operate over a wide range of pressure and 
volume. In some cases, where the density of the gas 
varies, speed variation becomes a necessity in obtaining 
the required pressure. However, synchronous motor 
drive has been found satisfactory in several booster 
installations, compressing gas of fairly constant quality. 
Large compressors have been used as basic units, the 
variations in demand being cared for by smaller 
machines which may be operated at adjustable speeds. 
Another method involves the use of several two-pole 
synchronous motors, which are started and stopped in 
accordance with an output requirement which follows 
a fairly regular cycle through the day. If the explosion 
hazard is sufficient to warrent the use of special safe¬ 
guards, the collector rings or the complete motor may be 
enclosed. 

For high-pressure pumping the tendency has been 
to use higher speed to obtain the pressure that woffid 
otherwise require an excessive number of pump stages. 
Synchronous motors at 3600 rev. per min. have been 
considered for driving boiler-feed pumps in high- 



ji’iQ, 7 —Statob of Two-Pole Synchbonovs Motor, Showing 
Method of Bracing End Turns of Coils 

pressure steam plants, although the general practise 
calls for a motor which will allow 15 to 25 per cent 
speed reduction. However, two-pole constant-speed 
motors have been applied to this service. This woifld 
indicate that speed variation is not always essential 


for boiler-feed pumps. In such cases, a synchronous 
motor with suitable torque characteristics may be 
considered. For an essential drive, such as a boiler- 
feed pump, it is necessary to consider the reliability 
of the synchronous motor and its operating character- 



PiG. 8 —Torque-Speed and Line Current-Speed 
Characteristics op Two-Pole Synchronous Motor, with 
Two-Step Compensator Starter; and Torque-Speed 
Characteristic of Centrifugal Compressor 

istics under unusual conditions, as well as its cost, 
efficiency, and power-factor. These points will be 
discussed later. 

Operating Characteristics 

Since the two-pole synchronous motors are of large 
ratinp and necessarily have low reactance, it is im¬ 
portant to design the control equipment to start and 
accelerate the motor with the lowest possible inrush. 
Considering only the motor, full voltage starting might 
be used, since these motors are capable of withstanding 
a direct short circuit. The long end turns of the stator 
coils (Fig. 7) are tightly blocked to prevent movement, 
hyiH severe factory tests have failed to disclose any in¬ 
jury to the coilsafterrepeatedshortcircuitatfull voltage. 
However, the limitations of the power supply usually 
require reduced voltage starting, and frequently make 
it advisable to use two reduced voltage steps, approxi¬ 
mately 45 per cent and 70 per cent of rated voltage, 
before applying full voltage to the stator. 

Fig. 8 shows the torque-speed and current-speed 
curves of a 1500 hp., 3600-rev. per min., 60-cycle motor, 
bdsed on the use of a two-step reduced voltage starter, 
together with a typical torque-speed curve for a cen¬ 
trifugal compressor with the discharge gate closed. 
Although the shape of the torque-speed curve of the 
motor may be modified to givelowerbreak-away torque 
and higher torque at intermediate speeds, this change 
would result in a greater starting current. 

The motor torque curve is therefore made to cor¬ 
respond roughly with the load requirements by means 
of starting coimections as shown in Fig. 9. The neu¬ 
tral point of the auto transformer is closed by switch 
C. After' closing the line oil-circuit breaker F and 
the compensator breaker E, a voltage approximately 
40 per cent of normal is applied to the motor 
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through switch A, which connects the motor to the 
taps of the auto transformer. After accelerating 
to about 70 per cent of synchronous speed, breaker A is 
opened, and breaker B is closed, increasing the voltage 
to approximately 70 per cent of line voltage. If the 
blower load is not too great, the motor may be syn¬ 
chronized at this voltage by applsdng excitation to 



PiQ. 9 —Starting Connections for Two-Pole Svnchro- 
Noxrs Motor, using Two Compensator Taps, with Korn- 
noRFER Connection for the Transfer to Pull Voltage 


By using two taps of the compensator, and the Kom- 
dorfer connection when changing to full voltage, the 
current drawn from the line can usually be limited to 
about 300 per cent of the rated current of the motor. In 
most installations of large two-pole motors, the limita¬ 
tions of the power supply require approximately this 
restriction of the motor current when starting. 

Where such restrictions are not necessary, and a high 
starting current is allowable, the use of a series reactor 
provides a simpler and less expensive control, by 
reducing the number of oil-circuit breakers and eliminat¬ 
ing many of the interlocks and relays required for the 
two-step auto-transformer starter. In Fig. 10 will be 
foxmd a study of starting characteristics of the 1500- 
hp. motor with a two-step reactor starter. These 
curves are based on the use of 15 per cent external 
reactance, which is reduced to 8 per cent when the 
motor reaches 70 per cent speed. The torque-speed 
curve is generally similar to the curve of Fig. 8, repre¬ 
senting starting characteristics with compensator start¬ 
ing. The line current, however, is considerably higher. 
Except in locations where an exceptionally lai’ge power 
supply is available, this fact would probably rule out 
the reactor-type starter. 

For some installations, the use of a permanent series 
reactor has been proposed. This arrangement is 
practical, but will involve a greater current inrush than 
either of the starting arrangements just described. 
Referring again to the 1500-hp. motor curves (Fig. 10) 
the permanent reactance must be less than 10 percentto 
insure keeping the motor-torque curve above the load 
requirement. The starting current would then be 
approximately 600 per cent of full-load current. 


the field. The transfer to full line voltage is made with 
the Komdorfer connection, by which an interruption 
of power is avoided. The compensator neutral is 
opened, and the running breaker is closed before 
opening the compensator breaker. During the first 
transfer, in which power is momentarily interrupted, 
the transient inrush following the transfer is consider¬ 
ably reduced by the reactance of the auto transformer. 
However, when changing to full voltage, it is desirable 
to maintain the circuit. A high CTiirrent might other¬ 
wise fiow, limited only by the transient reactance of 
the motor. It is of interest that, when opening the 
high tap B, before closing the line breaker D, there is 
practically no change in (he voltage across the motor 
termi n a l s. The upper section of the auto-transformer, 
serving as a series reactor, limits the voltage to the 
same value or even a slightly lower value than tbat^ 
previously obtained with the neutral point of the com¬ 
pensator closed. 

If the motor is synchronized before transferring to full 
voltage, it becomes essential to avoid opening the circuit 
when making this transfer. If power were interrupted, 
the motor speed .would drop so quickly that the motor 
would probably be unable to re-syndnonize. 
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Fig. 10—Torque-Speed and Line Current-Speed 
Characteristics op Two-Pole Synchronous Motor with 
Two-Step Reactor Starter; and Torque-Speed Charac¬ 
teristic op Centrifugal Compressor 


The accelerating duty required of a 3600-rev. per 
min. motor is severe, and requires careful study. 
The rotor of a two-pole motor, whether synchro¬ 
nous or squirrel-cage is physically smallm- than 
that of a lower-speed motor of equal hp. With a given 
eunount of heat to be disapated in the rotor, the tem¬ 
perature rise is necessarily greater. Ordinarily, the 
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tt*s are started only once a day, or even less fre- 
tly, but provision should be made for repeated 
ing under emergency conditions. Where the 
m machine is a centrifugal air compressor, or a 
lompressor of average design having approximately 
ft.- inertia per hp. at 3600 rev. per min., motors 
be designed to start twice in succession without 
terous heating of the rotor or the stator. The time 
•val between starts is important. Obviously a 
er time interval allows more cooling as well as a 
er redistribution of heat between the two complete 
:ing cycles. 

ue to the unusual torque characteristics of the motor 
below .synchronous speed, as previously described, 
synchroni'/ing is ea.sily accomplished in spite of the 
inertia of the average centrifugal compressor, 
rotating machine is to be pulled into step from a 
synchronous speed, its kinetic energy must be 
eased by an amount corresponding to the difference 
peed, and this energy mu.st be supplied in a time 
esponding to le.s.s than one-half cycle at slip fre- 
iicy. It. is therefore important to reduce this slip to 
linimum, to insure proper synchronizing and to 
t the current peak which the motor may draw 
nentarily. Since the two-pole synchronous motor 
develop approximately full load torque when 
ning U.S an imluct.ion motor at 99 per cent speed, the 
:rifugal compres.sor loa<l can be accelerated to a slip 
bout one-half of one per cent, and the change from 
letion-motor operation to synchronous operation 
ade with very low current inrush. 

'he u.se of a synchronous motor on any essential 
ihine, where an outage of a few minutes may be 
ous, immediately raises a question rei^rding the 
ration of the motor under unusual conditions, such 
nomentary lo.s.s or dip of line voltage or failure of exci- 
on voltage. With suitable torque characteristics, the 
chronous motor can be arranged to continue opera- 
1 after a momentaiy loss of a-c. power, but the 
trol must be supplemented by additional devices to 
omplish this result. 

n general, if a .synchronous motor falls more than a 
' per cent below synchronous speed, due to a momen- 
y voltage drop, it will not re-synchronize upon return 
voltage. But, if the d-c. excitation can be 
loved, and the oil-circuit breaker in the armature 
;uit remains closed, the motor can i*e-synchronize 
tvided the squirrel-cage torque at sub-synchronous 
eds just below synchronous is sufficient to carry the 
d. The characteristic curve of the 1500-hp. motor, 
ilotted on the basis of 100 per cent voltage, would 


after a momentary voltage failure, rather than to go 
through the usual starting steps, with the resulting 
loss of time and reduction of speed. With a centrifugal 
blower load or a pump load, and an external W R^ot 2 
lb. ft.^ per hp., the motor would drop to 94 per cent 
speed in one sec., after failure of voltage. If the time 
delay of the undervoltage device is limited to one or one 
and one-half sec., the motor can still be re-started with¬ 
out an excessive current inrush. If continuous operation 
is essential, it is necessary to resort to this procedure in 
emergency cases, although the current inrush would be 
higher than that normally allowed for starting. The 
use of a time-delay undervoltage device on the line 
breaker is not in itself sufficient to insure continuous 
operation of the synchronous motor during voltage 
dips, even of short dixration. 

The problem of removing excitation and of re¬ 
synchronizing at the proper time requires additional 
relay equipment and careful consideration of the effect 
on the supply voltage which these operations will cause. 

If the field excitation is lost, the two-pole synchronous 
motor can operate for a very limited time as an in¬ 
duction motor, without overheating. Continued 
operation without excitation is not possible with the 
present designs. The use of these motors for essential 
service consequently requires a dependable source of 
direct current for excitation, or an alternative source, 
to which a transfer can be made quickly. 

Various methods are available for removing excitation 
if the synchronous motor falls out of step, and for re¬ 
synchronizing after short-time interruption. However, 
the devices required to accomplish these steps make the 
control more complicated than the control required for 
the same type of service with induction motor drive. 

The design of the two-pole ssmchronous motor 
permits the use of a large air-gap without requiring a 
high excitation current. An air-gap clearanfee of one- 
half inch or more is used in the larger motors. The 
use of forced lubrication for the bearings is an added 
assurance of successful operation from the mechanical 
standpoint. 

If the motors are designed to operate at leading 
power factor, then, in addition to the advantage of 
power factor improvement, an increase in maximum 
synchronous torque is obtained. The pull-out torque 
is increased from approximately 150 per cent of full¬ 
load torque, for unity power factor operation, to 200 
per cent or more for motors operating at 0:8 leading 
power factor. With 200 per cent available torque at 
rated voltage, the motor can carry full load momen¬ 
tarily with line voltage as low as 50 per cent of normal. 


>w approximately 150 per cent torque at 98 per cent 
sed, and 130 per cent torque at 75 per cent speed, 
us the torque near synchronous speed is sufficient 
enable the motor to accelerate, upon return of full 
:tage, and re-synchronize with full load on the driven 
ichine. With automatic starting it would be ad- 
able to allow full voltage to be applied immediately 


Conclusion 

The problems involved in the design and application 
of two-pole synchronous motors have been outlined so 
as to indicate the applications for which these motors 
are best adapted, and also to indicate their limitations. 
It is believed that there are other possible uses to which 
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these motors have not yet been applied, and it is hoped 
that this paper will contribute to an understanding of 
the field of usefulness of the two-pole s 3 Tiehronous 
motor. 

The authors wish to acknowledge their indebtedness 
to Mr. W. P. Dawson, under whose supervision these 
motors were developed, and who has contributed 
material for the introduction. 
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Discussion 

M. D* Rosss The paper by Messrs. McLenegan and Summers 
is the first adequate paper dealing with the two-pole synchronous 
motor. A great deal has been written in Europe on the subject 
of ihe s 3 mchronous induction motor which uses a non-salient pole 
rotor, but neither the proportions nor the performance of the 
synchronous induction motor are comparable to the machines 
described. The construction of the two-pole synchronous motors 
is not new. As early as 1910, the company with which I am 
associated built a 750-hp., 2-pole, 3600-rev. per min. motor to 
drive a centrifugal blower. As stated by the authors, the 
application of these motors has been limited, which probably 
accounts for the lack of information to be found in technical 
magazines. 

It has been our practise to build two-pole turbine generator 
rotors using solid forgings into which radial slots are machined to 
take the windings. The solid forging of the rotor is capable of act¬ 
ing as a damper winding, and the standard turbine generator can 
be redesigned for operation as a self-starting synchronous motor. 
Eddy cTurrents are set up in the surface of the steel forging during 
starting, which produce ample torque for starting. The flux 
linking the rotor is confined to a relatively small depth on the 
surface of the rotor due to the well known skin effect. This 
effect is shown by the low voltage induced in the field winding 
during starting, indicating that very little flux links the field 
winding, but rather crosses the tops of the rotor slots. As the 
slip frequency decreases, the flux and eddy currents penetrate 
deeper into the rotor, thus giving the desirable effect of a high 
resistance damper winding at standstill with a high starting 
torque and a low resistance damper winding near synchronous 
speed which will allow the rotor to accelerate to a low slip. 

The synchronous motor rotor differs from that of the generator 
only in that the steel retaining rings over the rotor coil ends are 
insulated from the rotor body to prohibit heating at the contact 
surface between them due to eddy currents. A number of 
synchronous motors has been built with this rotor construction, 
which has given entire satisfaction and has' the advantage of ease 
of construction. Since no special damper winding is required, 
the amount of rotor copper is not reduced in the motor design. 

The number of successive starts a motor can satisfactorily 
make depends largely upon the heat storage capacity of the rotor 
as the proportion of the heat absorbed by the cooling air during 
the starting cycle is relatively small. In tests of two 2700-hp., 
4-pole, 1800-rev. per min. motors in which the above construction 
was used, it was found that the heat generated during the start 
had distributed itself nearly uniformly through the rotor by the 
time the rotor came to rest due to Ihe good heat conductivity 
of the solid rotor forging which allowed the losses to escape from 


the surface of the rotor to the center in a relatively short time. 
Dangerously high temperatmes cannot therefore be expected 
to build up on the rotor surface during several successive starts, 
provided the total heat storage capacity of the rotor is large 
enough. 

One interesting feature of these motors which the authors 
have not mentioned is the absence of pull-in torque with no field 
excitation. A salient pole synchronous motor will pull into step 
without excitation if it is not too heavily loaded due to the 
difference of reluctance of the magnetic paths through the polar 
and inter-polar parts of the rotor. The difference in x’eluetance 
between the slotted portion of the rotor and the solid pole 
center is quite small and the two-pole motor will not synchronize 
under load unless excitation is applied. 

Due to the relatively low reactance of tlie two-pole motor 
and its rapid drop in speed when disconnected from the power 
circuit, the design of control equipment for these motors is more 
difficult than for slower speed motors. When auto-transformers 
are used, we have so designed them that the motor is connected 
to the auto-transformer taps through balance coils, so that taps 
can be changed during starting without opening the circuit. 
The motors are usually started on about 40 per cent voltage, 
transferred to 60 per cent voltage, and are synchronized after 
transferring to full voltage. 

The reactor method of starting described by the authors has 
the advantage over auto-transformers of much lower control 
cost and somewhat smoother operation during starting and can 
be used to advantage where the source of supply will allow" the use 
of the higher starting current involved. 

It is to be hoped that a better understanding of the perform¬ 
ance of the two-pole synchronous motor by engineers interested 
in motor drives as brought about by papers such as the one under 
discussion, will open up new fields of application. 

A. B. Owens As the authors have indicated, the demand for 
3600-rev. per min. synchronous motors comes almost exclusively 
from builders of centrifugal blowers and compressors. For 
such service this speed is as a rule too slow, as turbine-driven 
blowers for such applications as gas boosters are run at si)eeds of 
10,000 to 20,000 rev. per min. However, it is the highest speed 
at present available in 60-oyele motors and hence the blower 
manufacturer must design on that basis. In centrifugal blowers 
and compressctrs, the pressure is developed by using high tip 
velocities to impart high velocities to the gas and then converting 
tins velocity into its equivalent pressure. The blower designer 
is always interested in the highest possible tip velocity without 
resorting to disproportionately larger diameters. 

In the development of the first successful synchronous motors 
for driving blowers, about the year 1914, the problem of a 
sufficient starting torque was naturally prominent; in fact, it 
might fairly be said that this problem was and is today the only 
problem of a motor design to distinguish it from the design 
of a corresponding turbine generator. Fortunately, the starting 
requirements of a motor driven blower are simple and easy. 
Only sufficient torque is required to break the rotors away from 
rest and to accelerate them. The work done in moving the 
air at slow speed is negligible; consequently, at the start when the 
rotor frequency is a maximum, the required torque is a minimum 
and it is only as the rotor frequency drops due to increase of speed 
that the required torque increases—an ideal starting condition. 

Even with this favorable condition the problem of the starting 
winding is difficult, and not the least of the difficulties is to 
handle the expansion in the axial conductors. High heat 
must be expected under starting conditions and only a part 
of this heat can be conducted away even in such an excellent 
arrangement as that shown by the authors of this paper. The 
older practise on Elliott motors of this type was to attach the 
conductors to end rings having quite a measure of axial flexibility. 
Expansion from heat can fairly be called an irresistible force and 
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if provision is not made for necessary movement, joints will be 
broken, 

A recent development that may be of interest consists in 
using the steel of the solid-forging type of rotor as the starting 
winding. Each tooth of the rotor is an axial conductor, con¬ 
nected at its ends to the solid body of the shaft. Its resistance 
is high and its heat storage capacity and also its heat conduction 
to the shaft are excellent. 

This simple construction, entirely free from joints and special 
materials, makes it ideal for the particular application under 
consideration, and it has been used successfully for the last 
four or five years in motors from 750 to 2200 hp. There seems 
to be no reason why it should not be equally applicable to motors 
of larger sizes. These motors will break away and accelerate to 
about 30 per cent speed on the application of a starting voltage 
as low as 35 per cent of rated voltage, though 40 to 45 per cent 
is desirable on the first starting point. 

I wish to endorse the method of starting such motors by 
increasing the applied voltage without opening the stator cir¬ 
cuit. This is very desirable in order to avoid shook to the 
rotor and possible distortion of the end connection of the stator 
winding. 

R. B. Williamson: The authors say: “compressors requir¬ 
ing a starting torque of 30 per cent, and a pull-in torque of 50 
13 er cent, and having a TF of 2 Ib-ft.^ per hp. of motor 
rating.” I want to ask if that is the combined compressor unit 
or just the compressor alone. 

I. H, Summers: With reference to Mr. Ross’ discussion, 
particularly in regard to building a synchronous motor with a 
solid-core rotor, I may say that we have also built a machine of 
this construction and tested it. We feel that a laminated con¬ 
struction with a properly designed squirrel-cage winding is 
probably a more flexible design because, by changing the material, 
or the dimensions of the windings and the retaining wedges above 
these windings, different characteristics can be obtained for 
different purposes. 

With regard to his point that a round-rotor synchronous motor 
does not have pull-in torque, I wish to point out that in the 
motor we tested and for which curves are given in the paper, 
the torque is very large at speeds close to synchronism, so that 
the motor reaches a slip of probably 0.5 per cent at the time the 
field is applied, which makes it very easy to synchronize. 

Mr. Ross evidently felt that the temperature rise during a 
cycle in which several starts are made is not a serious problem, 
provided the motor be made largo enough, and we agree 
thoroughly with that. Of course the point is that the motor 
must be made large enough. In this connection I have prepared 
some curves showing the temperature distribution to be expected 
in a cylindrical rotor, assuming a homogeneous mass of iron with 
heat applied to the surface. These curves indicate in a gener^ 
way what maximum temperatirres would be obtained under this 
assumption. 

Mr. Owen, in his discussion, pointed out that the problem of 
starting a centrifugal compressor is not serious. The main 
thing is to have sufficient torque to accelerate its inertia without 
overheating the motor and we agree thoroughly with this also. 
In these applications the inertia of the load is often very large 
and is what limits the size of the motor if repeated starts have 
to be made. With a two-pole motor, having a rotor of as small 
size as it normally would be in this design, the problem is more 
serious than it appears at first sight. 

With regard to his point about the expansion of the conductors 
being a serious problem, I might mention that although the 
photograph in our paper does not show it, the squirrel-cage 
winding which we use is formed of copper ribbons and is so 
constructed that a wave is placed in the ribbons at the ends of the 
rotor to take up the expansion and this completely prevents aU 
trouble which might otherwise result from restraint of the 
expansion. 


In answer to Mr. WiUiamson’s question as to whether the 
figure given in the paper of 2 Ib-ft.^ per hp. rating applies only 
to the compressor or to the combined unit, I may say that that 
was intended to apply to the compressor only. 

Consider a homogeneous cylinder with heat applied uniformly 
all over the cylindrical surface. Assume that this heat is known 
as a flow function of time in terms of power per unit area. The 
problem of determining the temperature distribution at any point 
in the cylinder at any time may be reduced to the solution of a 
partial differential equation. 



The heat equations are 
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r is the radius of the cylinder 
p is time differentiating operator 
/ is heat flow 
c is conductivity 
e is temperature 
is the diffusivity 
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Substitutiiig the boundary conditions that the cylinder is not 
hollow and that / = /. at r = r, and solving, the temperature is 
found in operational terms 
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In order to get this solution in explicit form it is convenient to 
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expand it in terms of partial fractions.^ Owing to lack of space 
tMs development will be omitted and the result simply stated. 


2 r 1 ^ ^ Joiyan) 

cro L .^o(On) 



where the summation is taken over all the positive roots of 
Ji (x) ~ 0, On representing these roots. In this expression 
y = r/ro. 

Now the flow function is taken as a constant flow directed 
inward, in the Heaviside notation. 


/o = 1 (5) 

When this is substituted and the operations performed accord¬ 
ing to the Heaviside rule, the final solution after simplification is: 
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where t is time. 


At the surface of the cylinder wliere the temperatures are 
maximum this reduces to: 



This curve is plotted in Fig. 1 a herewith for an iron cylinder of 
10 in. radius in which « 0.0188 sq. in. per sec. and c *= 1.14 
watts per sq. in. per deg. cent, per in. Fig. 1b is the temperature 
when the flow function is intermittent as in Pig. Ic. Fig. 2a is 
the temperature when the flow function is as sliown in Fig, 2 b and 
the total heat applied is the same as in Fig. Ic. It will be noted 


1. The writer is Indebted to Mr. R. H. Park for showing him how to 
make this o.xpansion and simplify the result. 


that the maximum tomporatures are practically the .same in oilhor 
case so that it is only necessary to know the total heat applieil to 
get an approximate idea of the answer. Tlio ordinates in cither 
figure are to be multiplied by average watts per square inch for 
one heat cycle to get degrees centigrade." 

In the application of these curves to a practical prohloni in tlio 
starting of synchronous jTiotors it should be romembored that 
horein no heat is assumed to escape from the surface. 
would ])rohably not modify the result radically, however, and to 
offset it there is the consideration that tho rotor constriMitiun is 
not perfectly homogeneous, having slots and atlusr irregularities. 
At best the curves are a rough approximation to a practic*al ease 
but it is felt that they do .serve to illustrate some intiTcsling 
point.s in connection therewith. 

D- W. McLenci^an: Mx’. lioss mentioned the siiunMlier 
starting which is ]»o.ssiblo with tho reactor method. Jf the 
motor cmild be dosignod so that its impaclau(*o increased raiiidly 
at intomuxliato speeds, this typo of starting wtmld b<» ideal. 
However, as tlio motor accelerates, tho impedances does not. riso 
sufficiently to lnert‘ase tho voltage drop across tlu» motor and 
provide a motor torque eoiTosponding to tho iiiereasirjg load 
torque. It is therefore impossible to use a <n)nHtant external 
roactanee throughont tho acclerating period <nK<»(»pt by making 
this reacitanc<i vt*ry small and accepting a high initial <*urn*nt. 
The reactor is cut out in .sto]).s, and this ])rocoduro inv<»lves abrupt 
changes iu tho motor currout. 

Mr. Owen mentioned tho desirability of maintaining tho circuit 
while increasing tho applied voltage during tlio starting period. 
However, with tho auto-transformor m(3thod doH<u’ibc»d in (ho 
paper, the mngneti/dng ciUTont of tho auto-transforiiuir is not 
intorruptod when changing taps, and con.soquontly tho inrush is 
materially reduced due to tluj roaclanco of the auto-transformer. 
It has boon our exjiorionco that tho coil bracing is adcjquaic to 
px’ovijiit any distortion of the end turns of tho stator winding, 

2, Tlio antlior Is imlcbtcd to Mr. S. l^agUiuui for a.sslstau<!o In llio 
numerical work and plotting the curviis in tlio agur(%s. 
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Synopsis, —The pioneer paper on this subject of copper losses in 
armature conductors was presented by A. B, Field.^ Since then 
Field's fundamental pt'emises have been adopted by practically all 
•who harr contributed to this suhjectj both in this country and abroad^ 
althouyh the Qiiethod of prese.7itation has been modified as the in- 
dividual thought best 2Vius one of the pn'eseni authors has favored 
a vector method of analysis that seems to him to have marked ad- 
vanktifcs. In Uds paper the vector method is extended to the case 
of the d-c, machine. 

Without doubt "is generally believed that there are extra losses 
171 the armature coil of a d-c, machme when it is undergoing com¬ 
mutation, Imt that during the major portion of the time, since the 
ciirrcni is steady, the loss in the coil is correedy computed by squar¬ 
ing the value of the curre7ii and multiplying by the true or ohmic 
rcsistayico of the coil. This view, hoivever, is 7iot correct. The 
disiurhaticc in the coil current produced by the process of commu¬ 
tation p(rsists throughout the cycle so that at no time is the current 
umfor 7 idy distributed over the cross-section of the conduLctor, Al¬ 
though the disturbance and restdiing extra loss factor are greatest 
during com7HUtaiio7i, the extra losses are present at all times, even 
while the vurreni in the coil is steady. The procedure for finding 


the extra losses is simple. First, the time va7'iation of the coil cur7'ent 
must be known and analyzed for its harmonic components. In the 
present analysis it is assumed to be trapezoidal because this is, at 
once, a simple and a desirable manner of variation. The extra 
loss is then computed for each harmonic component as described 
in *'Heat Losses in the Conductors of A-c, Machines^' by W, V, 
Lyon, and Reduction of Armature Copper Losses,*' by I, H, 
Summers, The total extra loss is the sum of the component extra 
losses. In case there are several coils side by side, as is usual in a 
d-c, armature winding, the average extra loss in the coUs for any 
harmonic component of current is computed as if the cods that are 
side by side were connected in parallel and carried the vector sum 
of the currents in these coils; assuming that the coils are alike and 
are symmetrically arranged. If there are more than two coils side 
by side, the losses in them are not the same. 

It is important to realize that the armature copper loss in a d~c, 
generator is not correedy computed by squaring the ar7nature current 
and multiplying by the measured armature resistance between 
brushes; and furthermore, that it is more i7nportant to laminate and 
properly arrange the armature condixtors of a large d-c. generator 
than it is to do so in the case of an a-c. generator. 


PART I 


A lthough there have been excellent papers' 
on this problem of the armature copper loss in a 
d-c. machine, as far as the authors are aware it 
has received no serious consideration in this country 
and it is not generally realized that the time-honored 
method of computing the armature copper loss does not 
give a correct value of the loss. The error may range 
from 10 or 20 per cent in a small machine to several 
hundred per cent in a large and poorly-designed one. 
The determination of this loss and the factors which 
influence it are thus matters of prime importance. 
Due to the process of commutation the current in the 
armature coil of a d-c. machine is an alternating one 
which has a fundamental and various harmonic com¬ 
ponents. The problem of an armature coil that carries 
a sinusoidal current has been investigated by several 
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writers since Fields first published his solution of the 
problem. The experimental results' which have since 
been obtained agree so closely with the computations 
that we are warranted in extending the application of 
the theory to this problem of the heat losses in the con¬ 
ductors of a d-c. armature when not only the fun¬ 
damental but all of the harmonic components are 
present in the current. Due to the fact that the losses, 
produced by the higher harmonics in the current, 
increa^ about as the square root of the frequency,' 
the extra loss factor for a d-c. armature is greater than 
the extra loss factor for an a-c. armature under the same 
conditions of speed, poles, size, and arrangement of the 
armature conductors. Laminated conductors are^ in¬ 
dispensable in the design of a-c. generators, but it is 
even more important to laminate and properly arrange 
the armature conductors of a d-c. machine. 

One phase of the present investigation was to compare 
the observed and computed results when the current 
in an embedded coil (Fig. 1) is commutated so that it 
varies as the current does in the armature coil of a d-c. 
generator. A typical curve showing the time Variation 
of the current is shown in Fig. 2. The coU riiown in 
Pig. 1 consisted of 51 turns of copper ribbon one inch 
wide by 0.0062 inch thick. Five No. 40 wires were 
attached to but insulated from the ribbon at uniformly 
spaced intervals. One of these wires was % mch 
from the upper edge of the ribbon j one, inch from 
the upper edge; one at the middle; one, inch 
the lower edge and one, % inch from the lower edge. 
The ribbon and the attached wires were then wound 

6 . Trans. A. I. B. E., 1922 Vol. 41, p. 213, and present 
paper. 
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to fonn the coil, a cross-section of which is shown in 
Mg. 3. These exploring wires enable one to make a 
direct measurement of the current density at five 
different points in the ribbon. Inasmuch as an ex¬ 
ploring wire and a filament of the ribbon in the same 
horizontal plane link the same flux the difference 



Fio. 1 —General Arrangement op Coil and Exploring 

Wire 

in their potentials is the resistance drop in this filament 
of the ribbon arid is, therefore, proportional to the 
current density in this filament. The arrangement of 
the coil, commutator, and oscillograph vibrators is 
shown in Mg. 4. The current-density vibrator was 
calibrated by sending a known value of steady current 
through the coil. Mve calibrations were made, one 
for each e^loring wire. The conimutator was <Mven 
so that the current in the coil was reversed 120 times a 
sec., giving a 60-cycle variation. The oscillograms 
obtained are shown in Mg. 5 (a. b. c. d and e). These 
oscillograms show the current in the coil and the current 
density at each of the five points. The scale of the 
current is such that the curve also shows the average 
current density and may thus be compared with the 


Commutatinff Period (Bj 



Fig. 2 Curve Showing Time Variation op Coil Current 

actual current density. The computed time variation 
of current density at each point is also shown. The 
close agreement between the obsCTved and computed 
values shows that, under the conditions existing during 
this ineasurement, the premises on which the theory 
is built—siz., those adopted by Meld—are amply 
justified. 


The computed values of the current density were ob¬ 
tained in the following manner. The time variation 
of the current in the coil was first analyzed for its 
harmonic components. By means of the fundamental 
relation^ between the current in the conductor and the 
current density at any point, the time variation of the 



Fig. 3—Cross-Section op Coil and Exploring Wires 

current density at each point for each harmonic com¬ 
ponent of the current up to and including the eleventh 
harmonic, was determined. By combining the har¬ 
monic variations in current density at one point the 
resultant variation in the current density at the point 
was determined and plotted. The oscillograms show 
distinctly that the current density is greater in the upper 
portion of the conductor, as it is when the current is 
sinusoidal; that the higher harmonics are practically 
confined to the upper portion of the conductor; that 
during the commutating period the current is fiowing 
in opposite directions in the conductor at the same 
time; that at the beginning of each half-cycle the cur¬ 
rent is most unevenly distributed, but toward the end 
of the half-cycle the distribution has become nearly 
uniform. In describing the phenomenon, it might be 
said that the continued reversal of the current, due to 
the process of commutation, produces a turbulence 
in the current flow of such a nature that the current 



current Vibrator 

Fig. 4 —Arrangement of ' Commutator, Coil, and 
Oscillograph Vibrators 

distribution consists of a series of harmonic com¬ 
ponents, each one of which can be determined in 
the same manner in which the distribution is deter¬ 
mined when the current variation is purely sinusoidal. 
This turbulence is not confined to the commutation 
period alone but continues throughout the cycle. The 

7. W. V. Lyon, Heai Losses in the Conductors of A-C. Machines, 
Trans. A. I. E. B., 1921 Vol. 40, p. 1361. 
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heat loss in the conductor is the sum of the losses due to 
the individual harmonic components of current. Each 
of these component losses can be determined by the 
same procedure that is used in computing the loss in an 
a-c. generator. Computation of the resistance ratio 
for a d-c. machine is thus a much more laborious process, 



Pia. 5 -a, b, o, d, o, 08cn,i.oGnAM8 and Calodlated Ctovbs 
or CunRENT Density at Difpebbnt Points 


than is the computation of the ratio for an a-c. 
generator. The resistance ratio may be defined in 
one of two ways, either as the ratio of the actual loss 
to the loss that would occur if the same coil cuirent 
were uniformly distributed in the conductor, or as the 
ratio of the actual loss to that as computed according 


to the standardization rules of the A. I. E. E. These 
ratios would be somewhat different. In our ease the 
measmed loss in the coil was 14.8 watts and the calcu¬ 
lated loss, 14.4 watts. In the calculation, only the 
harmonics up to and including the 13th were considered. 
The loss due to the fimdamental, or 60-cycle, com¬ 
ponent is 12.9 watts, showing that the loss due to the 
harmonics is 10.4 per cent of the total. When this 
measurement of power loss was made a different commu¬ 
tator was used, and the wave form of the coil current 
is shown in Fig. 6 (f). The maximum flux density in the 
teeth during these power measurements was approxi¬ 
mately 1000 gausses. 

There is another point of interest. It is the heat 
loss in the coil during the period of commutation. If 
it be assumed that the variation of the total current, 
and of the current density during the time of eonimuta- 
tion is linear, an approximate value of the ratio of the 
actual heat developed, to that which would be developed 
if the current density were uniform, can be calculated. 
In our ease this ratio is approximately 6, that is, during 


Fig. 5f—^W avb Form op Coil Current When Loss 
Measurements Were Made 

commutation, the conductor acts like one having a 
resistance approximately 6 times as great as it actually 
is. 

With 60-cycle sinusoidal current in the conductor the 
measured and computed resistance ratios are 1.66 and 
1.61 respectively. Figs. 6 and 7 show the observed and 
computed current densities and their phase-angles with 
respect to the total current in the conductor. 

All of these results seem tb show that the original 
premises as stated by Field are so nearly true, even 
when applied to this problem of the commutated current, 
that the errors in the computation are scarcely of 
engineering importance. 

When these principles are appUed to the determina¬ 
tion of the armature copper loss in a d-c. machine it 
must not be expected that the accuracy of the result 
will equal that attained in the case of the a-c. generator. 
There are two principle reasons for this. First it is 
improbable that the variation of the current during the 
commutation period will be known with sufficient pre¬ 
cision. Poor commutation may give rise to harmonics 
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that will materially increase the copper loss. Secondly, 
in d-c. machines, coils which undergo commutation at 
slightly different times are placed side by side in the 



Pig. 6 


CURRENT DISTRIBUTION AT 60 CYCLES 



Pigs. 6 and 7—Comparison op Mbastoed and Computed 
C xjHBBNT Densities 

slot; producing a phase displacement between the 
components of the currents in these adjacent coil 
sides which is directly proportional to the order of the 


harmonic. Some of the higher harmonics will thus be 
approximately in oppoation. This condition violates 
one of the Field premises, nz., that the current denaty 
should be the same in any horizontal plane. Three 
approximate methods for computing the loss in this 
case are described in the Part 11 of the paper. 

The general principles that have been discussed here 
can also be applied to the determination of the copper 
loss in a synchronous converter. If, for example, it 
be assumed that the current in the conductor is the 
sum of a sinusoidal component received from the 
a-c. side and a trapezoidal component, such as might 
flow in a d-c. generator, there will be a resultant funda¬ 
mental component depending upon both the a-c. input 
and the d-c. output, and a series of harmonic com¬ 
ponents which depends only upon the d-c. output. 

In conclusion it should be said that this paper is 
limited solely to the discussion of the so-called “skin- 
effect” losses that are due to the direct action of the 
armatiu'e current in heating the armature conductors. 

PART II 

Since the analysis of the problem in the case of the 
a-c. generator has been worked out in detail in previous 
articles,® it will only he shown here where the analysis 
needs to be modified to conform with the conditions 
met with in the problem of the d-c. machine. 

Since the time variation of the coil current during 
commutation is seldom known, it is customary for 
writers on this subject to assume that it is linear. 
In this case, if /*, represents the steady value of the 
conductor current and |9 is the angular period of commu¬ 
tation, the r. m. s. value of the nth harmonic component 
of the current is; 

. 4 ^^ 

tV2 n 

2 

Only the odd harmonics are present. 

If the winding is similar to the standard type of 
a-c. winding having two coil sides per slot, one placed 
above the other, the resistance ratio for the nth harmonic 
K„, can be determined by the same procedure that 
would be followed in the case of an a-c. generator. The 
resistance ratio, Ko, for the d-c. armature is then 

8 . A. E, Gilman, Eddy-current Losses in Armature Conduc¬ 
tors, Trans, A. I. E. E., VoL 39, 1920, Pairt I, p. 997. 

W. V. Lyon, Heat Losses in the Conductors of A-C, Machines^ 
Trans. A. I. E. E,, VoL 40,1921, p. 1361. 

W. V. Lyon, Heat Losses in Stranded Armature Conductors, 
Trans. A. I. E. E., VoL 41,1922, p. 37. 

I. H. Summers, Reduction of Armature Copper Losses, 
Trans. A. I. E. E., VoL XLVI, 1927, p. 101. 

For a brief bibliography see Transactions of A. I. E. E., 
VoL 41, page 213. A paper by F. W. Carter has just come to 
out attention, ‘Tarasitio Currents Losses in Bar-Wound 
Direct-current Armatures.” JL I. E. E., VoL 65, p. 1002. 
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A'« 



(First definition) 


or Ao' = 


( 2 1 

_ 2 

_ g (Second 

TT definition) 



The upper limit of w should be as large a value as is 
considered necessary. 

The latter definition assumes that the brushes short- 
/3 

circuit-of the armature coils per pole when the 



Fig. S—Cuosh-Seotion of Coil and Slot 

d-c. measurement of armature resistance is bdng made. 

D-c. armatures are often wound so that coils which 
undergo commutation at slightly different moments 
are placed side by side in the slot. In this case three 
different approximations are suggested. There are no 
data which show their relative accuracy. 

1. The difference in time of commutation can be 
ignored, and the resistance ratio computed as desadbed 
above. This approximation is the simplest of the three. 
It neglects the phase relation of currents that are side 
by side in the slot, which in the case of some of the 
higher harmonics is approximately 180 deg. This 
method can be applied to any type of symmetrical 
winding whether of solid or of laminated conductors. 
The computed value of the loss would probably be too 
great. 

2. It may be assumed that the current denaty in 
any conductor is uniform in any horizontal plane but 
is not necessarily the same in the different conductors 
that lie side by side in the slot, (Pig. 8). The current 
densities in the conductors are respectivdy Ci and Ca 


in the plane through Z. A simple case of but two 
conductors has been chosen as an illustration. 

The following differential equations for the current 
densities must be satisfied: 


and 


d” Cl 


4 TT CO / 

W 


w 

dx^ 


CO 

Ch 

2 

+ Cz 

2 

d” Ci 


4 TT CO / 
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w 

dz” 


CO 

2 

+ C2 

2 
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When the currents are equal in magnitude but differ 
in phase by a time angle B, it follows that the copper loss 
in each conductor is 

J? ^ I sin ^ ^ J cos J 


where: R is the true resistance of one conductor 
I is the current in each conductor 
Mr is the real part of ad coth ad 

ad.ZrdJIIB 

> p S 

/ is the frequency of the harmonic considered. 
This shows that when the currents are in opposition the 
loss is the same as it would be with steady direct current. 
This method is readily extended to the case of any num¬ 
ber of solid conductors side by side with other conduc¬ 
tors carrying current below them. 

In the case of laminated conductors there is no 
difficulty in obtaining a simple solution provided the 
armature coils are alike and are symmetrically arranged. 
The loss in such a winding is the sum of two component 
losses. The first is the loss that would be produced if 
there were in each coil a steady direct current equal in 
magnitude to the r. m. s. value of the commutated coil 
exurent. The second of these component losses is the 
sum of the extra” losses due to a series of harmonic 
components of current. Any one of these harmonic 
components of current is the vector sum of the actual 
harmonic components of the currents in any row** 
of conductors in the same slot. The extra loss due to 
any one of these harmonic components is then computed 
as if the coils that are side by side in the same slot were 
in parallel- This can be done by following the same pro¬ 
cedure that would be followed in the case of an a-c. 
generator. Reduced to a formula the loss becomes 

«*-■[(*-! f) 


. np . nqA 

»=i 2 2 

Where: R is the true or ohmic resistance of the arma- 


9. In excess of Hie loss as computed with direct current. 

10. In a circumferential direction and not in a radial direction. 
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ture coils all connected in series; 

7a, is the maximuni value of the coil current; 

p is the angular duration of commutation; 

A is the time angle—on fundamental scale 
(« = I)—between the moment at which 
one coil of a row in any slot is commutated 
and at which the next coil of the row is 
commutated; 

q isthenximberof coilsinarow; 

K„ is the resistance ratio of the winding for the 
nth harmonic, computed as it would be 
for an a-c. generator which had the coils 
in any row connected in parallel. 

The summation is taken for all odd values of n. 

The form of the time variation of the coil current is 
assumed to he trapezoidal. 

3. It may be conceived that the currents, Ii and Iz, 
(Fig. 9) consist of the following components. 

7i = -g (7i + Is) + -g (7i — 72) 

Ii = "^ (7i + Is) — "2 (Ii~ Ii) 



Pio. 9 —Cboss-Sbction of Coil and Slot 

Let it now be assumed that these components are dis¬ 
tributed over the cross-section of the conductors as if 
they existed separately. The first components, being 
equal, are distributed according to Field’s theory. 
Let the curreat density in the plain through x be c». 
The second components are in time opposition in the 
conductors and it may reasonably be assumed that they 
are distributed as they would be in an infinite sheet 
lying dose to a region of infinite permeability. The 
vector current density in the plane through y is then 


of the form c, = A cosh 0:2 y; whme <*2 = 2 tt-J 3 — 

^ P 

The total vector current density at the point (x, y) is 
then (c» + Cy) and the loss in one conductor is 

w 

2 i 

S S P (c* + Cy) . (c« + conjugate d X d y 



Where Mri is the real part of ai d coth oci d, and M,i is 

w w 

the real part of <22 co^h az -g . 


aid = 2 wd-J 3 ^ azW = 2 TTW \j 3‘ 

y ps y p 

R is the true resistance of one conductor and / is the 
frequency of the particular harmonic considered. This 
method can be used with any symmetrical tsTpe of 
winding that has not more than two conductors side 
by side in the slot. 

The armature copper loss in a synchronous converter 
can readily be computed if it be assumed that the 
current in a coil consists of two components, one of 
which is the trapezoidal current that would flow if 
the machine were operated as a d-c. generator, and the 
other is the sinusoidal current that would flow if the 
machine were operated as a synchronous motor. This 
assumption may not be true diiring the commutation 
period. The current in an armature coil is 
i = V2 loc sin (co < — d — y) 


n -00 



»- 1 



— sin » to f 


Where 6 is the power-factor angle of the alternating 
current and y is the position angle of the coil with 
respect to the middle of the phase. 

It can readily be shown that the loss is 






K. 


. /3 

— sm 17 

4 V2 r 7- _ i L E- al 

— ■ Idc *ac rt cos V I 

TT P J 

2 

Where: R is the series resistance of all of the armature 
coils; 

Ki is the resistance ratio of the winding for 
the fundamental; 

Kn is the resistance ratio of the winding for 
the TOth harmonic; 

h is the breadth factor for the winding; 
p is the angular time of commutation. 

The higher harmonics in the conductor current 
produce such a rapid variation in the tooth flux density 
that it is no longer uniform, being greater at the surface 


In ^e ^e of equal currents differing by a time-phase n. Tliig assumes that the armature coils are not arranged side 
angle of 0 this expression readily reduces to by side in the slots. 
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than at the center of the laminations. There thus 
appears to be a possibility that the resulting density at 
the surface of the lamination, due to the leakage flux 
and that which enters the teeth from the air-gap, may 
be so great as to reduce the permeability to such a small 
value that one of the fundamental premises of the Field 
theory— viz., that the permeability is very great— 
is seriously violated. This phenomenon of skin 
effect in iron laminations is readily solved if the per¬ 
meability is assumed to be constant. Actually, the 
permeability goes through a cyclic series of values. 
Since, however, the skin effect is exaggerated by choos¬ 
ing a relatively high permeability, say 4000, we shall 
do so, although the average value may be much less. 
For a similar reason we will use a relatively low resis¬ 
tivity, 36 microhms per centimeter cube. The angular 
depth to be used in computing the skin effect in 14 mil 
iron at 900 cycles (15th harmonic for 60-cycle funda¬ 
mental) is: 

2 \ 36 X 10-« X 10» 

For this value of a d the ratio of the density at the 
surface to the average density is but 1.4 and skin 
effect is thus plasdng no important part in the problem. 

As an illustration of the method of calciilating the 
loss factor for a given armature winding, the following 
example is taken. 

The armature considered is that of a 6-pole, d-c. 
machine operating at 900 rev. per min. The winding 
is full pitch, simple lap wound. There are two coils 
per slot, each consisting of a single turn, and the total 
number of coils is 216. In the armature slot the con¬ 
ductors are arranged two in width and two in depth. 
The conductors are solid, and rectangular in section. 
Principal conductor and slot dimensions are as follows: 

w 

Conductor width,= 0.405 cm. 


where Ide is the magnitude of the direct current in the 
coil and is the r. m. s. value of this current. Table I 
shows the mean-square values of the harmonics up to 
the fifteenth. The mean-square value of the coil 
current is 95.17 per cent of the square of its Tnaxim imn , 
or d-c. value. 

When there is a row of conductors side by side in the 
slot, canying currents equal in magnitude but different 
in phase, the loss due to any harmonic current is taken 
as the sum of the normal ohmic loss due to the currents 
actually flowing and the extra loss calculated as if each 
of the conductors in the row carried the vector average 
current for the row. This is the second approximate 



method. The wth harmonic extra loss factor for 
the embedded portion of the conductor is 

2 


Total width of copper in slot, w =0.81 cm. 
Conductor depth, d = 1.40 cm. 

Slot width, s * 1.19 cm. 

The fraction of a cycle during which a coil is short- 

Q 

circuited is-= 0.0726. On the assumption that 

TT 

the current—time curve for the coil is trapezoidal, the 
r. m. s. value of the nth harmonic component of coil 
current is: 

. np 

4 2 1 

“ w V2 JLL ® 

2 

. np 

4 2 I. 

“ irV2 n J ^ 2 p 

2 N 8 “TT 


+ (-^)oo»«]w„ 

Jo® is the magnitude of the vector average of the currents 
in conductors of the row and Ib is the magmtude of the 
vector current flowing in the dot below the row in 
question per conductor in that row. 5 is the angular 
phase difference between I«, and 1&. Mr and Nr are 
at the value of a d for the harmonic conddered. 

In the example conddered, succesdve armature coils 
are commutated at intervals of 1/216 revolution. 
The nth harmonic components of current in conductors 
side by dde are out of phase by an an^e 6 = 5n degre^. 
With two conductors in a row across the dot the ratio 
of the vector average current to each current, is 

— cos ^ n 0 = cos n X 2.6 deg« 

Table I shows the vdue of the squ^ of this ratio for 
harmonics up to the fifteenth. 
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The winding scheme used.in this armature causes the 
currents in conductors in the same radial plane to be 
commutated simultaneously so that the phase dis¬ 
placement between the harmonies in the top and bottom 
rows is zero, i. e., 5 is zero. 


. TABLE I. 

HABMONIO ANALYSIS OF COIL CURRENT 


Order of 
Harmonic j 

1 

Mean-squ 

are values 

Vector average 
factor 


(In Y 



n 

\IdcJ 

V J, ) 

V / ) 

n 

1 

0.811 

0.852 

0.998 

3 

0.087 

0.091 

0.983 

5 

0.029 

0.030 

0.953 

7 

0.013 

0.014 

0.911 

9 

0.007 

0.007 

0.866 

H 

0.004 

0.004 

0.787 

13 

0.002 

0.002 

0.712 

15 

0.001 

0.001 

0.630 


0.954 

1.001 



The fundamental frequency of armature coil current 
is/ = 46 cycles per second. For the w.th harmonic 

, ,, o j I 2v}fn 

I a a I = 2 TT a I- - — 

\ ps 

.Taking p = 2270 abohm-cm., corresponding to a 
temperature of 100 deg, ceirt., and substituting numeri¬ 
cal values, I CK d I = 1.45 Vn. 

For the top row of conductors h = J„ and 3=0, 
and the extra loss factor for a given harmonic becomes 
Z,-l = iMr-l + 2Nr) 

Table II summarizes the calculation of losses for 
barmomcs up to the fifteenth. This gives a total 
extra loss of 1.79 times that due to a constant direct 
current equal in magnitude to the r. m. s. value of the 
coil current. For the bottom conductors h = 0, 
and the extra loss factor reduces to Kn— 1 = (Mr — 1). 
The total extra loss factor calculated for these conduc¬ 
tors is 0.18. The average extra loss factor for the 
embedded portion of the conductors is 0.93. The ratio 
of the copper loss in the coil to the loss which would be 
produced by the same coil currept if uniformly dis¬ 
tributed over the cross-section of the conductor is: 

TABLE II 


' LOSS FACTOR FOR THE CONDUCTOR 


/I 

a d 

Mr-1 

iVr 

«n-l 


1 

* 1.45 

0.096 

0.347 

0.79 

0.672 

.■ .3 

2.50 

0.636 

2.346 . 

5.33 

0.477 

6 

3.23 

1.23 

4.37 

9.97 

0.285 

7 

3.82 

1.70 

6.72 

13.14 

0.168 

9 

, '4.33 

2.07 

6,67 

15.41 

0.092 

11 

4.79 

2.40 

7.36 

17.12 

0.054 

13 

6.21 

2.69 

7.88 

18.45 

0.026 

16 

5.69 

2.96 

8.33 

19.62 

0.012 



f 



1.786 


Total oxtrarloss factor* Kot for the embedded portion of the upper 
conductors is 1,70. 


Since the length of the embedded portion is pne-half of the half>ooil 
length the extra-loss factor for the half coil is 0.89. 


_ S (Kn — 1) (Iav)n^ X'l + 1^2 

7.SL3 

where: 

(K„ — 1) is the «th harmonic extra loss factor for the 
embedded portion of the coil. 

Li is the length of the embedded portion of the coil. 

Li is the length of the coil. 

(Ia«)n and J. are as previously defined. 

In our case the numerical value of this ratio is 1.47. 
As the armature copper is about equally divided be¬ 
tween the slots and the end connections, in which the 
loss is assumed to be normal, the total extra loss factor 
for an armature coil is 0.47. That is to say, the copper 
loss in the coil is 47 per cent greater than would be 
produced by the same coil current if uniformly dis¬ 
tributed over the cross-section of the conductor. 
The ratio of the copper loss in the coil to that as com¬ 
puted by the standardization rules of the A. I. E, E. is 

/.•(i--A)l. 

Where /de is the maximum value of the trapezoidal coil 
current and it is assumed that the brushes short circuit 

p 

■. -of the armature coils. 

TT 

In our case the numerical value of this ratio is 1.51. 


Notice that .Kd.'= -ifdc. 

1--L, 

IT 

Thus it is seen that the armature copper loss for this 
machine, is more than 50 per cent greater than the value 
as computed in the time-honored manner. Obviously, 
the reduction in the extra losses of such a winding by 
la min a ting and transposing the conductors would 
result in a higher rating and efficiency. 

The ratio of the heat generated in the embedded 
portion of tiie top conductors to that in the embedded 
portion of the bottom conductors is 2.79 h- 1.18=2.36. 
This is probably a more important consideration t.ban 
the loss factor for the entire winding, as it measures the 
non-uniformity of heat distribution between the con¬ 
ductors. If this winding were used in an a-c. generator 
the loss factor for the winding at the same fundamental 
frequency would be 1.22. Notice that, in this case, 
the extra loss factor for the commutated current is 
more than double the extra loss factor for the sinusoidal 
current. 
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Discussion 

M. L. Henderson: It has been shown that the true copper 
losses in a d-c. armature with large conductors may be a great 
deal more than the losses as computed in the time-honored way. 
It was also brought out that the same principles are applicable 
to the calculation of losses in a synchronous converter. I 
should like to discuss this application further. 


It has been demonstrated that the loss factor for the conductors 
of a d-e. armature is greater than for the same conductors if 
used in an a-c. armature on account of the less uniformity of 
distribution of the higher harmonic components of the current 
in the d-c. coil. In a synchronous converter the fundamental 
component of the direct current in the coil is nearly canceled 
by the alternating current, but the higher harmonies are still 
present. Nearly the whole loss, therefore, is due to the 
harmonics and as the loss factors for them are comparatively 
high, it follows that the combined total copper-loss factor for a 
synchronous converter is greater even than for a d-e. machine 
with the same frequency and conductor dimensions. 

As an illustration of this, the copper-loss factors for the 
armature considered in the latter part of this paper have been 
computed on the assumption that it is to be used in a six-phase 
convertor operating at unity power factor. 

For the conductors in the center of a phase belt, where the 
fundamental components practically cancel, the loss in the em¬ 
bedded part of the top conductor is 8.6 times as large as it would 
be if the current distribution were uniform, while the loss in the 
bottom conductors is nearly doubled. 

In the conductors at the edge of a phase belt, where maximum 
heating is expected, the net fundamental component is a larger 
proportion of the whole, since the alternating current is not 
exactly in opposition to the fundamental of the direct current in 
the coil, but the loss in the top conductor is still 4.4 times as 
large as if the current were uniformly distributed. Even in the 
bottom tap conductor there is 50 per cent extra loss. These 
loss factors are much higher than the ones given for the d-c. 
armature, which are 2.79 and 1.18 for the top and bottom con¬ 
ductors respectively. 

This example is not given as representative of actual converter- 
design practise, but as a comparison of the loss factors for a-c. 
machine, d-c. machine, and synchronous converter when the 
same conductors are used. The relatively greater importance of 
the consideration of extra copper losses in the converter is 


evident. , j - xi. 

Since a large proportion of the extra loss occurs during the 

commutating period it increases the effective resistance during 
that period and helps to produce gooci commutation. This 
improvement, however, comes only at the expense of machme 

rating and efficiency. « x • 

R. H* Park: A study of the effects of eddy currents in 
d-c. machines and converters was made by the orgamzation 
with which I am associated, about four years ago. At that 
time I happened to be interested in the subject to some extent, 
and made some curves which show the distribution of curmnt 
density from the top to the bottom of a top conductor m a d-c. 
machine. These curves, which are shown in Fig. 1 herewith, 
are arranged a little differently from the curves given in the paper. 

In computing the data I didn’t calculate the harmomcs in 
the usual way but rather I used Heaviside’s operational calculus, 
since it seemed to be weU adapted to the problein. The cu^es 
show the current to be initially uniform aU over the slot. After 
the commutation is 6 per cent of the way though, the c^ent 
hasn’t changed at all from the bottom up to of the way to the 
top of the slot, although it has already become positive at the 
top. Each succeeding curve shows the distribution at a later 
stage of the process of commutation. For this case, the client 
distribution is practically uniform after an interval of 4 or 
times the period of commutation. 


When the operational method of calculation is used it is 
possible, at least in some eases, to obtain a somewhat simpler 
formula for the losses than that given in the paper. 

In the simple case of two conductors per slot, full pitch, and 
linear commutation, the extra loss factor as calculated by ^the 
operational method can be put in the form 
Ku Ko [9 g (do) + h (do)] 

Ki = Ko [g (do) + h (do)] 



Fig. 1 



where, Ku * ratio of extra loss in copper conductor to loss 
which would exist with Si constant’d-c. current 
equal to the maximum value of the trapezoidal 
coil current. 

Ki =* same factor for lower conductor, 

IT - 




Ko TT 

g (do) and h (do) are functions of (do) as shown in Fig. 2 

herewith. . , ^ 

R. F. Franklin: It has long been recognized that there are 
eddy current losses in the conductors of d-c. machmes and 
synchronous converters similar to those in arC. machines, and 
that due to the trapezoidal current wave introducing numerous 
harmonics, the relative loss should be greater. Several years ago 
I made such a mathematical investigation and found this to be 

the case. , . . . . ^ 

The value in this paper lies not only m giving the method of 
calculation of this loss, taking into consideration the difference 
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in time of commutation of conductors in the same slot, but also 
in the presentation of experimental data confirming this theory. 
Without this experimental confirmation the increase of the 
eddy-current loss due to the trapezoidal current wave might be 
questioned. 

One of the startling results of this investigation is the large 
increase of coil resistance during the commutating period. It 
might be further added that this increase in resistance is ac¬ 
companied by a decrease in inductance. Such a condition 
should be advantageous to the commutation of the coil, and if 
the conductor is laminated or transposed in order to reduce eddy- 
current losses, the gain in losses might be partially offset by 
poorer commutation. In my investigation of eddy-current 
losses, I also investigated this problem and concluded that in 
most cases the effect on commutation was slight. Experience 
since then has seemed to bear out this conclusion. 

In studying the tests made by the authors, one question arose 
in my mind which I could not settle from the data given. The 
exploring wires which are fastened to the copper ribbon measure 
the resistance drop in the end portions of the coil as well as the 
imbedded portion. Now the non-uniform distribution of current 
is confined largely to the imbedded portion, so that the resistance 
drop measured is an average of the drop due to the non-unif ormly 
distributed current in the imbedded portions and the more or 
less imiformly distributed current in the end portions. If the 
length of the end portion is not small compared to the imbedded 
portion, an appreciable error may be introduced. The close 
agreement between test and calculations would seem to indicate 
that either this error was small or else had been considered. 

A. Behrendt The great value of this paper appears to 
me to lie in its bringing out the importance of current dis¬ 
tribution in the conductors of direct current machines. This 
matter was first referred to in 1905 by A. B. Field and later in 
1906 by M. B. Field, the brother of A. B, Field to whom a 
great debt is due for first presenting the investigation of the 


phenomena of eddy currents in deep slot-wound conductors. 
As Mr. Field was associated with me at the time he made his 
investigation I feel great satisfaction and pride in the value 
which his work has acquired as the art of designing large machines 
has progressed. Professor Lyon has done so much to elucidate 
and elaborate these theories that a paper like the present will 
once for all dissipate the conception, held by most designers, 
that the current distribution in the conductors of direct current 
machines or synchronous converters can be uniform. This is a 
great service besides the value of the paper with its instructive 
diagrams and its painstaking calculations including harmonics 
up to the thirteenth. 

As Mr. Park has pointed out, it is possible to attack this subject 
with the powerful methods of the operational calculus. The 
electrical engineer must recognize that resistance operators and 
operational solutions as first propounded by Heaviside forty 
years ago cannot be ignored much longer. They have come to 
stay, greatly simplifying the mathematical work and bringing 
new problems under the scope of the new methods. 

The subject is now ripe for a complete review and it is to be 
hoped that Professor Lyon will give us this and thus bring out 
the thread which runs so beautifully through all the problems 
of this nature. Eddy currents in solid slot-wound conductors 
exhibit in a marked degree the phenomena which occur in solid 
conductors in air at much higher frequencies. The magnetic 
field is under control by shaping the slots and, therefore, a 
great many experimental configurations can be subjected to 
analysis both experimental and mathematical. By the use of 
Heaviside resistance operators solutions can be obtained in 
little time and generalizations effected which are too cumbersome 
with other methods. 

W. V* Lyons In answer to Mr. Franklin’s query, I will say 
that the length of the end turn was approximately 10 per cent 
of the length of the coil. All of the results have been corrected 
for this. 



Effect of Transient Conditions 

On Application of D-C. Compound Motors 

BY LEON R. LUDWIG‘ 

Non-memboc 

SynopHis, - }yhvn a tl~c. compound motor is Hluvled, the rise of hi case the compound motor is disconnected from the line while 
current in the series field induces a voltage in the shunt field counter running ^ and reconnected with no external resistance, the dday in 
io that applied, and the shunt field current may reach sciferal times estahlishing a flux due to the damping action of the shunt field may 
7 }ormal value in a negative direciioiu This ctiirent reversal gives, permit excessive currents to flow» 

in effect, a dipreniially earn pounded motor during the starting In other d-c, motors, currents induced in the solid iron portions 
period and causes the slarilng torque to he materially reduced. of the frame and poles exert a damping effect similar to that of the 

In many UitpUeallons of comptmml motors, therefore, p7'cdeicrmi7ied Hhu7ii field in the compound motor, ivhich may at times he unde- 
pei'formanei not obtained. In particular cases where the 7notor sii'ahle. A study of such transients leads to means hy which they 
is canliuually started and .stopped, the effect may he so .strious as to 7nay he inirdmized and provides calculation methods for predetermin- 
dictate the ehnive of another type, of motor, or one of a special ing 7 nolor behavior, 
design to miuimhe the 7indesirahle aelion. 


Introduction 

I N the fompound motor there are two distinct electri¬ 
cal circuits linked by a common flux. The current 
changes during transient periods are therefore not 
inter-dependent, though in most motors the current 
in the shunt field is dependent largely on the current 
<;hange in the series field. In the series circuit also, 
there is an induced voltage which depends on the flux 
linking the two coils as well as on the speed, which in 
turn i.s a function of the flux, series cuiTent, and time. 

There is, in effect, a third closed electrical circuit 
con.sisting of the solid iron portions of the frame and 
poles, in which eddy currents flow exerting an influence 
on the main flux. 





Pio. 1 —Diagram of Tbst CinotriT 


torque would be less than with an equivalent straight- 
series motor. 

The oscillogram in Fig. 2 was taken with a compound 
motor connected as in Fig. 1. The machine was 
externally driven at constant speed in order to obtain 
the instantaneous field flux which is directly propor- 



Pio. 2—Current Transients Obtained from Test 



The motor may be started with an initial current in 
the shunt field or by closing both field circuits simul¬ 
taneously. . In either case the rise of series-field current 
will induce in both the shunt field and the soUd iron a 
current tending to oppose the establishment of a flux. 
The induced voltage in the shunt field will be opposite 
to the impressed voltage and usually will be greater on 
account of the high transformer ratio between the 
fields. The shunt field current will usually reverse and 
re-strain the flux from increasing as rapidly as the 
series current. Under such conditions, the starting 


1. Westinghousc Elec*,. & Mfg. Company, 

ai the Winter Convention of the A. I. E. E., New York, 


N. Y., Fehr^iary 13-17^ 



I Fig. 3—Current Transients with NoShunt Field 

tional to the armature voltage. The series curr^t 
in this case rises inductively to a value limited only by 
the reristance, and the shunt current reverses, reaching 
a negative peak of 2.5 times normal. The flux increa^s 
very slowly. Another film (Fig. 8) was taken with the 
shunt field open circuited. An initial current in the 
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series field gave the same initial flux as in the first test, 
and this current was increased to the same final v^alue. 
It will be seen that the flux rise is much more rapid, 
though it does not increase directly in proportion to the 
series current because of the solid iron damping. 

The reduction of starting torque due to the shunt field 
damping is usu^y obviated by reducing the starting 
resistance in series with the motor. This procedure, 
however, causes the energy required for starting the 
machine to be increased, and also causes the motor 
current to reach a higher starting peak. The latter 
may cause parking at the commutator and would be 
undesirable from a standpoint of contactor burning 
if the motor circuit were opened frequently very soon 
after the machine was started. 

Tranaeuts in d-c. machines in general have been 
dedt with by K. L. Hansen in a paper presented at the 
Midwinter Convention of the A. I. E. E. in 1917, and 
though the reversal of the shunt field current was 
cited in this paper, there was no attempt made at that 
time to find the exact effect of this reversal on the 
transient motor characteristic. 


inductance due to the leakage flux linking (he series 
field, plus the armature inductance, and L- is the leakage 
inductance of the shunt field plus any exteinul 
inductance. 

The solution of these equations is given in the appen¬ 
dix (Equations I and II). In Fig. 6 the curves are 
plotted for the two currents, flux, and toz-que, u.s.suniing 
that the motor is started with an initial shunt lield. 
As shown by the cui-ves, four-tenths of a .second elaj)ses 


/ \ 



1*10. 5 -Cai,cui,atkd Tuanwknt Cuiivkh with Mutuk 
Stahtinq 



S’!®. 4 —Diaobam: op Moron Connections 


Analysis op Transient Currents and Flux 

In compound machines most of the damping is 
because of the shunt field. It is also possible to take 
mto account the effect of eddy currents in the iron by 
properly choosing the circuit constants, and the third 
electric^ circuit may therefore'be neglected. If is 
the Mries current and *2 is the shunt current, the flux 
^ be, neglectog saturation, proportional to a ficti¬ 
tious current («) which is expressed as 

i = «i -f o it 

in which a is the ratio of the number of shunt field- 
turns to the series field-turns. The two fundamental 
equations, referring to Fig. 4, will be- 


brfore the shunt field ceases to handicap tlie series 
field. It is interesting to note that as the serie.s cuiwnt 
decreases when a counter e. m. f. is e.stahlLshed. it 
causes the shunt ciu-rent to become greater than normal 
m a positive direction. 

From these curves it is evident that a very .short 
time elap^s before the currents reach their iieak 
values. Since the magnitude of the damping Is largely 
a function of these peak values, it is u.sually .sullicient to 



n 

Jcji M —;— 4 . 1/1 --=- 4 - P o ^ ^ 1 j ^ " "T VI WXI 5 trunsient m 

dt ^ 1 ^^ + eff order to determine the effect of damping. The ama- 

motor will not begin to rotate until after 
Et^aM— +Lt— +R,i cuirent peaks are passed. It is, therefore, often 

dt ^ ^ dt + "*** convenient to assume that the motor is blocked and 


+ J?i ii + eg 


Et — ct M ^ ^ + Z/2' 
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was not in the circuit during the test. Furthermore, 
the effect of saturation was neglected in the cedculations. 

In case the motor is running and the circuit is opened 
and then closed before the* speed has dropped appreci¬ 
ably, the term p g is a function of flux only. Equa¬ 
tions (V and VI) in the appendix give this solution, 
and in Fig. 7 the curves are plotted. It was assumed 
that the shunt and motor circuits were both opened 
and closed, or that no initial flux was present. In 
previous solutions the transients were non-oseillatory; 



PlO. 7—CAIiCULATED TRANSIENT Cd|IVES WITH MoTOR 
Running and Circuit Closed 

that is, there was no periodic pulsation of current. 
Under the present conditions, however, the constants 
must nearly always be such that the final solution 
contains sine and cosine terms. The phenomenon 
therefore resembles a condenser charge. 

The load on the motor was assumed to be such that 
100 amperes were required under steady-state condi¬ 
tions. The curve of series current during the oscilla¬ 
tion decreases below 100 amperes, later regaining this 


represented by a compound motor in which it is assumed 
that there is no inter-action between the two. fields. 
The shunt field current will remain constant at its 
initial value during the transient, if such an assumption 
is made. The fundamental voltage equation for the 
series circuit then becomes: 

El = L ^ ^ -f c g (C) 

In this equation, L is the sum of Li and M. The curves 
of torque and current resulting from its solution 
(Equation (VII), Appendix) are also plotted in Fig. 6. 
The maximum torque is more than twice as great 
as that obtained with damping. The average value of 
torque during the starting period, with damping, is 
3250 ft-lb., and without doping, is 4600 ft-lb., or 
the reversal of the shimt field current causes the torque 
to be decreased to 71 per cent of its value. The iron 
would saturate dxuing the current peak, however, and 
the true torque would be less than 4600 ft-lb. if tiiere 
were no field interaction. 

If it were not necessary to increase starting torque 
by reducing field inter-action, but rather to decrease 
the current peak and starting energy, additional 
starting resistance could be inserted in the ideal motor 
circuit and the same average torque could be obtained 
with 71 per cent of the average starting current. 
The starting loss would be decreased as the first power 
of the ciurent because additional resistance had been 
added, and the average starting power could be reduced 
to 71 percent. 

Fig. 8 is an oscillogram taken as a compound motor 
was started with a shunt generator for load. The 



Pig. 8—Oscillogram op Motor-Starting Transients 


value. The shunt current, also, oscillates past the 
steady-state value. The time for one cycle of the 
oscillation is about the same as that required for 
the transient to disappear. 

REsxn4TS OP Current Transients 

In order to find the quantitative reduction in starting 
torque resulting from the transients described, the 
curves in Fig. 5 may be compared with curves obtained 
“idiuy p^ect case. This ideal caee may be 


curves in Fig. 9 are an analysis of this oscillogram 
showing how the total input power is divided in the 
motor. The accelerating power was calculated from 
the moment of inertia and instantaneous speed. The 
losses due directly to field inter-action are included 
in the load loss curve. Actually, the additional cun'ent 
necessary to provide a given starting torque with a 
weakened field, gives rise to additional and unnecessary 
copper loss. The curve of “essential input” is the 
sum of the actual required jjower, and the area between 
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the two input curves is the loss which may be charged 
to field inter-action. This loss is within the motor 
itself and does not include the additional loss incurred 
in the starting resistance because of field interaction. 

The peak of starting current is a function of generated 
voltege at the time of the peak. With no field inter¬ 
action, and consequently a higher flux, this peak will be 
reduced at the same time the starting torque is 
increased. 

Methods op Reducing Field Inter-Action 

The damping action of the shunt field in magnitude 
is proportional to the area traced by the curve of shunt 
current during its decrease, and this in turn is some¬ 
what proportional to its lowest peak. There are three 
methods of reducing this area: 

1. Altering the time constant of the shunt circuit. 

2. Placing resistance in the series circuit. 

3. Changing design constants. 

A study of the curve of shunt current in Fig. 6 shows 
that the current decreases very rapidly and increases 



Fig. 9—Cukves Plotted fbom Test op Motor Starting 

slowly. The increase is a function of the time con¬ 
stant of the circuit itself, but the decrease may be 
very rapid because the series current is ohawgiTig at 
the same time but in the opposite direction and, there¬ 
fore, the flux need not change rapidly. In fact, if 
Li and are zero in the fundamental equation, the 
current may reach its peak in zero time. Such phe¬ 
nomenon has been observed m case of very small 
leakage between the windings. If the time constant 
were increased, as by placing the field coils in parallel 
rather than in series, the shunt current would regain 
normal value more rapidly, thereby increasing the 
flux more rapidly. At the same time, however, the 
current peak is increased in a negative direction and 
the traced area will be larger than before! 

If, on the contrary, inductance is added to the 
shunt field circuit, the negative peak is decreased and 
the area wiU be less. In Fig. 6, curves are plotted 
for the currents and flux, with a large inductance in the 
shunt circuit. These may be compared with the 
other curves in the same flgure, in which L* was 10 


henrys. It will be seen that the peak is reduced from 
1.7 amperes to 0.6 ampere. 

The oscillogram in Fig. 10 was talcen with the field 
coils in parallel and may be compared with Fig. 2. 
It will be seen that the negative peak has been in¬ 
creased and the area increased even though the current 
regains steady state more rapidly. 

Equation (VIII) in the appendix, which is a simplifica¬ 
tion of Equation III if the self-inductive coeflicients 
are zero, states that the negative peak of shunt current 
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depends directly on the resistance of the series circuit. 
Therefore, if the starting resistance is increa.sod the 
field inter-action is decreased, and within limits the 
starting torque will remain materially unchanged. 
In Fig. 11 it will be seen that the .series current is le.ss 
than in Fig. 2 because of additional re.sistance, and that 
the negative peak is somewhat reduced. 

The design of the motor may be changed by altering 
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the relative copper on the two fields. The worst 
condition is an equal division. Equation (8) also 
shows the inter-action to be a function of the turns 
ratio; and that if more turns were placed on the shunt 
field and a smaller current were carried by the coils, 
transient conditions may be improved. It is not 
always feasible to make such changes, however, and 
in rach cases another type of motor is the be.st solution. 
This, though, would rarely ever be necessary. 
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Conclusions 

It is obvioiis from the preceding discussion that with 
many applications of compound motors, the action of 
the shunt field has no particular disadvantage. It is 
only in case the starting torque must be all that the 
motor could possibly supply, or in case the motor is 
constantly started and stopped, that such phenomena 
become important. 

In case there is doubt as to whether or not the tran¬ 
sient conditions will influence compound motor behavior 
Equations (3) and (4) in the appendix may be used with 
good accuracy to calculate the initial transient. The 
effect of saturation should be taken into accormt, and 
it may be obtained by first finding the relation of i 
and time, then plotting the flux against time by the use 
of a saturation curve of the particular motor involved 
and the curve of i. The resulting curve of flux and time 
will be somewhat in error because saturation is still 
neglected in finding the transients of ii and it. 

In case the shunt field current reverses appreciably, 
and the flux rise is much slower then it would be neglect¬ 
ing field inter-action, (even though saturation is also 
taken into account in finding the flux rise in case there 
was no field inter-action), it is probable that the appli¬ 
cation would be best fulfilled by a straight series or 
shunt motor. In the event that a compound motor 
is desirable, however, for other reasons, the design may 
be altered by changing the relative amount of copper in 
the two fields •until field inter-action as calculated by 
Equations (3) and (4) is sufficiently reduced to give 
satisfactory operation. 

In drawing general conclusions from the above, 
it must be remembered that there are many types of 
motors so-called compound, including those winch 
have only a small series or shunt stabilizing winding. 
Because field intar-action is most severe with an equal 
division of copper in the two fields, this latter group of 
motors is only slightly affected by the described 
phenomena. In case of true compound motors, which 
derive a large portion of their fl'ux from both fields, the 
genial conclusion is that on account of their peculiar 
transients, they must be applied with care. 

Also, because of the variation in magnitude of start¬ 
ing resistance used with the motor, it is not possible to 
state definite conclusions with regard to a particul^ 
motor, without taking into account the exact appli¬ 
cation conditions. The contents of this pai^r may 
therefore serve to aid in checking doubtful applications 
and in m aking more clear the general phenomena of 
compound field inter-action. 

Appendix 

Equations poe Motor Starting 

The fundamental equations for obtaining compo'und 
motor transients are (from Fig. 4); 

+Lt^ + Riii-\-eg ( 1 ) 


d% dii 

Et — aM ^^ -1- Lt ** 

i = ii -1- a it (3) 

If the motor is to be started, the speed and flux will 
vary with time, and therefore: 

eg = k<t>s (4) 

in which s and <l> are instantaneous values of speed and 
flux. The instantaneous speed is 

I 

S^fadt (5) 

0 

in which a is the angular acceleration. 

Then a = — 7 - ( 6 ) 


(T a) is the accelerating torque and equals the total 
torque produced by the motor minus the counter or 
load torque. The accelerating torque is usually large 
as compared with the counter torque, and the latter 
may be neglected during the tranaent. 


in which I is the moment of inertia. 

Combining Equations (4), (5), ( 6 ), and (7) gives: 

eg=‘k(l>^ ( 8 ) 

If saturation is not taken into account, <l> is propor¬ 
tional to i and may be replaced by this fictitious current 
times a constant. 

Equations (1) and ( 2 ) are very difficult to solve 
if e g is replaced by Equation ( 8 ), but it may be assumed 
in Equation ( 8 ) that the flux, which does not vary a 
great deal if the motor is started with an initial field, is 
constant. The average value of the flux may be used. 
Equation ( 8 ) therefore becomes: 

t 

eg--Kfiidt (9) 

0 

and ( 1 ) and ( 2 ) are then: 

B,+ii^+Siii + Xjf W 

+ 1 .-^+«.<• (H) 

The solution may be obtained easily by use of^ the 
Heaviside Expansion Theorem. (See “Heaviside’s 
Operators in Engineering and Physics,’’ by Ernst 
Julius Berg in the “Journal of the Franklin Institute,’’ 
November, 1924.) 

df 1 

Letting p be the operator ^ ^ and ^ be the operator 
X d t under Heaviside conditions, and from the relation 
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di 

dt 


d ii d ii 

~^^~dT 


Equations ( 10 ) and ( 11 ) may be rewritten: 

El = a M p 42 + ^ Jkf p + Li p + + El) 4i 

= & 42 "f" Ai 4i (12) 

E 2 = o M p 4i + (a* M p + L 2 p + E 2 ) 42 

— h ii A^ ii (13) 

Let E 2 = 0 to find the equation for the transients of it, 

Ei 

then the steady state term may be added for the 

JXz 

complete solution. 

From (13) and ( 12 ) 


- - 


6 ‘ 
El 6 


El — b it — 


.4.1 At it 


¥ - A, Aa 


Replacing the three constants by their values and 
simplifying, 

aikfp* y (p) 


42 = — El 

where 


F + G + H p + K Rt Z (p) 

F = (a’^MLi + LiM + LiLi) 

G = (o» M El + El La + Ea Jkf + EaLi) 
H = (EiEa + a^MK + UK) 

Equation (14) is termed the operational solution, and 
it may be transformed into an algebraic solution by 
means of the Expansion Theorem, the form of which is: 

Fo 'Kn Yp e”* 




El 




+ 2 


V 


dZ 
d p 




V ’= Vu Vi - • • 

The roots pi, pt, and ps may be obtained by solving 
Z (p), the denominator of (14) for p. 

Yo . 

The term is the steady state solution and in this 

case, with zero substituted for p in (14), is zero. The 
final result obtained by substituting in the Expansion 
Theorem is: 

• - w r o M Pi 

Rt ^ L 3 E pi* + 2 G Pi Ii 


+ 


aM pti^ 


aM Pi 6*^ 


SFpt^ + 2Gpt + H 3Ep3* + 2Gps+ i? 


] 


(I) 

In this equation the steady state term has been added. 

To find 4i, solve for 42 in (13); substitute the term for 
42 in ( 12 ) and solve ( 12 ) for 4 ’i. From this operational 


solution, the complete solution may bo obtained as 
before, and is: 

[(¥M + U)p, +RA 
3 F pi~ -|- 2 G Pi H 


ii = E| 


+ 


+ 


[(ff;-i M + U) Pt + Rt] 


3 F Pt- + 20 Pt + H 

|(a''= M -h Lt) pi + Rt] 

3 F Pi- d- 2 a Pi + ¥ 


] 


(H) 


The curves plotted in Fig. 5 were from the munerical 
evaluation of these equations in case of starting a 70- 
hp. compound motor with an external resistance of 
0.32 ohm. The ratio of series field ampere-turn.s to 
shunt field ampere-turns is 2..5. The constants of the 
motor are: 


El 

= 0.378 

a = 88 



Rt 

= 0336.0 

K - 0.5 



El 

= 310 




Et 

= 230 

Then 

F r: 

^ 0.635 

M 

= 0.012 


a - 

- 44.5 

Li 

= 0.005 


H - 

- 177.5 

Lt 

= 10 




The cubic equation for Z (p) is 




0.636p'' -f 44, 

,5 p"- + 177.5 p + 

160 

= 0 

The three roots are: 




Pi 

= - 65.7 

Pt = - 2.7 ] 


~ 1.45 


Equations ( 1 ) and ( 2 ) become: 

42 = 0.685 + 8.5 - 18 e + 0.5 

4i = - 770 - 350 e-”-’' 4- 1120 e'-*'’* 

Equations for Motor Rlookkd 

In case the motor is blocked, c <7 is zero and equations 
(12) and (13) become: 

El = 4i (El -|- p Li + P M) + (t M p it (IS) 

Et = i (Rt + p Li + «" p M) + ciM p ii (16) 

Ei may be called zero as before if the motor is started 
with an initial field. 

The two operational solutions are: 

— El (a M p) 


42 


Fp^ + Gp + RiRi 


(17) 


4i 


(18) 


El (r + p L j + p a- M ) 

~ F p^+G'jr+~R7Rr 

in which F = (L,Lt + LtM + a- M U) 

G = (E 2 L, 4- E- Af + Lt R,+Ria^M) 
In this case E (p) is a quadratic and the algebraic 
roots may easily be found. 

The complete solutions are then: 

Et EiaM r ./EZHF;, 

42 = — — z ' V -i/-'* /'•“ 

1 Rt L 


V(?- 4. FR 
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_ Ri^ 

_ V pnp 4 




“I 

2F Ri 


9L 

2 F 


(III) 


and (22) becomes 
b 


b / b aEi \ — 

~Tr) 


Rit 


(23) 


+ 


(P-G VG^-4:FRiRi-AFRiRi 

Li + M \ ^lEZEEt 

j iifS P 


This equation may be differentiated and substituted in 
(20), from which 


+ 


— 4 F Ri Ri 
2FRi 


%i = 


Eo 


a El 


Rit 


0? R\ + Ri 


(24) 


G^ + G VG^- AFRiRi- 4:FRiR 
Li + M 


The maximvim negative peak occurs when < = 0, and is 
therefore 


E 


\ V—-^*<1 


2P 


- , . , . (IV) 

V(^~ 4F RiRif -* 

These equations were evaluated for the starting of the 
same motor but with different voltages and resistances. 
The changes are: 

J?, = = 230 ‘ 

Ri — 230 
Ri = 0.75 

If Li - 10, 

i, = 307 - 40 - 267 

is = 1- 3 + 3 

If Li = 100, 

ii = 306 - 160 €->-2*- 146 €-“®‘ 
is = 1 - 1.65 €-»•*' + 1.65 €->»«' 

An approximate solution will be obtained with the 
motor blocked for the purpose of showing the 
dependence of field interaction on certain factors. 
The fundamental equations might be written, neglect¬ 
ing leakage inductance. 


ii (max.) = -5— — 

jLi2 


aEi 


Ri is small compared to a® i?i, so that, approximately. 


Ei El 


(25) 


d % 

Ei ^ M 

di _ 

E» = dM ^ ^ 

These equations may be rewritten in terms of i. 
i a^RiM + RiM \ di 


(19) 

( 20 ) 


This equation shows that the negative current peak 
depends on the primary voltage and resistance and the 
turns ratio. 

Equations foe Motor Running 

In case the switch is closed with the motor running at 
normal speed, the expresaon for e g becomes: 

eg = K<i> 

and it is not necessary to make any assumptions. The 
voltage equations become then: 

El = (p Li + p M -h -Bi + 1^) + (-^ ® P + ®) ** 

(26) 

Ei = aMpii + (jpLi + o>^Mp + Ri) ii ■ (27) 

If the shunt field has no initial current but a voltage is 
impressed on both circuits amultaneously, the solution 
may be obtained by solving for ii and ii with Ei = 0, 
repeating with Ei = 0, and adding the two solutions 
to obtain the complete one. The operational solutions 
are: 

— EittM p 


li 


Fp^ + Gp + H 


Ri 


) 


d t 


-|- Ri i 


ii « El 


(p L2 + M p + R 2 ) 


d i 


-) +Rxi = b (21) 


r(— 


( 22 ) 


/ Rj El d Ri Rj 

“V r 

The solution is known to be: 

b 

^ ~ R, 

in which A is an arbitrary constant. If an initial field 
is present, when f = 0 

a Ei 

i ^ ry 

it2 


Fp^ + Gp + H 

when E 2 =* 0, and are 

/ pLi + pM + Ri + K \ 
Ei ( tl I /I _1_ IT J 


Fp^ + Gp + H 


ii = -E{ p 


paM + Ka 


■) 


(28) 


(29) 


(30) 


(31) 


pi F + Gp + H 

when El = 0 

F = (III 1/2 + LiM + a’^LiM) 

G = (Li Ri + Li K + M Ri + Li Ri + M Ri) 
H = (RiRi + RiK) 
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Solving Z (p) for p gives: 


and the complete solution is: 


p = 


- F 
2G 


± 


I H 

\ 4G* F 


H F^ 

In most cases ^ ^ ■ and pi and Pi must be 


expressed as 

Pi = - <x+jB 
Pi = — a — j B 

Equation (28) placed in the expansion becomes 


ii 


-2EiaM I H 
V^HF- ^^y~F IW 


a 


t € 


iP 


(32) 

This equation forms a part of the complete solution, the 
remaining part being obtained from (30). 

The entire solution for ii is: 


. E{Ry^K) r2FQ + G(Li + M) 

^^~RiRi + RiK L + 


cos B t 


+ 


aM 


V4:HF-G^ 


sin B t 


GQ-2FBHL, + M) 
+ 4 E* + G* 5 



(V) 


in which Q = (Ri + K - Li- M) and Ei = Ei. 

The entire solution for ii obtained from (29) and (31) 
is likewise: 


ii = 


E(R + K a) ^^/2FP + G's 
RiRi+KRi 4E*B* + 


GP-2FB^-S . \ 

+ 4 53 (j2 B sin B «j € 3 ? (VI) 


in which 

P = (Ri K a, — Li — o* ]\L — M) 

S = {aM + Li + a^M) 

Assuming that K is 1.2, the steady-state motor 
current will be 100 amperes. Also, Ri = 0.068 Ei = Ei 
= 230 Ri = 230. The above equations were eval¬ 
uated by supplying the other constants for the same 
motor with the results: 


*2 = 1 — (cos 131 -f 24.6 sin 13 t) e-w-®' 
ii = 100 -H (— 100 cos 13 < -t- 2223 sin 13 t) 
Equations With No Damping 
To obtain a solution for the ideally perfect case of 
no damping, the fundamental equation is: 

„ Ldii A 

— +R,ii+Kj iidt 


It will be assumed that the motor is starting with an 
initial field. The operational solution is: 


Ei 



Ri L p -{■ 


£ 

P 



ii 



VRi^-iKL-Ri 


+ 


/Ri^ K 

-I 

-vrT^Tkl-Ri 


(VII) 


If the same constants are used as those in the first 
part of the appendix, except that L - Li + M, 
ii = 960 - 950 e“2o.e« 

ia = 0.685 

Throughout all the above equations, the action of the 
eddy currents in the solid iron may be taken into 
account approximately by using a fictitious value of 
M. The action of the eddy currents is to permit more 
rapid current changes than would otherwise be possible, 
which means that M mvist be reduced. The proper 
value may be found experimentally by taking with an 
oscillograph the rise of current in either field with the 
other field open circuited. The value of inductance 
calculated from a curve thus obtained will be low even 
if the iron does not saturate, and this value used in the 
equations will approximate the eddy current damping. 


Discussion 

R. F. Franklin: There is one important point which Mr. 
Ludwig has not discussed. The effect of the induced shunt- 
field current in retarding the flux build-up and reducing the 
motor starting torque has been ably treated; the effect on com¬ 
mutation, another important consideration, has been neglected. 
During transient conditions, commutation is affected by both 
the magnitude of the armature current and the rate of flux 
change in the motor. For various reasons, enumerated by the 
author, it is desirable to keep the starting current a minimum, 
and from a commutation point of view this is desirable also. 
However, with regard to the flux change, for high torque it is 
desirable to allow the flux to increase as rapidly as possible, but 
for best commutating conditions the flux should change only 
slowly. And so we have two operating conditions which require 
conflicting features of design and in the eonsidorai.ion of one the 
other cannot be neglected. 

L. R. Ludwig: It must be remembered that there are two 
applications, in one sense of the word, for compound niiitors. 
The limitation to be met in one of these cases is the torque, and 
severe applications may dictate maximum possible starting 
output. It is in such cases as these tiiat the elimination, as far 
as possible, of field interaction will lead to better compound- 
motor performance. 

If, on the other hand, the application is such that commuta¬ 
tion is a limit, then if it is possible to reduce field interaction, and, 
therefore, to insert additional starting resistance in series with 
the motor, and by this means decrease the peak value of current, 
commutation can certainly be aided. The changes in fic‘ld flux 
in cases with which the paper deals, are so slow (see Fig. 2) that 
increasing this flux more rapidly will increase the voltage induced 
in the short-circuited coils by transformer action, to a very small 
extent. That is, the effect on commutation of more rapid 
acceleration can be neglected because the decrease of peak 
armature currents has a much greater beneficial effect on com¬ 
mutation than the more rapid flux change has harmful effect. 
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I. Introduction 

WO very desirable properties in loudspeakers 
besides fidelity of reproduction, are high efficiency 
and high output capacity. Efficiency is desirable 
not because power from the source (light socket or 
batteries) is costly, but because it means that a smaller 
power amplilier may be used. This greatly decreases 
the first cost and also the cost of maintenance. In the 
case of auditorium loudspeakers, high output capacity 
from the amplifier is obtained usually by the use of 
high plate potentials. For this reason, it is desirable 
to make it possible to use amplifiers of smaller rating 
with consequent lower voltages so that inexperienced 
oj)erators may readily maintain them. In the case of 
a home loudspeiiker, this is even more desirable. 

High output capacity, of course, is more neces¬ 
sary for auditorium loudspeakers than for home loud¬ 
speakers. The average small loudspeaker, however, 
is not capable of radiating sufficient sound without 
overload when certain kinds of music are being re¬ 
produced even for the home. 

In the early days of loudspeaker development, loud- 
ne.ss and fidelity in reproduction were thought to be 
incompatible. As time went on, some workers began 
to reason that perhaps by sacrificing efficiency, the 
fidelity of reproduction at reasonable volumes could be 
improved. So, by heavy damping or by the use of 
vibrating systems in which inertia played the principal 
role, they made devices which were more faithful in 
reproducing sounds, but were less efficient than the 
preceding highly resonant loudspeakers. The success 
of these developments led many to believe that high 
efficiency and high quality were not to be found to¬ 
gether in loudspeaking devices. 

The purpose of this paper is to describe a high quality 
loudspeaker, the efficiency of which is many times that 
of the conventional type and of very large load 
capacity. The author is indebted to many other 
workers in this field for the great wealth of information 
that has been made available in recent yearsf through 
publications. 

*Besoarch Engineer, Westingliouse Elec. & Mfg. Co., East 
Pittsburgh, Pa. 

fPor all references see Bibliography. 

Presented at the Winter Convention of the A. I. E. E., New York, 
N. Y., Feb. 13-17,19128. 


The new device combines the excellent radiating 
properties of the slowly expanding exponential horn 
having a large mouth^ with the good electromechanical 
coupling of the electrodynamic or moving coil motor 
element. Both of these niake for high efficiency. 
They also make for great load capacity, for with a good 
radiating system, the diaphragm may be small and the 
motion of the diaphragm slight, making it fairly 
easy to prevent rattling; and with a moving coil 
drive, the force does not vary with displacement, 
eliminating a source of non-linearity conamon to 
moving iron t3rpes of drivers. It is likely that no other 
combination of radiating system and motor element 
has such possibilities of efficiency and load capacity. 

11. Description and Design op the Loudspeaker 

a. The Horn. Before considering efficiency and load 
capacity, the design of a system which responds uni¬ 
formly to a broad band of frequencies must be dealt 
with. It is well known that the exponential horn is a 
uniform radiator of sound for a given air velocity at its 
throat for all frequencies, from the highest down to a 
certain critical or cut-off frequency determined by the 
rate of expansion of the horn section.^ If the equation 
of the horn is 

A =Ao e®* (1) 

the cut-off frequency is given by the relation 


where a is the velocity of sound in air. If cm. units 
are used for x, a should be in centimeters per 
sec. or 34,400. Above this critical frequaicy, the 
radiation retistance at the throat of the horn rapidly 
approaches a constant value of 

r = pa Ao (3) 

where p is the density of air. The value of p o is 41.2,. 
this figure representing the mechanical impedance- 
density in dynes/(em./sec.), (or mechanical ohms) per 
sq. cm. of area at the throat of the horn. To attach 
some physical agnificance to this figure, a throat of 
one sq. cm. section, having for its mechanical impedance- 
41.2 ohms, wiU radiate 41.2 ergs pOT second of sound, 
power when the velocity of air at its throat is one cm- 
per second. This relation, of course, is exactly analo¬ 
gous to the electric case of a resistance of 41.2 ohms. 
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which would dissipate the same number of watts for a 
current of one ampere. 

The relation given above assumes that the horn is 
extended to a large area at the mouth so as to transmit 
the sound energy effectively to the atmosphere. In 
the paper to which reference is made, it was suggested 
that the diameter of the mouth (if of circular section) be 

In terms of the wavelength corresponding to the cut-off 
frequency, 


In practise, the mouth may be somewhat smaller 
without causing serious resonance effects. Horns of 
sections other than circular should have mouth areas 
equivalent to the above circle. 

The exponential horn is now generally recognized as 
the superior shape. A recent paper by Ballantine- 
shows that the so-called Bessel horns of the type 
A = b x" are similar to the exponential horn in their 
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radiation characteristic if n is chosen very large, and 
a statement is made that, in view of this, the exponential 
horn loses a great deal of its significance. As a matter 
of fact, the Bes.sel horn approaches the exponential 
horn not only as to radiation characteristic but as to 
shape as well when n is increased without limit. This 
fact was shown by the present writer in his discussion 
of Ballantine’s paper.* Thus, Ballantine’s work in 
reality gives further evidence of the superiority of the 
exponential horn. 

b. Meehameal VibrcUing Systems. Fig. 1 shows 
one form of the new loudspeaker elements with the 
diaphragm placed alongside. Permanent magnets 
of cobalt steel supply the magnetic field. A piston or a 
plunger acting diaphragm with a flexible mounting is 
chosen because it can be made to have only one reso¬ 
nance in the acoustic range of frequencies; i. e., a lumped 
mass in combination with a lumped compliance has 
only one resonance. Flat diaphragms as used in the 
past have a number of resonance frequencies within the 
acoustic range because such diaphragms cannot act as 
plungers. To obtain this plunger motion, the central 


portion of the diaphragm is stiffened by any of a number 
of methods of corrugation while the edge is made very 
flexible, either by mounting on an annular ring of 
rubber or by suitable corrugixtion of the metal at the 
periphery. In the diaphragm shown in Kig. I, the 
shape is that of seven intersecting cones with a circular 
bead at the periphery for additional .stiffen i ng. Rubber 
is used for the flexible mounting. 

The driving coil may be attached rigidly to the 
diaphragm, but it is better if an intervcming rasilient 
member of the correct .stifrnes.s is place<l between the 
coil and diaphragm. In mechanical .sy.stems made up 
principally of maases and a mechanical rasi.stance, better 
transmisision of motion results if sjiring memliers are 
interposed between the separate ma.s.se.s in t he chain.' 
This is similar to the electrical ca.se of a telephone 
cable in which capacity and re.si.stan(^e predominate 
and in which the transmi.ssion characterist i<‘ is imijroved 
by in.serting loading coils at intervals along the line. 
In the diaphragm .shown, six cantilever arms of a 
metallic spider are in.serl,ed between tlu* coil and the 
diaphragm. 

The diaphragm is made, of course, as thin as is con¬ 
sistent with internal rigidity. With most .sizes and 
shapes of corrugated aluminum diaphrjigms, the 
thickness must be at least 

<- 0.00035/1,, (6) 

(Arf = area of the diaphragm) to insure plungc'r action 
and adequate .strength. The justificsition of the 
constant proportionality between thi(?kness and area 
is that the fundamental re.sonance frequency of .such 
diaphragms, considering the edge at rest, will be the 
same, a.ssumlng similar contours for all. 'I’his internal 
resonance mu.st of necessity be above the highe.st fre¬ 
quency it is desire<l to reproduce, if the mfition of the 
diaphragm is to be like that of the plunger. A fixed 
lower limit to this resonance frequency requires that 
the thickness shall not be less than a certain constant 
times the area. 

If an air chamber transformer is u.sed to step-up the 
velocity of the air on entering the horn, the mechanical 
impedance imposed on the diaphragm by the horn will 
be increased by the .square of the transformation ratio 

r.41.2,l.(-^) ..41.2^'- (7) 

Thus, for a given area of diaphragm, the damping may 
be varied by vaiying Ao, and the correct value of damp¬ 
ing is secured by proper choice of A„'. The trans¬ 
formation from the large area of the diaphragm to the 
small area of the throat cannot be obtained physically 
without an air .space immediately above the diaphragm. 
As pointed out previously,‘ this space must be .small if 
the air displaced by the diaphragm is to be forced into 
the horn at the higher frequencies. Some of the 
volumetric displacement of air by the diaphragm must 
go to increase the pressure of air in the chamber and 
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therefore this chamber is the equivalent of a mechanical 
capacity.* The stiffness of the air chamber referred to 
the diaphragm is obtained by considering its reaction 
on the diaphragm when the throat of the horn is closed. 
This stiffness, assuming adiabatic changes, is 


S, 


— y-^ Po d 3 mes per cm.* 


( 8 ) 


where y« is the air chamber volume and Po = 1.01 X 10* 
dynes per cm.* or atmospheric pressure. 

If the relation between the values of mass of dia¬ 
phragm, mass of coil, the spring stiffness, air chamber 
stiffness and radiation damping is properly chosen, it is 
possible to obtain a device which responds uniformly to 
all frequencies from the lower cut-off of the horn to an 
upper cut-off frequency which is determined by the 
mechanical system itself. The following relations hold 
for the design if this cut-off frequency is/„ 


Si = 7r*/e*m 

(9) 

S 2 = 2 ir*/c*m 

(10) 

r = 7r/<.m 

(11) 


where w = mass of diaphragm = mass of coil 
Si = stiffness of spider 
82 = stiffness of air chamber 
r = radiation damping due to horn. 

Having chosen these quantities in this way, the response 


3-10 
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the cut-off frequency of the horn may be made as low 
as desired. 

The application of the foregoing will be made clear 
if an actual design is considered. Suppose we choose a 
diaphragm of aluminum 1.7 in. in diameter. 

Ad = 14.7 cm.* 

The minimum thickness is 

t = ,0.00035 by 14.7 = 0.00508 cm. = 0.002 in. 
The mass of this diaphragm is 

m = 2.7 by 14.7 by 0.00508 = 0.202 gms. 
Considering that the mass of the prongs of the spider 
re^ient member, through which the coil drives the 
diaphragm, adds to the effective mass of the diaphragm 
itself, this mass will be increased to approximately 
m = 0.230 gms. 

The mass of the coil and coil form together should also 
be approximately 0.230 grams. By careful design, 
the mass of the form can be made small, so that a good 
percentage of the 0.230 grams will be useful conducting 
material. 

The stiffness of the resilient member between the 
driving coil and the diaphragm for fc = 5000 cycles is 
Si = TT* by 5000* by 0.230 = 56.7 by 10® dynes per cm. 
This member may be provided by six spokes of a spider, 
the ends of which are attached to the diaphragm. The 
spider shown in Fig. 1 is integral with the coil form, the 
spokes being a continuation of a thin aluminum 
cylinder. The eddy-current losses in. the coil form are 
negligible for thicknesses of the order of 0.003 in. Each 
spoke should have 1/6 of the above stiffness or 
9.3 X 10® dynes/cm., the dimensions being determined 
by the formula 
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curve for /« = 5000 will be as in Fig. 2, for a constant 
driving force F due to current in the moving coil. The 
equation of this curve is: - 

W = 10-^ — 





watts 


( 12 ) 


ft 

Over most of the range W = lO"'' —. This relation 


does not take into account the falling off effect at low 
frequencies caused by the stiffness of the diaphragm 
supporting member or the cut-off of the horn. Because 
of the fact that the moving coil-type of drive requires no 
stabilizing restoring force as does the moving iron type, 
this edge stiffness may be made as small as desired. 
In like manner if space pmnits the use of a large horn. 


where E is the modulus of elasticity (7 by 10 in. for 
aluminum), and w, t, and I are the width, thickness, and 
length of the spokes. The formula given is for a 
cantilever free at one end. In the present case, the 
width and length of the spokes are chosen and the 
thickness calculated. 

w = 3/64 in. = 0.119 cm. 

I = 3/16 in. = 0.476 cm. 

_ ^ 9.3 by 10® 

From (12) t = 0 -476 

* 0.0224cm. = 0.009in. 

Next in order is the determination of the volume of 
the air cavity above the diaphragm. Its stiftoess is 
Ss = 2si = 113.4 X 10®. The volume is determined by 
equation (8) 

113.4 by 10® = 

Vo = 2.7 <an.® 

To allow for the annular rubber supporting ring, the 
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diameter of the cavity will be in. larger than the 
metallic part of the diaphragm or approximately 
1.825 in. The height of the air cavity is obtained by 
dividing the volume of the cavity by the area cor¬ 
responding to this diameter. 

h - 1.60 mm., or 0.063 in. 

A uniform height of cavity is provided, because all 
parts of the diaphragm move through the same 
displacement. 

The required damping and throat area are determined 
from equation (11) 

r = x X 5000 by 0.230 = 8620 dimes per cm. per sec. 

14 7* 

Substituting in equation (7) 3620 = 41.2 x-j- from 

which Ao = 2.46cm.2 

A circle whose diameter is 0.7 in. has this area. 

All of the principal dimensions of the loudspeaker 
element have now been determined. The horn should 
have an orifice 0.7 in. in diameter and expand slowly 
enough and have a mouth area large enough to transmit 


♦30 
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Fi<3. 3—Experimental Response Curve 

the desired low frequencies. Suppose the required 
lower cut-off frequency is 100 cycles. From 
equation (2) 


will not be considered. The real advantage of high 
efladency, as above defined, is that a great saving in 
amplifier capacity is effected. Although the field 
excitation power usually amounts to as much or more 
than the electrical input to the moving coil, it is con¬ 
veniently obtained. Sufficient power for the voice 
coil however, is not so easy to obtain. 

The calculation of efficiency for the design just 
given will first be made to illustrate the method, and 
then the general consideration of efficiency will be taken 
up. Suppose that the mass of conducting material 
in the coil may be 0.110 grams, without causing the 
mass of the coil and coil form to exceed 0.230 grams. A 
coil consisting of 56 turns of No. 40 copper wire, on a 
form 0.540 in. in diameter, has this mass, and its 
resistance is approximately 8 ohms. With small coils, 
the reactance is not sufficiently great to cause the 
impedance to be much greater than this for frequencies 
up to 6000. When a voltage is applied to the coil of 
such a structure, part of it is consmned in resistance 
drop and part will be expended in overcoming a gen¬ 
erated voltage due to motion of the coil in the magnetic ' 
field. A convenient quantity which will be used 
throughout this discussion of efficiency is known as 
motional impedance.* This impedance is obtained by 
dividing the generated back voltage by the correspond¬ 
ing current in the coil. In the case of this t3q)e of loud¬ 
speaker, the velocity of the coil is in phase with the 
current because the driving force is in phase with the 
current and the velocity over most of the acoustic 
r^ge of frequencies is in phase with the force. Like¬ 
wise the generated voltage is in phase with the velocity. 
Therefore the generated voltage and the current will 
be in phase and their ratio will be a pure resistance. 

This is called motional resistance and is determined 
as follows. The force per unit current, or force factor, 
is 


100 = S by 


34400 
4 T 


B = 0.037 

The equation of the horn is A = Ao for cm. 
units. The mouth of the horn should have a diameter 
at least equal to one fourth wave length of the lowest 
frequency or 

■D = Mby = 86cm. = 34in. 

If the horn is of square section, the mouth area should be 
equivalent to a circle having the above diameter. 

Fig. 3 shows an experimental curve of response 
against frequencies for the loudspeaker of Fig. 1 
when placed on a horn having a 100-cycle cut-off. 

III. Calculation op Efficiency 
By efficiency we shall mean the ratio of sound output 
to deetaical input to the moving coil. The power 
requued for field excitation if electromagnets are used 


K = 1/10 BI dynte per ampere (13) 

where B = the flux density in gausses. 

I = the length of the moving conductor. 

The generated back voltage per unit velocity is 
Eg/v = Bhylhy 10“* 

= 10“'^ by K. volts per cm. per sec. (14) 
The velocity 

F KI 

» = -J- = -j- cm. per sec. (15) 

The back voltage 

10-7 I 

Eg = 10-7 ij’ j, _ ---volts (16) 

from which 

„ E lO-^Z® 

= -j— = - - - ohms (17) 

Having^ determined this motional impedance, the 
efficiency is obtained from the equation 
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N = 


Rm 


Rm + R 


(18) 


In the case at hand, the length of the wire in the 
coil is 246 cm., and if the magnetic field has a density of 
12,000 gausses 
K = 1/10 by 12,000 by 246 

= 0.295 by 10* dynes per ampere 


Rm 


10-^ K^- 


r 


10-’ by (0.295 by 10*)* 
3620 


= 2.41 ohms 


The efficiency 


N = 


2.41 

8 + 2.41 


0.23 


It might be expected that the efficiency in the 
general ease will depend upon the flux density, the cut¬ 
off frequency, and the conductivity of the material 
used for the moving coil. An expression for efficiency 
in general terms will now be developed. Suppose that 
the coil form has negligible mass and that all the mass 
of the coil may be considered as useful conducting 
material. Let 

m = mass in grams. 

I = total length of conductor, cm. 

A = area of one conductor, cm.^ 

5 = density, gms. per cm.’ 
p = resistivity, ohms per cm.’ 

B ~ flux density in gap, gausses. 

K - force factor, dynes per ampere in conductor. 

/,. = cut-off frequency, 
r = required damping, d3mes per cm. per sec. 

V = velocity of vibration, cm. per sec. 

I = current in winding, amperes. 


As before. 

the motional resistance 


10 -’ X’ , 


R,n = ^ ohms 

But 

K =1/1051 

and 

r = ir/cW = rfaSA 1 


10-9 1 

Therefore 

“ ir/.5A 


p I 

The resistance of the winding R = ^ 


The efficiency N = ^ _j_ 

10-9 j32 I 
IT fed A 

“ , 10 -* I 

A IT /c S A 
10-9 

“ -ir/cpS-flO-’B’ 


_ 1 

1 + 109 14 (19) 

The efficiency is seen to be independent of the size 
of the unit, if the upper cut-off frequency, the flux 
density, and the mass conductivity of the coil are the 
same for all. High flux density and high mass con¬ 
ductivity (low p 5) are needed. A field of 12,000 
gausses is about as great as can be easily obtai ned. The 
value of p 5 is smallest for aluminum being 7 by 10"* 
as against 14 by 10“* for copper. Curves of Fig. 4 show 
the efficiency of a 5000-cycle loudspeaker at different 
flux densities for both aluminum wire and copper wire 
coils. At 12,000 gausses the ultimate efficiencies are 
57 and 40 per cent respectively. 

In practical cases the coil form will not have a negli¬ 
gible mass; hence, a smaller amount of wire than 
mentioned above must be used. This is equivalent to 
an increase of p 6 in equation (19) mth a consequent 
reduction of N; efficiencies, however, up to 40 per cent 
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for aluminum wire and 30 per cent for copper wire are 
attainable. 

It is interesting to compare these efficiencies with 
that of the best hornless loudspeakers of today-. A 
calculation shows the latter to be less than 6 per cent 
in the range of frequencies up to about 1000 cydes. 
The gain in efficiency by uang the horn results in a 
great saving in amplifier capacity. 

IV. Load Capacity DBiERiiaNATioN 

It might be expected that a loudspeaker of the tj^e 
here described could be made to have a load capadty 
as great as desired by increasing its physical dimenaons; 
If the unit is to respond to the high frequendes, how¬ 
ever, there is a very definite limit to the size of the unit, 
and therefore to the power which it may radiate without 
overload. In all cases this maximum power is less 
for low frequendes because the maximum diaphra^ 
velocity is smaller. This is due to the limited dia¬ 
phragm displacement as determined by the dearance 
in the air cavity. Thus, the figure for maximum power 
must always be accompanied by a statement of the 
frequency at which this limit is reached. Since for a 
given diaphragm displacement, the velocity 

is proportional to the frequency, and since the power 
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radiated by the diaphragm is proportional to the square 
of the velocity, the maximum power output is pro¬ 
portional to the square of the frequency. Hence, if 
one watt is the load capacity of a given loudspeaker 
at 100 cycles, its capacity at 60 cycles will be only 
of a watt while at 200 cycles, it will be 4 watts. The 
above reasoning falls down in cases where mechanical 
weakness of the moving parts is the limiting factor. 

Before dealing with load capacity in general terms, 
the maximxmi output of the particrilar design of loud¬ 
speaker previously given will be determined. Suppose 
that the maximum displacement of the diaphragm is 
arbitrarily fixed as that corresponding to a volumetric 
displacement of air equal to one-half the air chamber 
volume. In this case, this displacement will be 0.036 in. 
or 0.092 cms. The power output 

TT = M by 10 -^ = M (2 Trfxy r by 10 "^ 

= M (2 it/ by 0.092)2 x 3620 by lO-^ = 0.605 by 
When/is 100 cycles, W is 0.605 watts. 

A general expression for the maximum load capacity 
obtainable from a loudspeaker having a given upper 
cut-off frequency /«will be derived. It has been shown 
that the correct damping for a given diaphragm is 
obtained by a proper choice of throat area for the horn. 
It will now he proved that all diaphragms which require 
equal throat area will also require equal diaphragm 
chamber volumes if the cut-off frequency is fixed. The 
correct air chamber stiffness 


W = 3.^41.2A„[ 


tt/ by 5470 

7 « 


] 


bv 10 


= 609 A„ 


(24) 


From this it is seen that a large orifice Ls <lesirul)lo to 
give large amounts of sound ovdpui;. With a\ uihible 
materials for the diaphragm, however, .sullicient 
damping for obtaining a uniform response over (he audio 
frequency range is secured only by the u«‘ of fairly 
small orifice areas. With an upper limit of . 1 ,.. there¬ 
fore, there is a very definite upper limit <if loa<l ea])aeil y 
in a unit which responds uniformly up to /,.. 

This upper limit of may be shown as follows: 
It has been stated previously that, with existing 
materials for the diaphragms, the thickness .should not 
be less than a certain constant times its area. 

/ - 0.00035 A,, 

The mass of an aluminum diaphragm for this a.s.sum|)- 
tion is 

m = t A,I by 2.7 - 0.00035 Aby 2.7 1 25) 

The required damping 

r = TT Sr. m - tt/.. by 0.00085 A / x 2.7 (26) 

But this value of r is obtained by properly choosing A„ 

41.2 A,r‘ 



Ss! = 2 IT* by/„*m = 2 ir/o r 

( 20 ) 

Also 

1.4 A,j* by 1.01 by 10' 

y. 

( 21 ) 

and 

11 

( 22 ) 

Substituting in equation ( 20 ) 



1.4 A/ by 1.01 by 10 ^ 2 t /«by 41.2 by A/ 

Vo 

from which 

Thus, for a given cut-off frequency and a given throat 
area, the volume of the air cavity is constant. 

The volumetric displacement of air in and out of 
the throat of the horn is definitely limited by this 
volume, and should preferably not exceed ^ Vo. The 
power is determined by the frequency, the volumetric 
displacement of air in and out of the orifice, and the 
orifice area in the following way; 


Vo=~Ao 

Jc 


(23) 


W = ^41.2A,[ —] xlO-^watts 
Substituting for Vo 


From equations (26) and (27) 

. __«.2__ 1,3900 

' 7r/„by'0.0d035by2.7‘ “ '77" 

Taking/,, = 6000 

Ao = 2.78 cm.* 

It is seen that A# is definitely limited to this size no 
matter what diaphragm ai*ea may be chosen. 

From equation (24), the maximum power for 
Sc = 5000 is definitely limited to 

W = 0.68 by 10 </* (29) 

In view of the requirement of great power in the very 
low register for organ and drum reproduction, this limit 
IS somewhat unfortunate. A knowledge of the limitation, 
however, prevents one from seeking in the dark for 
a single unit loudspeaker which will give larger outputs 
than the above at the low frequencie.s and still be 
responsive to the very high frequencies. 

V. Methods op Obtaining Higher Load Capacity 
There are two avenues of approach to the problem 
of obtaining greater load capacity. The first and most 
evident is to use a multiplicity of similar loudspeaker 
unite as above designed, either on separate horms, or on 
a single horn having a divided or multiple orifice. 
By this means, the load could be divided equally 
between the several elements and thus prevent over¬ 
loading of any one of them. A second and more 
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practical approach problem is based on the following curves 1 and 2. In this case, the increase in power is 
reasoning: about ten, whereas, if two similar small units had been 

It was noticed that the load capacity of a loudspeaker used, the power output capacity would have only been 
which responds to 5000 cycles was greater at higher doubled. 


frequencies, and it is possible that such a single-element 
loudspeaker would handle without overload the upper 
register of music and speech for very large amounts of 
power. If a supplementary loudspeaker, (or a group 
of loudspeakers), could be made to take care of large 



To make use of an arrangement of this kind, it is 
necessary to devise an electrical network which will 
divide the frequency bands properly between the two 
loudspeaker elements. Of the many circuits which 
might be employed, the circuit shown in Fig. 6 was 
chosen because (a) it has constant impedance over the 
band of frequencies for which the loudspeakers are 
purely resistive in their impedance, and (b) because for 
a given electrical input, the sum of the soimd outputs 
of the two loudspeakers in the overlapping range is 
uniform. It is seen that the condenser in series with a 
gmall unit protects it from the damaging effect of large 
power at low frequencies, while the inductance in 
series with the low-frequency element prevents the 
higher frequencies from passing through this element 
which is incapable of responding to them. 

In the case of a demand for greater capacity than 
is possible with two loudspeakers of different size, a 


volumes in the lower register, the different bands of 
frequencies could be divided properly between the two 
by means of a suitable electrical network, and thus, a 
great increase in load capacity could be effected. From 
the relations already given (equation (24)), it is seen 
that loudspeaker elements which do not have to re¬ 
spond to the higher frequencies can be made to have 
greater load capacity. Hence, by making sturdier units 
with heavier diaphragms and larger air chamber 
volumes, the necessary load capacity for the low-fre¬ 
quency range can be secured. 

This is illustrated by the curves of Fig. 5, wherein 
curve 1 shows the load capacity of a small unit at 
different frequencies, this unit being capable of r^ 
spending to 5000 cycles with uniformity; and curve 2 is 




Low Frequency High Frequency 
Pio. 6—CiRCOiT Connection fob Two-Bibment Lovdspbakeb 

for a loudspeaker with a lower cut-off frequency ar^, 
while similar in shape, it rises to higher values in fte 
low frequency register. If the power level reqmred is 
that corresponding to the dotted horizontal hne, this 
low-frequency unit will be capable of supplementing 
the high-frequency unit down to a frequency cor¬ 
responding to the dotted ordinate. The ina*ea^ m 
powCT output capacity over what it would have been 
with higher-frequency unit alone is seen from a com¬ 
parison of the powers where this vertical hne cuts 


Piq/ 7—Circuit Connection for Three-Element 
Loudspeaker 

third and larger element may be added. A simple 
circuit for three is diown in Fig. 7. This is seen to b© 
an extension of the circuit of Fig. 6 by the insertion of a 
capacity in series with the square, paralleled with a 
series combination of large unit and inductance. This 
circuit may also be made to have constant impedance 
over the band of acoustic frequencies and, by proper 
choice of the inductances and condensers, it may be 
made to divide the frequencies between the several 
elements so as to secure the maximum overall output 
capacity, as well as a uniform over-all re^onse to a 
wide band of frequencies. Dr. J. Slepian of me 
Westinghouse Research Laboratories is responsible 
for the suggestion of tiiis circuit. 

It is evident that the use of two or more loudspealmrs 
in this way is for an entirely different purpose from that 
of earlier attempts to secure a more uniform re^oi^ to 
a wide band of frequencies by the use of several loud¬ 
speakers covering different ranges. In the present ca^, 
the small unit alone is capable of uniform res^n^ to 
a sufficiently wide band of aeoustic frequenei^ for high- 
quality reproduction, but is found limited as to its 
output capacity for large power apph^tions. TTie use 
of one or two supplementary loudspeakers with proper 
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associated electrical network is made not to improve but the foregoing will serve to illustrate in a general 
the quality of the reproduction, but to increase the way the method of solving the problem of great load 
output capacity. Each loudspeaker with its particular capacity. 

horn a flat frequency response characteristic over yr ottmw.pv 

a certain range, and in good designs, these ranges , . , . . ,. , 

overlap considerably. The electrical network is what methods of desigmng high-quahty horn-type 

causes the tapering off of response of the individual loudspeakers, having high efficiency and maximum 

- load capacity, are shown. The limit of efficiency is 



Pia. 8 —^Thrbe Elements for Multiple Loudspeaker 

loudspeakers in the overlapping range, so as to malfA 
the combined outputs uniform. 

It is necessary, of course, to have a large horn on 
the low-frequency element in order to malce it responsive 
down to very low frequencies. The smaller elements 



Pig. 9 ^Three-Element Loudspeaker 


may be used in conjxmetion with smaller horns, however, 
since the electrical network allows very little low- 
frequency current to pass through them with the result 
that they do not have to radiate low-frequency sounds. 

Fig. 8 shows the ihree elements of a loudspeaker of 
this t3?pe, with their corresponding moving elements 
placed in front of each. Fig. 9 shows the appearance 
of the loudspeaker moimted in cabinet form. This 
particular one responds from 60 to 5000 cycles with 
a load capacity of a 10-watt output at 60 cycles for the 
bassunit. 

The details of design of such a combination of loud¬ 
speakers have been reserved for a later publication. 


determined by three factors: the cut-off frequency, 
the mass conductivity of the material used for the 
moving coil, and the flux density of the field in which the 
coil moves. Efficiencies up to 40 per cent are attainable 
in practise for loudspeakers which are uniformly re¬ 
sponsive up to 5000 cycles. 

The output capacity of a single element loudspeaker 
is determined by the upper cut-off frequency and the 
mechanical properties of the best known shapes and 
materials for diaphragms. This load capacity is 
proportional to the square of the frequency and at 100 
cycles is approximately 0.6 watt. 

A method of providing increased load capacity with 
grater simplicity than by using a great many similar 
units is to employ two or more loudspeakers covering 
different ranges of frequencies, but each having suffi¬ 
cient load capacity for its own range. With such an 
aiTOTgement, fewer elements are required to give the 
desired increase in output capacity than if several small 
elements of similar design are employed. 

The ^iter desires to thank Dr. J. Slepian for valuable 
suggestions, and Mr. W. 0. Osbon for carrying through 
much of the design work and for his contributions to 
the development. 
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Discussion 

Harvey Fletchert There are some interesting and novel 
features connected with Mr. Hanna’s paper, particularly the 
suggested use of three loud speakers for increasii^ the load capac¬ 
ity. His numerical calculations help to make clear the various 
factors affecting the efficiency of loud speakers. 
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It is well, however, to call attention to the fact that loud 
spt*akors aro now bein^^ commercially used which have efficiencies 
jjreaUT than that described in his paper and which have practi- 
c*ally a uniform response through a greater range of frequencies 
than indicated by the curves in his paper. The loud speaker 
nse<l in connt'Ction with the public address system which is used 
in the Engineering Auditorium is such a one. A paper by 
E. (\ W<?nt(‘ and A. L. Thuras entitled “A High-Efficiency Re¬ 
ceiver for a Horn-Type Loud Speaker of Large Power Capacity” 
which aptxnired in the last i.ssue of the Bell Sislem Technical 
Journal, describes the design and construction of this type of 
loud speak<*r. The driving receiver is one of the moving-coil 
type and is ctuinocted to an exponential horn. The essential 
difference* ludwecn this one and the one Mr. Hanna described 
is in t he met hod of connecting the coil to the diaphragm and in 
the f<»rm of the air chamber connecting the diaphragm to the 
horn. In ihci design by Wento and Thuras the coil is connected 
directly to the diaphragm instead of by means of a spider. Also 
with th(^ form of air chamber which they used, it is possible to 
use a larger diaphragm without sacrificing efficiency at the high 
fnHpiencies, t hus making it possible to radiate more energy at 
the low froqnoncios. In this paper Wente and Thuras also 
<loscribe trliroc methods of making the measurement of the 
ahisohito efTicneucy of the receiver, (1) by calculation based iipon 
a theory similar \o tliat given in Mr. Hanna’s paper, (2) by 
fixperiuionlfd moasurenionts of t.he motional impedance of the 
receiver, and (3) by measuring the acoustic pressure and the me- 
<?hani<*al impedance near the diapliragm. The close agreement be- 
I \v<H?n tlu* t hree methods shows the reliability of the measurements. 
It seems to rue that it would be desirable if some measurements 
ai' i\m sort, were made upon the type of receiver described by 


Mr. Hanna. 

T\u^ type of loud speaker liaving such a high efficiency is in 
commercial use in (U)nnoeiion with the Vitaphone and Movietone 
type's of talking motion pictures. As commercially produced 
in quant itic's numbering several thousand, an average efficiency of 
the order of 30 pm* cent has been realized. 

I sliould like to ask Mr. Hanna how the response curve shown 
in Fig. 3 of t ins paper was obtained and also what the zero line 
roprf»Hent.i 3 d, and what sort of argument he used for deducing 
Kq. 6. In the Vitaphone loud speaker which was described by 
Wenl<} and Tliuras a diaphragm of about one-half the thickness 
as cjilled for by this formula was used and it lias been found to be 
fi’fio from any such resonance as described in his pap^. 

A. E, Kcnnellys The paper relates to conditions in an 
electric circuit and an associated ‘‘acoustic circuit.” While it 
is not. stricjtly accurate to speak of “acoustic circuit, yet there 
arc so many points of resemblance between an acoustic syst^ 
and an associat-od electric system, that the inaccuracy may be 
overlooked for the sake of the convenience. The power mput 
of tlie acoustic system is on the electnc side PR, and on the 
acoustic side r, where a is the velocity and r the acoustic resis¬ 
tance, hath in appropriate units. Equating the two, 

PR V- . .(power units) 

It is iU!<t<.ssar.v to omploy the same unit of power for both sides. 
It seems that, at t)ie present time, the c.g. s. eleotro-magnelic 
system, tlio parent of our practical, volt-amper^hm system, 
is the most convenient in which to select ^e unit of power on 
l>oth sides of the equation. In that case, I vnl\ 

pores, R in abohms, a incm.persec^orkiries.andr in acoustic 
abohms. Kvery one knows what these units mean, and they 
do not have to be learned afresh. If we do not use the c. g. s 
system, we have to “create new unit” names, in order to oomplete 
the equation. The mechanical or “a^ustic ohm is not the 
same as the mechanical or “acoustic 

belongs to the practical system, and has one of several possible 
tod^bW U, «tb»r tor ki™, » . 


paper in which the quantities involved are expressed in simple 
arithmetical equations, which can he readily imderstood, if the 
proper units are employed. 

W. C. Joness There are two or three points to which I 
should like to eaJl attention. 

The first of these has to do with load capacity. After making 
certain assumptions relative to the mechanical properties of avail¬ 
able diaphragms and the permissible volumetric displacement 
in the cavity which forms the coupling stiffness between the dia¬ 
phragm and the horn load, the author concludes that the output 
from a single loud speaker is limited to approximately 0.6 watt, 
if it is to respond weU at high frequencies. The so-called lumped- 
constant system has therefore been abandoned in favor of a system 
in which the various masses instead of being rigidly coupled are 
joined by members of moderate stiffness. In this connection it is of 
interest to note that the experience gained in connection with the 
production of talking motion pictures, has shown that a single 
loud speaker of the lumped-constaint electrodynamic type can be 
operated at output levels three to four times higher than the 
limiting level set by this paper without serious distortion or 
sacrifice in high-frequency response. The limiting factors 
appear to be heating and mechanical strength of the moving 
parts rather than distortion due to air space phenomena. 

I should like to ask in connection with Fig. 3 whether the 
efficiency based on motional impedance measurements and com¬ 
puted in accordance with equation 18 is substantially uniform 
from 150 cycles to 4000 cycles. It is my impression that, if 
the acoustic output from the motor element to the throat of the 
horn bears the same relation to the electrical input at ail fre¬ 
quencies, the response curve measured at a point in front of the 
loud speaker will not be flat but will rise at the higher frequencies. 

One other point is the matter of field density. All who have 
worked with electrodynamic structures appreciate the im¬ 
portance of securing high flux densities in the air-gap, and wiU, 
I believe, agree with Mr. Hanna that an air-gap density of 12,000 
is about as high as is obtained commercially in circuits involving 
a good grade of magnetic iron. In this connection it is of interest 
to note that certain of the cobalt alloys have higher saturation 
densities than magnetic iron, and make possible air-gap densities 
of the order of 20,000 without excessive dissipation of power 


in the field winding. 

C. R. Hanna* The paper by Messrs. Wente and Thuras, 
mentioned by Mr. Fletcher in his discussion, was published sub¬ 
sequent to the time my paper was submitted to the Institute. 
This paper describes the design of loud speakers which cor¬ 
respond most nearly to the smaUest of the three elements de- 
scribed in my paper because the response is uniform up to about 
5000 cycles. Since only one type of loud speaker is described, 

I judge that the method of obtaining sufficient load capacity 
for auditorium use is to employ a great many of these units 
coupled to a single horn with a divided orifice or to as m^y 
horns. It is interesting to note’ that in the lower range of fr^ 
quencies, say around 60 cycles, at least 10 to 15 of the^ imts 
would be required to provide the same load capacity as is obtamed 
by the use of three dissimilar units as described in my paper. 

Mr. Fletcher asks for the reason underlying Eq. 6, in which the 
thickness of the diaphragm is equal to or greater than a cert^ 
constant times the area of the diaphragm. The constant m this 
equation was determined from experience as one which would 
ensure piston action of the diaphragm up to 6000 cycles, m 
adequate mechanical strength. Mr. Fletcher states further that 
the diaphragm as described by Wente and Thuras is approximately 
half as thick as would be required by the relation given in Eq. b 
and is found to be free from resonance within the ^oustio range 
of frequencies. I note, however, from the curves of J 

Wente and Thuras, that some resonance does occur in 
of frequencies from 3000 to 5000, and it is my behef that 
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tMs resonance is caused by brealting up of the diaphragm. 

In answer to the question regarding the method of taking 
the response curve which was given in the paper, this was done in 
the usual way by measurement of radiation pressure with the 
condenser transmitter at different frequencies in a damped room. 
The zero line in the graph is arbitrarily chosen. 

Dr. Kennelly urges the adoption of a more convenient nomen¬ 
clature for mechanical and acoustical impedance. There is no 
doubt that standardization along this line will come about as 
the number of workers in this special branch of engineering 
increases. 

Mr. Jones asks if the spring method of mounting the driving 
coil upon the diaphragm was used to give greater load capacity 
than is possible with the unit structure. This is one of the 
reasons, the greater load capacity resulting from the greater air 
cavity possible with the divided structure. .He points out that 
it has been his experience that heating of the moving coil limilis 
the output of loud speakers more than air-cavity clearances. 
Our experience has been that if the full range of frequencies in 
music and speech is applied to the loud speaker, limitation in 
output will occur in the low-frequency range because of cavity 
clearances. Of com-se if the low frequencies are not applied to 
the loud speaker in their correct relative proportion, it is quite 
possible that greater amounts of power may be applied to the 


loud speaker or speakers, in vvliicli case the coil may ln‘(n»iuo 
overheated. 

Another advanLage of tlio coni])liauee method of mounting 
the coil upon the diaphragm is that for a given lU'hl density the 
efficieney will be higher than in the unit .siructure. In Iho 
paper by Wente and Tliuras, eirmioueit^s of the oiah^r (if oU per 
cent are obtainable only by the use of fields us stning as 
gausses. If such holds were used in llie diviihal slrmMiin* of 
coil and diaphragm assembly, ellicieneujs of the oni<‘r oi' 7*» por eont 
would be obtainalde for ahiiniiium coils and (»0 per eeiil for eoj)j)i*r 
coils. These iigiires are hasisl on a weight fad or of tKI por cent. 

In the loud speakers described in my paper, no ndfoupt lias 
been made to go the limit in obtaining tlms4'. high 4’irmiem*ii!s. 
With copper-wire coils and field densities of I he order of 
the eMcioney for the high-iVetpieney unit.s will be of f lii‘ orthu* of 
25 to 30 per cent, which is of the .same order as flic eommeri*ial 
ellieienoios obtained in loud .sp<!akors dt‘scril»ed liy Weriic and 
Thiiras. 

The field density required to obtain equal (‘Hicifney in ilm 
low^er-freqiiency eleiuouts is less than tint afmvn biHniuso a 
greater mass of conductor may be use<l in the moving immdnr. 
In the bass unit, for example, the field stnmgtii is aiionf oOfK) 
gausses, and the coil Avdiich drives flie diaphragm lias a iiia''-uf 
nearly .? 2 lb* 
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Sfinopnin.—The nioel obvious melliodfor delerviining the distor¬ 
tion «/ Uii:ijrni>h signals is to caleulnte the Iranaicnls of the telegraph 
sysh III. This method has hem treated hy various writers, and solu¬ 
tions are avaiUihlefor telegraph lines iirith simple terminal conditions. 
It i.< u’lil known that the extension of the same methods to more 
roiniilirated Urminal conditions, which represent (he usual terminal 
apiiaraliis, leads to great difficulties. 

The present paper attacks the same problem from the alternative 
slandiminl of the sleady-slate characteristics of the system. This 
method has the advantage over the method of transients that the 
rooiplieation of the eirenit which results from the use of terminal 


apparatus does not complicate the calculations materitdly. This 
method of treatment necessitates expressing the criteria of dislorlion- 
less transmission in terms of the steady-state characteristics. 
Accordingly, a eonsiderahle portion of the paper describes and 
illustrates a method for making this translation. 

A discussion is given of the minimum frequency range required for 
transmission at a given speed of signaling. In the case of carrier 
telegraphy, this discussion indudes a comparison of single-sideband 
and double-sideband transmission. A number of incidental topics 
is also discussed. 


Scope 

T he purpose of this paper is to set forth the results 
of theoretical studies of telegraph systems which 
have been made from time to time. These results 
are naturally disconnected and in oi’der to make a 
connected story it has been necessary to include a 
certain amount of material which is already well known 
to telegraph engineere. The following topics are 
discussed: 

1. 'I'he required frequency band is directly propor¬ 
tional to the signaling speed. 

2. A repeated telegraph signal (of any length) may 
he con.sidered as being made up of sinusoidal com¬ 
ponents. When the amplitude and phase, or real 
and imaginary parts, of these components are plotted 
as ordinates with their frequencies as abscissas, and 
when the frequency axis is divided into parts each being 
a frequency band of width numerically equal to the 
.speed of signaling, it is found that the information 
conveyed in any band is substantially identical with 
that conveyed in any other; and the bands may be 
said to be mutually redundant. 

3. The minimum band width required for unam¬ 
biguous interpretation is substantially equal, num¬ 
erically, to the speed of signaling and is substantially 


is shown that the usual carrier telegraph requires twice 
as much frequency range as the corresponding d-c. 
telegraph, other things being equal. 

8. A discussion is given of two alternative methods 
for overcoming this inefficiency of carrier telegraphy, 
namely, the use of phase discrimination and of a single 
sideband. 

9. After the d-c. and carrier waves have thus been 
analyzed a corresponding analysis is given of ^ 
arbitrary wave shape, including these two as special 
cases. Calculations are given on the shaping of the 
transmitted wave so as to make the received wave 
perfect. 

10. A discussion is given of the dual aspect of the 
telegraph wave. The wave may be looked on either 
as a function of co, requiring the so-called steady-^te 
method of treatment, or as a function of t requiring 
the so-called method of transients. It is shown that 
the steady-state theory can be made to yield the in- 
fonnation necessary to specify the characteristics of an 
ideal system. 

11. A discussion is given of the effect of interference 

and departures from ideal conditions. 

The economy in frequency range, indicated under 2 
and 3, should be considered as a theoretical limit which 
cannot be attained in practise hut which can be ap- 

' ’ ’* on the 


erically, to the speed ot signaling ana is suosiduuduy ga^mot be attained in practise hut which can 
imiependent of the number of current values employed. the closeness of approach depending 

4. A criterion of perfect transmission is selected; ^gg^ee with which the requisite conditions are fulfilled, 
and a discussion is given of the characteristics which the practise, it is essential to limit the cost of terminal 
received wave must have to be non-distorting with the apparatus and this, in turn, may lead to imperfect 
requirement that the frequency range should not he ^t^jjation of the frequency range. ... 

greater than necessary. In certain portions of the paper the discussion is 

5 Directions are sketched for specifying systems to limited to ideal telegraph systems and it is the toacter- 
meetthfamluirement. Wes ot such sjjstms wUeh arc Ktorred to alOTO 

the oorrespondiug tru.«on_eharuet^ ot the ^ W,JSou“Xeu 

as to how to proceed to build equalizers to meet the 
requirements. It is not within the scope of the papw 
to enter into the practical questions of cost detmled 
construction of signal shaping devices. While these 


VJIJIV —-€=> 

circuit is explained and illustrated. 

7. An analysis is given of the carrier wave, and it 
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subjects are of great importance, it is thought best to 
confine the paper to theory. Lest the reader should 
think this lack of equalizer theory a fatal weakness in 
the whole theory presented, attention is called to the 
discussion of generalized wave shape; where directions 
are given for approaching the ideal case as closely as 
desired, by shaping the sent wave to take care of any 
residual imperfections in the transmission character¬ 
istic. Finally, under the discussion of interference, 
mention is made of the effect of departures from the 
ideal in the matter of signaling speed, transmission 
characteristic, etc. 

Symbols 


A(t) 

An, A 
ah, a 
a 

Bn,B 

bh,b 


b, bo, bi, hi 

C„ 

C'n, C\ 

y 

s 

Bit) 


F(oi),F 
F'(co),F*'(w) 
Fo Fa 
fit) 

Qf Qof Q2 

Q (0 

h 


Indicia! admittance. 

The coefficient of the nth cosine term 
in a Fourier series. 

Magnitude factor of the hth signal 
element. 

General quantity in formulas. 

The coefficient of the nth sine term in a 
Fourier series. 

Magnitude of the Ath step of a rectangu¬ 
lar stepped signal element. 

General quantity in formulas. 

Susceptance (coefficient of imaginary 
part of transfer admittance). 

Real part of discrimination factor. 

Defiried in Appendix IV. 

Nuriierical factor near unity. 

An arbitrary increment of frequency. 

Wave (usually voltage wave) as a func¬ 
tion of t. 

Base of natural logarithm. 

Shape factor. 

Defined in Appendix IV. 

Specific shape factors. 

Wave form. 

Conductance (real part of Iransfer 
admittance). 

Envelope of a carrier wave. 

Any positive integer, indicates order of 
signal element. 


H(co) 

An abbreviation for ^ T’(co) g-'" 

e 

Phase angle of carrier wave. 

I it), I 

Wave as a function of t 

Ih, 

Wave due to Ath signal element. 

i 

Unit of imaginary quantity, = - 1. 

k 

An integer or zero. 

X 

Variable under integration .■dgn, 

m 

An integer or zero. 

N 

Number of signal elements in one 


repetition of a signal. 

n 

Any integer or zero, indicates order of 


sinusoidal component. 

P 

2 T times frequency of repetition of a 


signal. 


9 

An integer or zero. 

R 

A constant. 

r 

A subscript referring to receiving end. 

Sn.S 

The coefficient of the imaginary part of 
the discrimination factor. 

S'n, S\ 

Defined in Appendix IV. 

s 

Speed of signaling. 

s 

A subscript referring to sending end. 

T 

Duration of one signal repetition. 

t,t' 

Time. 

T 

An arbitrary interval of time. 

Y ico), Y, Fo 

Transfer admittance. 

Fi and Yi 

Components of F. 

f 

The conjugate of F. 

4> 

Phase shift of a given circuit. 

a 

When positive, equals -f 2 tt times the 
frequency; when negative equals 
— 2 TT times the frequency. 

COc 

2 TT times carrier frequency. 


Prbuminary Discussion 

A simple telegraph system is obtained by connecting 
a telegraph key and battery in series with a line at one 
end, the other end of the line being connected to a 
sounder, both ends of the system being grounded. 
Signals are transmitted by opening and closing the key, 
which causes corresponding movements of the sounder 
at the receiving end if the system is properly designed 
and adjusted. Suppose it is desired to transmit the 
Morse letter a over the system. This may be done 
by closing the key during one unit of time, opening it for 
one unit of time, closing it for three units of time and 
finally opening it for a sufficient period to assure the 
receiving operator that the signal is completed. This 
simple telegraph system illustrates two characteristics 
of telegraph communication as the term is here used 
which will serve, for the purposes of the present paper, 
to distinguish telegraphy from other forms of electrical 
communication. These characteristics are: 

1. The time is divided into approximately equal 
units which will be called time units. 

2. There is a finite number of conditions, and each 
time unit is characterized by a single one of these 
conditions. 

In the simple illustration given, where the first time 
unit is characterized by closing, the result is the “dot” of 
the letter a. The second time unit is characterized by 
opening the key. Thus, the total number of conditions 
is two, open and close. This is in sharp distinction to 
the ea^ of telephony where there are neither simple 
numerical relations between the various time intervals, 
nor a finite number of possible current values. 

In this simple illustration the rate with which 
the new condition establishes itself throughout 
the system is not generally the same on opening 
and closing. This is because there is a change 
in the terminal impedance as well as in the voltage 
applied. The system would be simpler, math- 
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eniatically, if the keys were arranged to substitute 
for the battery an impedance equal to that of the 
battery. It will be assumed in this paper that the 
impedance is not altered when one condition is sub¬ 
stituted for another. This is substantially true for 
polar telegraphy but not for single-line telegraphy. 

In the system under discussion there are two condi¬ 
tions, battery an<l no battery. In the usual forms of 
polar telegraphy, there are also two conditions, corre¬ 
sponding to positive and negative battery potentials 
impressed at the .sending end. In well-known forms 
of .submarine telegi'aphy there are three conditions 
coiTC.spon<ling to positive battery, negative battery, and 
ground or zero voltage. Throughout the paper, unless 
otherwise state<l, the discussion will apply to any 
number of conditions and will, therefore, include the 
cases enumerated as .special cases. 

Due to the distorting effect of the telegraph circuit 
the part of the total signaling wave which is originally 
associated with a given time unit does not remain 
confined to one time unit throughout. There is over- 
la])ping between the wave portions originating in 
succes.sive time units. It is, of courae, important to 
follow the history of a given contribution to the signal 
wave regai’dle.ss of whether it is prolonged to occupy 
more time than it did originally. To this end the term 
dumtl dement is introduced and is defined as the 
contribution to the signal a.scribed to a given time 
unit. Whereas a time unit is of a definite duration 
uniquely determined by the speed of signaling, the 
.signal element ascribed to a specific time unit may, by 
the use of signal shaping, be made to extend into 
adjacent time units. 

The concept which has been discussed under the term 
"condition-s” is an important one and it Is desirable to 
formulate it more precisely. It will be assumed, when 
not otherwise stated, that the shapes of the successive 
.signal elements are the same, so that they differ only by 
a factor which may differ from element to element. For 
illustration: in the case of the submarine cable system 
the wave shape of the impressed voltage is the same in 
all three conditions, being rectangular, and there are 
three proportionality factors -f- a, 0, and — a. In the 
general ca.se any .signal element may be expressed 
by the product 

ahf(t) 

where a* is a real factor which may vary from one 
signal element to another and where / (t) is a function 
of time. The origin of t is, of course, a fixed instant with 
respect to the .signal elemeiit. The function / (t) will 
be called the v)ave form. It is determined by the wave 
form at the sending end, and by the tran^ission 
characteristics of the system between the sending end 
and the point under consideration. It is not affected 
by the particular signal or form of intelligence being 
transmitted over the system. The factor an will be 
called the magnitude factor. It differs from one signal 
element to another but is the same in aU parts of the 


system and, in fact, in all systems transmitting the 
same signals. 

Speed of signaling, s, is usually specified In dots per 
second and is defined as the munber of signal elements 
per second divided by two. 

D-e. telegraph is characterized by a rectangular 
signal element; the voltage is held constant during the 
whole time unit. 

A telegraph circuit may be considered as a network 
upon which a signaling wave is impressed at one point, 
called the sending end, and from which a signaling 
wave is derived at another point, called the receiving 
end. In the illustrations given, the sent waves were 
voltage waves. This is not necessarily the case in 
order for the discussion to apply. The sent wave 
may be a current wave, or it need not even be electrical. 
By providing suitable coupling the sent wave may be 
mechanical or, say, in the form of variations in a light 
beam. All that is required is that the system should be 
linear, including the coupling between mechanical and 
electrical circuit elements. . Similarly with the receiving 
end it is permissible to consider either the voltage across 
the receiving device, the current through it, or the 
motion of the receiving device to be the received wave; 
provided the device is linear. An important exclusion 
is the ordinary telegraph relay which is equipped vdth 
stops and which, therefore, is a non-linear device. 
The siphon recorder on the other hand is probably 
substantially linear. The theory of mechanical im¬ 
pedances and of coupling between mechanical and 
electrical impedance elements will not be dealt with in 
this paper. 

Proportionality Between Speed op Signaling and 
Transmitted Frequency Band 

It will aid the discussion to assume that the signal 
considered is repeated indefinitely at equal intervals. 
While this is convenient, it constitutes no real limtation 
on the generality of the analysis, because the intervals 
of repetition may be made as large as desirable. There 
is nothing to prevent us from making the interval 
very great, say, an hour or a year. 

Take first the case of any arbitrary signal made up 
of any number of elements and any finite number of 
different magnitude factors (current values) and re¬ 
peated an indefinitely great number of times. Such 
a periodic wave can be resolved into direct current and 
a series of sinusoidal components. The lowest ft«- 
quency component^ has a period equal to the pOTod 
of repetition of the'signal. The next component is of 
double the frequency or one-half the period of the fii^. 
The third component is of triple frequency or one-third 
period, and so forth. Certain components may, of 
course, be of zero amplitude, i. e., entirely lacking. 
While there always is a definite lowest frequency 
component, there is generally no highest component; 
in other words, the total number of components is 
usually infinite. 
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The transmission medium may alter the magnitude 
and phase of the sinusoidal components. Some of them 
may be substantially completely suppressed. Further, 
the medium may introduce components either because 
it is non-linear or because interfering waves exist. 
The net result is a deformation of the original wave. 

Now consider another signal which is just like the 
one discussed except for the distinction that the signal 
elements of the sent wave are of half the duration, that 
is to say, everything happens twice as fast and the 
signals are repeated twice as frequently. It will be 
obvious that the analysis into sinusoidal terms corre¬ 
sponds, term for term, with the case just considered, the 
difference being that corresponding terms are of exactly 
twice the frequency. Now if the second telegraph 
system transmits currents up to twice the frequency 
of tile first and if, further, the transmitted currents 
are treated the same in respect to attenuation, phase 
shift, interference, and other modifying factors as the 
corresponding currents in the first system (i. e., currents 
of half the frequency), then the received wave in the 
second case will be the exact counterpart of the wave 
in the first case; that is, its deformation will be the gamp 
Generalizing, it may be concluded that for any given 
deformation of the received signal the transmitted 
frequency range must be increased in direct proportion 
to the signaling speed, and the effect of the system at 
any corresponding frequencies must be the same. The 
conclusion is that the frequency band is directly pro¬ 
portional to the speed. 

It is apparent on examination of existing telegraph 
systems that tiie factor relating band width and line 
speed does, in fact, vary from system to system. The 
reason for this is that different systons utilize the 
available range with different effectiveness. In the 
first place, the various components suffer different 
attenuation and phase changes from system to i^ystem. 
Secondly, interference varies from system to system; 
and there are also secondary imperfections. The 
question then arises: What is the limiting value for this 
factor under ideal condtions? It is one of the purposes 
of the following analysis to answer this question. 


original wave without deformation. Now for a given 
wave form, (which in this case is rectangular) the 
magnitude and phase-angle of the individual sinusoidal 
components of the impressed wave are determined by 
the values of the quantities of the signal elements, 
and equations can be set for computing each com¬ 
ponent. Conversely these equations can be solved if a 
sufScient number of them is taken so that the c's are 
completely determined. Now the number of o’s is 
finite, whereas the number of sinusoidal components is 
infinite. It follows from simple equation theory that 
all of the equations cannot be independent; and, in fact, 
since each component (with rare exceptions)* yields 
two constants, it follows that a number of components 
approximately equal to one-half the number of signal 
eluents should be sufificient to determine the a’s 
completely, provided the components are diosen to be 
mutually independent. It is concluded that full knowl¬ 
edge of N/2 sinusoidal components is necessary to 
detenmne the wave completely. It will be shown 
below that this number is also sufficient. 

The mathematical work of analyzing the wave into 
its sinusoidal components is carried through in Appen¬ 
dix I. It is there shown that if the magnitude factors 
of N successive signal elements are given the values 
tti, cti, Os, etc., up to Cn, and if the signal is then re¬ 
peated,* the expression for the applied voltage can be 
written in the following form: 

E (t) = Ao/2 + Ai cos pt -|- A 2 cos 2pt + etc. 

-f Bi sin pt -I- Bs sin 2 pf -I- etc. 
where p/2 t is the frequency with which the signal 
is repeated and where the A’s and B’s can be computed 
from the formula 

(A„-iB„) =F(w) (Cn-iSn) 

in which F (co) = ^ 

(a/s 

Cn = (l/N) (oi cos n t/N -f at cos 3 n ir/N + . . . 

+ On cos (2N — 1) n tt/N) 
Sn = (l/N) (Oi sin n ir/N -f Oj sin 3 n r/N + . . . 


F (ca) = 


Analysis op D-c. Wave 

Initially we shall assume a system which is ideal in 
all respects of intwest. Later on we shall indicate how 
these ideal conditions can be approximated and what 
will be the effect of small departures from the ideal 
conditions. 

Let us consider again an arbitrary signal repeated at 
regular intervals. As has been brought out above, such 
a signal has an infinite number of components and can 
be represented by a Fourier series. Suppose tiiat each 
component is measured at the receiving end, and sup¬ 
pose that proper allowance is made for the known effect 
of the circuit on each component, it is then possible to 
constoct each component as it was impressed on the 
sendmg end. If all the components were received and 
measured, it would be possible to reconstruct the 


-f un sin (2N — I) » t/N) 
s is the speed of signaling, and 
Cl) is 2 IT • times the frequency of the component. 

F (co) is independent of the values of the a’s and 
depends only on n and the wave form within one sgnal 
element, which in the present case is rectangular. 
Its value is altered if, for instance, curbed signals are 
used. It may, for convenience, be called the shape 
factor. It should be emphasized that F (co) is inde¬ 
pendent of the intelligence transmitted. C„ - i Sn 
on the other hand is independent of the type of wave 
employed, but depends only on the particular signal 
which is considered. Cn - i 5« is thus determined by 
the particu lar intelligence being transmitted and, in 

2. B o%nd Ati /2 are identieally zero. 

3. A convenient but not a necessary restriction. 
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turn, determines that intelligence completely. This 
factor may be called the discnminaiion factor. An 
examination of the expressions for C* and discloses 
the dependence predicted above and will enable us to 
select components which are independent. Both Cn 
and jS« are made up of periodic terms, namely, co^es 
and sines. If the value of n is increased by the value 
2 N one of these periodic functions has its argu¬ 
ment increased by an integral multiple of 2 tt and is, 
therefore, unaltered. Similarly if » is increa^d by N 
the arguments are increased by an odd multiple of tt 
and all the terms are simply changed in sign. PHirther, 
if the espressions for C„ and S„ are written down for 
the values N — n, and if it is remembered that cos 
(tt _ a:) = — cos x and sin (t — x) = + sin x, it will 
be found that 

C^N-n * “■ and ** 

The results may be written 

Cnh-* = •" Sa+n = — Sn 
C'sN+n ~ ^n> ^nd 52K+» “ 

Successive applications of the last formula give 
CtkN+n ~ ^n> and iSsliN+n 
where k is any integer. 

These relations are illustrated in Fig. 1, in which 





Fig. 1—Discrimination Factor of C Signal 

Showing the simunetry and redundancy of successlYe bauds. TOe 
corresponding points In the various bands are Indicated by the same symbol 

the discrimination factor is plotted as a function of n. 
The agnal which is illustrated in this figure may be 
referred to ^ the c agnal. It is made of 10 signal 
elements whose successive magnitude factors are 
1,0,1,0,0,1,0,0,0, 0. An inspection of the fi^e vdll 
show the symmetrical relation between points in adja¬ 
cent bands of width N/2, or 6 in this specific example. 
Suppose that the c signal is sent in T seconds. Then 
the frequency corresponding to the fifth harmonic is 
5/T (generally N/2T) which is also the speed of 
signaling. 

If Cn and Sn have been determined throi^hout any 
one of the bands, their values (and, F (to) being known, 
also the values of A» and Bn) are iminediately known 
for the whole range from zero to infinity. Each such 
band contains all the information about the signal that 


the totality of bands from zero to infinity contains. 
One such band (or its equivalent) is necessary and 
sufiicient to determine the original signal. It wll be 
understood that information about F (w) is not intelli¬ 
gence in the sense here considered. It is not necessary 
that the receiving end should have any information 
about F (u) at the sending end and consequently, no 
frequency range or line time need be set aside for 
transmitting such information. The frequency range 
which must be transmitted to specify one band is 
numerically equal to the speed of signaling. 

A special case occurs if the transmitted band is 
chosen such that the shape factor is zero at some point 
within it. Then A„ and corresponding to this 
term, will be zero and the values of Cn and Sn ere 
indeterminate. The mathematical treatment of this 
case would be long and difficult and it is, moreover, 
thought that these cases are of little practical interest. 
For these reasons no further discussion will be given to 
them. • ' 

Distortionless Transmission 
It is obvious that with a finite transmitted fre¬ 
quency range and with a rectangular sent wave, 
there will be deformation of the wave form. It 
is, however, possible to have a deformed wave 
and have a receiving device such that a perfect 
signal is received. Suppose, for instance, that the 
receiving device records the value of the wave at the 
mid-instant of the time unit corresponding to each 
signal element. Then all that matters is the value 
of the wave at that instant; it does not matter how 
much it is deformed in intervening intervals. For 
convenience the term non-distorting wave, will be 
introduced and will be defined as a wave which produces 
perfect signals. A non-distorting wave may or nmy 
not be deformed. The criterion for a non-distorting 
wave will vary with the manner of receiving the sigi^. 
In tin's ptaper, when not otherwise stated, the illustration 
just indicated will be taken as the criterion, i. e., a wave 
will be said to be non-distorting when the value at the 
mid-instant of any time unit is proportional to the 
magnitude factor for the corresponding element. In 
Appendix II-A, the shape factor for this kind of wave 
is computed. When the transmission characteristic 
of the system is such that the received wave h^ this 
shape factor, the received wave is non-distorting re¬ 
gardless of the number of distinct magnitude fetors 
employed. It will be understood that this criterion is 
illustrative only. Later, alternative criteria will be 
illustrated and discussed sufficiently to enable the 
reader to construct his own criterion proper for the 
system in which he is interested. ^ 

Before proceeding to determine the characteristics of 
the tel^aph system which insure the ideal shapie factor 
just discussed it is worth while to broaden the subject 
somewhat by considering what other shape factors are 
capable of producing the same results. Appendix II-A 
gives the deduction of more general shape factors which 
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meet the requirements of being ideal. In Fig. 2, o is 
a diagram of the shape factor deduced as ideal, above. 
It is shown in Appendix II-A that shape factors S 3 rm- 
metrical about 2 ir s, after the manner illustrated at b 
in Fig. 2, do not contribute an 3 d;hing to the current 
value at the middle of the signal elements. Hence it is 
deduced that shape factors such as shown at e are 
also ideal in the same sense. There are obviously an 
infinite number of these shape factors. In addition, 
there are an infinite number of pixrely imaginary shape 
factors having the type of symmetry about 2 ir s 
which do not contribute to the value of the wave at the 
middle of the signal element. Each one of this infinity 
of imaginary shape factors may, of coxu’se, be combined 
with any one of the infinity of real shape factors spoken 
of above. 

In order to visualize better the theoretical results 
obtained so far, these results will be stated in terms of 
the design of a telegraph circuit. What must be the 
charactCTistics of a telegraph circuit in order that the 
application of the rectangular voltage wave whose 
shape factor is F, shall result in the non-distorting 
received wave just discussed, whose shape factor may be 


but merely displaced in time and this is, of course, 
permissible. This leads to the following expression: 


for the transfer admittance where r is the delay. Once 
the desired value of Y has been foimd by this method, 
the problem is reduced to measuring the phase and 
attenuation charact^istics of the circuit and designing 
suitable attenuation and phase correctors to make the 
total transfer admittance equal to Y. The actual 
design of attenuation and phase correctors does not 
come within the scope of the present paper. 

Appendix II-B has been added for the purpose of 
making a concrete application. It may be omitted 
without loss of continuity in the theory. 

The criterion of perfect transmission in what precedes 
has been that the exjrrent value at the midpoint of the 
time unit should bear a constant ratio to the 
impressed voltage. It will be noted that this is con¬ 
siderably different from the case of ordinary two-con¬ 
dition telegraphy, whwe the criterion for perfect 
transmission is that the interval between the instants 



Fig. 2—^Idbal Shape Factobs 


Here the criterloii for distortionless transmission Is that the height of the 
middle of each signal element should be imdlstorted 
a and c represent real shape factors which produce a non>Klistorting 
wave.—6 and d shape factors which may be added without producing 
distortion, the former representing a real and the latter am imaginary value 


when the current passes through the mean value (or 
some other specific value) shall be the same as the 
coreesponding interval at the transmitting end. The 
principal reason why this criterion has not been used 
above, is that the corresponding method of reception 
is not so readily available in the general case where more 
than two concfitions are used. However, it is of con¬ 
siderable practical importance and for this reason, 
computations are given, (Appendix III), of the shape 
factor for a wave which has the property in question, 
i. e., of giving a non-distorting wave in ordinary land-line 
telegraphy. While the mathematics in Appendix III 
is carried out for an arbitrary number of magnitude 
factors, it is suggested that it will simplify the reader’s 
picture to think of two magnitude factors only. Then 
the discussion applies to ordinary land-line telegraphy. 
It is there found that a shape factor for the received 
wave which satisfies this condition is 


taken as Fr? One answer is that the transfer admit- 
tance^of the circuit Y should be made such that 
Ft = Y F,. It will be understood that the quantities 
Y and F, may be complex. If the condition just stated 
were met, transmission would be instantaneous. This 
imposes an unnecessary restriction on the transfer 
admittance Y. The signal will still be distortionless if 
all the componente suffer a constant lag t. If all the 
components are given a phase lag, which, when speci¬ 
fied. in angular measure, is directly proportional to the 
frequency, the received wave is not changed in shape 

4. The term adnuttance and the notation Y is used to denote 
the ratio of &e numerical value of two waves regardless of 
nature. This is a convenient generalization of the customary 
nsage, where this terminology is confined to the case where the 
numarator of the ratio is a current, and the denominator a 
voltage. 


Fr = 2 cos c«)/4 s, when 0 < co < 2 ir s 
Ft = 0, when 2 ir s < « 

For d-c. telegraphy (rectangular sent wave) this corre¬ 
sponds to a transmission characteristic given by the 
equation 


Y = ~jr~ (cos 0) r’ — t sin CO r') 


CO (0 

” 4 8*^®^ (cos CO t' — t sin CO t'), 

when 0 < CO < 2 IT s 

andF = 0, whenco>2irs 

This particular shape factor has the disadvantage 
teat the amphtude is a function of the signal combina¬ 
tion; in particular, a long continuation of reversals 
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finally approaches zero in amplitude. To overcome 
this, it is possible to add shape factors which are sym¬ 
metrical about the signaling frequency, such as are 
shown in Fig. 3, and discussed more fully in Appendix 
III. 

By way of further illustrating the method, the shape 
factor is worked out for a received wave having the 
property that the area under the wave for a time 
unit is proportional to the cxurent at the trans¬ 
mitting end. This case may be of interest in some 
methods of picture transmission where the integrated 
exposure over a small interval of time may be important. 
Other criteria for distortionless transmission suggest 
themselves. For example, the signal may be taken 
distortionless when the area under the wave for the 
center fifth of the time unit is proportional to the sent 
current. Such cases may be of interest in certain types 
of printer reception where the current flowing during 
the center fifth of each element might be the quantity 
which is of interest. As another example, it may be 
that the slope of the received current as well as the 



Fig. 3—Idbai. Shape Factohs 

In this figure, the criterion of distortionless transmission Is that the width 
or duration of each signal element at the mean-value point should be 

iiofdistorted .. 

a and c represent real shape factors which produce a non-distor^g 

wave, _ b and d shape factors which may be added without produc^ 

distortions the former representliig an imaginary and the latter a real value 

current value determines the operation of the receiving 

dl 

device, in which case some such function asal + h ^ ^ 

would probably be a suitable quantity in terms of which 
to define distortionless transmission. It is thought 
that the reader who is interested in any specific receiv¬ 
ing device wiU have no difficulty either in formulating 
a suitable criterion or in computing the correspondmg 
shape factor in accordance with the method illustrated. 
In the meantime,’ the current at the center of the signal 
element will he taken as the criterion. 

Analysis of Carribe "Wave 
The analysis for the carrier-current wave, anal- 
oeous to the d-c. wave discussed above, is carried 
out in Appendix IV. There it is shown that 
when no care is taken to relate the speed of signal¬ 
ing and the carrier frequency there is no longer 


a simple separation into a shape factor and a discrimi¬ 
nation factor, such as was observed in the case of d-c. 
telegraphy. The expression for the sinusoidal com¬ 
ponents is: 

A.-iBn = F'iw) {Cn'- iSn') + F" (C/ - iS/) 
If, however, the carrier frequency is taken as an even 
multiple of the speed of signaling, so that the carrier 
current is proportional to cos {2 Trqst— 6), where q is 
even, it is found that 

C^n -is\ = (Cn - i S'n) = _ j s„) 

so that 
An i Bn 

= F' (w) + F" (to)] (Cn- iSn) 

which may be written 

An — iBn = F («) {Cn “ » ^n) 
where C« and i Sn have the same values as in the direct- 
current case. 

F (w) is, of course, different in the present case and 
depends amoiig other things on the phase of the carrier 
wave at the beginning of the signal element. More 
specifically the value of the shape factor is given by the 
expressions: 

F (co) = F> + e.-(v«/2+«) f" (w) 

4 s sin (a)„- co)/4s 


4 s sin (co« -|- co)/4 s 
F" (w) =-;- 

It is shown in Appendix IV that when the carrier 
frequency is an odd multiple of the speed of signaling, 
{An - i Bn) takes on a slightly different form. How¬ 
ever, the following discussion applies equally well 
whether g is odd or even. 

F'(w) represents two bands symmetrical about me 
carrier frequency, each being identical except for sign 
with the band determined for the direct-current cases. 
F" (w) is a non-symmetrical band and interf^es with 
the symmetry between the upper and lower sidebands. 
It is shown in Appendix IV that this factor is due to the 
presence of components higher than the carrier fre¬ 
quency in the modulating wave. Hence, one method of 
suppressing this factor, and keeping the sideban^ 
symmetrical, is to remove these components from the 
modulating wave before modulation takes place. A 
second method of making the shape factor s 3 ^etrical 
is to use an equalizing device, which is so designed as to 
multiply each component by the ratio 
F'ici) 

F'{u}) + e“''F"(w) 

Finally it should be noted that if the band wWth is 
small in comparison with the carrier frequency, F {<a) 
is in comparison with F'(co) and, therefore, 

substantial symmetry is obtained without any special 

^ If the two sidebands are symmetrical, corresponding 
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frequencies equidistant from the carrier frequency 
combine to form a wave whose frequency is equal to the 
carrier frequency and whose envelope is a sine wave 
corresponding to a component in the direct-current 
case. The frequency of the envelope equals the 
difference in frequency between the carrier frequency 
and that of each of the components forming the pair. 
On account of the mutual redundance of the two side¬ 
bands, the total frequency range required in the sym¬ 
metrical carrier case (i. e., in the case where the carrier 
frequency is located in the middle of the transmitted 
range) for a given speed of signaling is just twice that 
required in the direct-current case. Except for this, the 
results as to band width required, and ideal shape 
• factors for the received wave, are the same as obtained 
above for the direct-current case and it is not necessary 
to repeat them. 

It is obvious that this ts^e of carrier telegraph 
is relatively inefficient in its utilization of the available 
frequency range, and it becomes of great interest to 
inquire how this condition may be improved. An 
obvious thought is to move the carrier frequency to¬ 
ward one edge of the available band and to increase 
the speed of signaling in proportion to the interval 
between the carrier frequency and the far edge of the 
transmitted range. If an experiment of this kind is 
undertaken the outcome will be disappointing, unlflias 
certain stringent requirements, (explained below), are 
met. Par from increasing the speed of signaling, it will 
usually be found that the relocation of the carrier 
frequency decreases it. This is more fully explained 
bleow and in Appendix V. 

Examining the symmetrical, carrier wave more 
closely we find that the redundancy residing in having 
two symmetrical sidebands gives rise to an important 
property of the received wave. Its frequency is 
constant, in the sense that the instants of zero value 
are spaced at constant intervals. This property will be 
found to restore the intelligence carrying capacity of a 
given frequency range to the same point as an equal 
range used in d-c. telegraphy. Let the received signal be 
g (f) sin CO t, where the factor sin co f expresses the fact 
that the frequency is constant. Consider a device 
which has two sets of input terminals and whose re¬ 
sponse is proportional to the product of the two waves 
impr^ed. Let the wave applied to one set be 
git) sin 0 ) t, and let the other applied wave be sin co t. 
Then the average response over a cyle is welLknown 
to be proportional to git), i. e., the envelope. If the 
second applied wave is cos a t, the average re^onse over 
a cycle k zero. There are various devices whose 
re^onse is proportional to the product of two inputs. 
For tie purposes of this paper it will be convenient 
to think of a dynamometer with one fixed and one 
movable coil. 

Phase Dismmination. Systems of telegraphy based 
on these piindples, which may be called phase dis¬ 
crimination systems, have been proposed. Two carrier 


currents are provided, one of which may be represented 
by sin co < and the other by cos co t. Each of these is 
then modulated in accordance with a separate signal, 
and the mixture of the signals is impressed on the line. 
At the receiving end the composite signal wave is 
impressed on each of two d 3 mamometers whose other 
windings are energized by currents of the values 
sin (a t and cos w t, respectively. Thus one d3miamom- 
eter responds to each signal and there is substantially 
no mutual interference. 

It is clear that in this system the total amount of 
intelligence transmitted for a given band width is 
twice as great as for the symmetrical carrier case which 
does not utilize phase discrimination and is, in fact, the 
same as for the direct-current case. 

Single Sideband Transmission. We are now in 
position to take up the single sideband case. In 
Appendix V, it is shown rilat when the carrier fre¬ 
quency is removed from the center of the transmitted 
band the received wave may be considered to be niade 
up of three component waves. The first of these is an 
in-phase wave and builds up in the same manner as does 
a d-c. wave in a low-pass system having a band width 
equal to the distance from the carrier frequency to the 
far edge of the transmitted band. This is obviously 
the wave which we are trying to obtain; and if it 
existed by itself, the problem would be solved and the 
experiment referred to above would be successful. 
The second wave is also in-phase but builds up at a 
slower rate, namely, that corresponding to the distance 
from the carrier frequency to the nearer edge of the 
transmitting band. Since these components are in 
phase they add algebreiically at any given time and it is 
obvious that the time of building up will tend to be 
determined by the slower component. Hence, the 
normal result of moving the carrier from the midd lft is a 
slowing up rather than the reverse. Besides, there is 
the third component wave. This is a quadrature 
component which is determined in magnitude and rate 
of building by the frequency band, by which the sep- 
eration of the carrier and the far sideband exceeds the 
separation between the carrier and the near edge, 
"Ms component, moreover, does not build up to the 
signal wave, but rather to something approximating the 
first derivative of the signal envelope. It is clear that' 
the second and third components must both be elimin¬ 
ated. In addition, there is an important condition as 
to phase correction. Ordinary filters are subject to 
considerable phase distortion in the vicinity of the 
edges of the transmitted band. It is of importance 
that this phase distortion be corrected by suitable 
means. The problem of single sideband transmission 
may now be separated into three parts. 

1. Phase correction. 

2. Elimination of the quadrature component, being 
the third component discussed. 

3. E limin ation of the sluggish in-phase component, 
being the second component discussed. 
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The first of these problems, the design of phase- 
correcting networks, does not come within the scope of 
the present pai)er. The second part of the problem, the 
elimination of the quadrature component, is solved by 
the methods of phase-discrimination telegraphy de¬ 
scribed above. The third part of the problem, the 
elimination of the sluggish in-phase component, is 
solved by moving the carrier so far toward the edge 
that it disappears. The exact requirements to be met 
are set forth in the appendix. 

Generalized Wave Form 
Two kinds of impressed wave forms have been 
discussed, the rectangular, used in d-c. telegraphy, 
and the sinusoidal, used in carrier telegraphy. 
It is of interest to generalize the treatment of 
impressed waves to cover any other wave form 
which may be considered, and to include these two as 
special cases. The restriction will be imposed that the 
succesave signal elements are alike, except for a 
constant factor which is given the values, tti, as, etc., 
for the various signal elements. There is no need to 
confine the elements to a single time unit. It may 
overlap into neighboring time units. To facilitate 
visualizing the wave. Fig. 4 is drawn, which indicates 
how an impressed wave may overlap both antecedent 


factor. The latter is identical with that obtained in 
the previous cases. The shape factor is determined 

from the known value of / (t) by the expression 

+ « 

F (w) = 4s J /(Oe-’“‘dt 



Fig. 4—Spkcimbn op General Wave Form 


and subsequent elements. Mathematically it may be 
expressed by saying that the contribution made by the 
feth signal element to the impressed wave is given by the 
expression 

, h = an fit) 

where / it) is an arbitrary function of the time t, whose 
origin is conventionally taken at the center of the signal 
element in question. It wiU be remembered that Ok is 
called the magnitvde factor and / it) the wave form. 
Incidentally, the assumption that the wave form is the 
same from element to element, excludes the carrier 
waves where the carrier frequency is not an even 
multiple of the speed of signaling. We may, therefore, 
expect to avoid some of the complications which ^ose 
in the analysis of those waves. The total wave at any 
given time is, of course, the algebraic sum of all the 
components existing at that time. 

I = Ii + h + h+> etc. 

The Fourier analysis is given in Appendix VI. 
It is there shown that the sinusoidal components are 
given by the expression 

A-iB =F-iC-iS) 

In other words, there is still the stople separation mto 
two factors, the shape factor and the discrimination 


Now it will be recalled that the shape factor of the 
received wave is given by the expression 
Fr = YF, 

and in our previous work, we have evaluated Y, the 
transmission characteristic of the circuit, so as to 
obtain a desired value of F, for a given F.. In other 
words, a desired received current is obtained with a 
given sent wave by means of circuit design. The 
present results suggest that the desired Fr can be 
partly obtained by modifying F. as well; in other words, 
the desired received current can be obtained in part by 
circuit design and in part by signal shaping at the 
transmitting end. 

While signal shaping and equalizing are equivalent 
it does not follow that they are equally practicable. 

It may be said that under usual conditions the use of 
networks is the simpler when only moderate accuracy is 
required; whereas, the use of signal shaping provides 
the greater accuracy but is complicated. 

There is an infinite number of sent waves which 
result in non-distorting received waves. Thus it is, 
for instance, permissible to use a sent signal element 
consisting of a succesaon of rectangular waves such as 
shown in Fig. 9; provided the intervals between changes 
are not made too great. The calculations for this case 
are given in Appendix VII. 

In the introductory part of the paper mention was 
made of the fact that the design of equalizers woul(i not 
be covered. It was also stated that a method of signal 
shaping would be discussed, which would make up for 
the resulting incompleteness of the theory. The 
discussion of the present section, together with Appen¬ 
dix VII, in the matter there referred to. 

Dual Aspect op Signaling W.4.ve 

It will be apparent from what has preceded that there 
are two distinct methods of specifying the wave. 
One method is based on the time t as the independ¬ 
ent variable. This aspect, which may be referred 
to as progressive, contemplates the signaling wave 
as a succession of signal elements following one 
another a:t constant intervals of time from toe 
first to the Nth. The other aspect which may be 
called toe cyclical aspect, is based on w as toe inde¬ 
pendent variable. This , contemplates the signaling 
wave as the sum of direct current and a succession of 
sinusoidal components beginning with the 
mental and including harmonics at least up to e 
N/2th. In the cyclical aspect, it is necessary to know 
only the magnitude and phase of the successive com¬ 
ponents. It does not matter in ^cifjnng e 
what tone it took to transmit toe signal. It may be ol 
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some economic interest to know how rapidly the signal 
is transmitted, but from a technical standpoint, t is 
very much in the backgroimd. Analogously, with the 
progressive aspect of the wave the frequency is very 
much in the background. It is not required to specify 
the wave, but is of economic interest, in the sense that 
it is of interest to know the frequency range required 
for transmission. 

An enumeration will now he made of analogous 
processes and quantities under the two aspects. The 
signal element is the imit out of which the signal is made 
up when considered as a progressive wave; when 
considered as a cyclical wave the corresponding ele¬ 
mentary unit is the sinusoidal component. The signal 
element has been denoted by and the whole wave by 
J = S 7 a: The sinusoidal component is specified by A„ 
and Bn and the whole wave by 7 = S (A„ cos npt 
-f Bn sin npt). The intelligence transmitted is specified 
in the cyclical aspect by the discrimination factor, 
C„ - i Sn, in the progressive aspect this office is taken 
by the magnitvde factor an. 

The wave form f {t) specifies the shape, or form, of the 
signal element and includes the degree of deformation. 
The analog in the cyclical case is the shape factor 
F (oj). The alteration in the wave, which is caused 
by the circuit or any circuit part, is specified in the. 
cyclical aspect by the phase and magnitude changes; 
and to be definite, it may be taken as the transfer 
admittance, Y (co), which is a fimction of co, and which 
may be defined as the wave (specified as to magnitude 
and phase) resulting at the driven point due to im¬ 
pressing a unit sinusoidal wave at the driving point. 
The analog in the progressive case is the indicial 
admittance, A (f), which may be defined to be the wave 
as a function of t, resulting at the driven point from 
suddenly impressing a unit wave (constant) at the 
driving point. 

In ord«- to change from one method of consideration 
to the other, it is desirable to have available equations 
for changing from the set of quantities suitable for one 
method to the set suitable for the other. These equa¬ 
tions fall into three groups. The first relates the wave 
foi-m and the shape factor, the quantities which define 
the type of wave used. The second relates the discrimi¬ 
nation factor and the magnitude factor, the quantities 
which define the particular signal. The third relates 
the transfer admittance and the indicial admittance, 
the quantities which define the effect of the circuit on 
the signaling wave. 

The equations are: 

+ ® 

F {w) =4s C f (t) d t 


+ 00 


Gn i Sn = - 


(2ir^i/N) (ft-1/2) 


ft =-l 


N/2-1 

dh — 

^ (Cn - i Sn) -1/2)/N 

n~N/2 
+ m 

Y (co) = — ^ % (t) A (t) dt 
— 00 

A(0 

^ ’’’ J * “ 

— 00 

Negative values of the argument co do not require 
the conception of negative frequencies. The frequency 
may be thought of as signless and as represented by 
positive and negative values of co or both. 

With either set of quantities, given, or found by the 
equations, it is possible to make corresponding compu¬ 
tations in the two systems. For instance, when the 
shape factor of the sent wave and the transfer admit¬ 
tance are known, the shape factor of the received wave 
can be computed from the expression 

i^r(co) -F,(co) y (co) 

Analogously, if the sent wave form and the indicial 
admittance are known, the received-wave form can be 
computed from the expression 

+ 00 

~ "d t ‘^^ X) (i X 

— 00 

or others which are equivalent. Furtha*, if the trans¬ 
mission characteristics of two circuits connected in 
tandem are known, their combined characteristic can 
be computed from 

Y(<o) =RYiico)YU(o) 

in the one system, and from 
+ 00 

A(t) =72 J Ai (X) As (<- X) d X 
— 00 

or an equivalent. 72 is a constant in these formulas. 
It is not the purpose of the present paper to go into 
circuit relations to any greater extent than is necessary 
to bring out, clearly, the parallelism and respective 
self-sufficiency of the two systems. For a fuller exposi¬ 
tion of the relations between the various functions of co, 
the reader is referred to K. S. Johnson's book, “Trans^ 
mission Circuits for Telephonic Communication” and 
for a fullffl* treatment of the functions of i to J. R. 
Carson’s book, “Electric Circuit Theory and the Opera- 
tional Calculus.^^ 
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The formulas shown in the last paragraph indicate 
that the fundamental parallelism between the two kinds 
of functions extends to calculations of the received 
wave. There is a difference, which is not of great 
significance from the standpoint of pure theory, but 
which is important from the standpoint of practical 
computation. It is seen that in the case of functions of 
CO the operations consist of the multiplication of two 
characteristics. In fact, by expressing the character¬ 
istic in terms of a logarithmic function of Y in the 
usual manner, it is possible to reduce these operations to 
additions. In the case of the functions of t the compu¬ 
tations are much more complex involving differentia¬ 
tion, the multiplication of two functions, and the 
the evaluation of an integral. The processes of differen¬ 
tiation and integration, are, in general, essentially 
graphical operations which cannot be carried out with 
the same precision as processes which are essentially 
arithmetical. It is, therefore, as a practical matter, 
greatly advantageous to arrange the calculations so 
they can be carried out with functions of < 0 . 

The important fact is that for telegraph purposes the 
two methods are substantially equivalent in result, 
though different in processes and labor involved. The 
fundamental reason for this difference is that, on the 
theory as developed in the paper, it is not necessary to 
compute the received wave as a function of i.® 

The method of analysis used in this paper is that 
of the Fourier series. It should be mentioned at this 
point that there is an alternative method, known as that 
of the Fourier integral. The Fourier integral can be 
made to yield essentially the same mathematical 
formulas as have been obtained in this paper. Also, 
if care is taken, it is possible to obtain essentially the 
interpretations here given. Appendix IX sets forth 
the relation between the series and the integral, 
and points out the problems where special care is 
needed in appljdng the integral. 

Interference 

So far it has been assumed that the circuit is 
free from external interference. In any actual 
case there is always some interference present, 
and it is necessary to take it into account. The effect 
of the interfering wave is to superpose itself on the 
singaling wave and give the resultant received wave a 
different value, which otherwise it would not have. If 
the interference is great enough, the received wave will 
be interpreted as different from that intended. If the 
interference is non-predictable, (as likely to be positive, 
as negative), its arithmetical value must be less than 
one-half the difference between any two current values 
employed in signaling. In fact, the number of distinct 
magnitude factors, hence, the amount of intelligence 
that can be transmitted over a circuit, are definitely 

5. Suhtnarine Cable Telegraphy, J. W. Milnor, A. I. E. E. 
THANSACTroNS, Vol. 41, p. 20; in particular the suggestion made 
in the elosiug paragraph on p. 38. 


limited by the interference. It is, therefore, important 
to consider the nature of the interference and to 
determine to what extent, if at all, it may be overcome. 

Interference may be of many kinds and sources, 
including such telegraph currents as cross-fire and 
duplex unbalance. We shall go a step further and 
consider as interference such portions of the telegraph 
wave as result from departure from the ideal of the 
telegraph current. Thus the difference between the 
actual wave and the desired ideal wave is interference. 
It is realized that this convention is not in agreement 
with common usage but, for the purposes of this paper, 
it is justified by the simplification which results. 
In order to distinguish this interference from other 
forms it may be called the characteristic interference. 
The term intersymbol interference has also been used for 
this effect. It is closely related to characteristic 
distortion.® 

Interference may usually be reduced by suitable 
means: Duplex unbalance currents may be reduced by 
improving the balance; characteristic interference may 
be reduced by improving the transmission characteris¬ 
tic; and interference from other circuits reduced by 
decreasing the coupling. But when everything prac¬ 
ticable has been done to reduce the interference, there 
is, in general, a residual left which produces distortion 
in the signals. The total amount of interference sets a 
limit to the number of distinct magnitude factors 
which may be employed and, therefore, to the rate with 
which intelligence may be transmitted over the circuit. 
The interference which can be tolerated depends on the 
amount of energy in the signaling current. This is 
again limited by the power-carrying capacity of the 
line, either because certain apparatus overloads or 
because interference into other circuits becomes too 
great. 

It is of considerable interest to determine the spectral 
distribution of power in the signal which is most 
suitable for overriding a given interference. The 
assumption will be made that the m axim um power is 
definitely limited. It is shown in Appendix VIII that 
when the shape factor is a constant from zero to the 
frequency s and zero for other frequencies, the mean 
total power is proportional to 



h =1 


and it follows that for this case all signals which are 
made up of the extreme values of the magnitude factors, 
(it is assumed that the positive and negative values are 
numerically equal), load up the system to the same 
extent. If some other shape factor were used it would, 
in general, result in the maximum power only for the 
most favored signal combination; for others, the powCT 
would be less. It is concluded that for the purpose of 

6. Measurement of Telegraph Distortion^ Nyquist, Shanck 
and Cory, A. I. E. E. Jl., Vol. 46, p. 231,1927. 
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overriding interference, when the power caiT 3 ring 
capacity of the line is the limiting factor, the shape 
factor just considered is the most suitable at the point 
where the interference is introduced. 

In discussing the interference above, it has been 
assumed that the circuit is linear. If some of the circuit 
dements are non-linear, the result may be looked on as 
interfering currents generated in the elements. This 
interference is predictable and it is theoretically pos¬ 
sible to eliminate or reduce it by introducing elements 
which produce a compensating distortion. 

The assumptions have been made that the signal 
elonents are all of equal duration and that the system 
is designed especially to handle signal elements of 
that specific duration. In other words, the system is 
designed for a given speed of signaling in preference to 
other speeds, both slower and faster. It is of obvious 
interest to inquire what the effect is when the speed is 
somewhat different from that for which the system has 
been designed, the signal elements being of equd 
length. 

Suppose a system is designed to be distortionless at a 
speed of agnaling s, and suppose that it is used to 
transmit sign^ of the speed 7 s, where 7 is a factor 
which does not differ greatly from unity. Let the 
system be such that the admittance is given by 
Y (_<a) (cos 03 T — « sin CO r) 

An adsnittance which would give distortionless trans¬ 
mission at the speed of 7 s is then given by the 
expression 

Y (co/ 7 ) (cos CO T — 4 sin CO t) 

The difference between the actual admittance given by 
the first expression and the ideal admittance given by 
the second expression represents an admittance giving 
rise to interfering currents. Neglecting the constant 
delay, this admittance is given by the expression 

r (co) - y (co/7) 

and the current corresponding to this admittance is the 
portion of the characteristic interference which arises 
from the alteration in speed. 

Formulas for the interfering wave may be deduced 
from this expression, but it will be sufficient for our 
purposes to note the ratio of the interfering wave to the 
signaling wave at a specific frequency. This ratio is 
given by the expression 

y (co) - y (co/7) 

y(«) 

or approximately 

(co — C0/7) _ d Y 
Y (co) d CO 

It will be seen that for a small discrepancy between 
the ideal speed and the actual speed the amount of 
distortion is largely determined by the slope of the 
transfer admittance curve. The more abruptly the 
transfer admittance changes, the greater will be the 


interference accompanying a small change in signaling 
speed. 

It has been assumed that the change of speed is 
uniform, i. e., that all signal elements are lengthened or 
shortened in the same proportion. It is of considerable 
practical interest to inquire what happens when there is 
no such regularity in the change of speed, in other 
words, when some signal elements are shortened and 
some are lengthened and when the va^ous elements are 
not changed in the same proportion. Consider first a 
signal consisting of a single element of finite current 
value, the current values of the remaining signal 
elements being zero. It is clear that it makes no 
difference where the ends of the signal elements are 
taken when the current value is zero, and consequently 
this particular signal may be considered to come under 
the case already discussed. In other words, the inter¬ 
ference due to any one element is as discussed above. 
Further, the total interfering current at any instant is 
the sum of the interference caused by all the elements. 
It follows that to a first approximation, the interference 
is the s^e as that deduced above for the regular 
lengthening or shortening. 

It has been indicated that if interference from foreign 
sources is kept low, the transfer admittance made to 
comply with certain requirements and the speed of 
si^aling kept constant, it is possible to transmit signals 
with very little distortion, utilizing a frequency range 
which is only slightly greater than the speed of signaling. 
One advantage of keeping the distortion small is that a 
large number of current values may be employed, thus 
increasing the intelligence-carrying capacity of the line. 
As explained above, the total interfering current should 
be less than one-half the difference between adjacent 
current values. In actual practise it will probably be 
found desirable to keep considerably within these 
limits, so as to have a definite margin. On the other 
hand, there would be no object in reducing the inter¬ 
ference beyond the point where the signal is decipher¬ 
able with certainty and ease. 

Appendix I. 

^ Analysis of D-C. Wave. It is required to find the 
sinusoidal components of a telegraph wave of T sec. 
duration composed of N rectangular signal elements and 
repeated an indefinitely great number of times. Let 
the value of the wave at any instant be denoted by 
E (t), where 

E (t) = aiforO <t < T/N, (time unit 1), 

E. (<) = as for T/N <t <2 T/N, (time unit 2 ), 

E (t) = oa for (A- 1 ) T/N <t<hT/N, (timeunitfe). 
Represented as a Fourier series the wave is 

00 

^ (0 = ^Pi)> ( 1 ) 

7l-sl 

where p/2 v = 1 /T is the frequency of the fundamental 
wave. The problem is to find expressions for the A's 
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and B% so they can be computed from the known The integral in the second term is equal to zero. Re¬ 
arranging and substituting n for k, this expression 


values of then's. 

Multiply both sides of the equation by cos kpt dt and becomes: 
integrate from zero to T. In this expression k is & t/^n 
positive integer. 

T T 


I 


E (t) cos kpt dt 


-^S 


cos kpt dt 


+ 


+ 


«-l Y 

CO 'I 

n=l V 


I cos npt dt tt;, cos ra ^ A — ~ 

-T/2N 

The value of the integral is: 

2 sin npT/2 N 


(3) 


cos kpt cos npt dt 


cos kpt sin npt dt, 


np 


Remembering that T p = 2 tt, N/2 T = s , the speed of 
sign al i n g, and np = 2 xii/T' = co, the result becomes 


( 2 ) 


From a well-known trigonometric formula 


cos kpt cos npt = 


cos (k + n) pt + cos {k — n) pt 


~-r~ 

or 


2 sin co/4 s 


CO 


A -1 


COS 


! TT / , 1 \ 


The integration is carried out over an integral number A, - n. cos —^^ ~ "5" / * 

of cycles and the result is, therefore, equal to zero with a_i 

the single exception where n = k when the integrand , . n uv i. j r n i * }.^i 

has the average value 1/2 and the integral is r/ 2 . This hw now been estabhshed for all valu« of » eac^t 

Likewise procedure be gone through with 

’ ^ . equation (1) without multiplying, by cos kpt it will be 

, , . , sin ik,+ n) pt — sin (k — n) p t found that this formula does in fact hold for Ao as well, 

cos t p 1 sin n n t - 2 Farther, if equation (1) he multiplied by sin hpi and 

The integrals of these obviously are also sero. The «>' opeiations are perfonned it will he found that 


right member of equation (2) reduces, therefore, to the 
single term 

Ak r/2. 

The left member of equation (2) may be written 

T/N ST/N 

COS kpt dt + r cos kpt dt + etc. 


„ 8 sin co/4 .s 1 

N 


2vn 
o>h sin —— 


ft-i 




ai 


or 


J cos kpt cii + aa j|* 

N W' 

2 -/ 


T/N 
AT/N 

COS kpt dt . 
(A-1)T/N 


Put F (w) - 


8 sin co /4 s 
co/s 


2'rrn 

-jj~ ^ ~~w~ 

A-l 




A -1 


Changing the origin of t to the center of the time unit to ^ _ 1 ^ ^ ( h — w") > 

which each integral refers, i. e,, putting " N N \ / 

t = (h- 1/2) T/N + t' 
and dropping the prime, we have 

T/2N 

— y i \ /n T 

dt 


(5) 

( 6 ) 

(7) 

( 8 ) 


The expressions (4) and (5) may now be wntten 

An — i Bn F (c^) (Cn * Sn) (9) 

The function F is determined by the wave fonn and 
(Cn — i Sn) by the intelligence bang transmitted. 
The former will be called the shape factor, the latt^ 
the discrimination factor. 

It is a matter of convention whether a plus or mini^ 
«ai gri is chosen in equation (9). The choice made is 
consistent with the more usual convention. 

Appendix II-A 

/ 1 \ r C ‘ 1 * jt~\ Specific Criterion of Distortioriless Transmission. It 

-sinklh-Y) -jyT P sin kpt dtj. ^ interest to investigate how intelligence may be 

-T/ 2 N accurately transmitted by signals employing rectangu- 


2»* r cos[^fe(A- 

^/ 2 N 

T/2N 
N 

= 2 ^ J' 


cos kpt dt 


-T/2N 

+T/2N 
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lar wave shape at the sending end with a minimum 
. frequency band width. In Fig. 1 it is indicated that 
this is usually possible when a band width equal to s is 
transmitted. A case of practical importance is where 
frequencies are transmitted from zero up to the speed 
of signaling. When such a limited frequency range is 
employed the received wave is, of course, different from 
the sent wave. In order that the received wave 
convey intelligence, it is sufficient that something 
pertaining to the wave in each of its time units be pro¬ 
portional or equal to the magnitude factor of each 
signal element at the sending end. First, let it be 
assumed that the received wave at the middle of each 
time unit, measured by an ideal receiving device, be 
representative of the signal element sent during that 
time unit. No notice will be taken of the wave at any 
other point in the time unit, and consequently deforma¬ 
tions of the wave at other points will not matter. It 
will be computed below what shape factor the received 
wave must have in order for its value at the middle of 
each time unit to equal the corresponding amplitude of 
the sent wave. 

Let the current at the receiving end at the middle of 
the time unit, h, be equal to o*. Now t = (h- 1/2)T/N 
at the middle of the time unit, and the Fourier series 
becomes: 


N/2 

- 1 — 1 yd 

2 Trn 

(h 1 \ 


r 1 wo 

n—1 

N 



+ Bn sm 

(»-. 

+)i 

( 1 ) 


There are N such equations, since h may successively 
take the values 1 , 2 . . . N. There are also N un¬ 
known values of A’s and B’s. (Note, Bo = 0 and 
An /2 = 0 .) These unknowns may be determined by 
the usual methods of solving simultaneous equations, 
or more simply in the following manner: Multiply all 

equations from fe = 1 to = N by cos h - 

and add them: 

(a) 


N 



N 




(b) 


A, 1^ cos (n- 1 -^ ft _-1. j 


(c) 

+ cos(ft-«)^^A- |-)J 

(d) 

-h B„ sin (« + k) ^ A - ^ ^ 

(e) 

— sin (k — n) • ^ ^ ~ ^ ) J | ’ 

In equation ( 2 ), use has been made of the trigono¬ 
metric formulas: 

cosocos 6 = ^l(a + 6 ) +cos(o- 6 ) 

cos«sin 6 = sin (a-&) 

In order to simplify equation ( 2 ) we will employ the 
identities: 

2cosx(.-^). ,3) 

To prove these identities, multiply the left member of 
(4) by i and add to the left member of (3): 

N N 

2 COS ^ fe- * + 4 sin ^a; = ^ 





{Ng iN* t’N* 

^ ^ ga (g- 2 _ fj- , g— gjn 

1 _ g -«/2 _ gix /2 sin x/2 

^ cos Nx/ 2 sin Nx/2 , . mn^Nx/2 
smz/2 sina :/2 * 

Equating real and imaginary parts gives equations 
(3) and (4), respectively. 

By applying formula (3) to terms (a), (b), and (c), 
of equation ( 2 ), and applying formula ( 4 ) to terms 
(d) and (e). 



cos kv sin kv 
sin kw/N 
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N/2 

j_ 1_ r /t / cos {n + k) T sin {n + k) t 
2 sin {n + k) ir/N 

, cos (k — n) T sin (k — n) tt \ 
sin (k — n)r/N / 

, R / sini» (« + A:) TT sin* {k- n)T XT 
“ \ sin (to + k) TT/iV sin {k — n) r/N } J" ' 

As k approaches any integral value of n, for instance 
m, from 0 to Ar /2 — 1 inclusive, all the numerators of 
the terms in the right-hand member of equation ( 6 ) 
approach zero. Consequently, these terms approach 
zero except one term 

Am cos (k — m) T sin (k — m) t 
2 sin {k — m) tt/N 

whose denominator also approaches zero. This term 
becomes N A ,„/2. Setting k = m, solve equation ( 8 ) 
for Am: 

N 

” ~W 2 ^-^ ^ = 2 Cm. ( 7 ) 

h-l 

Changing subscripts: 

A„ = 2C„. ( 8 ) 

Now if, instead, we multiply equation ( 1 ) by 

sin (^h -^ y a similar process gives: 

Bn-=2S„, (,n<N/2). (9) 

But when n = N/2 this process gives: 

•Bn/ 2 = (SiN/2. (^®) 

From equations ( 8 ) to ( 10 ) it is seen that the shape 
factor which will be denoted by Fo (w)> is equal to 2 
from zero frequency up to the speed of signaling where 
it suddenly drops to half that value. Above this 
frequency Fo (w) is equal to zero, as shown in curve a, 
Fig. 2. 

It will next be shown that there is an infinite num¬ 
ber of shape factors which may be added to curve a 
which produce no change in the .current at the middle 
of the time units. For example, curve b shows a speci¬ 
men of such a shape factor, which may be any single 
valued curve so long as it is symmetrical about the 
speed of signaling except for a change in sign. When 
this shape factor is added to that of curve a, a curve 
such as c may result for the total shape factor which is 
also ideal. Denote the shape factor of curve b by 
Fa (to). The wave, due to such a shape factor, is: 

N/2+OT 

n—N /2-w 


= 2 («) (Cn/ 2 -«cos (2Trs- np)t 

n -0 

+ <S'N/«-n sin (2 TT s — n p) t) 

m 

+ ^^1 F£, {(j)) (Cn/ 2 +» cos (2t s np) t 

n«-l 

+ Suii+n sin (2 TT s -j- w p) t) (11) 

where m is any positive integer less than N/2. It 
follows from equations (7) and ( 8 ) of Appendix I that: 

— C^N/ 2 -« = C^n+n ( 12 ) 

<S'n/ 2 -)i = Bn/ 2 +» • (13) 

Substitute these relations in equation (11) making use 
of the trigonometric formulas: 

cos (a—b)+ cos (a + b) =2 cos a cos 6 (14) 

— sin (o — 6 ) -f sin (a -h &) =2 cos o sin 6 (15) 

and put Fa (2 ITs) = 0 and Fa (2 ws + np) = 
— Fa (2 IT s — np) so that the formula for the wave 
becomes: 

w 

2 2 Fa (2 TT s -f « p) (cos 2irst) {C^it+n cos npt 

+ Sn/ 2 +» sin npt) . (16) 

Since this expression. contains the factor cos 2 x s t, 
which is zero at the middle of the time unit, the wave 
does not have any effect on the receiving device when 
the latter records current values at the middle of the 
time units only. The curve b is any real shape factor, 
symmetrical about the dot frequency except for a 
change in sign. Therefore, every such real shape 
factor when added to curve a gives a resultant shape 
factor which is ideal. 

It is next desired to show that the addition of an 
imaginary shape factor which is any single valued 
function whatever, provided it is symmetrical about the 
dot frequency in both magmtude and sign, does not 
contribute to the value of the wave at the middle of 
the time units. Consider the curve d of Fig. 2, which 
represents the magnitude of any symmetrical imaginary 
shape factor, i Fa (w). 

A„— iBn — iFa {<>>) (Cn— iSn) = Fa («) (Bn + * Gn) • 

(17) 

Equating real and imaginary parts of equation (17) 
the values of A« and B« are determined, so that the 
wave may be expressed as follow: 

N/2-l-m 

2 (co) (S„ cos npt -h Cn sin npt) 

n=N /2-~m 
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= 2 (5 n/2 -» cos (2 it s — n p) t 

n-O 

+ C'N/ 2 -n sin (2 IT s — ■» p) f) 

w, 

+ 2 (Sn/i+n pos (2 TT s + n p) ^ 

n-l 

+ C'n/2+« sin (2 t s + w p) ^) . (18) 

Using formulas ( 12 ) to (15) and putting 
(2 TT s + n p) = Fa (2 TT s — w p) the wave becomes: 

m 

2 2 (2 TT s + n p) (cos 2 TT s i) (5 n/2 +„ cos npt 

n—0 

+ Cn/ 2 +« sin npt), (19) 

which is zero at the middle of the time units on account 
of the factor cos 2 tt s Since this is true for any 
symmetrical function, F^, (a), there is an infinite 
number of imaginary shape factors which do not affect 
the values of the wave at the middle of the time units. 


sidered because it has been assumed that the important 
telegraph problem is to transmit maximum intelligence 
in minimum frequency range. However, these con¬ 
siderations will aid in understanding the subject matter 
of the present appendix. 

Fig. 5 shows a very simple circuit which has been 
designed for the purpose of illustrating a non-distorting 
wave. This circuit, containing only two reactance 
elements, has a very simple form of transient, namely, 
a uniformly damped sine wave. Now an important 



Appendix II-B 

Network for Distortionless Transmission. The pur¬ 
pose of this appendix is to illustrate, concretely, the 
matter which has been discussed in Appendix II-A, 
and the portions of the main text associated therewith! 
This appendix does not form any part of the chain of 
reasoning in the sense that anything which is here dis¬ 
cussed or deduced will be required subsequently. It can, 
therefore, be eliminated by those who are primarily in¬ 
terested in the deductions of the main theory. 

It has been shown in Appendix II-A that a certain 



Fig. 5 Instance op- Non-Distorting Wave 

id^ shape factor can be modified by the addition of 
certon other shape factors which possess a specific 
nd of symmetry about a frequency equal to the 
spwd of signalmg. It is obvious, on consideration, 
^t similar shape factors possessing symmetry about 
the frequencies 2 s, 3 s, etc., can also be added in a 

affecting the principal char- 
considerations 

are not of great practical importance in the cases con¬ 


J)iG. tl—IRANSPBR Admittance, m -f- i», Cobbesponding to 
THE Non-Distorting Wave Shown in Pig. S 

prope^ of the sine wave is that its zeros are located at 
equal intervals, which is precisely the property required 
of a non-distorting wave under the criterion discussed 
in Appendix II-A. The interval between successive 
zeros in the illustration chosen is 0.00624 sec.; and 
this is also made the duration of the time unit of the 
sent signal, as illustrated in the figure. It will be 
remembered that on the criterion under discussion a 
specific point of the signal element is picked out and 
taken to represent the element. In the case illustrated, 
this point should be taken at an interval 0.00524 see! 
previous to the first zero. It is obvious that if this is 
done the interference due to all previous signal ele¬ 
ments is zero because the interference due to each one of 
them is zero. It follows that any receiving device 
w^ch IS made to function by the current at that point 
will be distortionless as far as interference from ad¬ 
jacent signal elements is concerned. 

Fig. 6 shows the transfer admittance of the same 
ne^ork. The speed of signaling corresponds to the 
point for which the abscissa is 600. It will be observed 
that these curves do not possess the simple symmetrical 
charactenstics discussed in Appendix II-A, but this is 
because Appendix II-A was confined to a narrow 
frequency range not much exceeding the signaling 
r^e. If consideration be given to this fact, together 
With facts discussed in the second paragraph of the 
pr^t appendix, it will be found that this simple 
network illustrates the theory. 

Both the transfer admittance and the value of the 
current cu^e ^e ^ly computed in'the present case. 
The transfer admittance is given by the expression: 
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Ri + R‘> + i 0) (Z/ + Ri JJa G) — LC R^ ‘ 

The current, from the time < = 0 up to the time 
t = 0.00524 sec., is given by an expression which takes 
the following form for the numerical values given: 

A it) = ^ [l - e-^ (cos 600« + j sin 600 1) ]. 


1 r 2Trnh , 2 7rw(fe—1)1 

= ir ^ —N—^ J* 

A-»l 

( 2 ) 

By means of the trigonometric formula 

cos o + cos & = 2 cos -I- (a + b) cos (a - 6) 


After the time t = 0.00524 sec., the current is given by 
the expression: 

A (t) -Ait- 0.00524) 

- c- 2 “' / \ / 1 \ 

= — 2000 + e-""’) (cos 600 « + j sin 600 t). 


Appendix III 

AUernative Criteria of Distortionless Transmission. 
An alternative criterion of distortionless transmission 
is that the interval, between the instants when the 
received wave passes through the mean value, shall be 
the same as the corresponding interval at the trans¬ 
mitting end. A receiving device which responds to the 
values of the wave at the ends of the time units, instead 
of at the middle, will give distortionless transmission 
provided the wave at the end of the element, h, is 
proportional to (o* -!-«*+ i)/2. This is the criterion in 
ordinary land-line telegraphy. Strictly speaking, we 
should also require that the wave does not pass through 
this value at points located within the time unit. 
It is thought that the complication involved by intro¬ 
ducing this condition is not warranted. We will 
first determine the coefficients of the Foiuier expansion 
of this received wave for the case where the frequency 
range is limited to the intCTval between zero and s. 
We have: 

N/2 

- 4^+2 (-t-cos 

n*“l 


. „ . 2ir7ife \ 

-I- Bn sin — 

ih = 1,2,. . .N), 

since t = h T/N at the end of the Ath time unit. 

As in Appendix II-A, we have N simultaneous 
equations and N unknowns, the A’s and the B’s. The 
solution is of the same nature as before, except that 

the equations are multiplied by cos instead of 


cos ■ 


2ir k 

N 


(fe- 


before being summed. For 


values of n < jV/2 we find by similar reasoning: 


A. = 


~w 


cth + Oi+i „„„ Zrnh 

- 2 - N 


K-i 


we find that equation (2) may be written: 


N 

. 2 / nT \ 2 T» 

A» =-Tripos cos ^ 


= 2C0S Cn 

(3) 

An analogous line of reasoning gives: 


Bn = 2 COS Sn. 

(4) 

The shape factor is 2 cos w/4 s (Fig. 3, 

curve a), for 


frequencies up to s, and remains zero for Wgher fre¬ 
quencies. A transfer admittance which will produce a 
wave of this form when the sent wave is rectangular is: 


Y = cot -r—, when co < 2 ir s (Sa) 

4 8 4s 

y = 0, when « > 2 tt s. (Sb) 

This is obtained from the ratio of the shape factor at 
the receiving end, divided by the shape factor at the 
sending end. 

Such a system would be incapable of transmitting 
ordinary reversals, since zero current is transmitted for 
frequencies equal to or greater than the dot speed. 
This defect may be remedied by the addition of shape 
factors which are ssrameWeal about the signaling 
frequency, and do not contribute anything to the wave 
at the ends of the time units. By reasoning, ^alogous 
to that given at the close of Appendix II-A, it follows 
that the wave due to any real shape factor, symmetrical 
about the speed of signaling in magnitude and sign, 
(Fig. 3, curve d), contains the factor sin 2 ir s <, and, 
therefore becomes zero at the ends of the time units. 
In a gimilar manner it can be shown that the wave due 
to any imaginary shape factor, S 3 nnmetric^ about the 
dot frequency in magnitude but not in sign, (Fig. 3, 
curve 6), also becomes zero at the ends of the time units. 
The addition of curve d to curve a gives curve c, which 
is also an ideal shape factor. 

A third criterion for distortionless transmission is 
that the area under the received wave shall have the 
same value as that under the sent wave during each 
time unit. Thus during the time unit h, the area under 
the received wave must be: 

N/2 

-f 2 (An cos npt 
»=■! 


auT/N 


AT/N 

2 

I^(fc-l)T/N 


AT/N 

■/[ 
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+ Bn sin npt) J dt . (6) 

This equation may be multiplied by iV/T, integrated, 
and by means of the trigonometric formulas 

sin a - sin & = 2 cos (a + li) sin (a - 6 ) 

- cos o + cos 6 =2 sin (a + h) sin (a - 6 ) 

it may be reduced to the following form: 

N/2 

‘“-- 2 - + 2r('?¥™Trj 

[^"COS— 

+ S„sinl^(A.--i-^] ( 7 ) 

This equation is the same as equation ( 1 ) of Appendix 
II-A, except for the factor: 


/ N . 

1 -sin 

irn > 

1 (As . 

(0 \ 

\ Trn 

N > 

1 — 1-Sin 

As ) 


for 0 ^ CO < 2 TT s. 


Consequently the shape factor for this wave is equal to 
the shape factor of curve a, Fig. 2 , divided by 
4 s/co sin co/4 s which reduces to: 

forO <co <27rs. (8) 

Fa {(a) = 7r/2, for co = 2 tt s, ( 9 ) 

Fa (w) =0, for 2 TT s < ( 0 , (10) 

which, if the sent wave is rectangular, corresponds to a 
transfer admittance: 

) forO <0X2x8, (11) 


7(0,) = ( 

r(a,) = -^ 


0,/4 8 
sin o,/4 8 


for 0 , = 2x8, 


7(o,)— 0 , for2xs<o,. ( 13 ) 

In order to det^mine shape factors which may be 
^ded to Fo (oj) without changing the received signal, 
the foHowmg method may be employed. Let 7 a (o,) 
repre^nt the shape factor to be added. The wave due 
comprises frequency components 
which he above and below the dot speed. Let 5 equal 
^y convement frequency increment not greater s. 

Then consider any pair of components at the fre¬ 
quencies (s + 5) and (s - 5 ), respectively, and find what 
values of 7 a (w) at these frequencies will produce 
mnponents which do not change the received signal. 
The portion of the wave due to these components is; 

I - 7a (2 X (s — 5)) (CN/a-n cos 2 x (s — 5) j 
+ jS^n/s-b sin 2 X (8 — 5) t) 

+ 7a (2 X (s + 5) ) (( 7 if/ 2 +» cos 2 X (8 -t- 5) f 

+ -SN/s+n sin 2 X (s -I- 5) 0 ( 14 ) 


In order that this portion of the wave add nothing to 
the received signal, f I dt must be zero between 
h/2 s and (h — l )/2 s, which is the time of the unit h. 
Performing the integration and simplifinng the re.sult 
gives an expression which reduces to zero when 
7a (2 X (8- 5) )/(8- 5) = - 7a (2 X (s -t- 6) )/(s + d) 

(15) 

. Thus 7a («) may have any real value, provided the 
conditions of S 3 nnmetry are fulfilled as expressed in 
equation (15). This is true for any value of 5 < s, 
and, therefore, is true for all values of 5 < s. A similar 
line of reasoning for imaginary shape factors, i 7 a (c«,), 
which do not change the signal, gives: 

i 7a (2 X (s - 5))/(s - 5) = i 7 a (2 x (s H- 3))/(s -|- 5). 

(16) 

Insufficiency of Ranges SmaUer (han the Signaling 
Speed. It has been shown that a frequency range 
numerically equal to the speed of signaling is necessary 
for the case where there is no limitation on the number 
of distinct magnitude factors. It might be questioned 
whether the proposition is true when this number is 
small. Consider the case where there are just two, 
distinct magnitude factors, 1 and — 1, and where the 
ciOTent at the middle of the time units is taken as the 
criterion of transmission. Since there are only two 
magnitude factors involved it is to be considered neces¬ 
sary and suflSicient that the wave at the mid-point of 
each time unit should have the proper sign, regardless 
of magnitude. We will now show that this cannot be 
insured when the transmitted range is less than the 
speed of signaling. 

Suppose first that the transmitted range extends from 
zero to a point lower than the speed of signaling, so that 
the missing portion is at the upper end of the range 
0—8. Let N/2 be an odd number and let the first 

N/2 signal elements beH- 1 --..|.. 

Let the next N/2 signal elements be a repetition of 
this and let the signal be repeated indefinitely. By 
far the most important harmonic of this signal below the 
frequency s is the {N/2 - l)th which corresponds to a 
frequency of 8 (1 - 2/N). By taking N sufficiently 
l^ge we can insure that this harmonic is suppressed. 

If all frequencies up to s are transmitted and equalized 
for distortionless transmission, and then the frequency 
8 (1 - 2/N) removed, it is found that, due to the great 
magmtude of this component, the signal is reversed 
in sign at some of the critical points (mid-points). 
The question is, whether by alteration of the remaining 
components this can be corrected. We next show that 
this cannot be done. 

Colder the function cos 2 x 8 (1 - 2/N) t. (This 
fimetion h^ the same sign as the sent signal at all the 
cnbcal ^mts.) Next consider the sum obtained by 
adding the products of this function and the received 
wave value at the critical points. If the wave is correct 
m sign each one of these products is positive and there¬ 
fore the sum is positive. Now, it is easy to show that 
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for any component of the received wave of lower fre¬ 
quency than s (1 — 2/N), the contribution to this sum 
is zero, the negative products balancing the positive. 
Therefore the assumption, that the received wave has 
the correct sign at all the critical points, and the assump¬ 
tion that it is made up entirdy of frequencies lower than 
s (1 — 2/N), are inconsistent. 

In case the suppressed range is not at the upper end 
of the range 0 — s the procedure is similar. Mrst find 
a frequency, prime with respect to s, and which lies in 
the suppressed range, and is an even harmonic of the 
period T. Let its frequency be s'. Construct the 
function cos 2'k s' t. Next construct a signal made up 
of -h 1 and — 1 elements whose sign at each critical 
point is the same as that of cos 2ir s' t. The argument 
then proceeds as before. 

Similar proofs can be produced for other criteria. 

Appendix IV 

Analysis oj Carrier Wave. It is required to find the 
sinusoidal components of a carrier-telegraph wave of T 
sec. duration, composed of N time units, and repeated 
an indefinitely great number of times. The carrier 


current is modulated by a rectangular envelope diuing 
each of the time units, so that the wave has the follow¬ 
ing values: 

E (t) = ai cos (o)ct— d),torO<t< T/N, (timeunit 1), 
E (t) = Oa cos (Wc t — d), for T/N <t <2 T/N, 

(time unit 2), 


E (0 = Oft cos (uict— 6), for (h — 1) T/N <t <h T/N, 
(time unit h), etc. 

Let the total wave be represented by the Fourier 
series: 


Ao 


-|- (A„ cos npt -t- Bn sin npt ). 


( 1 ) 


By reasoning similar to that of Appendix I: 

N 7»T/N 

^ _ 2 rOft cos npt cos («« t — 6) dt 


(/i-l)T/N 


N *T/N 

* 2 I [(o)c- np) t- d] -f cos [ (coe -h W p) t - d])dt 


N 

_ 1 r sin [ (co. — % p) fe T/N - ff] — sin [ (w^ — « p) (h — 1) T/N — 0] 

" ^ L w.-np 


, sin [(cijc + np)h T/N —6] — sin [ (co, np) {h— 1) T/N — d] 

o)c + np 


_ 2 r sin (cOe — TOp) iT/2N) cos [ (cOe — np) {h —1/2) T/N — 6 ] 

“ ~T~ |_ COc — TO p 

^“1 


sin (wc+np) (T/2N) cos [ (o), -h to p) (h - 1/2) T/N - 6 ] 

C0« +TOP 


] 


2 sin (CO, — TO p) (T/2 N) 
T (coc- top) 


N 

2 COS [ (Wc — top) (h— 1/2 ) T/N — 6 ] 


2 sin (coc -b TO p) (T/2 N) 
T (cOo -b top) 


N 

^-1 


(2) 


.•.A„ =F'(co)C„'-bF’''(co)C/, 


where: F' (co) 


2 N sin ( 0 ), — TO p) T/2 N 
Tide - np) 


4ssin (wc— w) 

OOe— Cl} 


(3) 
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^ 2Nsm(o3c + np) T/2N 


T (Uc + np) 
1 


4 s sin (wc + oi) 


4 s 


0)c + (0 


Cn' = 1/N 2 n p) (h - T/W- dj, 

A=1 ' 

N 

Cn" = l/N 2 0* cos [(Wc + np)^h- ^)t/N- ej. 

In a similar manner it can be deduced that 

Bn = F' («) 5n' + F" (CO) Sn", (4) 

where: 

N 

Sn' = - l/AT 2 sin |^(CO, - p)^ ^ T/N — gJ. 


When q is odd, a similar line of reasoning gives: 

_L0\ 

An-iB„ = [e 

. Mt -1) V 

+ ^ ^ (co) J (Cui 2 -n + i (10) 

F' (co) is sjrmmetrical about the carrier frequency in 
magnitude, but F" (co) is unsymmetrical. It will next 
be shown that (A« — i B„) is symmetrical about the 
carrier frequency when the modulating wave contains 
no components higher than the carrier frequency. 
From this it may be inferred that F" (co) is zero when 
these components have been removed from the modu¬ 
lating wave before modulation takes place. Pcm 
example, let the modulating wave be: 


•4.0 


8N/2 


+ 2 cos npt + B„ sin npt). ( 11 ) 

n«l 


Multiplying ( 11 ) by cos (co, t - d) and making use of 
the trigonometric formulas: 

N cos a cos & =. ( 1 / 2 ) cos (a + 6 ) •+. ( 1 / 2 ) cos (a - 6 ) 

S/ = 1/iV 2 sin r(co, + » p) (h - i) T/N - e\ cos a sin 6 = (1/2) sin (a + 6 ) - (1/2) sin (a - 6 ), 

\ 2 / J gives the carrier wave: 


h^i 


Multiplying equation (4) by i and subtracting it 
from (3) gives: 

A, - i2?„ = F' (co) (Co'- iSJ) + F" (co) (Cn" - i S/). 

T • • . (S) 

It IS evident that a special relation exists between 

* 'S'nO 3 nd (Cn" — i Sn") when the carrier fre¬ 
quency is an integral multiple of the dot speed, so that 

CO, = 2 wqs. When q is even, we see by inspection 
that: 


N 

2 -1/2)T/N - g“‘(T +0 ^ 

A-1 

(0) 

where (C„ — i Sn) is the same as for the direct current 
c^e. Also: 


C » _ » (7 » _ g +*) 

J 0„- ^ g-»«#(A -1/2)T/N ( 7 ) 




whence: 
C" 


n ~tSn = e‘('«+ 2 « (flj _ i 5 ^/) ^ g.- 2 « ^ 

'■(f- +*) 

Substituting (6) and (8) in (5) gives: 


( 8 ) 


An i Bn = ^ 




F' (co) + ® F" (co) J 

X (Cn-iSn). 


( 9 ) 


^ flN/2 

cos (co, t — 6) + ^ 2 { [A„ cos (co, < 4 - npt — 6) 

n«»l 

+ Bn sin (CO, J -f- npt — 0) ] -I- [An cos (co, i — npt — 6) 
— Bn sin (co, t — npt — 0) ] } . (12) 

We see by inaction that comp onents of this wave 
have the same amplitudes, -y/An^ -I- J 5 „*, at equal 
• distances ± np from co, where np is never greater 
than CO,. Hence an analysis of this wave by a method 
analogous to that given in the earlier part of this 
appendix, could 3 deld no unssonmetrical shape factor 
suchasF" (co). 

Appendix V 

Single Sideband Transmission. The principle which 
will be employed in the following discussion is, that 
when the rweived wave through any complicated 
ad^tt^ce is to be determined, it is permissible to 
subdivide the admittance into component parts to 
determine the received wave for each component, and 
to add the resulting received waves for all the com¬ 
ponents to obtain the complete wave. To make clear 
the use of this principle a beginning will be made with 
the tr^sfer admittance shown at a in Fig. 7 . Strictly 
p^ldng, this admittance is a hypothetic* one only, 
but It illustrates the principles and is a first approxima¬ 
tion to the actual case of band-pass filter. 

The ^mittanc^ are to be taken as real quantities. 
That IS to say, either there is no delay or, if there is any 
* J equ^zed and a new time origin is chosen so 
that the delay disappears from the expression for the 
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admittance. The carrier frequency is assumed to be 
located at coc, and the transfer admittance of the 
system extends unssnnmetrically in the two directions 
from this frequency as indicated in the figure. 

There are infinitely many ways in which this area 
may be subdivided into component transfer admit¬ 
tances, but the one most suited for our discussion is 



Fiq. 7 —Qbaphioal Analtsis op a Transmission 
Chabactbristic 

The sum of the transfer admittances shoim at b, c, and d equals the 
taransfer admittance shown at a. The components, b, r, and d, are chosen 
so as to possess ssrmmetry about the carrier fl*equoocy 

shown in the remainder of Mg. 7. It will be observed 
that if the three admittances, (6, c, and d), are added 
together the result is the admittance shown at a. In 
accordance with the principle set forth above we con¬ 
clude, therefore, that the received wave, in the case of 
the admittance shown at a, is equal to the sum of 
the received waves deduced from the other three 
admittances. 

Considering first the admittance shown at b, we 
have here complete symmetry with respect to the carrier 
frequency; and it follows from the discussion of the 
S3nnmetrical carrier case that the received wave is of 
the same frequency and phase as the carrier frequency 
and is modulated by a low frequency wave, which is 
identical with that obtained in d-c. telegraphy when a 
transfer admittance extending from 0 to w*. is employed. 
It is assumed, forsimplicity, that the wave used originally 
to modulate the carrier wave contains no components 
of as high frequency as the carrier frequency. The 
discussion of the admittance, shown at c, is identical 
with that of 6. Comparing these two components, it 
is concluded that they are in phase relative to each 
other, and that the component due to b builds up more 
rapidly that due to c. It is obvious that the time 
it takes the result, due to these two components, to 
reach a steady state is determined by the slower of the 
two. We can conclude, tentatively, that, when the 
carrier frequency is located near one end of the band, 
it is the frequency range from the carrier frequency to 
the nearer edge of the transmitted band which deter¬ 
mines the rate of building up. 

The admittance shown at d is also ssmunetrical about 


the carrier frequency, but it has a different type of 
symmetry. To contrast the effect of this kind of 
symmetry with that of the symmetry previously 
discussed, let us assume that the carrier wave is repre¬ 
sented by cos Wc t, and that the modulating wave is 
represented by A„ cos npL The modulated wave is 
then A„ cos npt cos Uc t. This can be divided in the 
usual way into two components located symmetrically 
with respect to the carrier frequency. The two 
components are 

(A„/2) cos (coe — np)t and (A„/2) cos («c np)t. (1) 
It is obvious that, in the case shown at 6, these com¬ 
ponents are transmitted without any relative change 
and thus combine to form the original modulated wave 
without any modification other than a possible multi¬ 
plication by a constant. In the case of the admittance 
shown at d, however, there is a relative change in 
these components. If one of them is left unchanged, 
the other is multiplied by — 1 and the two components 
become 

(A„/2) coa (uc—np) t and — (A„/2) cos np) t. (2) 
The resultant wave is A„ sin npt sin «« t. The im¬ 
portant change produced by admittances, of the type 
shown in d, is that the carrier frequency has suffered a 
phase shift of 90 deg. An incidental change is that 
the modulating frequency, which represents the 
signal, has also suffered a change of 90 deg. This 
reasoning can be carried through for all the components 
making up the modulating wave, as long as their 



Pia. 8 —Gbaphioai. Analtsis op a Transmission 
Ceabactbristic 

Tlie sum of the symmetrical transfer admittances shown at b and c 
equals that shown at a. The heavy line in d is identical with the curve in a; 
the hTiin curve is the mirror image of the heavy one. The curve idiown at 
b equals one^half the sum, and that shown at c equals one-half the difference 
of the two curves shown at d 

frequency is less than the carrier frequency. It follows 
that the zeros of the total wave, due to the admittance 
shown at d, are displaced one-quarter period of the 
carrier wave with respect to the zeros of the corre¬ 
sponding waves obtained with b and e. 

It will be obvious that if the components due to c and 
d could be eliminated, the resultant wave would be 
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determined by the separation between the carrier Let the transfer admittance of the given system be 


frequency and the far edge of the band transmitted. 
The wave, due to admittance shown at d, can be elimi¬ 
nated in the reception of the wave by the method dis¬ 
cussed under “Phase Discrimination.” The wave, due 
to c, is not disposed of so easily. It might be thought 
that by moving the carrier frequency nearer to the edge 
of the band the admittance shown at c could be made to 
extend over a very narrow frequency range, and thus 
be made negligible. It should be noted, however, 
that the steady state value of the received wave is the 
same, regardless of the width of the band, and that as 
long as any portion of c remains there will always be a 
slow, interfering wave. The only satisfactory answer 


denoted by Y (co — Uc). Consider the admittance 
represented by Y (wc — w). These two characteristics 
are the mirror images of each other with respect to the 
carrier frequency. They are illustrated at d, in Fig. 8. 
Next let Y (co — coe) be resolved into two components 
after the manner discussed above 
Y {u- (Oc) = Yi(<«)- (xic) + Yi{o}- oic)- (3) 
where 

Yi (w- CO.) = — ^Y(<o— w«) -f Y (o}c— w)J (4) 
and 


is to locate the carrier frequency exactly on the edge of 
the band, so that there is no separation, however small, 
between the edge and the Carrie frequency. This 
peculiar condition is due to the fact that we have 
assumed a transferadmittance, havinganabruptcut-off. 

In the practical case the cut-off is gradual, not 
abrupt. The transfer admittance shown at a, (Pig. 8), 
reprints a transfer admittance (real) which is suitable 
for single-sideband t*ansmission. It can be separated 
into two parts as shown, respectively, at b and e: 
e possesses the Idnd of symmetry which leads to a 
phase-quadrature component; and b possesses the IHn/l 
of symmetry which is desirable. 


Strictly speaking, it is somewhat inaccurate to appb 
the term “single sideband transmission” to the cas 
shown in Rg. 8, or, in fact, to any case where portion 
of both sidebands are transmitted. Since it woul( 
seem to be out of the question to transmit a ■’ringl, 
sideband, in a strict sense, in the case of telegrapl 
waves, there should be no objection to this designation 
The results obtained in connection with Fig. 8 maj 
be desoibed in slightly different terms. Referring t( 
a, the dotted line may be said to represent the ideal ol 
single-sideband transmission. The numeral 1 mm-ks 
the area which is removed from the ideal by the gradual 
cut-off of the admittance curve. The removal of this 
area results in an impairment of the wave due to the 
pnnmpal sideband. The area indicated by the numeral 
2 represents the vestigial sideband, and results in an 
mpairment. The result obtained, briefly stated is: 
K areas 1 and 2 are equal, in the sense that when either 
IS rotated through point 3 it can be made to coincide 
TOth the othCT, the unpairment due to a missing portion 
of the pnncipal sideband is exactly compensated for 
by the wave due to the vestigial sideband. 

The discussion above has been limited to the special 
^ of admittances. In what follows this restric¬ 
tion ^ be el^ated and general complex admittances 
will be consid^d. These do not lend themselves so 
representation, and for that reason 
tae taeatment will be made algebraical instead. There 
^ howev^ a close parallelism between the analysis 
bdow and that given in Pig. 8, and it is thought tS 

rrference to the figure will be useful. 


Yi (co - coc) = - [^Y (co - (Oc) - Y (coa - co)] (5) 

These two components correspond to the graphical 
resolution shown at b and e, Yi being syrametaical 
about the carrier frequency both as to magnitude and 
sijgn and Ys being symmetrical with respect to mag¬ 
nitude but reversed with respect to sign. 

Let cos npt be a component of an impressed wave, 
and let it modulate the carrier wave cos co„ t. The 
resulting wave is 
cos npt cos co„ t 

1 1 

= 2 cos (coo - %p) < -f -g cos (co. np) t (6) 

Consider first the wave resulting from impressing the 
first of these (the lower sideband) on the admittance 
Yi (co — coc). Let this admittance be represented by 
gi (co - CO.) -f i (co - CO.), the quantities gi and h 

being real. Impressing the wave cos (co. — 7 ip) t on 

fifi the resulting wave is 
1 

Y (w - «c) COS (co. - np)t 


1 

0^ ~2 gi («?>) cos ( CO. - np) t (7) 

Similarly, i bi gives rise to the received wave 
1 ^ 

— 2 (^P) sin (co. — np) t (8) 

Cai^g out similar operations for the upper sideband, 
and remembering the symmetry of Yi, the total wave 
transmitted by Yi is 

2 iw) [cos (co. - jip) i 4- cos (co. -f np) t] 


- 2 (™P) [sin (co. — «p) < -f sin (co. -f- np) t] 

which may also be written 

g\ (np) cos npt cos CO. «- bi (np) cos npt sin w. t 


(9) 

( 10 ) 
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In a similar manner the wave received through 
Y« (o)~ 03c) is 

— g» (np) sinnpisin w,.. t — 6-. (np) sin npt cos t (11) 
Now if the wave is demodulated at the receiving end, by 
multiplying it by the factor 2 cos {o3ct— <l>), and if 
high frequencies ai'e neglected, we have for the received 
wave after demodulation 


and dropping the prime, we have: 



4. r 

2 I cos^npi 

'-i in 


+ 


2 IT w 

~ir 



g I {np) cos cos npt — bi (np) sin <#> cos npt 
— ff a (wp) sin 4> sin npt — (np) cos sin npt (12) 

It now follows that the three operations, of modula¬ 
tion, passage through the filter, and demodulation 
supplemented by the suppression of high frequencies, 
are equivalent to the passage through a filter having the 
characteristic 

yi) ('» p) = fiffl (n p) + i ho (n p) (13) 

where f/« {np) = gi (n p) cos 4> — bi(n p) sin ^ (14) 

bn (n p) = <72 (n p) sin <(> •]-bs{n p) cos <l> (15) 

This formula then permits the direct computation 
of the received wave. It will be noted that <p be 
given an arbitrary value. As a simplifying assump¬ 
tion, we may make (j> equal to the phase shift of the 
carrier frequency, i. e., 

Appendix VI 

Analysis for Generalized Wave Form. Let it be re¬ 
quired to find the sinusoidal components of a periodic 
telegraph wave whose signal elements have the value: 

lH = aHf{t-{h-V2)T/N) ( 1 ) 

where a* is the magnitude factor and 

f{t-ih- 1/2) T/N) 

is an arbitrary function of time, and may overlap both 
antecedent and subsequent time units. The origin of 
t is taken at the beginning of the wave. 

The total current, at the time t, is: 

N N 

/ (0 - 2 - 2 ® 

provided the period T is of greater duration than the 

wave form. . 

Let J{t) be represented as a Fourier senes; then, by 
a method similar to that followed in Appendix I 

T N 

I '^anfit-ih- 1/2) T/N) cos npt dt. 

. 

Changing the origin of f to the center of ^e signal 
element, to which each term in the summation refers, 
i. e., putting 

< = (ft - 1/2) T/N + 


2 

T 


T/2 N 

I / (t) COS npt dt 2 ~ N^ ~ 'i') 

J A-1 


-T/2 

T/2 


J f {t) sin npt dt 2 (* ~ t) 


-T/2 
T/2 


T/2 T/2 

= 4 8 O'* / (4) cos npt dt — Sn J f (4) sin npt dt J . 

-T/2 -t/2 


B, 


T/2 

= 48[c„ Jj 


(4) 

In a similar manner it can be shown that: 

T/2 T/2 

/ (4) sin npt d4 -h Sn / (4) cos npt dt 

-T/2 -T/2 - (5) 

Multipl 3 dng equation (5) by i, and subtracting from 

(4): 

An-iB„^F{o3){C„-iSn) ( 6 ) 

Where 

eg +a 

F {o>) = 4 8 J* / (4) e-*^f’ d4 = 4 8 J / (4) erf<^ dt. (7) 


To solve the reverse problem of finding / (4) in 
terms of F (a>), put 

00 

/(4- r/2N) = ^ + 2 ('^"COS«p4 -I- sin«p4) 

’•-> (8) 
which is the Fourier series representing a signal, con¬ 
sisting of a single dot, whose Ui == 1 and other values of 
an are equal to zero. 

According to the definitions of A« and B« in Appendix 
I, it is permissible to arrange this expression as follows: 


/ (4 - T/2 N) = -g- 2 -iSn)F («) (®) 

»—w 

Substituting: 

cos ^ (10) 

Sn = sin ^ (11) 
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/ a - T/2 iV) = ^ 2 . 

«*»—00 

Putting t = T/2 N + t' and dropping the prime 


( 12 ) 


/(«) = 


1 

2 


F(co) 

N 


npt 


(13) 


00 


As the period 
approaches 


approaches infinity, the wave form 


Transactions A. I. B. E. 

one which is not ideal, how should the sent wave be 
shaped in order that the received wave may be non¬ 
distorting? It is proposed to derive the solution for the 
case, where the value of the received wave at the middle 
of the tiine unit is taken as criterion for distortionless 
transmission. There are many solutions to this prob¬ 
lem, and we will restrict ourselves, at the outset, to a 
particular type of wave form for the signal elements of 
the sent wave; namely, the ts^ie wherein each signal 
element is made up of a series of rectangular steps, 
each of one time unit duration (Fig. 9). The problem, 
then, consists in finding the height of each step. 


nt) = 


8 T s 


00 


(w) CO. 


(14) 


Now, in order to observe the effect on the shape 
factor, let us consider a special wave form, for example, 
a wave obtained by curbing. For this type of signal 
the rectengular wave is cut short for a small portion 
of the time of the value x at the beginning and at the 
end of each time xmit, so that 

f (t) = 1, for (- T/2 N + x) <t < (T/2 N - x) 
and 

, /(0=0 
for 

- T/2N T/2N -^-x) 

and (T/2N-x) < t < T/2N. 
For this wave form, equation (7) reduces to 

T/2n-* 


“4 


-2 


-f 


P(co) 


.4,J 


[cos npt — i sin npt] dt 


Pro 9 ExampiiB op Sionaii Shaping to Pkodvcb Distortion¬ 
less Received Signals 

By changing the point of view somewhat, it is 
possible to make use of some previously obtained 

r^ults. Let us temporarily look on the unknown signal 

element, not as a signal element but as a signal made up 
of a succession of rectangular elements. The wave 
form of the unknown signal element is /. (t), and the 
magnitude factors of the individual rectangular ele¬ 
ments are the unknown quantities hi, h^, Jn 
W e have 


-T/2N+* 


(15) 


^ 2 sin [ n w/N - 2 it n x/T 1 
n x/N ~ 

Put a: = T/8N, 

which corresponds to a shortening of the tini A during 
which the battery is applied to the cable to % of the 
length of the total time unit, and apply ground during 
the remaining portion. For this case 

F (co) = l_ssin(3 co/16 s) ^ 

Comparing this shape factor with the corresponding 
one for the non-curbed wave, (given in Appendix I), 
equation (6), it is seen that the effect of curbing is to 


( 1 ) 


CO 

/. (t) = + 2 (A„ cos npt -f Bn sin npt ). 

The shape factor of the rectangular signal element is 

8 sin c<j/4 s 
co/s 

and the diserimination factor obtained by looking at 
the sought signal element, as a signal, may be taken to 
he (C„ — i Sn). The problem is now reduced to finHing 
Cn and Sn for all values of n from 0 to N/2, since with 
^ese values known the 6's are determined uniquely. 
Equation (1) may be arranged as follows: 


multiply the shape factor by sin 4^ / sin A net- /«(<)= 4 s 2 (C'« - i Sn) ~ 

los 4 5 CO 

* n«*— 00 


( 2 ) 


I 

work having this characteristic in the transmitted range 
would be equivalent to the curbing. 

Appendix VII 

Distortim Correction by Signed Shaping. The prob¬ 
lem is: Given an arbitrary transfer admittance, i. e., 


The transfer admittance of any network may be 
represented by Y (co). In order to be more general, 
multiply y (co) by where r is an arbitrary con¬ 
stant, and i^of the nature of a constant delay. Let 

y (- co) = y (co), where the bar denotes the conju¬ 
gate of y(co). 
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The wave received over a circuit having this transfer 
admittance is: 

00 

/, (0 = 4 s 2 Y (CO) 

n<*»—00 

(3) 

Let fl (co) = Y g-.„r ( 4 ) 

and rearrange terms 

(N/2)-l ra 

Sr (t) =48 22 (C^jN+n i 5jN+») X 

M—N/2 g—00 

H (4 IT 8 [ g + n/N ]) (5) 

It may be deduced from equations (7) and (8) of 
Appendix I, that 

C^gN+n — i <SgN+n = (“I)* (Cn “ i Sn) (6) 

The receiving mechanism has been assumed to 
respond to the ordinate of the received wave at the 
middle of each time unit, (as representative of the signal 
for that unit), at which time 

pt = -^(2h-l) (7) 

where h has values 1, 2, 3 . . . N for successive time 
units. We note that 


, cos (A;- to) TT sin (k-n)Tr sin* (« + fc) tt 
sin (i - «) ir/N * sin (« + A;) x/N 

q^—CO 

( 10 ) 

as k approaches any integral value, m, from — W/2 to 
N/2 inclusive, the numerators in the middle factor of 
each of the terms of the summation of equation (10) 
approach zero. Consequently, the factors are zero 
excepting one whose n = + m and one whose 
n = — m, wherein certain denominators also approach 
zero, with the result that equation (10) reduces to 

CO 

cos IT m/N = 2Ns {Cm — i Sm) ^^jff(4 x 8[g + n/N ]) 


+ 2Ns{C.m-iS.m)^H{ixs[q- n/N]h (11) 

gc—CO 

When each of the N equations such as (9) is multi- 
2x k / 1 \ 

plied by sin —— I A — 1, a similar line of reason¬ 

ing gives 


giCflfN*» IW/N — ^ l/2)/N ^ 

Substituting equations (6) and (8), in (5), gives: 

(N/2)-l 

/, (0 = 4 8 2 ^ -S'”) /N 

n—N/2 

CO 

2^f (4ir8[g+«/iV]) (9) 

^=3— CO 

at the middle of the time units. 

If we put Sr (0 = 1 for = 1, and /, (0 = 0 for 
h = 2, 3, etc., then the received wave has the effect of 
a single dot standing by itself. 

Our next step is to solve the N equations, such as 
(9), for the N unknown values of (C„ — i jS«), in order 
that we may be able to use the results in computing the 
sent wave. In a manner similar to that in Appendix 
II, multiply each of the simultaneous equations by 

cos - {h - 1/2), and add all the equations: 


(N/2)-l 

cos IT k/N = 2 8 {Cn — i <S„) X 

n—N/2 

/ cos {n + k)tr sin («-ffc) w 
\ sin {n -t- k) x/JSI 


sin X m/N = i2 Ns {Cm-iSm)^H {Ax 8[q + n/N]) 

g—“ 


-i2Ns {C.m -iS.m)'^H{Axs[q-n/N ]) ( 12 ) 

g«-C0 

Multiplying (12) by i, subtracting from (11), and 
putting m = n gives 
cos X n/N — t sin IT n/N 


= ANs{Cn-iSn)'^H{Axs[q + n/N]) ' (13) 

g—00 


*. Cn — i Sn = 


g—t«7r/N 


(14) 


ANs'^H {Ax s[q + n/N]) 


ga— 00 


At the sending end, the height of the Ath step, for 
any convenient value of t during that time interval, is 
given by formula (2). Where the steps are rectangular, 
it is more convenient t6 use the formula 


N 2-1 


bh — Co + real part of 2^ ^ ^ 




1 / 2 ) 


«-l 
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5^n/ 2 sin TT Qi — 1/2). 
Substituting from (14) and (4); 


(IS) 


f. - J-/ 1 

* N \^TW 


+ real part of 


[ 


+ 


N/2-1 


.27r« 


(/i-l +2sr) 


n «1 


+ 00 


Sin 


TT n 


N 




2 X IT. 
TT [g 

^ ES » 00 

giVCA—l+25r) 


+ n/N] 


+ 00 


i y(4T.[, + i/2i) 

I 4 T s [g + 1/2] 


]) 


(16) 


In using for.nula (16) for computing 6*, it will be 
imderstood that Y and s are the given quantities of the 
problem. The quantities N and r which occur in 
addition to Y and s require comment. In the first 
place, T is an arbitrary quantity and may be given, 
for instance, the value zero. By giving it, in succession, 
all the values between zero and 1/2 s an infinite number 
of distinct solutions are obtained. The solution which 
is preferable, from a practical standpoint, may be 
selected after computations are completed for a number 
of valu^ of r. As for N, it should be chosen large in 
proportion to the precision required. It should be an 
even number, and preferably not less than twice the 
number of steps to be used. 

The suni which occurs in the denominator is an 
infinite series, but it converges rapidly and in most 
practical cases it should be sufficient to use three or 
four terms. The function Y occurs with negative 
arguments in this expression. This does not imply 
negative frequencies but, is merely to be taken as a 
convement notation. The ^ression 7 (- w) is merely 
to be interpreted as the conjugate of 7 (w) where <a is 
positive. 


N/2-1 


A*«/4 + (2 (A\ + B\)/2) + 


Bn/2* 

2 • 


( 2 ) 


Since 

An =2 Cn, for n < N/2, 

Bn = 2 Bn, for« < N/2, 

Btt/i = ■\/2Suii, 

the power is: 

(N/2)-1 

+ 2 {C^n + S^n) + B®n/2 


(3) 


Now 


N N 


c * = 


Uh a, cos • 


A—1 


2 TT « 

N 


X 


(h - 1/2) cos — ^ ” (g - 1/2) 


(4; 


S^n = 


~W 2 2 ®«sin ^ 


A-i e-i 


N 


(/i-l/2)sin^^ (g-1/2). (5) 

Adding 

N N 

c\ + s\ = 2 (^ - ?) • 

A-l qm.1 

Substituting equation (6) in (3) and remenabering that 
C^N /2 und Sq are identically equal to zero, the total 
power becomes: 

N N (N/2)-. I 

A-*l 


Appendix VIII 

It is required to compute the mean power of a wave 
characterized by the shape factor, 

B (w) = 2, for 0 < 0 ) < 2 TT s, 

B (w) = /2ifor 0 ) =2 ITS, 

F (w) = 0, for « > 2 T 8. 

Such a wave is 


N/2 

Ao/2 + (A„ cos npt + S„ sin npt ). (1) 

squares of the sinusoidal 

__ square of the d-c. 

component. This gives for the mean power 


It ^ be suffldent to add the 
amplitudes divided by 2, to 


+ cos T (A - g) j 

N N :(N/2)-l 

“ “p" 2 2 [ 2 ~ 

A<«1 q^l W ■» 0 


»- 1 "" 


fc -1 • sin7r(fe-g)/iV' 

C7) 
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The expression in parenthesis is equal to zero unless 
h — q, in which case it equals N. Hence the power 
is: 


N 





( 8 ) 


Appendix IX 

The Fourier Integral. Up to the present the Fouriw 
series theorem has been used in the anal 3 rsis to the 
exclusion of the Fourier integral theorem which is 
closely related to it, and it seems desirable to give a 
brief discussion of the Fourier integral at this point. 
In order to keep the discussion brief it will be necessary 
to make it sketchy and incomplete in respect to detaik. 
The complex notation will be used because of its 
compactness. 

The Fourier integral theorem states that 




/ (X) cosit (< — 


X)d X, 


( 1 ) 


regardless of the form of the function f (t), provided it 
meets certain requirements. The requirement which 
is of importance in telegraph theory is that 


1 I / (0 = a finite number. (2) 

— 00 


The quantity m is so far a mathematical quantity which 
serves only as a variable imder the integral sign, in the 
same sense that X does. In studying the integrand it 
will be assumed that u is identical with the quantity w 
which occurs in expressions for impedances and admit¬ 
tances. With this assumption the theorem expre^ed 
by equation (1) can be written, in complex notation. 


1(0 



+ 00 


J 


— 00 


J ((a) e '"*d ca, 


(3) 


J(<o) 



J 

— 00 


I (t) dt 


(4) 


I(t) expresses the wave as a function of time and J 
expresses it as a spectrum or a function of frequency 
For comparison we will now write down the Fourier 
series theorem in an analogous form: 


+ 00 


I(«) = -A 2(") ^ 


(5) 


( 6 ) 

where w takes the values 0 , ± A w, ± 2 A w, etc., and 
A 0 ) is 2 TT times the reciprocal of the fimdamental 
period of the series. It will be apparent that there is a 
close, formal similarity between equations (3) and (4) 
on the one hand, and equations (5) and (6) on the other. 

Now let the wave I (t) represent an arbitrary tele¬ 
graph signal made up of N signal elements. Formulas 
(4) and (6) give alternative ways for expressing the 
wave spectrally. The latter represents the wave as a 
series of discrete frequency components; the former 
represents it as a continuous spectrum. Both repre¬ 
sentations are exact when properly interpreted, ^- 
though they differ in form; for when substituted in 
formulas (5) and (3) respectively they jdeld the original 
wave precisely. Both representations are Umited to a 
finite number of signal elements,—the series because 
its period must be finite, and the integral because of 
equation (2). 

While these analyses are true for any succestion oi N 
gi gnal elements which may be selected, their utility 
depends upon severe restrictions on the signal elements 
which precede and follow the signal under analysis. 
To be of value in circuit theory the series demands that 
the succeeding and preceding elements consist of an 
indefinitely great number of repetitions of the signal 
under analysis. Similarly, the integral depends for 
its utility on the assuinption that it is followed and suc¬ 
ceeded by infinite sequences of elements having the 
magnitude zesco. These restrictions are normally not 
serious because there is no limitation on N other than 
t>igt it should be finite. In addition to being equally 
exact, the two methods then appear to be substantially 
equally general (or restricted) in respect to the com¬ 
plexity of telegraph signals which they are capable of 

representing. . 

As might b6 surmised, most of the results obteined in 
the paper follow from either method of treatment. 
First, if the d-c. wave is analyzed by the integral method 
it will be found that J (w) separates into two factors, a 
discrimination factor and a shape factor. The dis¬ 
crimination factor has the property of falling into 
equivalent bands, each of width equal to the speed of 
signaling. From this it is concluded that the neces¬ 
sary frequency range does not exceed the speed of 

signaling. The various ideal form factors corresponding 

to various criteria follow with somewhat greater 
difficulty. Whereas the series treatmrat led to a 
system of linear algebraic solutions, the integral treat¬ 
ment leads to a system of integral equations. 

The only outstanding difficulty with the integral 
analyas appears in connection with establishing the 
fact that the minimum frequency band equals the speed 
of agnaling. In other words, while it is easy to show 
that the information contained in one frequfflicy band 


K((a) 




I (t) e~*'^ dt . 

-r/AO) 
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of width (s) is sufficient for the transmission of intel¬ 
ligence, it is difficult to show that it is also necessary. 
On the series an^ysis as used in the paper, this result 
followed very easily from the well-known principle that 
the number of unknowns which can be found does not 
exceed the number of given equations. When the 
frequency components are not diso-ete but form a 
continuous spectrum no such simple argument appears 
to be available. A somewhat full discussion will be 
given. 

On considering the matter it is apparent that the 
difficulty arises from the lack of a precise formulation 
of what is meant by transmitting intelligence. No 
form^ criterion was necessary in the case of the 
Founer series treatment, but it will be necessary to 
fo rm u l ate one to make safdsfactory progress with the 
int^ral treatment. Stated in general the 

requirement of the received wave is that it should be 
po^ble to make measurements on it extending over a 
fimte interval, and from these measurements (together 
with the known properties of the admittance) to 
determine the sent wave. More specifically, it should 
be possible to express the magnitude factors of the sent 
wave as a linear sum (or integral) of the measured 
values of the received wave. If the sent and received 
waves are ei^ressed as functions of w, and the compu¬ 
tations modified accordingly, it is obvious that the 
operations c^ be carried out on the sent wave in which 
case the received wave will be non-distorting. We may 
then lay down as a criterion for a telegraph system’s 
abmty to transmit intelligence, that it should be pos¬ 
sible to shape the sent signals so as to make the received 
wave non-distorting. In the remainder of the appen- 
dix cnterion wiU be used. It will be apparent 
that the introduction of this criterion constitutes, in a 
sense, a fresh start. 

T^ng for the criterion of a non-distorting wave that 
It should have correct magnitude at the central point 
0 the tme unit, and limiting the discussion to the case 
Where the frequency is limited to the range 0 - s, the 
shape factor of the received wave is uniquely deter- 
mmed and is 2 throughout that range. The shape 
factor of the tr^smitted wave is 2/7 and the wave 
form at the sending end is 
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/.«) 


+2TS 

—2’’"^ 


2 d a 

YM 


(7) 


If 1/7 is finite throughout this range, this integral has 
a definite value. If 7 has a simple zero at to = Wa the 
integral may be written 


/. (t) = 


H-Zzrs 

I 

— 


2 ^ ^ 
7 ( 10 ) 


( 8 ) 


The first derivative with respect to t of the definite 
integral may now be evaluated. The derivative is 
determinate and by integrating it with respect to ( a 
suitable value for/ (i) may be obtained. 

K 7 has a finite number of simple zeros, the function 
^ u" broken up into a number of terms each of 

which has not more than one simple zero; and the 
individual terms can be treated as above. 

When the function 7 has double zeros, or zeros of 
any finite order of multiplicity, suitable values of the 
function / (^) can be found by an extension of the samp 
method. 

The significant results for a simple case will now be 
steted. Suppose that the transfer admittance has a 
^ple zero at the origin (as in telegraphing through a 
traiMormer); the sent wave, which gives a distortionless 
received wave, does not approach zero as t approaches 
+ « but approaches a constant a. If the zero at the 
ongin IS double (telegraphing through a high-pass 
liltCT, made up of one series condense- and one shunted 
coil) the sent wave should approach the value hta&t 
approach^ «. For a triple zero the corresponding 
^ymptotic value is of the form c etc. It is obvious 
that as the multiplicity of the zero increases the func¬ 
tion representing the sent wave rapidly becomes more 
and more unmanageable. Now, if 7 becomes zero 
ttooughout a finite interval at the origin, we may think 
of It as having a zero of an infinite order of mul- 
taphcity. It is to be expected then that there should 
be no finite function capable of satisfying the 
reqmrements. 



Automatic Control of Edison Systems 

As Applied in the St. Charles Street Substation of the Union 
Electric Light and Power Company 
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f<yr any load. The distinctive features ofihe various types 
of machines at this station are discussed, particidar attention being 
given to the control of the converter with transformer taps and high- 
voltage revolving field booster. The scheme of automatically changing 
taps under load is described fully. A brief summary of the protec¬ 
tive features on this machine is also given. 

The operating experience unth the automoHc equipment at the 
Si, Charles St. Station is related. 


Synopsis.—A brief description of the Edison System at St, 
Louis is given, and power supply, service restoration, and system 
balance are discussed. The history of the application of automatic 
control equipment to the system and a brief risume of operating 
experiences are also given. 

The relation of the St, Charles St. Substation to the remainder of 
the system is pointed out and certain features of its design explain^. 
The scheme of loading the machines and the method of load shifting 
between machines is given in detail, and a table is given to show the 


Introduction 

E dison d-c. systems in large cities have been the 
result of natural growth and in many cases have 
reached such a size that their replacement would 
be a tremendous undertaking even though a c^ful 


on either system or at any plant will only partly affect 
the Edison load. 

No stand-by batteries are maintained on the 260- 
volt Edison system, the last ones having been dis¬ 
connected from the system about four years ago. 


be a tremendous undertaking even tnoi^n a c^im ^ ^ ^ ^ demands a high degree of 

studymightmdicatethatsuchastep^g^^^^^^^^ ^"tnSnXi? was felt that the taiproved re- 

from an engineering standpoint. Since the operation j. 


of Edison systems is a big problem to many companies 
it was felt that a description of the manner of revamping 
the Edison system in St. Louis and the results obtained 
would be of interest. In revamping this system 
the use of automatically controlled machines was 
thoroughly studied and tried out. In this paper par¬ 
ticular emphasis is given to the application of auto¬ 
matic control to the St. Charles Street Substation, 
Fig. 1, which is the largest Edison station and repre¬ 
sents the latest design of equipments. 

The Edison System 

The 250-volt Edison district of the Union Electric 
Light and Power Company covers an area approxi¬ 
mately one mile wide by mi. long and at present 
attains a peak load of approximately 32,000 kw. 
The district is supplied from eight substations located 

as shown on Fig. 2. ^ i? 

The a-c. power supply to the stations is derived from 
two separate and distinct systems, the system supplying 
each station being given in Table I. Five of the 
stations are supplied at 60 cycles and three at 25 cycles 


liability of the a-c. supply, together with the use of 
automatic control equipment for service restoration, 
made the batteries unnecessary. Motor-generator sets 
are relied upon for service restoration, all of |them 
having stable operation at all voltages and all are 



Fia. 1 —General View of St, Charles St. Station Interior 


a-c starting with tho exception of two of the manual 
stations are suppiiea ax ou cycies auu wucc; cu a c., sxartmg wiuu u ^ , rntarv- 

with aoDroxin^tely 60 per cent of the total capacity motor-generators at Twentieth Street. The 

at each^frequency. The 26-cycle power is generated converters are capable of opwation through a consi - 

at the Keokuk hydroelectric plant and at the Ashley able range of d-c. voltage and all are a-c. starting. The 

St Th^ 60-eycle power is supplied by the three 9000-ampere, 60-cycle conv^m have a ower 

- 3 ^-d^.rLy$SS^chLquency. sothat.trouble 

♦Substation Division, Union Elec. Lfe&Pr. Co., St. Louis, Mo. means that in the event of a complete Edison 

tBngineering Dept., General Electric Co., St. Lows, Mo. gygtem outage, the motor-generators will “come in” 

Presented at jAe A. I. B, E.. ew ^ ^ sufficient capacity to raise the voltage 
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to something above 50 per cent. At this point the 
first converters will “come in” and further raise the 
voltage, being followed by the other converters as the 
system reaches their lower operating limit. As added 
insurance that the motor-generators will produce 
enough voltage for the converters to “come in,” 



Pig. 2—Outline op St. Louis Edison Disteict Sbowino 
Location op Substations 
T his district is about IH by 1 mi. in area. 

should some machines he out of service, most of the 
motor-generators have an emergency capacity of 120 
per cent load for a limited period during times of low 
voltage. 


balanced, the voltage between the highest side and the 
neutral will not greatly exceed one-half of the normal 
maximum across it, the total voltage being whatever 
it may. 

Automatic Development 

The company's first automatically operated d-c. 
machine was installed in 1922 at the Twelfth Boulevard 
Substation. The automatic features were considered 
somewhat of an experiment by the operating engineers 
but their installation was felt to be justified as the 
station was very close, electrically, to the St. Charles 
Street Substation and as it was located in the basement 
of the company’s ofiice building, it was possible to 
give it close observation. 

Many difficulties were encountered in putting the 
equipment into smwice initially, but they were princi¬ 
pally unforeseen operating problems or troubles with 
individual devices and not faults of the fundamental 
scheme of control. In practically every case, these 
difficulties were remedied by making certain alterations 
or additions either to details of the general scheme or to 
some particular device. During several system dis¬ 
turbances, the automatic control gave a good account of 
itself and functioned exactly as intended. It was 


TABLE 1 


SUBSTATION DATA 



Supply 

frequency 

Control 

Appj 

bratus 

Station 

total 

capacity 

d-c. 

amperes 

Sl>atioii load 
at time of 
sy.sl,om peak 
12-22-26 
d-c. amperes 

Motor-gen. 

Cc 

mvorter 

Substation 


No. 

Capacity 

d-c. 

amperes 

No. 

Capacity 

d-c. 

amperes 

Name 

No. 

Lucas Ave. 

Walnut St. 

1 

2 

13 

18 

19 

60 

60 

60 

60 

60 

Auto. 

Auto. 

Auto. 

Auto. 

Auto. 

1 

1 

1 

1 

1 

7,500 

7,200 

7,200 

15,000 

7,500 

1 

1 

1 

9,000 

9,000 

9,000 

16,500 

16.200 

7,200 

15,000 

16,500 

10,400 
10,200 
0,800 
14,800 
' 14,700 

Twelfth Blvd... 

Bailway Exchansre. 

Eighth St. 

Total 60 cycle. 





44.400 


27.000 

71,400 

08,000 

St. Charles St. 

Twentieth St.... 

3 

4 

10 

25 

25 

25 

Auto, 
r Auto. 
\Man. 
Man. 

2 

1 

8 

14,400 

7,200 

12,000 

2 

1 

2 

16,400 

9,000 

16,000 

30,800 

1 28,200 
16,000 

30,100 

22,700 

7,500 

Boatmen*s Bank. 

---------- 

Aoiai :so cycle..... . • 

Total Edison System. , ,. 

Note. All current values at 250 volts. ---— ‘ 

33,600 

78,000 


41.400 

68.400 

75,000 

146,400 

00,300 

120,200 


The system neutral is supplied by the rotary i 
y«a-fcers, the motor-generators being two-wire 
in every case. The converters are fairly well distribi 
over the system and a sufiident number are 1 
running during the night to properly maintain 
neutral. However, to protect against destruc 
vplteges on one side of the system, due possibly 1 
Jortage of three-wire machines at times of trou 
the motor-generators are provided with relays to i 
vmt more than 56 per cent of normal voltage betw 
ather side of the system and neutral. In other woi 
the control is arranged so that with the system 


apparent that automatic conti-ol was a practical thing 
and well worth further application. 

In 1923 another 1800 lew. motor-generator, auto¬ 
matically operated, was purchased and installed at the 
Walnut St. Station. This station was then manually 
oi^ted and the automatic machine was intended to 
reheve the off peak shift of operators, as well as to re- 
place certain depreciated machines, 

4 . 1 . control was somewhat different from 

the TVelfth Boulevard Station and included some pre- 
device applications. Again many 
difficulties arose but in most cases the remedies were 
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comparatively simple. It was felt that cooperation 
between the manufacturer and the operating company 
ViftH solved many problems and that further ex¬ 
perience and cooptation would result in additional 
improvements. 

The third installation was made in 1924 and was a 
3750-kw. motor-generator set installed in the very 
heart of the Edison load at a new station known as the 
Railway Exchange Substation. This was a three-unit 
set, one motor driving two generators in parallel with 
provisions for balancing the load on the generators. 
At that time it was reputed to be the largest auto¬ 
matically-controlled motor-generator set in Edison 
service. 

At this time almost every case of trouble had its 
lesson, for it usually indicated a weak point in a par¬ 
ticular scheme or device or a peculiar operating con¬ 
dition which had not been foreseen. A case of trouble 
on one automatic equipment usually meant the pos¬ 
sibility of the same thing occurring on the others and 
consequently the remedy had to be applied to all. 

The next addition was at the EJighth Street Sub¬ 
station. This was a new station in which was installed 
a 2260-kw. rotary converter and an 1876-kw. motor- 
generator set operating in parallel on both the a-c. 
and d-c. sides. The scheme of automatically operating 
mgpViiTiftg of these characteristics in parallel was entirdy 
new and several problems arose on that account. 

Immediately after the Eighth Street installation was 
made, a duplicate 2250-kw, converter was installed at 
the Walnut St. Substation and interlocked so as to 
operate in parallel with the motor generator set in¬ 
stalled there in 1923. This released all operators from 
Walnut St. and made the station fully automatic. 

By the middle of 1925 aU of the machines had had 
opportunities to perform on service restoration under 
various conditions. On almost every occasion they 
functioned properly and were carrying the load before 
the manual stations. Although troubles were still 
occurring, they were generally of a minor nature and 
most of them were being detected during regular 
inspections and before damage resulted. It was fdt 
that the practicabiUty of automatically controUed 
machines on a large system had been definitely proved. 

The St. Charles Street Substation 
The St. Charles Street Substation has always been 
the largest Edison station and being very close to the 
load center, it has always been considered a base load 
station. Its d-c. feeders interlace with those of five 
other stations and it can affect more of tiie system 
fban any other station. In 1925 all of the manual 
rnqobinftg at St. Charles Street were, with one exception, 
reaching the end of their life and it was necessary that 
they be replaced. There was no question of whether 
the new machines should be manually or automatically 
controlled for aade from the apparent.saving in operat¬ 


ing expenses, the experience with automatic substations 
had demonstrated their ability to withstand system 
disturbances, their greater speed in service restoration, 
and their superior voltage regulation. 

In planning the station it was found that no ad¬ 
ditional load was to be provided for at this time, the 
station capadty remaining at approximately 7500 kw. 
In accordance with the practise of haying half the 
capacity in motor generators and half in converters, 
there were to be installed about 3750 kw. in each typo 
of machine. Two 1800-kw. motor-generators were 
decided upon, as they matched the sizes of others in 
service and were standard with the manufacturers. 
It was felt that the condition of the 2000-kw. booster 
converter already in the station, although 8 years old, 
warranted the expense of automatic control. This 
left about .1900 kw. for new conva-tra- capacity. A 



Pig. 3 —Onb-Lind Diagbam of St. Chaeles St. Substation 

2250-kw. converter was selected, it being a standard 
size and of the same capacity as others in service. 

Fig. 3 shows a one-line diagram of the station. It 
will be noted that power is received at 6600 volts, 25 
cycles, over five underground feeders. The a-c. 
structure is insulated for 13,200 volts and all machines 
are provided for reconnection to that voltage, in order 
tiiat the station can be changed over to the higher volt¬ 
age at some future time with a nainimum amount of 
work. The outgoing feed®:® are of 1,600,000 cm. and 
2,000,000 cm. cross-section, about one-third being of 
the larger size. 

The ventilating equipment is probably of interest 
There are two blowers, each rated at 67,000. cu. ft. 
per min. at 3H pressure and driven by 60-hp. a-c 
motors. One blower is “preferred” and runs when 
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ever any machine is running while the second "comes 
on when the general station air or the discharge air 
reach certain predetermined temperatures. A throw- 
over smtch is provided to make either blower "pre¬ 
ferred, the other operating on temperature. 

The flow of air through the station is opposite to 
mtmal circulation. The air enters the station from a 
sl^t through the roof and is drawn into the machines 
which have their end bells left off. The machines dis- 
ch^ge mto the basement beneath them from which 
point the blowers draw the air to discharge it through 
a stack in a corner of the station. This results in the 
genial station being in the "intake” and at a slight 
vacuum so that any leakage around doors or windows 
will let cool air ^ta- the station rather than cause au¬ 
to be wasted, as is the case in systens where the gaieral 
^tion is under pressure. This also results in more 
bearable summer temperatures than in systems where 
the ^chines discharge directly into the general station. 

The automatic control equipment for the station 
contains a number of features which are unique and 
new in this installation and will, for this reason, be of 
particular interest. Some of these schemes of control 
were made necessary by the peculiar problems met 
with m the design of this station such as the use of a 
comp^tively large number of automatically controlled 
machines, the use of a rotary converter with a new 
type of confrol for picking up the bus at low voltages, 
and the necessity for unusually close voltage regulation 
due to the heavy net-work and load in the area sur¬ 
rounding the station. Other features are new develop¬ 
ments in the art and will probably find further use in 
other installations. In so far as possible, this descrip¬ 
tion will be confined to those features believed to be of 
particular interest and omitting such as have previously 
been described in the technical press. 

The scheme of load division ^between machines of 
different characteristics operating in parallel, as em¬ 
ployed at this station, was conceived and originally 
applied at the Eighth Street Substation by the com¬ 
pany's operating enginea-s. The application in this 
case was simply an extension of the original scheme. 

Starting, Stopping and Loading Sequence 
The entire sequence of operations with operating 
values is outlined in Table II, During normal light- 
load coiiditions toe tap changing booster-type rotary 
coi^erter, machme No. 8, supplies the entire station 
load. The station voltage is regulated by variation 
of the motor-operated booster field rheostat in response 
to the voltage regulating relay No. 58. This voltage 
regulating relay is controlled by potential from a pres¬ 
sure wire bus so that it tends to hold toe net-work 
potential con^t within its area. The bus voltage 
therefore varies in accordance with load conditions. 

When the load on converter No. 8 reaches 96 per 
cent of full load, the load-responsive-starting relay No. 
lA on No. 8 machine operates through a time-delay 


TABLE n 



Load. 

on machine 


No.S 

No. 1 

2 No. 1 

1 No.: 

- Total load 

7 on station 

1000 

0 

0 

0 

1,000 

8400 

0 

0 

0 

8,400 

7000 

1400 

0 

0 

8,400 

7000 

6300 

0 

0 

13,300 

9000 

4300 

0 

0 

13,300 

9000 

6800 

0 

0 

15,800 

9000 

5200 

1600 

0 

15,800 

9000 

5200 

6300 

0 

20,500 

9000 

7200 

4300 

0 

20,500 

9000 

7200 

6800 

0 

23,000 

9000 

5200 

1400 

7400 

23,000 

9000 

5200 

6300 

7400 

27.900 

9000 

7200 

4300 

7400 

27,900 

9000 

7200 

7200 

7400 

30,BOO 1 

9000 

7200 

3000 

7400 

1 

26.600 1 

9000 

5200 

5000 

7400 

26.600 I 

9000 

5200 

1000 

7400 

I 

22,600 « 

9000 

7200 

5400 

1000 

22.600 ]> 

9000 

7200 

6400 

0 

22.600 A 

9000 

7200 

3000 

0. 

L 

19.200 B 

9000 

5200 

5000 

0 

19,200 A 

9000 

6200 

1000 

0 

L 

16,200 N 

9000 

6200 

0 

0 

15,200 A 

9000 

3000 

0 

0 

L 

12,000 B 

7000 

5000 

0 

0 

12.000 A 

7000 

1000 

0 

0 

L( 

8,000 N 

8000 

0 

0 

0 

i 

8.000 A1 

1000 

0 

0 

0 

L( 

1,000 M 


Operating condition 


Minimiun load 
Load increases 
No. 8 gives signal to start 
No. 12 

After No. 12 is on 
Load increases 
Before No. 12 recalibrates 
No. 8 

After No. 12 recalibrates 
No. 8 

No. 12 gives signal to start 
No. 11 

After No. 11 is on 
Load Increases 
Before No. 11 recalibrates 
No. 12 

ifter No. 11 recalibrates 
No. 12 


No. 7 


No. 12 
Lfter N 
No. 12 
lOad increases 
iaidmiun load 
lOad decreases 
lefore No. 11 de 
No. 12 

Lfter No. 11 de 
No. 12 

lOad decreases 
NiO. 11 gives signs 
down No. 7 
ro. 7 reduces load, 
lory to timing off 
Lfter No. 7 is off 
lOad decreases 
!efore No. 11 de( 
No. 12 

iter No. 11 decaUb 
12 

load decreases 
ro. 11 gets signal 
down 


11 recalibrates 


---- OrC iSOU VOlbS. 

L...« ».. 7 „„ 


Starting relay to bring onto the bus toe second 
m the sequence. No. 12 motor-generator set. Since 
the current-regulating relays. No. 67, are set to limit 
the load on the converter to 100 per cent of full load, 
it can be seen that the lower setting on the starting 
relay permits bringing the second machine on before 
the system voltage commences to fall. 

When machine No. 12 closes its d-c. breakers, it 
takes toe voltage control away from convert®- No. 8 
and assumes load. The converter voltage is then con- 
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trolled by its current regulating relays No. 57. With 
no increase of station load, motor-generator No. 12 
would pick up a relatively small load which would not 
be sufficient to keep it on. To prevent this its current 
limit recalibrating relay, No. 95, is arranged to decali- 
brate the current regulating relays on converter No. 8. 
This causes the rotary converter to reduce its load 
approximately 2000 amperes, or 25 per cent. This 
load, together with additionsd load which may come 
on, is picked up by motor-generator No. 12 until 
at 6300 amperes, its current limit recalibrating relay 
picks up to recalibrate the current regulating rela 3 rs 
on converter No. 8 again. The converter then carries 
100 per cent load and No. 12 motor-generator continues 
to absorb the oncoming load until it reaches 95 per 
cent of full load. 

At this point, the load respomve starting relay 
No. lA on No. 12 motor-generator functions to stert 
the third machine in the sequence. No. 11, after a time 
delay. As soon as motor-generator No. 11 gets on the 

bus, it assumes control of station voltage and takes this 
control away from machine No. 12. Thus, rot^y 
converter No. 8 and motor-generator No. 12 are being 
controlled by their respective current regulating relasrs 
aiiH ' motor-generator No. 11 has its voltage controlled 
by voltage regulating rday No. 58. To insure that 
No. 11 machine will pick up enough load to stay on, its 
current limit recalibrating relay. No. 95, functions to 
deealibrate the current regulating relay on No. 12 
machine by approximately 2000 amperes or 25 per 
cent. As the load builds up furthw. No. 12 machine 
is agmn permitted to assume full load as limited by its 
current regulating relay. 

When the load on No. 11 machine exceeds 95 per 
cent of full value, its load responsive starting relay. 
No. lA, causes rotary converter No. 7 to be started 
after the expiration of a diort time delay. This 
machine is not paralleled with the others in the station 

but, instead, feeds the network through a separate 
group of feeders on a section of the main bus. This 
section is automatically spHt off by opening of the bus 
tie breakers when the converter is closed onto the bus. 

With No. 7 converter on, voltage control is left 
with No. 11 machine as before and the voltage balancing 
relay No. 60 of converter No. 7 balances Ihe voltage 
of its section of bus against that of the main bus and 
holds the voltage approximately two volts higher than 
the -HIgin bus. This results in converter No. 7 taki^ 
a little more than its share of the load and insures its 
taking enough load to stay on. 

If for any reason the average feeder end voltage 
should become more than two volts low, the voltage 
regulating relay. No. 58 on No. 7 converter, will take 
control away from No. 60 balancing relay and will 
maintain, within the limit of No. 7 machine capacity, 
theaveragefeederend voltageattwo volts below normal. 


CONTROL OF EDISON SYSTEMS 

With decreasing load the machines are shut down 
in the reverse order from coming on. Machine No. 11 
will reach its light load point before converter No. 7 
and is arranged to give No. 7 the signal to shut down. 
No. 7 first closes the bus tie breakers and then reduces 
its load down to the setting of its own light load relays, 
that, load being assumed by machines No. 11 and No. 12. 
Converter No. 7 then "times off” in the usual manner. 

Further reduction of load shuts down machine No. 11 
and still further reduction shuts down machine No. 12. 
Rotary converter No. 8 is not arranged with load- 
responsive starting and stopping since it is required on 
the bus at all times to maintain the net-work voltage 
and the system neutral at this point. 

Provision is also made for starting the next machine 
in the sequence if the last machine called for by the load 
is held off by protective devices or manual control 
switches. The next machine then does whatever the 
disabled machine would have done in the way of load 
shifting and voltage control. 

In coming back on the bus after a system outage, it 
is not permisable to allow converter No. 8 to be con¬ 
nected to the bus below 140 volts which is its lowest 
regulating point. In this case the bus undervoltage 
relay, although permitting No. 8 machine to complete 
its starting sequence to the point where it is ready to be 
connected to the bus, functions to start both motor- 
generator sets as fast as power supply conditions 
permit. As soon as the motor-generators, together 
with other stations, have raised the bus voltage to 140 
volts or more, rotary converter No. 8 is connected to 
the bus and boosts the system voltage to the limit of 
its ability. At approximately 210 volts converter No. 
7 will also be brought on the bus. This should raise 
the net-work voltage to approximately normal pro¬ 
vided the other units on the system have started 
propCTly. 

By means of pilot-wire remote-control, the system 
load dispatcher at Twelfth and Locust Streets may 
start or stop any machine. Since he has an indication 
of the load being carried by each machine and average 
feeder end voltage, this feature is of great value. It 
permits him to adjust, within limits, the Edison net¬ 
work load between the 26-eycle and 60-^cle systems 
in accordance vpith general system conditions. 

Motor-Generators 

Except for the load-responsive starting, and voltage 
and load-regulating schemes described above, the con¬ 
trol for both motor-generator sets is siniilar to instal¬ 
lations previously described before the Institute. 
The s 3 mchronous motor? are started by throwing onto 
thelinethrough reactors, the reactors being shunted out 
when the machines have reached approximately 
synchronous speed. The field is applied at the time 
of transfer and upon equalizing th6 bus and madiine 
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voltages, load is applied to the d-c. generators. The 
sets are of the differential compound t 3 ^e, normally 
operated with the series field shunted by an auto¬ 
matically controlled circuit breaker. The control is 
arranged and the sets are suitable for re-S5nichroniz- 
ing under load in the event of a temporary power 
interruption. 

CONVEETBR No. 7 

The booster-type synchronous converter No. 7 
is arranged for T-delta, starting by oil circuit 
breakers on the high-voltage side of the transformer. 
Correct polarity is established by temporary reversal 
of the field. This machine is connected to the bus 
through cushioning resistors which are arranged to 
give two-step operation. When the voltage of No. 7 
machine and the station bus have been properly 
equalized the resistor breakers No. 73 are closed. 
After a short time delay, line breaker No. 72 positive is 
closed and after a further time delay, No. 72 negative is 
also closed. Thus only one step of resistance is shunted 
at a time. The closing of No. 72 negative is followed 
immediately by the closing of the neutral breaker No. 
71 and the opening of the bus tie breakers No. 24. 
This sequence, in addition to giving two-step resistor 
operation, prevents lowering of the net-work voltage 
at the ends of the feeders connected to this section of 
the bus and allows ample time for the converter voltage 
to be adjusted properly. 


is formed at the common point of the booster windings. 
The transformer is of the air-blast type and is provided 
with an extended winding having four ten per cent taps. 
Connections between the transformer taps and the 



Pig. 5—Control Board for No. 11 and No. 8 Machines, 
Blowers, Incoming Feeders and Common Machine 
Control 


booster windings are made by means of tap switches 
which are triple-pole oil circuit breakers. 

The control boards for machines No. 8 and Nol 11 
are shown in Pig. 5. 

The control scheme used on converter No. 8 is in 
many respects new and novel and for this reason a rather 
full description will be given. 


CONVEETEai No. 8 

Synchronous converter No. 8 is a shunt-wound, 
2260-1^., three-wire machine with high-voltage, 
revolving-field booster; the scheme of connections being 



Pig. 4 Scheme of Connections of Windings, No. 8 
Converter 

shown in Kg. 4. The converter has the customary 
senes a^d shunt commutating fields. The booster is 
provided with a double armatime winding so connected 
^at vna a ^ven direction of excitation on the field 
ae vdtage of one winding will be in the “boost» Sid 
the other m the “buck” direction. The winding in use 
undCT any particular condition will depend upon the 
P<«t.onofthetap'„ritd.«. Tto 


If we assume system conditions to be normal with 
bus voltage at normal value and machine No. 8 to be 
held off by the opening of master switch No. 5 the 
starting operation will be initiated by the closing of this 
switch which acts to energize the time-delay starting 
relay, i^ter the expiration of the time interval for 
which this relay is set, the master contactor No. 4 will 
be closed provided line and machine conditions are 
PTop& ^ indicated by the protective devices. The 
oil circuit breaker closes immediately to energize the 
converter transformer and the motor-driven sequence 
switch No. 34 starts to revolve. This permits No 42A 
tep switch to close thereby closing the Y of the trans- 
fomer through the booster windings and impresring 
half voltage on the converter. 

While the converter is coming up to speed No. 34 
sequence switch is stopped but restarts when sync^o- 
nous speed is reached, as indicated by s3mchronous 
^eed rolay No. 13. This permits field-flashing con¬ 
tactor No. 31 to close and energize the field from a small 
motor-generator set to properly polarize the converter 
men correct polarity has been established as indicated 
by field-changing relay No. 93, the field flashing con- 
tector is opened and the shunt field contactor No. 41 
IS closed to make the converter self-excited. 

When full field is reached as indicated by field relay 
No. 40 further movement of No. 34 sequence switch is 
permitted which opens the low-voltage tap switch 
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No. 42A and closes the highest-voltage tap switch 
No. 42D. The booster field is then applied by the 
closing of the booster field contactor. No. 41C, and the 
auxiliary commutating field is excited by the cloang of 
auxiliary commutating field contactor, No. 41A. 

The voltage of the converter is then equalized with 
the bus voltage by the operation of voltage equalizing 
relay. No. 91, which has control of the booster field 
rheostat at this time. When the voltages are properly 
equalized, voltage balance relay No. 60 permits the 
load limiting resistor breakers. No. 73, to dose. The 
closing of No. 73 breakers is followed immediately by 
the closing of the line breakers. No. 72. Upon the 
closure of circuit breakers. No. 73, the control of the 
motor-operated booster field rheostat. No. 70, is given 
to the voltage and current regulating relays. These 
relays operate to hold the voltage of No. 8 machine 
within volts of normal value on the pressure wire 
bus until the converter is loaded to approximately 
8700 amperes. At this point the current regulating 
relays No. 57 take control and hold the current on this 
machine at an average value of 9000 amperes. 

Tap Changing 

When voltage reduction is necessary, the booster 
rheostat is run in the “buck” direction. When maxi¬ 
mum buck is reached as indicated by limit switches on 
the booster rheostat and relay No. 60A, which balances 
the booster voltage with a-c. line voltage, a circuit is 
made to dose tap switch No. 42C. It will be noted 
from the diagram. Fig. 4, that this connects the two 
ends of the booster a^oss hi^-voltage taps on the 
transformer. As soon as No. 42C closes. No. 42D 
is opened and the converter is operating on the ^cond 
transformer tap with the booster field rheostat in the 
maximum boost position. The transition from^ buck 
to boost is accomplidied by the use of a double winding 
in the booster. When the tap change is made a shunt 
field contactor No. 41D is closed to shunt a section of 
the resistance in the shunt field of the converter in 
order to increase the shunt field current sufficiently 
to correct for the change from buck to boost on the 
booster with the attendant change from generator to 
motor action on the converter. This action is simd- 
taneous with the reversal of the auxiliary commutating 
field of the converter. These operations tend to raise 
the voltage of the converter slightly so that the boo^r 
rheostat tends to run out of the maximum boost position 
due to the action of the current regulating relays. 
This prevents “pumping” of the transfer equipment 

at the tap point. ,. 1 . v 4 .^ 

If further voltage reduction is necessary, the booster 

rheostat moves out of the boost position and fin^y 
reaches approximately maximum buck. At this point, 
as indicated by rheostat position and No. 60A relay, 
tap switch No. 42B is dosed and No. 42C opened to 
connect the converter to the next lower tap. The 
reversal of the booster, the reversal of ihe auxiliary 


commutating field, the action of shunt field contactor 
No. 41D and the backing off of the booster rheostat 
are accomplished in identically the same manner as 
previously described. 

The necessity for further voltage reduction will 
force the converter to the lowest tap by an operating 
sequence similar to that above which closes tap switch 
No. 42A and opens No. 42B. Demand for still lower 
voltage will force the booster rheostat into the ma xi mum 
buck position and if this is not suffident to reduce the 
load on the converter to a proper value the station 
d-c. undervoltage relay. No. 80A, will function to dis¬ 
connect the machine from the bus. The converter 
will continue to run, in readiness to again assume load 
as soon as voltage conditions permit. 

When the bus voltage rises above the setting of 
undervoltage relay No. 80A this relay will function to 
again connect the converter to the bus. The current 
regulating relays, which have control until the bus 
voltage is normal, which will be with tap switch No. 
42D closed, function to run the booster rheostat to the 
maximum boost position. At this point, as indicated 
by rheostat position and booster voltage relay No. GOA, 
tap switch No. 42B will be closed and No. 42A opened. 
Simultaneously the auxiliary commutating field on 
the converter is reversed and shunt field contactor No. 
41D is dropped out to insert resistance in the shunt 
field to again compensate the converter for the booster 
change, this time from boost to buck rather th^ from 
buck to boost as previously described. This com¬ 
pensation is sufficient to lower the converter voltage 
slightly and thereby cause the booster rheostat to run 
toward the boost position which, it will be noted, is 
the reverse of the condition when “tapping down. 
Further decrease of converter load or increase of bus 
voltage will cause the tap changing equipment to 
“tap up” until the highest tap is reached, each tap 
change following the sequence outlined above. When 
the highest tap is reached, the converter is regulated to 
hold proper voltage or current in accordance with the 
indications of the voltage and current regulating relays. 

Protbctivb Features 

The size and importance of this converter unit war¬ 
rant extensive protective equipment and an endeavor 
has been made to protect against all operating con¬ 
tingencies. Most of these protective features are of a 
standard type and, for this r^on, the descriptions 
of these features will not be detailed. 

1. Starting on angle-phase or incorrect phase rotar 
tion is prevented by single- and reverse-phase voltage 
relay No. 47. 

2 Starting on low a-c. voltage is prevented by 
undenroltage relay No. 27. If low voltage occurs 
while the machine is running, undervoltage relays 
No. 27A shut the machine down. 

3. Correct position of the brudies is assured by 
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interlocks on the brush-operating mechanism which 
prevent starting with the brushes down or closing of 
the d-c. breakers with the brushes up. 

4. If the starting sequence is not completed within 
a predetermined time interval, starting protective relay 
No. 48 will shut down and lock out the unit. 

5. The failure of field excitation will be indicated 
by field relay No. 40 which is in series with the con¬ 
verter shunt field or by field relay No. 40A which is 
in series with the booster field. Either of these devices 
will operate through an auxiliary relay, No. 40X, to 


windings is obtained in two ways. Two a-c. thermal 
relays. No. 49, which operate on current input to the 
unit protect against possible overheating from moderate 
overload or single-phase operation by opening master 
contactor No. 4 and shutting down the unit until 
it has cooled suflldently to permit restart. 

Thermostats located in the air discharge paths from 
the booster and transformer operate to reduce the load 
to 50 per cent of full load. If the unit continues to 
overheat, additional thermostats shut it down and lock 
it out. 


shut down the unit and hold it off awaiting an 
inspection. ' 

6. Reverse power as indicated by reverse-current 
relay No. 66 opens the d-c. line breakers No. 72 to 
insert the load-limiting resistors in the circuit. 

7. Overheating of any bearing will trip its bearing- 
temperature relay. No. 38, to shut down and lock-out 
the unit. 

8. Overheating of the load-limiting resistors operates 
resistor-tanperature relays No. 28 to shut the ma<^Tiino 
down. When the resistors have cooled sufficiently 
No. 28 relays permit restart. 

9. Flashover or grounded windings will operate 
grounding protective relay No. 64 to shut down the 
converter and prevent its restart. 

10. Overspeed causes the speed-limit switch No. 12 
to operate, shutting down the machine and tripping 
the neutral circuit breaker. This guards against the 
po^ble failure of one side of the line to open. The 
unit must be inspected before a restart can be TwgWo , 

11. A-c. power failure is indicated by imdercurrent 
relay No. 37 and reverse-power relay No. 56 which 
operate to shut down the converter. Restart is per¬ 
mitted on restoration of power as indicated by under- 
voltage relay No. 27. 

12. A-c. overload operates the overload relays 
No. 51 which trip the line oil circuit breaker No. 52. 
At the same time, loddng-out relay No. 86 is tripped 
and prevents restart. 

13. Correct polity is insured by fiashing of the 
field from field fiashing generator No. 34E and possible' 
connection to the bus with reversed polarity is pre¬ 
vented by voltage directional relay No. 91. 

14. Overheated d-c. windings will operate d-c. 
thermal relay No. 68 to reduce the load to half of full 
load value by decalibrating the current regulating 
wl^ No. 57. At the same time a drcuit is made to 
start- the next machine in the sequence. If the con- 
vei^r should continue to heat thermal relay No. 68A 
win tap lockout relay No. 86 to shut down the machine ' 

so that an inspection is necessary before a restart can i 
be made. ' 

16. Excessive load unbalance as indicated by over- ■ 
heated neutral copper operates thermal relay No. 68N 
to lock out the converter. 

16. Protection agmnst overheating of the a-c. ] 


UONOLUSION 


This equipment has now been operating fully auto¬ 
matic for somewhat over a year and its operation has 
been very successful. During the initial starting up 
period there were many difficulties encoimtered, and 
subsequently others arose, but they were all carefully 
studied and remedied. Here again, as previously, 
both the operating company and the manufacturers 
benefited by the experience gained through solving 
the problems which arose. 

There have been quite a few system disturbances 
with this equipment in service and in practically every 
case the automatic control appeared to function 
correctly. In most cases, of course, there was no one 
at the station at the time of the trouble and the per¬ 
formance of the apparatus had to be determined from 
the chart records. However, during the disturbances 
when, by chance, men were at the station, many 
observations were made and a great deal of confidence 
gained. In one case in particular, when the Keokuk 
transmission circuits were completely disabled by a 
tornado and the load thus released was suddenly 
thrown on the steam plants, this control gear operated 
admirably over a wide range of frequency and a-c. 
voltage and through severe d-c. load fluctuations until 
the system was again stabilized. At the time of the 
disastrous tornado of September 29th, 1927, none of 
tile machines at St. Charles Street even dropped their 
load, although the a-c. system was subjected to many 
severe short circuits and grounds. 

With improvements being made rapidly in automatic 
control apparatus, it is felt that increasingly compU- 
cated operations will be controlled automatically and 
still greater reliability obtained in the future. 
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Discussion 

Caesar Antoniono: I have been enthusiastic about auto¬ 
matic operation since the early days and I still am. 

We have 18 automatic equipments on interurban service 
totaling 20,000 kw., leaving at present 5300 kvr, of manuaUy- 
operated equipment, in 4 stations. 

I have been in contact with the operation of several other of 
our affiliated companies and have no reason to change my mind. 

It has reduced the operating cost and made it possible for us 
to better our distribution of power and voltage, without a pro¬ 
hibitive capital investment. 

H. Bany t (by letter) It is interesting to note that no stand-by 
batteries are used on the Union Electric Light and Power Com¬ 
pany’s 250-volt Edison system. Although this is undoubtedly 
to a large extent due to the fact that this company has been able 
to avail itself of the increased reliability of its a-c. supply, due 
to the use of two separate supply sources, still the elimination 
of the stand-by battery must further be regarded as an expression 
of confidence in the automatic station for this exacting service. 

In the St. Charles St. Substation no effort or expense was 
spared in the design of the automatic switching equipment to 
give the station the reliability and the voltage and load-control 
features it required as a base-load station. It is felt, in this case, 
that this has been well worth while in view of the results desired 
and obtained. It should be realized, however, that the number 
of special features incorporated in an automatic switching equip¬ 
ment should be a function of the requirements which must be 
met, and if the requirements are such that a simpler equipment 
will fulfill them, the simpler equipment should be used. This 
not only results in a lower first cost, but also eliminates the extra 
maintenance. 

It is also of interest to note the creditable performance of the 
synchronous converter equipment dinring the low a-c. voltage 
and frequency period when the Keokuk transmission line was 
disabled by a tornado. Ordinarily it would be expected that 
the motor-generator sets alone would be of value at such a time 
but here the synchronous converter exceeded its expectations. 

H. R. Summerhayess It may be of interest to discuss 
briefly the various types of machines and schemes of control for 
use on Edison Systems. Under normal conditions, of coui’se, 
tile voltage range obtainable with the standard type of machine 
is sufficient to take care of normal operating conditions. 

It is important, however, that the apparatus on the Edison 
System be arranged so that the load can be picked up without 
difficulty in the case of a partial or complete outage. In order to 
accomplish this, it is necessary either to arrange the machines so 
that stable operation can be obtained at any point from zero to 
full voltage or to arrange the circuit so that the current output 
from the machine will be limited when it is operating at or about 
normal voltage. 

With the motor-generator sets this can be accomplished by 
the use of separately excited fields on the d-c. generator, the 
voltage and current output from the machine being limited by 
regulating devices operating on the field circuit. An alternative 
arrangement to the straight separate excitation is found in the 
scheme which uses a small generator in the field circuit, the 
voltage of which opposes the applied voltage. Thus, building 
up voltage on this counter e. m. f. generator will reduce the field 
current to the desired value. The voltage of the counter e. in.f. 
generator is controlled by current and voltage regulators which 
limit the current or voltage output from the main d-c. generator. 
The third method for motor-generator sets is found in the 
differential series field generator. The fields on this machine 
are wound so that the series field opposes the shunt field which 
makes the machine inherently load-limiting. The excitation 
applied to the shunt field is obtained from the generator terminals 
in series with a separate source of power which is usually ob¬ 
tained from a direct-connected exciter, this exciter also 


being used to excite the fields of the synchronous motor. This 
combination of fields results in a design which will permit the 
d-c. generator to operate at any voltage from zero to full voltage 
and which is inherently load-limiting, thus giving a machine 
which will require a minimum of control to give the desired 
results. Contact-making ammeters and voltmeters may be 
used with these machines to limit the current or voltage to 
definite values. 

Synchronous converters may be arranged to operate in the 
starting or Y connection which, of course, will give practically 
57 per cent of normal voltage. In this case, of course, it is 
necessary to disconnect the latter from the lino before changing 
over to running or delta connection. Arrangements may be 
made also for partial voltage reduction by transformer taps with 
or without arrangement for changing taps under load. Where 
transformer taps extend over any appreciable voltage range and 
the changing of taps under load is required it will be necessary 
to use a scheme involving the use of a booster or regulator in 
order to obtain a smooth transition. 

An alternative method consists of using a standard converter 
operating at full voltage using a current-limiting resistor in 
series with the machine, the resistor being designed so that 
current output from the machine will be limited to a safe value. 
This resistor is divided into a number of steps, each of which 
can be short-circuited by a circuit breaker, the steps being 
designed so that the maximum safe value of operating current 
will not be exceeded when one block of resistance is short- 
circuited. 

Where the load-limiting resistor is used it is, of course, possible 
to connect the converter to an entirely dead system, whereas 
with the other schemes mentioned for the converter, these 
machines, of course, cannot be connected to the system until the 
system voltage has been raised to this amount by meat^ of 
other machines which may be connected to the system at a lower 
voltage. 

I should like to ask a question with regard to operation of the 
system as supplied from BO-cycle converters and 25-oycle con¬ 
verters. In some cases it has been feared that such operation 
might result in trouble with burning of brush-rigging in case of 
a short-circuit on one of the a-c. systems; that the rotary con¬ 
verters would feed back through the d-c. system from the 
other a-c. system. It has been feared that in larger systems such 
feed-backs would be disastrous and, in fact, I have known of 
brush-holders being burned off on a number of converters, I 
should like to ask what precautions are taken against occurrences 
of this sort. 

H. L. Wallau: In Cleveland we have a d-c. district similar 
to that in St. Louis, being slightly smaller in area, with a demand 
of about 35,000 kw. The number of stations is 4 instead of 8. 
One of these stations is an old generating plant and in winter 
supplies steam heat through geared turbine-generators with 
direct current as a by-product. There are also 3 motor-generator 
sets, and a 400-kw., 60-oyele rotary converter. Of the other 3 
substations, the first put in service contains motor-generator sets 
and rotaries, all manuaUy controlled, the newer and larger 
machines being all a-c. start. In our Public Square Station we 
have sbc 2000-kw. (nominal) rotary converters of the booster 
type, also manually controlled. Our latest station includes 
three nominal 3250-kw. units of the automatic type. Operators 
are maintained here because in addition to supplying direct 
current there is some important a-c. distribution from this 
station, and a large battery is instaUed as well. The operator 
selects the d-o. bus on which he desires to operate the converter 
and then through his control switch he gives the starting impulse 
and the rest of the operation is automatic. These machines are 
protected with load-limiting devices and tests indicate that they 
function properly, although no severe disturbances have occurred 
which have required their functioning for any long period of time. 

The automatic equipment has operated satisfactorily. There 
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have been very minor mechanical troubles which have been found 
on inspeetioii and corrected, but nothing that would tend to 
discredit the equipment in any way. 

George Greet (by letter) A more complete description of the 
operation of the machine described as Converter No. 8 might 
give a better understanding of the control scheme which is used. 

As shown in the diagram, the main converter transformer is 
equipped with an extended winding with four taps, each approxi¬ 
mately 10 per cent, so that when the total primary winding is 
used the voltage applied to the converter is decreased by 40 
per cent which is equivalent to 160 volts on the d-c. side of the 
converter. In addition to this, approximately 7)4 per cent 
further decrease in d-e. voltage can be obtained by operating the 
booster with the field excited in the full buck direction. This 
will give a mimmum full-load voltage of approximately 150 volts. 

Therefore, in ease of low voltage on the Edison System this 
converter can be connected to the system at approximately 
this voltage. 

When connected to the system in this manner it is of course 
necessary to pass through the various taps on the transformer 
keeping a smooth voltage range so that the machine will not tend 
to pick up or drop any appreciable increment of its load. The 
booster winding is designed so that the voltage generated in 
the winding at full buck or full boost will be equal to the voltage 
across the transformer taps. This winding is also divided in 
two halves, the middle point of the booster winding forming the 
Y point for the primary of the power transformers. For 
instance, if the converter is operating at full boost on tap A 
and It is desired to increase the voltage, the switches which 
connect the other end of the booster winding to tap B may be 
closed, as the voltage generated in the total booster winding will 
be equal to the voltage across the transformer tap. Then if the 
switches connecting the booster to tap A are opened the current 
wiU flow though the other half of the booster winding in the 
opposite direction to the previous flow of current, thus giving a 
fuU buck condition instead of the previous condition of full boost 
Inasmuch as the transformer voltage on tap A plus the boosting 


effect of the converter will be the same as the transformer voltage 
on tap J5, minus the bucking effect of the booster, tJie a-c. \“oItage 
of the machine will not be changed. 

The change in power-factor conditions resulting from changing 
the booster from boost to buck position makes it iiecossaiy to 
readjust the shunt field of the converter as nientiom^d in the 
paper. 

E. L, Houdh: Mr. Summerhayes has brought up the qm^s- 
tion of the operation of 60-oycle and 25-eycle systems when tied 
together through a d-c. network. The Union Electric C^ompany 
does not use 26- and 60-cyele machines in the same .station. 
The stations are all tied together through the feeder lU'tworks and 
the shortest distance between the two systems is ajjproximatoly 
three blocks, so that no difidculties whatever have be(»n e.xpori- 
enced in operating the 25- and 60-eycle systems lied together 
through the network. In fact, it might be brougiit out that 
we really have more than the two supply frequencies and two 
stations at each frequency. The Caholda plant is arranged so 
that bus sections may be isolated in case of ti'ouble, and during 
such time we may have the equivalent of about three plants at 
Caholda, since the bus may be split. 

O. J. Rotty: I should like to point out just a few tJiijigs witli 
regard to Table I. I wish to bring out the wa^^ in wliich tiio 
capacities are balanced. ItwiU be seen that the ca]>acity in 
motor-generator sets totals 78,000 amperes, whereas the con¬ 
verter capacity totals 68,400, making them almost equally 
divided. Also note that the total of OO-cycle machiuo.s is 71,400 
amperes and the total of 25-cyol0 machines is 75,000. Here 
again there is practically an equal balance of machines, but in 
tMs ease the division is between the 25- and the 60-cyole systems. 

Om Edison system peak of 1926 amounted to 129,000 amperes, 
while last December we exceeded that by approximately 6500 
am^res; so it will be seen that we are approaching the capacity 
of tlm present machines. However, some of the old machines 
which were supplanted by the automatics are still in condition 
to run m emergencies and are considered as stand-by equipment. 
These machines are not included in the data of Table I. 



Protection of Supervisory Control Lines Against 

Over-Voltage 


BY EDWARD 

Associate, 

Synopsis,—Supervisory control lines used in the remote or 
automatic control of electric plants are subject to overvoltages 
dangerous to insulation and to operators. These overvoltages 
may he caused by lightning^ crosses with the power lines^ or indue-- 
tion from them. Open wire control lines are influenced by all of 
theset cables with grounded sheaths are immune to disturbances 
caused by lightning or other electrostatic induction ^ and are more 
or less safe from crosses. The ordinary cable, however, is still 
subject to high voltages by electromagnetic induction when a fault 
occurs on the power line. 

These voltages may be dangerous not only to apparatus, but also 
to the cable insulaiion. Protection by 7 neans of lightning arresters 


F. W. BECKi 

A. I. E. E. 

is therefore necessary. Calculations show that even if the apparatus 
locations are protected, high voltages may occur along the line if 
the transmission line fault is between stations. This may cause a 
cable failure. It may, therefore, be advisable to protect the cable at 
certain intervals. 

Supervisory control ]wotecto7's may he called upon to discharge 
heavy currents of appreciable duration. This requires extremely 
sturdy aiTcsters, The requirements are inet by a spark-gap of 
special design in argon at a reduced pressure. 

Specially made cables will shield the line against extraneous 
disturbances. In large installations, the use of such cables may be 
worthy of consideration. 


S upervisory control and remote metering for 
substations and small hydroelectric plants 
widely used. In order to prevent insulation fail- 
xires and consequent interruptions of the control, it is 
necessary to provide the control lines and apparatus 
with adequate protection against overvoltage. The 
wire lines over which the control is exercised are usually 
of considerable length. They are subject to over¬ 
voltage from several sources; hence protection in the 
form of lightning arresters is required to insure the 
continuous functioning of the system and to safeguard 
attendants from shocks. 


which has received considerable attention in the litera¬ 
ture in connection with transmission lines. The 
reaction of an open wire line to lightning is similar to that 
of any transmission line. This phase of the problem 
is discussed in the first two references of the appended 
bibliography. 

Direct crosses with high-voltage lines may occur since 
the control line is usually strung on the same poles 
with the power line. The best safeguard against 
damage in that event is the use of a high-voltage 
in the control line together with a protector of sufl3.cient 

_ «. • _J_ 
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tendants from shocks. discharge capacity to rupture the fuse and clear the 

The supervisory control line is usually of the same apparatus from the charged control hne. If the control 
lead, eonefattag ef the aeceeeary line is stnmg in cable, the lead sheatt, .t .n 

^er of SST wires either ehlg in op» wire fused by the iierWreuit power current, wdl keep the 


lines or in cable. Complete metallic circuits ^e 
employed, the use of the earth as a conductor hemg 
avoided. The preferred mode of running the line 
where the number of circuits warrants it, is in a lead 
sheathed cable. Such cables with the sheath grounded 
are exempt from certain kinds of overvoltage dis¬ 
turbances, and the grounded metallic sheath nutigates 
the bad effects of others. 

For the time being, consider an open wire line as 
it is exposed to more severe disturbances than is a 
cable. Overvoltages in such a line may occur from the 
following causes: 

1. Atmospheric electricity and lightning discharges. 

2. Direct crosses with high-voltage lines. 

3 Potentials above ground caused by electrostatic 
or electromagnetic induction from neighbormg power 

lines. , ^ . 

The hazardous voltages caused by atoosphenc 
electricity will not be discussed here. This is a subject 
Supply Div., Westiugliouse Elec. & 
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high voltage from the line. 

This discussion relates principally to overvoltages 
due to induction. These are of considerable importance 
in connection with supervisory control lines, or others of 
a similar nature. The control lines run between 
power stations and therefore usuaUy parallel the 
transmission hues which connect the stations, some¬ 
times strung on the same poles with them, sometimes 
on separate pole lines, but never very far away. They 
are thus continually under the influence of the voltage 
and current conditions existing in the transmission hne. 

In the following discussion of induction, approx^ 
mations will he generally resorted to, neglecting such 
things as the effect of the tize of the wire, the configura¬ 
tion of the lines, or the shielding effects of nearby 
earthed conductors. Exact calculations will not he 
attempted. Hazardous voltages of the order of 
hundreds or more volts are the objects of mter^t. 
It is therefore not necessary to be as particular m the 
assumptions and calculations as would be Ae ^e 
were telephone or telegraph lines concerned in which 
very disturbing voltages might cause false signals 
or interruptions of the service. 
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If the line is open wire, disturbances may be caused 
either electrostatically or electromagnetically. Electro¬ 
static induction will occur in the following way: 

In Fig. 1, A is a conductor chaiged to a certain 
voltage Ba, and 5 is a nearby conductor, such as a 
supervisory line entirely insulated from ground. Be¬ 
tween A and earth, G, there will be an electrostatic 
field due to the potential Ea, Some of the electrostatic 
lin^ between A and G will terminate on B, imparting 
to it a certain charge and therefore a potential above 
ground. 

For an approximate solution, with the total number 



Pro. 1 Diagram Sho-wino How Voltage is Induced 
Electeostatically on Supbrvisoby Line 

of lines of force between A and G known, a parallel 
plate condenser may be substituted for line and 
^ound, this condenser having the same number 
iin^ of force between its plates as pass from A 
TO Or, when the plates are at a difference of potential 
Aa. In the same manner condensers may be inserted 
betw^n A and B, and B and G. The capacities of 
such hypothetical condensers are known as the direct 
capacity of A to ground, A to B, etc. Thus, Fig 1 
may be replaced by Fig. 2. This facilitates the deriva¬ 
tion of the induced potentials. Calculating the im- 
^toes of the circuit involved, the charging currents 
and the potentials may be found. 

The potential to ground which B takes up is: 

y.-R. 


Cab + C] 


BO 


The cap^ties involved may be calculated if the 
pacing between conductors to the earth is known, 
his subject IS treated by Schrottke, Eggeling, and 


If B is solidly grounded. Vs will be zero, the disap¬ 
pearance of Vb being accompanied by an increase in 
the charging current from A. On the other hand, if B 
is grounded through a very high impedance, such as 
the body of an attendant, the voltage Vs may be high. 
Ifthetotalimpedanceofthecircuit A, Cab, B, attendant, 
ground is sufficiently low, as it may be if Cab and C,^„ 
are large, which will be the case if the parallel is long, 
enough current may flow through the attendant to be 
dangerous. It is also possible that punctures of ap¬ 
paratus insulation will occur. For this reason, over¬ 
voltage protectors are necessary on a line subject to 
elecfrostatic induction, neglecting for the moment the 
additional requiate of safeguarding against electro¬ 
magnetic induction. Low-voltage lightning arresters 
will hold this induced voltage down to the discharge 
voltage of the device. 

The above discussion deals with what is in effect a 
single-phase ground return power line, such as a railway 
trolley, for instance. On a three-phase power system, 
the conditions are similar provided the phase voltages 
are unbalanced. Ordinarily, the configuration of the 
wires of the transmission line and the location of the 
supervisory line will be such that the electrostatic 
field resul^t of the three phases, when the voltage is 
balanced, is small; in that case, there is no appreciable 
overvoltage on the control line. Fig. 3 shows the spac- 
mgs between transmission and supervisory lines for 
wffich the normal electrostatically induced voltage is 
below 300 volts. The curves are plotted for a hori- 
^ntal configuration of the transmission line. If a 
ta^gul^ configuration is used, the conditions will be 
better; if a vertical configuration is used, the induction 
wiU be about the same as for a horizontal configuration 
unle^ the control hne is directly below the power Hne, 
in which case the infiuence of the lowest transmission 
hne conductor will be quite marked. For the purpose 
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AB — .42 ^“^2 ^ js ^ g 2 ) At f. per mile. Diagram op Conditions in Fig. 1 


a’‘ + ¥ + 

If a = 40 ft., 6 = 20 ft., and c = 55 ft. 

Cab = 0.00038 /i f. per milo , 

The capacity Cso of the ordinary open wire linewill 

beoftheorderof 0.0097 A4f.permile 

ThenVE = 0.0375 Ea. 

BA IS chai^ rtth m a-c. -roltage of 22,000 above 

SSit a; ■ ^ 
vat‘ir 

inSouSoir “ ^ ^ 


of this dMon, It may be assumed that the normal 
e^tiostatic field is negligible. If the relative positions 
of the powOT and control lines are such thathigh voltages 
are s^dy induced in the latter during the non^al 
^CTa^on of the power line, these must be removed 
*TOm the conttol hne by drainage devices other than 
hghtmg arresters because the continuous discharge of 
ar^t€^ would make the control line inoperative. 

^ transmission fine so that the 

voltages are no longer balanced, there will be a pro- 

condensers is made as outBned in Pig. 2, the distribution 
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of charging currents and the induced voltages set up in 
the control line may be derived. The maximtim in¬ 
duction takes place when a ground fault occurs on one 
phase of the transmission line in which case the electro¬ 
static field between the ungrounded phases and the 
earth is most intense. 

Considering a three-phase power line with un¬ 
grounded neutral, assuming one phase dead grounded 
through a fault, and assuming that the voltage of the 
grounded phase to earth is zero, the calculation by 
means of equivalent condensers leads to the conclusion 
that the disturbing field is approximately proportional 
to the vector sum of the fine voltages between the 
sound and grounded wires, in the case of either a delta 
or a y system. So the disturbing system may be 
replaced by a single wire having a potential above 
ground equal to the above mentioned vector sum of 
voltages and the case is then as pictured in Fig. 2. 

Let us assume a three-phase delta or Y system with 
ungrounded neutral and a line to line voltage of 22,000 
with one phase accidentally grounded—a case paralld- 
mg Fig. 2. ^ 

E/i — Ei-s Ei-a ~ \/3— "s /3 X22,000 = 38,200, 
from which the crest value of the induced voltage is 
then; Fn = 0.0376 X 38,200 X 1.41 = 2020 volts. 

A ground on an ungrounded system may stay on for 
some time before it is cleared, increasing the hazard. 
If the ground is a high resistance one, the transmission 
line voltage is not so badly unbalanced and the dis¬ 
turbance is less severe. 

If simultaneous grounds occur on two phases, the 
induction is also less severe. The electrostatic field is 
then that due to one line wire only,—the sound one. 

The disturbance is then only - 7 = times as great as in 

the above mentioned case. A dead ground on one phase 
is the limiting case and therefore the one to be provided 

On a system operating with the neutral grounded an 
accidental ground will not cause so high an electrostatic 
voltage on the control line as on an ungrounded system. 
In this case, the field will be proportional to the vector 
sum of the voltages to neutral of the sound phases: 

Thus Ea=E linc +EHn. - /T= X V' 3= Elin,. 

V 3 VO ^3 

Considering again a 22,000-volt system, Fb = 0.0375 
X 22 000 X 1*41 = 1170 volts crest compared to 2020 
volts’for the system operating with an ungrounded 

neutral. , j.i. « • 

For simultaneous grounds on two phases, the held is 

proportional to the voltage from line to neutral, e., 

Fab = 0.0375 X 1.41 = 676 volts peak. 

V3 

On a ssrstem operating with the neutral grounded, a 


third harmonic or multiples thereof will cause a steady 
induction. The 3 n harmonics are in phase between 
the line conductors and the neutral; hence they will 
originate an electrostatic field between line and ground 
proportional to the harmonic voltage to neutral, 
neglecting the increased capacity due to the three line 
conductors being in parallel. The 3 n harmonics should 
be avoided. In a poorly designed system the third 
harmonic can be 30 per cent of the fundamental, in 
which case there would be a steady voltage on the con¬ 
trol line for the above-considered 22 , 000 -volt system, 
of 2020 X 0.3 X 3 = 3800 volts. A third harmonic of 
3 per cent only will induce 380 volts above ground on 
the control line and this potential will be on the line 
as long as the tsmismission line is energized, probably 
continually discharging the protectors and interrupting 
the control. Therefore, 3 n harmonics should be 
drained out of the S 3 ^tem or else the control line must 
be moved sufficiently far away from the transmission 
line to reduce the induced voltage below the breakdown 
voltage of the protectors. If this is not possible, 
special protective measures must be taken, such as the 
use of drainage devices already mentioned. 

High voltages may be induced in the control line by 
transients in the transmission system. These voltages 
wdll be proportional to the transientvoltage; sothey may 
be exceedingly high, especially if the transients are due 
to lightning. When a fault occurs on the transmission 
line, surges are generated before a steady state is 
reached. On an ungrounded system, a solid ground 
may cause a surge of twice the normal voltage; an 
arcing groimd may cause repeated surges of three and 
one-half times the normal voltage. On a grounded 
system conditions are not so bad, as the surges caused 
by accidental grounds will usually not be more than 
twice the normal voltage. 

The presence of grounded conductors near the control 
lirift will materially reduce the induction due to the 
increase in the capacity to ground of the control line, 
Cbg in 2. These conductors may he in the form of 
continuous rows of trees, a ground wire, or the like. 
By far the most effective manner of shielding the con- 
irol line against electrostatic induction due either to 
the transmission line or lightning is the running of 
the line in metallic sheathed cable with the sheath 
grounded. The line is then immune to such influ^ces. 
If cable is used, the electrostatic lines of force terminate 
on the cable sheath and not on the control line conduc¬ 
tors. Haice, considering only protection aga^t 
overvoltage^ regardless of other advantages derived 
from this method of installation, tiie use of cable for 
control lines is to be recommended. When the number 
of conductors in the line is so small that an open wire 
line is preferable to cable, other protection in the form 
of arresters is essential to protect against 

electrostatic induction. 

If there were not the possibility of electromagnetic 
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disturbance and crosses with the transmission line, the 
use of sheathed cable would probably make it un¬ 
necessary to use protectors, provided the sheath were 
grounded at many points. The lead sheath of a cable, 
unfortunately, does not provide a perfect shield against 
electromagnetic induction, although it may reduce its 
effect appreciably. 

Consider a single-phase transmission line with 
ground return and a neighboring control line consisting 
of a single isolated wire paralleling the transmission 
line. Suppose, also, that the transmission line is 
grounded at the far end so that a current flows around 
the loop consisting of transmission line and earth. 
This current will be attended by a magnetic field, part 
of which will cut the area enclosed by the control line 
and ground, inducing in the line an e. m. f. If the 
control line is grounded at both ends, a closed loop is 
formed in which a current will flow. The two lines 



Fiq. 3—Sbpakations Rbqxtibed Between Power and Conthod 

Lines 

These curves show separations necessary to keep the electi'ostatic induced 
voltage below 300 volts above ground during normal operation of the power 
line. 

Dotted line shows the spadngs used between phases of the transmission 
line. 

Control line strung beneath transmission line. 

together may be likened to a transformer of which the 
transmission line is the primary and the control hrie 
the secondary. The induced e. m. f. in the control line 
is dependent upon the total magnetic flux cutting the 
area between it and the ground, this magnetic flux, in 
turn, being a function of the area enclosed between the 
transmission line and ground return current. In order 
to calculate the induction, it is necessary to determine 
what these areas are. The length of the exposure being 
known, this resolves itself into a determination of the 
ground current, and the distance between the lines and 
the path of the returning earth current. For this 
purpose, the conception of the so-called equivalent 
ground plane is necessary. 

When the current enters the earth from one electrode, 
it does not travel in a direct line to the other. It 
spreads out to a coMderable extent in all directions, 
so that the cross-section of the current path is extremely 
large. Most of the current flows at a great depth. 


In order to make the calculations practical, it is neces¬ 
sary to assiune a current path confined to a horizontal 
plane somewhere in the earth, the distance between it 
and the line being such that the flux included in the 
theoretical area so formed is of the same value as that 
actually generated by the transmission line current. 
This theoretical current-carrsdng plane is called the 
equivalent ground plane. It may he simply defined 
as the surface of a hypothetical earth with negligible 
resistance and a two-dimensional current distribution, 
this plane being at a suitably chosen distance below the 
actual surface of the real earth. There exists a con- 
sidwable amoimt of experimental data to aid in the 
choice of this distance. 

It is assumed that the ground current on leaving one 
ground elecirode flows vertically downward to the 
equivalent ground plane; then follows it. The resis¬ 
tance on the path being assumed negligible, the ground 
resistance of the earth path is considered concentrated 
about the ground electrodes. 

Having established what the circuit shall be, it is 
possible to proc^ to the methods of calculating the 
electromagnetic induction. It can be shown under the 
above assumptions that the e. m. f. induced in a unit 
length of control line is expressed by this formula: 

e = 0.00466 X/Xlog(-^) 

e istheinduced voltage per mile of exposure per am¬ 
pere of current in the disturbing transmis¬ 
sion line. 

/ = is the disturbing frequency. 

A = is the height of the disturbing line above the 
equivalent ground plane. 

d = is the spacing between lines expressed in the 
same units as h. 

The location of the equivalent groimd plft-no below 
the suHace of the earth is a utore or less indeterminate 
quantity depending in the main upon the conductivity 
of the soil which in turn depends upon the nature of the 
soil, ite moisture content, and the like. If the con¬ 
ductivity is high, or if there is a layer of conductive 
soil near the earth's surface, the equivalent ground 
plane will be near the surface. If the conductivity of 
the earth is poor, the equivalent ground plane will be 
deeper in the earth. Experience shows that the dis¬ 
tance between the earth's surface and the equivalent 
ground plane may vary from a few feet to 2000 ft. 
Experience also shows, however, that in most cases the 
maximum depth that may be expected is approximately 
500 ft., so that calculations made with this value for 
h give in nearly every case values of induced voltage 
which are amply high. Moreover, as the depth of the 
equivalent groimd plane is increased, the induced volt¬ 
age increases less rapidly as shown in Pig. 4, which is 
reproduced from the article by R. Mitsuda and K. 
Kasai (see bibliography) so that for values of h greater 
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than 500 ft., the results will not be affected as much as 
may appear off hand. Moreover, there are usually 
mitigating factors present which, in actual practise, 
reduce the induction. Consequently we may use the 



Pig. 4—^Variation of Induced Voltage with Depth op 
Equivalent Ground Plane 

value 500 ft. with safety and write the equation for 
induced voltage: 

e = 0.00466/(log ) volts per ampere mile, 
where d is in feet. 

For convenience, we may express this equation in 
terms of 25- and 60-cycle induction: 

, 1000 , 

eu = 0.116 log -y (r. m. s.) 


Considmng protection against overvoltage, the 
potential of the control line to ground is the object of 
interest rather than the e. m. f. acting along the line. 
It may be well here to point out the differences between 
electrostatic and electromagnetic induction. In the 
former case, the induced voltage occurs between the 
disturbed line and ground. It is independent of the 
length of the exposure, being determined only by the 
capacity per unit length and by the disturbing voltage, 
while the amount of charging current is dependent upon 
the length of the exposure. In the case of electro¬ 
magnetic induction, the e. m. f. is induced along the 
disturbed line and is a function of the length of the 
exposure and the disturbing current, while the current 
flowing in the wire is dependent upon the characteristics 
of the disturbed line. After establishing what the 
induced e. m. f. is, the control line may be considered 
as a circuit containing reactance and resistance de¬ 
pending upon the constants of the line, and a source of 
potential whose e. m. f. is the induced voltage. 

In order to determine the potential to groimd due to 



1000 , 

eso = .269 log -y (r. m. s.) 
for parallel exposures. 

' The variation of the induced e.m.f. e, with the 
spacing d, between the disturbing and disturbed hues 
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d, SPACING IN FEET 

Pig. 5— B. M. P. Induced per Ampere-Mile at 60 Cycles 
ounris show variation of e. m. f. with spacing between disturbing and 

of eduivaient ground ptoft 
Curve B, depth of equivaleiit ground plane, 600 f . 

.1 • ciirvB IS not 8,cciimt8 for 

2 A ITIhe — for . ia 
W as gi>en, the induction at a spacing of 2 fe would 
br^’ero, bSa^ise in the derivation of e, 
have been made which bring this 
induction persists to greater distances, theoretically 

infinity. 


Pig. 6—Distribution op Potential on Line Isolated prom 
Ground 

electromagnetic induction, consider the disturb^ line 
by itself with a source of e. m. f, Fa. induced in it. If 
the control line is totally isolated from ground, the 
current which flows is chiefly a charging current. Its 
value is, 

Z^Z' 

where Z is the impedance of the line, “the ^ound im¬ 
pedance being considered zero” and Z' is the mp^ance 
between the Une and pound consisting of the ^s- 
tributed capacity and reastance of the ^ 

Z is gpiail compared to Z', so it may be neglected. 

The voltage betweai line and ground at any pomt w 
dependent upon the capacity betw^n line and g^oun . 
If this capacity is evenly distributed, 
the potential to groimd, Vb, will be distributed as in 

^The voltage to ground at the middle of the esqiosure 

iszeroateachendofthelineitisMEB. 

If the control line is grounded at one end but op 
at the other, the Vb of the pounded end is zero ^d the 
total voltage is thrown on the open end. (Fig. 7J. 

If the line is earthed at the center of the ^^sine, 
the same condition exists as in Fig..6 and a protector at 

this location will do no good. , , . •* 

If the line is grounded at both ends, a short cn^t 
is thrown on the induced e. m. f., Br. A current will 
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flow determined by the impedance of the circuit. 
Assuming zero ground resistance, the current is 

. Supervisory cables are usually made with No. 19 


B&S gage wire, having a relatively high ohmic resistance 
of 44 ohms per mile; hence the reactance may be 
neglected and 


•1b 

In this case the voltage to ground of the line is zero. 



Fio- 7 —^Disteibtjtion or Potential on Line Grounded at 
One End 

and tiierefore grounding the line at both ends of the 
exposure is the best safeguard against overvoltage. 
This can not be done actually, but can be accomplished 
in effect by connecting protectors between line and 
ground at or near the «ids of the line. If the induced 
voltage is high enough to discharge the protectors— 
about 860—500 volts,—the line is effectively grounded 
for the duration of tiie fault on the transmission line. 
If the induction is not sufficient to break down the 
protectors, the potential on the line will distribute itself 
as in Fig. 1, but no damage will result. Vs may be of 
the order of 500 volts. For this reason, a supervisory 
line should be treated as a 500-volt line. 

The current which the protectors may be called upon 
to pass under fault conditions in the transmission line 
may reach high values, of the order of 50 amperes, 
under severe induction on open wire lines. The 
duration of the discharge may be as much as two 
iseconds, which requires extremely sturdy arresters. 


discharge will be a function of the resultant e. m. f. in 
the line. If the fault should occur midway between 
power sources of equal capacity, the resultant e. m. f. 
is zero and no current flows. This does not mean 
that no voltage to ground appears on the control line. 
The two induced e. m. fs. oppose each other and the 
line has distributed capacity to ground. Therefore, a 
voltage will pile up on the control line at a point 
opposite to the fault on the transmission line. This 
voltage may reach a considerable value, and if such 
is the case, a protector at or near that point is desirable. 
If a fault occurs somewhere within the parallel, the 
situation is as pictured in Fig. 8. 

Zi and Zi are the impedances in the lines, h and li 
the currents, and Ci and Ci represent the distributed 
capacities. The voltage to ground. Vs at the farxlt 
location wffl be V = Ei - hZi = E^ + I.,Z,, i. e., 
somewhat less than the greater of the induced e. m. fs. 
but more than the smaller. 

The voltage distribution will be as in Fig. 9. 
a = is the point opposite the fault in transmission line. 
ab = El. 
be = Ei. 

ac = a'c' = Ei-E^ = IZin the line. 

When the protectors discharge there can be no 



PiQ. 9 —^Voltage Distribution with Fault as in Pig. 5 


potential to ground at a', so the ground potential will 
ta,ke the position oc'. The voltage to ground at a 
will then be V = b d. The ordinates between o b 
and 0 c' represent the distribution of the voltage to 
ground along one section; those between 6 c' and o e' 
that along the other. 


lioe4f<eit •/ fvtit. 



Pig. 8—Diagrams Showing Fault at Intermediate Point 


In the foregoing, it is assumed that the fault in the 
transmission line is at one end of the exposure, so that 
the direction of the induced voltage is everywhere the 
s^e. Should the accidental ground on the power 
line occur anywhere between the ends—for instance— 
near the middle of the parallel, current will feed into 
the fault from both sides. These currents will be in 
opposite directions;, hence the e. m. fs. induced in the 
sections of the control line on either side of the fault will 
be in' opposition. The current which then flows in the 
control line ground loop when the protectors at the ends 


If there are no protectors on the line, or if they do 
not discharge, one-half the residual voltage,—^that is, 
one-half the difference between and . 1 & 2 —will appear 
at each end of the line and at the point corresponding 
to the fault on the Iransmission line. 

Consideration of the case pictured in Fig. 9 shows 
that if the supervisory line is a cable, it may be well to 
install protection at intermediate points to safeguard 
the cable insulation or else use a more highly insulated 
cable. The number and location of protective equip¬ 
ments necessary to keep the induced voltage below 
hazardous values may be calculated from the character¬ 
istics of the transmission system and the control line. 
An open wire line will not require intermediate pro- 
^tion because the wqrst that can happen on the line 
is an insulator flashover which will probably not cause 
much damage. 

The above discussion has dealt with a single-phase 
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ground return power line, such as a railway trolley. 
On a three-phase system where the voltages are 
balanced, there will not be any magnetic field to speak 
of, and no induction is to be expected on the control 
line. If the voltages are unbalanced, unbalanced 
earth currents will flow and an e. m. f. will be electro- 
magnetically induced on the control line. 

In the case of a grounded neutral system with an 
accidental ground on one phase, a heavy ground current 
will flow. The ground current may be calculated and 
the induction derived by considering the disturbing 
line a."? a single wire with ground return. 

Electromagnetic induction from imgrounded systems 
is usually not severe. So long as the voltage is 
balanced, no hazardous induction occip. If anacd- 
dental ground occurs on one phase, the line currents will 
be unbalanced, a high voltage will appear between the 
ungrounded phases and ground, and a certain ground 
cuwent will flow. This situation is discussed by Ruden- 


TABLE I 


Ea 





/iB In per 

kv. 

/ 

c 

i 

Eb 

cc'iit of Ea 

35 

50 

0.00443 

2.10 

64.2 volts 

0.18 

35 

50 

0.00434 

2.07 

60 5 

0.17 

60 

75 

0.00433 

5.30 

230. 

0.32 

100 

100 

0.00463 

12.6 

774. 

0.77 

100 

ino 

0.00475 

12.9 

75.5. 

0.76 


TABLE II 


Ea 

kv. 

Plant 

kv-a. 

/ 

I 

Eb 

Eb in per 
cent of Ea 

35 

20,000 

50 km. 

540 

16.5 kv. 

47 

36.6 

60 

30,000 

75 

,506 

22 

100 

50.000 

100 

522 

32 

32 
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Fio. lO-CiTBKKNTS Due to Accidental Gkovnd on One 
Phase op XJnquoxtnded Line 

berg (see bibUography) briefly as follows: At the 
point where the ground occurs, it may be assumed that 
the phase voltage is neutralized by a fictitious equal 
and opposite voltage, — Ep, so that the vokage o 
ground at the fault is zero. This voltage, - S p, will 
cause currents to flow superimposed on the normal 
current caused by E p. The currents c^ue to -h S p 
balance and do not disturb the contool line. Then 
- Ep urges two currents to flow, one ti flowing 
the loop consisting of phase 3 on the one hand 1 ^ 

2 in parallel on the other, and the capamty between 
them These currents are indicated by the ordina^ 
of the vertically hatched areas m Fig. 10, being 
balanced by - ii in 1 and 2 will cause no inducbon. 
second current i, Horn 

of 3 the earth, and the capaaty between 3 and the 
earth It is a ground current and will mduce an e. m. f. 
in the control line. The conditio^ sir^ whether 

the fault occurs at the sending or the far end. 

Some flgures for the induction from ungrounded 

syLns c^culated by Eggeling (s^ 
iven in Tables I and II. Table II is for simultaneous 
erounds occurring on two phases at op^te ends in 
which the ground current is a short di^tc ^t^ d 
very heavy. The figures are t^en from Eggehng 

article and are for 50-cycle induction. 


Here I is the length of the parallel in kilometers, Ea is 
the line voltage, c is the capacity of the line to earth, i 
is the disturbing ground current, i. e., 34 is the 

e. m. f. induced in the disturbed line. 

For lines with appreciable self-inductance in the 
path of the current is, and low ohmic resistance, 
resonant conditions may occur which may serve to 
raise the induction to values 3 to 4 times normal. 
The figures in the tables take no account of this, and 
may therefore be too low; on the other hand, miti¬ 
gating circumstances are usually present, such as over¬ 
head ground wires or other grounded conductors; 
perhaps a cable sheath, which may considerably reduce 
the induction. In any event, it is apparent that the 
induction is heavy only for high line voltages and long 
exposures in such extreme cases as a double fault on 
two phases. On present-day supervisory control instal¬ 
lations, the transmission line voltage and the length 
of exposure has been moderate. Ordinarily, therefore, 
the induction on supervisory cables used in conjunc¬ 
tion with ungrounded systems will not be hazardous 
when the fault occurs on one phase only. 

However, on systems with a grounded neutral, high 
voltages may be induced, as heavy fault currents will 
flow in the case of an accidental ground. As such 
systems are in the great majority in this coimtry, ^d 
since it is difficult to lay down a general solution for the 
protective problem, each installation conasting of 
power and control line presenting an in(frvidual 
question, it may be well to work through a ^ypotheticd 
case in order to clarify the matter. The calculation 
made will serve as an indication of what may be ex¬ 
pected and as a guide to the methods to be applied in 
the investigation of actual installations. , . 

With this in view, consider a system as depicted i 

Piff 11. 

In riff 11, B and C are two hydroelectric station 
operated by supervisory control from station ^ 

These station feed power into a system at 60 cycln 
tiirough a 33,000-volt line, with the neutral grounded 
^ea^ station. The generators and 
a.t A B C have reactances of 20 per cent and I p 
It The capadaee of A, B, and C are 
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15,000, 5000, and 6000 kv-a. The transmission line 
is No. 00 B&S gage copper with a triangular spacing of 
36 in. B is 4 mi. from A, and C is 5 mi. from B. The 
supervisory line is a cable spaced 15 ft. from the trans¬ 
mission line. It consists of 10 pairs of No. 19 B&S wires 
running between A and B and 10 pairs from A to C. 
The cable between A and B thus contains 20 pairs of 
wires. At each end of each line, each conductor is 
connected to earth and cable sheath through a protector. 

Then, from Fig. 6 , e = 0.51 volts per ampere mile. 

The problem thus resolves itself into a calculation of 
the ground current. 


These currents will be: 


Tab' = 


Iac' = 


780 

4 X 44 

2525 
9 X 44 


= 4 amperes. 


= 6.4 amperes. 




Trattg/niaston Lin* 


Kt^Geanaior A\sooo Gentrcder 



Pig. 11 ^Example op System with Supeevisobt Control 

Let us first assume the fault, a ground on one phase, 
to be at C, the end of the line. The calculations are 
easily made by the phase sequence method, following 
the procedure described by R. D. Evans (see bibliog¬ 
raphy). In the calculations made here, the effect of the 
connected system has been neglected in order to simplify 
the problem. This is a somewhat violent assumption 
as the S 3 rstem may feed a considerable amount of ad¬ 
ditional unbalanced ground current into the fault at C, 
unle® the system is of small capacity. For an exact 
solution, the comected system should be taken into 
account and the induction will be higher than calculated 
here. 

Appl^g the Evans method, the ground currents in 
the sections B - C and A - R are as follows: 

Tb-c = 686 amperes. 

Ia-b = 382 amperes. 

These calculations n^lect the effect of ground resis- 
tence which may or may not be a negligible factor, 
dependmg upon the individual system. 

The induced e. m. fs. will be: 

•Eab = 4 X 382 X 0.51 = 780 volts. 

^Bc • = 5 X 686 X 0.51 = 1745 volts. 

Both in the same direction. 

The voltage induced in the line A - B is thus 780 
volts; the voltage induced in the line A - C is 780 
+ 1746 = 2526 volts. 

If the lines were totally isolated from ground and had 
no ^tectaon, the voltage to ground to which the in¬ 
sulation at the ends would be subjected would be: 

T^ab = 390 r. m. s. or 650 peak. 

Vac = 1260 r. m. s. or 1780 peak. 

Wh^ the protectors discharge current will flow 
Jo^d A - B, and ground; and A - C and 


3 Carrying the ease further, let us assume the fault at 
. B. We then find the ground currents in the trans¬ 
mission system to be: 

Iab = 750 amperes. 

Ibo = 408 amperes. 

These currents are in opposite directions. The 
induced e. m. fs. are: 

jEIab = 1530 volts. Ena - 1040 volts. 

The line A — B will have induced in it an e. m. f. of 
1630 volts. If it were unprotected, a voltage of 765 
r. m. s., or1040peak, would appear at each end between 
conductors and sheath. 

In the control line A — C the resultant e. m. f. will 
be Bab - Bbo = 490 volts, but a high voltage to ground 
' and sheath will appear on this line at the fault point, C. 

Suppose the protectors have broken down so that 
A - B is grounded at A and B and the line from A to 
C at A and C. Then the currents induced will be: 

r /• 1530 

= 4 ^ ^ = 8.7 amperes. 


j. g -Xt/V 

■‘AC - g ^ 44 = 1.2 amperes. 

Because of the fact that the e. m. fs. induced in A - B 
and B — C are in opposition, a voltage to ground will 
ex^ on the line A —C, with a maximum at B. This 
voltage is indicated by Pig. 12. 


^ -- 

* --—"b-:— - A- 

e/» ® 

Fig. 12—Voltages Indgced in Contbol Line Shown in 
Fig. 11 WITH Power-Line Fault at B 

TheVoltage at B is e/ = 1310 volts. 

Because the line A - B has protection at B, its 
voltage to ground at B is zero and theremay, therefore, 
be a potentaal of 1810 volts between the conductors 
of the hne A B and those of the line A — C. This is a 
haz^d. Consequently, in this case proteetora should 
be installed on the line A - C at or near B. The 
VO ge ef then collapse. The protectors on 
A 0 at B will be called upon to discharge a current of 

T , _ 1530 1040 

® 4X44*^5X44“ Mnperes. 



Fob. 1928 


BECK: SUPERVISORY CONTROL LINES 


663 


Now suppose the fault is at M, a point half-way 
between A and B. The ground currents in the trans¬ 
mission system are then: 

= 1095 amperes. 

= - 690 amperes. 

Jbc = — 316 amperes. 

The e. m. fs. induced in the control line are: 

= 1120 volts. 

= — 705 volts. 

£?bc = — 805 volts. 

The resultant e. m. f. in the line A — B will be 1120 
- 705 = 415 volts in the direction A to B, causing a 





Fio. i:i— VoiiTAa® ON Control Line A B op Pig. 11 with no 
Protectoes 

Vfi « Vii « 208 vollR to ground. Power-line fault midway between 
A anti B. 


the direction C to A. If’there are no protectors on 
this line, the potential distribution will be as in Fig. 
15. With protectors at A and C, these will discharge 
and the distribution is as indicated in Fig. 16. 

From these figures it is apparent that if protectors 
on both AB and AC discharge, there may exist 
appreciable differences of potential between the con¬ 
ductors of A B and those of A C. This may be the 
cause of failure between conductors. To avoid this, 
protectors are necessary on A C at B. If these are 
applied, there is no stress between conductors but only 
between the wires and sheath. Simultaneous pro¬ 
tector operation probably does not always occur be¬ 
cause if the protectors on one wire discharge, that 
wire becomes a grounded conductor and acts as a shield 
for the rest. On the other hand, the cable conductors 
are fairly high in resistance; hence their shielding 
action is probably small. 

In the case of open wire lines, intermediate protection 
is not important. When cables are used, protec^on of 
cable insulation may be necessary to safeguard it from 



' I 

Kici. 14 —^Voltage on Control Line A B op Pig. 11, 
Protectors Discharging 

Powur-lino fault midway botweon A and B. 

OM « -U20volts. Va « Vb -0. Vm - 900 volts to ground. 
ItLssklual Voltage, OB- 416 volts. 



Pig. 15 —Voltage on Control Line A C op Pig. 11 with no 
Protectors 

Power-line fault midway between A and B. 

Va « Vc 196 volts to ground. 



PiQ, 16 —Voltage on Control Line A C op Fig. 11, 
Protectors Discharging 

wOi Be . in 

im- ^.^5 - - 89o“v X St t 8M ”lte to 


failure. 

On open wire lines, the curroits caused by the 
induction will be much heavier, becauK the wires used 
for open construction are much heavier and therefore 
lessinreastance. 

While the above described example may serve to 
indicate the nature of the induced voltages, much 
higher ones may exist particularly where large con¬ 
nected systems can feed into the ground fault, tbus 
causing the flow of very heavy ground currente. For a 
system in which considerable energy may feed into the 
supervised section, all sources of current should be 
considered. Systems in which the induction may be 
high should be analyzed to determme the protei^r 
requirements if it is desired to safeguard the cable 
insulation against failures. 

On the other hand, there are fortunately 
conditions which act to reduce the 
induced voltage so that the results obtained for toe 
particular case calculated are POsaWy pes^jstic. 
The proximity of grounded conductors exerts a skddmg 
effect. The use of an overhead ground wire, or a 
neutral wire on the transmission line 
induction considerably, since an appreciable p^ of 
toe fault current will flow through this v 

through toe earth, whereby the area of the di^bmg 
loop mid, therefore, toe inducing flux are consideraWy 
The cable sh«th itstf Jl ^ 
may be a potent reducer of mdu^ e. m. f. cable 

sheath acts as a short drcuited damping turn. The 
deSre damping which it exerts depends upon the 

S^^gle of the sheath. For effective shielding, it 

important that the reactance of toe sheath grorad 
inon be as high as possible in comparison to ite resis- 
mea^ that the 

groimded, and that the joints m it shonld be highly 
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conducting. However, where the sheath resistance is 
appreciable, the shielding effect will be small. In the 
case of the 20-pair cable between A and B, in Pig. 13, 
the sheath resistance is 4.2 ohms per mile while the 60- 
cycle reactance is 1.2 ohms per mile. Hence, the phase 
angle and the shielding effect are quite small , For 
larger cables where the sheath resistance is lower, the 
shiel<hng effect is much greater. Reductions of 30 per 
cent in induced voltage have been claimed for such 
cables. To obtain the best shielding effect, telephone 
cables have been constructed in which a shell consisting 
of a number of copper wires is located next to the lead 
sheath, these wires being solidly grounded at each end 
of the cable; also, with iron hoops around the sheath to 
increase the reactance. This has been done to reduce 
the electromagnetic disturbance of telephone com¬ 
minution. If shielding of this kind is resorted to. 
It IS theoretically possible to forego entirely the use of 
protectors. 

The ground connections to the protectors and the 
^ble sh^hs should be as low in resistance as possible. 

I ills is important to prevent the building up of high 
voltages across the ground resistance if heavy currents 
now. A f^isient may be generated in the cable sheath 
W induction from the transmission 

transient contains considerable energy 
foil! f®fo"''dresistancesofthe earth connections 
to^e sheath are high, a high voltage drop may appear 

^ ground. It is possible 

overvoltage may relieve itself from the cable 

M ® f of the supervisory line through 

apparatus to ground. Low ground resistance is 
important for aU lightning arresters. The best light- 

hampered by high-resistance grounds, 
will not give good protection. 

ff^'^o^ended that cable sheaths be 
^thed to the station ground where the nature of the 

^ ground resistance is not to be 
obtained. Under such conditions, if the station ground 

SatSn’ one^f the 

Into ’ ^ current will take the 

lower resistance path through the cable sheath in 

snfflo* ? f currents which may be 

^fiieient to ^age the insulation because of heatinc 
or even to injure the cable sheath. Where the 
^stances are high, the earth connections to tiieSie^ 

The i, ot r„vtc r,:ii 

line is of benefit in this connfcZ^2i?tSr”®“''®^v“ 
greater part of the fault current * 


Transactions A. I. K. 15. 

A special protector has been developed for use on 
supervisory control circuits to relieve lightning voltages 
and with sufficient capacity to discharge the heavy 
currents of comparatively long duration which may be 
cau^d by induction. The essential element of this 
device is a spark-gap of particular design enclosed in an 
atmosphere of inert gas at a reduced pressure, to give 
a low breakdown voltage. The gas used permits of 
large energy discharges without undue inj'ury to the 
electrodes which are of arc-resisting material. The 
breakdown voltage of the gap is of the order of 350 to 
500 volts. The protector has four electrodes equally 
spaced from each other, so that several lines may be 
protected simultaneously. The most common practise 
IS to connect two of the electrodes to earth, and each of 
the remaining two to one side of the line. 



rio. Piio™c,-roa Ui.i» 


“Mists of the bulb herein 

Thisde^cihlSStyF^V.™'' “ “°'*- 

protector and"te 

a sustained di«*a.^'’or fsS SSSf th^bT 
the extreuaty ot a very heavy dSt. f, ,n 'r“ 
is open wire, high-voltage fu<«S ^ 

thelmeandireSctiitodeS^.r"'?^' 

and apparatus in the event that it b 

dischatges'duT^the^hni 

voltage from ap^SS “ S f Pr™** 
ra^is usual practise for open wirelShSTfe 

Where the control line consUts ot a plurality of con- 
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ductors, the required number of protective equipments 
is arranged in rows. The supervisory lines are run 
through the holes provided in the sides of the boxes and 
are tapped to the protectors. Each protector is 
separated from the next by the steel side of the cabinet 
so that a failure or possible arc in one box will not 
endanger the others. 

The protector bulb is capable of discharging lightning 
voltages of any order except direct strokes nearby, 
and will handle many times discharges of 60 amperes 
of two seconds’ duration. It will take care of heavier 
discharges, but at a sacrifice of length of life. It will 
discharge several hundred amperes, thereby keeping 
the voltage on the line below hazardous values even 
if it is destroyed by’ so doing. 
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2. An insulator spiU-over at the control or either of the 
remote stations. 

These protective transformers were installed in July 1926. 
thus giving up-to-date IJ 2 years of a service record which 1 
believe is an enviable one. * During this time, frequent electric 
storms have occurred over the district where the system trans¬ 
mission lines run and for this reason it seems safe to uskinie that 
the power arresters at all three points have discharged at Least 
several times, and no troubles have been found in the cable. 

As to insulator spill-overs at these stations, three have just re¬ 
cently occurred: twice at the control point where, due to ice con¬ 
ditions, an outdoor disconnecting switch, when being operated, 
flashed over to ground and possibly later developed a tliree-phase 
short circuit, the latter one being so severe and relativcdy long 
(5 or 6 sec.) that some of the generating stations went out of step; 
and the other occasion was an oil-switch bushing failure at one of 
the remote stations. 

At the control station the outdoor swdtch in question had its 
base grounded to the power lightning-arrester ground located 
in the forebay a few feet from the substructure foundation. This 
ground is entirely separated from the station ground proper to 
which the supervisorj*^ equipment is grounded. They are, however, 
located only about 50 ft. apart, and thus in reference to the 
ground-voltage gradient which would occur, due to the flow of 
“fault” current, its effect on the telephone and supervisory cable 
would be approximately the same as if both grounds had been 
intercormected electricaUy. The system neutral is grounded at 
this station, as weU as others, the ground being located approxi¬ 
mately 800 ft. away from the station building and has a resistance 
of approximately 14 ohms. The resistance of the arrester 
ground is approximately 4 ohms as it forms about half of the 

® . , _-1_ „+4.V.;is ofofirtTi rtf a.nnrnvimatelv 


27,1925, p. 121)7. , , 

Dr. Jaogor, “Beeinliussung von Fernmeldeleitungen durefl 
Hochsimimungsanlagen,” Etz, May 1,1926, p. 417. 

R. Rudenberg, “Elektrische Schaltvorgaenge.” 

R. Mitsuda and K. Kasai, “The ‘KM’ Chart, Computation 
of Kloctro-Magnoti(i Induction Between an Aenal Line and 
Neighboring C^ircuits,” General Blectnc Rev,, May 19^, p. ^90. 

Jl. Pleijel, “Induction and Influence Disturbances m PMallel 
ComliiMing Systems,” Published by A. B. Guimai Tissells, 

StockJiolm, Sweden. »» 

R. D. Kvans. “Finding Single-Phase Short-Circuit Currents, 

lilerMcal WorU, April 11,1925, p. 760. 

S. C.;. Bartholomew, “Power Circuit TSf 

graplis and Telephones," Journal of the I. 1. E., Vol. 62 Get. 

1!)23, p. 817. 

Discussion 

c. F. Publowt These comments are contributed as a 

T? p* 218 . 

o. p. p.bi.w 

ami narirnmy 11““* *“A ”l” t ^ 
October 1926. and as corrected in December 1926 A. l.a. n. 

» U.. 

Hydro-Electric Power Commission of Ontario. . „ 

transformer equipment wtash timj.o ^ dis- 

installed to overcome supervisory control quite 

cussions which had made operat y 

unsatisfactory. predicting 

The statement formers as making the 

the performance of the protective 
supervisory cable installation 

1. Power lightning-arrester discharge. 



2 ohms. . j j * 

At the remote station, the oil breaker frame is grounded to 
the station ground of approximately 2 ohms resistance, it being 
the one to which the supervisorj' cable is also grounded. 

Connected Capacity. The system bad praetioally its total 
generated capacity in service at the time these “faults 
and it is estimated that a crest voltage of approximately 8000 

volts to ground existed at the peak of the spiU-overe. 

Condition of the CaMe. 1. After the firet spiUniver at the 
control point—on- testing the cable after this “fault oeeurre , 
it was found to be in exactly the same condition as on a prenous 
test some months prior to this and praotieaUy the same as when 

the protecting transformers were installed. 

2. ^ After the oil breaker bushing failure at one of the remote 
stations, no test was made on the cable, but it is thought that one 

pair of wires failed at this time as described m (3). 

3. After the second spill-over at 

testing after this “fault," the two wires referred to m (-) were 

ri«di».tl» on III. Mnlpm."* ‘T“'; 

However, it happened that one of our meter ‘“P^reXe 
listening in over a pair of wu-es in the supervTsory 
in eonnlition with testing the remote Jj-e 

“fanlt” occurred, and he reports there was no indication from the 

For«n..™...ll»»-»P- 

tion made in (2) has been made. 

Owing to the system not being normally 

SS aSoTu both ooeasions the “Bell” telephone eonn^tion 
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voltage, caused by the ‘‘fault,” an operation expected by the 
operator: the other two machines apparently not pulling in due 
to the low voltage which was approximatelj^’ 50 per cent normal 
before the four units were brought on, and about 90 per cent 
afterwards. This did not require even the replacing of a fuse, 
an important item under such circumstances. 

This performance in a “pinch” is an exceptionally pleasing 
one from an operating standpoint, and one which is very gratify¬ 
ing to the Commission’s engineers. It should be stated in this 
connection that this supervisory cable, prior to the installation 
of these protective transformers, suffered very severe damage on 
a number of occasions, some of them almost severing all the 
conductors and lead covering and examinations of short lengths 
of cable close to these damaged portions showed many burnt 
spots in the insulation of pin-hole size. The cable was only 
repaired at the time the protective transformers were installed, 
a number of the conductors was not clear, and thus owing to 
this condition, the faulty pair referred to in (2) and (3) above 
does not distmb our confidence in the protective transformers. 

We believe hlr. Beck is familiar with the installation referred 
to, and it would be interesting to have him predict the functioning 
of the protective equipment described by him under such 
cmoumstances, 

Mr. Beck refers to “W” and “high” ground resistances; I 
beheve his paper would be more valuable if he were to definitely 
state the values of these ground resistances rather than use 
these relative terms. 


of carrier-current supervisory equipment, such as that on t.he 
Chicago, South Shore, and South Bend Railroad. In tliis in¬ 
stallation a wire was strung on the telephone crossanns. For a 
part of its 60-mile length, it is earned on the same polos as the 
33,000-volt power circuits. The use of pellet-type arrestors 
with high-voltage fuses at each of the eight stations has satis¬ 
factorily taken care of lightning, electromagnetic induction, 
and in one instance direct contact with the high-tension system. 

The use of carrier current of course somewhat simplifios tlio 
protection problem and permits the use of very positive and 
r^able protective equipment. In this installation drainage co il s 
eliminate static potentials. 

Caesar Antoniono: Mr. Beck in his paper stated tliat if 
the control wires are in cable, then unless the lead sheath is 
fused by the short-circuit power ciuTent, high-voltage will ho 
kept from the lines. 

TMs is true, but it is also true that a grounded lead sheath is 
subject to severe burn-out in the ease of power lines coming iii 
contact with the lead sheath, and invariably the lines are 
damaged by the voltage carried through the cable to tlie nearest 
fusible cut-out, and sometimes pass that and damage the equip¬ 
ment, and the restoring of the lines is not a short job. 

Another phase which I may touch on is the trouble with 
bi^et holes. This is a trouble which it is difficult to lu(?ate and 
^vill introduce moisture in the cable lines and aiToct tJio control 
much more than the telephone. 


Chester Uchtenberit It very early developed that the 
standards of protection, maintenance, and operation of telephone 
and telegraph lines were not sufficiently high for supervisory 
purposes. ^ ^ j 

With supervisory systems, the lines are predicated to be in 
eontmuous service, even though no current may be carried over 
em. Therefore, if the lines are interrupted for any reason 
whatever if they fail, if they are grounded, if they are burned olt 
^ was the case in the experience of the Hydro-Blectrio Power 
Co^Mion of Ontario), the entire supervisory system is 
rendered inoperative, and usually this oondition occurs at a 
time of stress and when it is most needed. Consequently, too 
much stress cannot be laid upon the necessity for a high standard 
operation of lines used for supervisory 

C. E. Stewarts The paper by Mr. Beek gives a very clear 
^d concise ^ysis of the abnormal potentiaJs induced in line 
TOCS as ordm^y used for supervisory systems. Where the 
ist^LT?^ iigh-tenaon systems the protection problem 
^ employed 

be lockout eiremts the conneotions must necessarily 

^spatoher’s office equipment to the sub^ 
rtafapn eqmpment. This prevents the use of the insulating 

T a* a protective device 

in wire telephony. It also means that the arrester, used nossiblv 
m conn^tion with choke or retardation coils, i^S pS 

electromagnetio distobances 

be quite severe. Arresters used for supervisory equipment 
proteetaon must be self-restoring, that is, they must be capable 
of disctoging to ground without fusing or making a permanent 

indS^SorS/l*’'®. papw which deals with electromagnetic 
mductaon ^ould be of special interest to operating oompanies 

One phase of the subject which is a bit outside the scope of 
Ins paper, but nevertheless associated and of interest is the 
^^on of line wires utilizuig carrier current for the impulse 
olwnnel. I refer to a wire cireuit installed especially for th? use 


- luoro uioar lo me cue paragnipli 

m which he says, ‘^Hazardous voltages of the order of Jiiiiidreds 
of volts are the object of interest. It is therefore not necessary 
to be as particular in the assumption and caleulatbu as would 
be the ease were telephone or tolegi-aph linos concormid in wliicli 
very small disturbing voltages might cause false signals or 
interruption of the service.” 

If Mr. Beck has in mind that the supervisory control lines aro 
not of equal importance with the telephone or telegraph lines, 
I must ^sagree with him, as we find whore the control is em¬ 
ployed, for switohing purposes in particular, the service depend¬ 
ing on this switching is affected by its failures. Therefore, our 
experience is that the lines used for supervisory control must 
be m better condition than for telephone use, where in carrying 
out a conversation over the telephone the missing of a w'ord now 
and then is annoying but does not destroy the sense of tho 
message. But in ^e ease of supervisory control where selectors 
are imed, a reduction of the impiUse voltage may cause a failure 
of the switehmg contemplated, or an indication loss, or even a 
wrong switching may result. 

In conclusion Mr. Beck covers in very fine style the theory of 
pro^tu^ the supervisory control lines but if these theories are 
**^.WaotiM they are not going to work out in every 
detail as given. The highest degree of service can be obtained 
from ae su^sory control lines and system. But wo have 

^ ®P«rience although we have had various 
Em!T toS supervisory hues, we have experieuoed 

at times of power-system trouble when it was most needed. 

Mr Xl^!! having done what 

makino- tlio *here is still a desire for improvement in 

trouble-proof against 
ttese conditions so as to obtain 100 per cent sLvice during 

but Protecting the hues is a step in the right directio^ 

5 ETL the blowing of a fus^ 

sem^renSer^’ iuconvenienoe in the 

®®®h’s paper draws attention 

!^d XotTvEE PhysieaUy paraUelwire systems 

ana which is very often overlooked. True enough similar 

conditions have been thoroughly investigated and experimented 
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upon mostly in the cases of telephone systems physically parallel- 
iiije: power linos. The forces causing the effect are known, 
}n*e( 5 antions anil mitigating raeasiu'es are also known and resorted 
to in this (telephone) practise. 

Coimnittees of engineers have carried on the experiments 
mutually and satisfactory coordination has been accomplished. 
Till5 foremost body to work on this coordination is, without 
doubt, the fiidiictive Coordination Committee of the National 
Electric Light Association. 1 am citing the above just to bring 
before you the fact that this inductive effect is nothing new and 
nothing peculiar to supervisory control lines, but is liable to be 
encountered on pilot-wire i*elay systems and elsewhere. 

(d lean example which came to my attention: The power 
system involved consisted of single-conductor cables (3-phase) 
located nndergi‘oiiud and in parallel duets to the pilot-wire 
system which was grounded at both ends. Causes of trouble 
oil tbo power system boyond the zone protected by the pilot 
wires proiniitly caused the pilot-wire relay system to operate at 
the wrong time. In tracing the matter down we found that 
extnwirdinary precautions had been taken to keep the pilot 
wire at ground potential; this was accomplished by grounding 
both ends of the system. 

When single-phase trouble occurred beyond the protected 
zone, currents wore induced in the pilot wire which were not 
ontiroly balanced in the return wire provided, part of the induced 
curi'imt roturning tlirough the earth. In this particular case 
satisfactory operation was obtained by eliminating the ground 
con miction at one end of the pilot system and providing at this 
point a low-voltage lightning arrester, similar to the one men¬ 
tioned in Mr. Beck’s paper, to guard against the induced voltage 
at the time of trouble causing insulation breakdown. 

From my work with the N. E. L. A. Inductive Coordination 
Ckmiinittce I know that in many oases more attention shoidd 
be paid to the comparatively simple remedial or preventative 
measures which can often be resorted to more effectively when 
the installation is being made than afterwards. 

Edward Beck: Mr. Publow’s discussion is of particular 
interest in so far as it describes an additional method of cable 
protection whore grounding conditions are troublesome. In my 
opinion, the same degree of protection would be secured by the 
use of the arre.sters described in the paper, provided the 
flheath ground is well separated from the neutral ground so that 


fault current is kept out of the cable sheath. It would be inter¬ 
esting to know the resistance of the ground path, including the 
electrodes, between the stations described by Mr. Publow. 

The question of what is a low and what is a high ground resis¬ 
tance always arouses considerable discussion. For lightning 
arresters on power circuits, a figure of 15 ohms has been men¬ 
tioned now and again as a maximum. A 15-ohm ground for a 
distribution type of arrester is probably satisfactory although a 
lower resistance is better. For the ground-to-cable sheaths and 
supervisory control protector equipment, the ground resistance 
should be of the same order. Station and neutral grounds 
should be as low as possible, of the order of a very few ohms if 
possible. 

Referring to Mr. Autoniono’s discussion, possibly I did not 
express myself very clearly in the paper when speaking of the 
order of voltagss in which we are interested. For the protection 
of these lines, we should like to know whether the voltages which 
may be induced between line and ground are a few volts or many. 
The voltages which are induced between wires are of no particular 
consequence in this case, but they are in telephone practise. 
In order to calculate these voltages between wires which give 
rise to interference, it is necessary to be more exact in the calcula¬ 
tions than in the ease of supervisory control lines where they are 
not likely to be high enough to cause trouble. It is quite true 
that supervisory control lines are as important as telephone lines, 
perhaps more so, as Mr. Lichtenberg has pointed out, but the 
possibility of interference with the control is more likely to be an 
apparatus failure than interference with signals due to dis¬ 
turbing voltage between wires. 

With careful protection as outlined in the paper, much can be 
done toward making the supervisory immune to faUui*es from 
overvoltage. It is difficult to make general recommendations 
which will cover all conditions. There are always e.xeeptions 
and nearly all installations require indi^ddual study to achieve 
the best results. Considerable good can be done by scrutiny of 
the problem before the installation is made and by installing the 
lines with the conclusions of this study in mind. Perfection has 
not been attained. We hope it never wiU be as it would put a 
stop to progress. But we are of the opinion that better means of 
protecting supervisory control systems are available now than 
formerly, and that by careful application, control failures may 
be reduced to a minimum. 



1926 Lightning Experience on 132-Kv. 
Transmission Lines 
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Synopsis, This paper deals with the interruptions due to light- 
ning on an extensive interconnected lS2-kv, system during the year 
1926i a similar record covering pari of the system having been 
reported previously} A layout of the system is shown and details 
of the type of line and tower construction are given in considerable 
detail. 

The lightning performance of different sections of the line have 
been reduced to a common basis and discussed from the point of view 
material of line structure^ height of line^ ground wire, and line pro¬ 
tective equipment. 

Changes in tower design are discussed in the light of experience 


gained in the past. The work done the past year to reduce the light¬ 
ning troubles at the stations is described. 

The efficacy of the ground wire seems very definitely shown but 
it is believed further study and attention should be given this matter 
as a means of reducing the lightning voltage on transmission lines, 
particularly to reducing the lightning voltage at and near a switching 
station. 

The problem of determining the damage to line conductors, etc,, 
is an important one. Data on this are at present incomplete, hut it 
is planned to obtain a systematic record in the future which will, it 
is believed, supply valuable design information. 


Introduction 

N the spring of 1926 there was presented before the 
Institute a paper* on the performance of a number 
of 132-kv. steel tower lines on the system of the 
American Gas and Electric Company which covered in 
detail the performance and experience with these lines 
during the year 1925. Further performance data were 
promised in that paper, but it has not been found easy 
to carry out this promise, made mth the very best of 
int^tions. In the first place, the lines and system of 
winch these data are a part, have not been operating as a 
unified system for a very long period. Secondly, the 
operating personnel has at no time been particularly 
large. In other words, it has always been down to a 
strict operating basis. Third, when a line goes out of 
service, it is undoubtedly the business of the operating 
man to get it into service with as little delay as possible 
and afterwards try and determine, if possible, what has 
happened. When the excitement of the emergency has 
passed, this often results in a lack of evidence that will 
withstand critical analysis or give any real information 
as to what has happened such as would be of real 
benefit to future design. That there can be worked out 
an operating set-up which would not overburden the 
system and yet make it possible to obtain all informa¬ 
tion necessary, there can be no reason to doubt; but it 
takes time to work out such a set-up and with the 
system under discussion that time has been very short. 
Keeping this in mind it is easier to understand why 
some of the records presented are in some respects 
incomplete. They are, however, the best records that 
could be obtained and perhaps that could be expected. 

1. Electrical Engr., Am. Gas & Electric Co., New York, N. Y. 

2. Lightning and Other Experience with ISS-Kv. Steel Tower 
Transmission Lines, Sindeband and Spom, A. I. E. E. Trans., 
Vol.45,p.770. 

Presented at the Winter Convention of the A. I. E. E., New 
York, N. Y., Feb. 13-18, 1988. 


General 

Pig. 1 shows the 132-kv. transmission network in 
question. It comprises approximately 910 mi. of 
actual line, about one-third of which is double-circuit, 
the actual circuit miles being approximately 1245. The 
major portion of this network was placed in operation 
very late in 1925, in 1926, or early in 1927; and one 
portion, (namely, the Switchback-Logan line), has not 
yet been placed in operation at the time of wri ting 
(November 1927) although it is expected that it will be 
in operation by the emi of 1927. 

The nature of the terrain which this network traverses 



is most varied, ranging from the extremely flat lands in 
Indiana to the heavy moimtainous country in West 
Virginia. 

The system is fed by large generating stations at 
Twin Branch, Philo, Windsor, Kenova, Cabin Creek, 
Logan and Glen Lyn. It is tied in with the Chicago 
system and the systems of the West Penn Power Com¬ 
pany, The Ohio River Edison Company, The Ohio 
Public Service Company, and the Cleveland Electric 
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TABLE I 

CHARACTERISTICS OP 132-KV. LINES—^AMERICAN GAS AND ELECTRIC COMPANY 
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Illuminating Company at 132,000 volts. The short- 
circuit capacity on the system varies from approxi¬ 
mately 1750 amperes to approximately 4750 ampere, 
at 132,OOO volts. Values as high as 4000 amperes have 
been actually measured.’ From a lightning standpoint, 
the network as a whole is subjected to thunderstorms 
considerably in excess of the average over the country 
as a whole. The isoceraunic lines, i. e., lines connecting 


characteristics of the various portions of the 132-lcv. 
network under discussion. 

The towers referred to in the above table are types 
A, B, C, A A, B B, C C, E, G, H, K, M, P, A., B.. 
Towers A, B, C and Towers G, H, and K, have already 
been described elsewhere.® Tower E is a single-circuit 
tower with conductors arranged in a horizontal plane 
and utilized especially on long span work. Towers M 
and P have in general the same dimensions and spacings 



Fia. 2 —Avehagb Monthly Distribution op 
Thunderstorms 

In N. Indiana, Ohio, Va., W. Va, and E, Kentucky, based on 20-year 
avt^rago (1004-23) 

points of equal thunderstorm intensity, for the territo^ 
in question ranged from 40 to 60 in April, 160 to 200 in 
June and July, and down to about 60 to 80 in Septem- • 
her. All these figures are based on a 20-year period. 
The average number of storms for the territory as a 



3_Per Cent op Thunderstorms During One Year 

In N. Indiana. Ohio. Va.. W. Va. and Kentucky, based on 20-year 
average (1904-23) 


whole, based on the 20-year data, referred to above, is 
given in Fig. 2. 


Description op Limbs and 1926 Performance^ 

In Table I there is given a desoription of the ph 3 reical 



as towers G and K, with the exception of different 
factors of safety for the various loadings being em¬ 
ployed. Towers A A, B B, and C C, which have been 
utilized on the very recently constructed lines, are very 
gimilar to t 3 ipes A, B, and C, although the tower is 
qxdte definitely designed for equal string length on 
all three phases, this being made possible by the use of 



Pig. 4 


the ground wire; and further, clearances are better 
balanced with respect to lightning voltage. The tower 
further differs from the previous t 3 rpes in that in its 
design defiiyte provision has been made for the addition 
of a second ground wire if operating experience sho^d 
prove that this is desirable. A sketch of the type A A 
tower is shown in Fig. 4. 

The perfomance of the lines during 1926, is shoira 
in Table II. It wiU be noted that although some of the 
liriAa had been in service for only a portion of the year 
1926, for comparison purposes, the number of 
has been converted to a yearly baas by the use of Iig. 3. 
Fig. 3 is merely an integration of the thundCTstorm 
distribution curve shown in Fig. 2. 

Dvamining Table II further, it will he noted, first, 
that the largest number of lightning outages occurred 
on the Twin Branch-Lama line. This hne was m 

4 See Monthly Weather Review, Vol. 52, No. 7, July 1924. 
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service for the fiidl year, and has a length of 1281^ mi. 
Based on 100 mi. of circuit, however, it is not at all out 
of line and checks up with similar performance on the 
Lima-Postoria line, and on the Philo-Crooksville line. 
On the basis of 100 line mi. the largest number of inter¬ 
ruptions occurred on the Glen-Lyn-Roanoke line, but 
tWs figure is of course subject to the weakness that the 
line was in service for 6 months only, and there is no way 
of checking up whether the ratio employed for figuring 
the yearly number of interruptions was correct for the 
entire year. 

Of the lines that were in service for an entire year 
the largest number of interruptions per 100 mi. of line 
was sustained by the Logan-Turner line. This is a line 
that has no ground wires and, in addition, passes 
through especially rugged country. The length of the 
insulator string on this line is particularly short (as 
shown in Table I) being, in fact, shorter than that of 
any other line with the exception of the Windsor-Canton 
line. Expressed in circuit miles, however, the record is 
rather good. Whether in the case of a double-circuit 
line, however, the method of dividing the total number 
of interruptions by two and calling that the interrup¬ 
tions per circuit is questionable. It raises the question 
whether such a result can be compared with the number 
of flashovers on a single-circuit line. 

To amplify: Consider the two top wires of a double 
circuit tower line with both circuits subject to the same 
potential gradient. Upon the occurrence of a ligbiming 
discharge, chance will usually determine which one of 
the two circuits is to flash over first. This assumes, of 
course, that their arrangement is perfectly symmetrical 
and that they constitute the same phase wire in their 
respective circuits. A flashover having occurred on 
one of them, the question arises whether that flashover 
does not reduce the energy in the surge suflSeiently to 
iQwer the head of the wave to such an extent that the 
second wire will not flash over. The fact that among 
all the double-circuit lines the m aximum number of 
instances in which both circuits flashed over on any one 
line was only four against a total number of flashovers of 
20 would certainly tend to indicate that some such 
explanation may be the correct one. 

The Roanoke-Reusens line is third in the nmnber of 
interruptions per 100 mi. of line, but the figure for a 
whole year was again obtained by a ratio and is open to 
the same objections as the figures for the Glen Lsm- 
Roanoke lines. The Philo-Canton and the Windsor- 
Canton lines, in spite of the fact that the Philo-Canton 
line generally is exposed to more severe storms than the 
Windsor-Canton line, have practically the same record 
for the year 1926, when reduced to a 100-mi. basis. 
One of these lines, namely the Windsor-Canton line, 
has two ground wires and is considerably lower than 
the Philo-Canton line which has only one groimd wire. 
Therecord duringl926wouldseem to showthat, from the 
standpoint of reliability the Philo-Canton line, even 
though it has only one ground wire, has been put on a 


plane of reliability eqxial to that of the Windsor-C^ton 
line. From the data gathered on the Glen-Lsm-Reusens 
line and Roanoke-Reusens line in 1926, it would seem 
that the ground wire on these lines was not so effective 
as it was on the other lines. The ground wire construc¬ 
tion being in general the same on all of the jiu^s , a 
possible explanation for the large number of flashovers 
may lie in the fact that the tower resistance over the 
lines as a whole is rather high. Some of the operating 
data cited by Hemstreet® showed that there is a definite 
relationship between the number of flashovers and the 
ground resistance in the particular section. This 
phase of the problem is being given further considera¬ 
tion at the prerent time. 

^ An interesting line in the series is the Logan-Sprigg 
line. This line, of wood pole construction, was origi¬ 
nally built for 88,000 volts and was operated for a period 
of about five years at 44,000 volts. At the end of this 
time, additional insulation was added and the line was 
cut over to 132,000-volt operation. The majority of 
the structures are 2-pole A frames, with ungrounded 
steel crossarms. The insulation is unusually liberal. 
For a while, when the line was first placed in operation, 
the operating records seemed to indicate an almost 
lightning-proof line, but detailed investigation has 
shown that this was not quite so. Considering the 
shortness of the line,—^namely 21 miles,—^the record is 
not particularly good although again the record is open 
to the criticism that a full year’s data were not 
available. 

The rest of the data requires no particular comment. 

Performance op Protective Devices Damage to 
Conductors, Insulators, and Hardware 

The records of damage to insulators, conductors, and 
hardware, on the lines is not complete for 1926 so that 
no attempt will be made to give specific data in this 
paper. As already pointed out, 8 out of 17 lines now 
in service were placed in operation during 1926 with 
the result that the method of inspecting the lines and 
the reports of damages thereon have not been suf¬ 
ficiently organized to make there data accurate for 
analysis. 

The fact is outstanding, however, that only in one 
case has a line been out of service due to 1igh<ming 
trouble on it for a period in excess of the time necessary 
to close the line back in service. The one case referred 
to occurred on May 18 on the Windsor-Canton line 
where both circuits tripped automatically due to the 
breaking of two line wires. It is interesting to note 
that this occurred on a line that had been very conserva¬ 
tively designed from the standpoint of height above 
ground, but on the other hand, it had practically no 
arcing protection. This again substantiates the point 
that in designing a line both preventive and. remedial 
measures must be considered. Lowering a. line, for 

5. Recent Investigation of Transmission Line Operation, 

J. G. Hemstreet, Tsans., A. I. E, B., Vol XLVI, 1927, p. 835. 
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example, will undoubtedly reduce the li g htning voltage 
which may be induced on the line. Installing a ground 
wire will do the same thing. Both these measures are 
preventive. The purpose of the arcing protective 
devices on the other hand are decidedly remedial. 

Other cases of trouble, such as burned conductors. 


V- If" 



string with and without arcing protective devices. 
Figs. 5, 6, and 7 are shown. Fig. 5 illustrates the effect 
of a heavy arc on a string without protective devices; 
Fig. 6 shows the action of a less heavy arc on a similar 
string. In the original photograph, the burns on the 
top unit are very clearly noticeable. Fig. 7 shows the 
action of an arc on another string equipped with rings 
and horns. The effect of the arc on the rings and horns 
is very clear in the photograph. 

Design Developments During 1927 
The experience gained during 1926 was naturally 
incorporated in some of the design work carried on 
during 1927 and particularly along the following lines: 

1. Whereas in 1926 an extensive program of ground 
wire installation was carried out, in 1927 much more 
attention than in the past was given to a phase that had 


Fia. 


5—Result of Typical Flashovek op I32-Kv. Insula¬ 
tor Strino Without Arcing Protection 

(Nolo baiUy shatlorcd insulalor on ground side) 




Pio. 6— Result op Typical Flabhover op I32-Kv. Insula¬ 
tor String Without Arcing Protection 

(Note top insulator stiU intact but badly burned) 

burned hardware, and ground wire-also broken p^e- 
lain-were found in moderate 
patrol and repaired at prearranpd tam^ 

ruption to normal service. This indicates that from an 

onerating point of view, conditions were mu^ 
bSLr during 1925 on the PMlo-C^u 
typical of the action of the arc on a 132-kv. insulate 


PiQ. 7 _Rbsult op Typical Flashover op 132-Kv. In¬ 
sulator String With Stanard Ring and Horn Protection 
(N ote burned ring above conductor: also born tip slightly burned. 
Insulator und^aged) 

been apparently neglected, and that was the problem 
of the buo entrance. In every case, the ground w^ 
was brought into the station structure and where the 
station structure design allowed, the number of ground 
wires brought into the station structure was made 
larger than the number on the line itself, all with the 



to the bus. 

2 In connection with the work discussed above ancl 

along the lines of limiting definitely the ^oimt of 
overvoltage that can be brought into the station 
apparatus a reduction in the insulating value on the 
first mile or so of the line coming into the stetion 
made, all with the idea of making certam that the light¬ 
ning strength of the apparatus connected to the bus was 
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equal to, or greater than, the lightning flashover of the 
insulator string on the first mile of line. 

3. In the design of the new lines, where the country 
did not absolutely demand it, the use of tower extensions 
has been kept at a minimum so as to keep the effective 
height of the line at a predetermined level, that level 
being determined, of course, by the tower design itself. 
In cases where the topography of the country permitted, 
the tension to which the conductor was pulled up was 
considerably reduced, resulting in a greater sag and a 
closer adherence of the conductor to the contour of the 
earth, with, of course, a net reduction of the average 
height of span above earth. 

4. More attention was paid to the mechanical 
aspect of the arcing protection arrangements with a 
view of minimizing the effects of conductor vibration 
on the protection assembly itself. 

Summation op Experience and It’s Application to 
Tower Line Design 

In the previous paper* on these lines, presented in 
1926, certain conclusions were drawn with regard to 
tower line design. Everything that has happened 
during 1926 would seem to bear out again the conclu¬ 
sions drawn at that time. There is one point only that 
should be stressed, and that is with regard to the 
question of ground wire. Previously it was pointed 
out that unless a line was very low, generally steel 
tower structures, carrying power conductors of 44,000 
volts and over, should be designed and installed with a 
ground wire. It is now believed that careful considera¬ 
tion should be given to the question of whether or not 
two ground wires would not in some cases be justifiable 
with of course particular attention to the location of the 
ground wires as regarded the main conductors. The 
experience with lines without ground wires, and particu¬ 
larly. the experience obtained during 1926 on the 
Logan-Sprigg and Tumer-Logan lines, would seem to 
prove definitely that it is very hazardous and extremely 
imwise to try to operate a line of the type under discus¬ 
sion, without a ground wire. The limit to the voltage 
which can be picked up on an insulator string being 
the flashover of the string plus its supporting structure 
to ground, the likelihood of picking up voltages close 
to that limit will naturally be much greater without a 
ground wire than with it. This has beai borne out by 
some of the 1927 experiences with klydonographs, to 
which reference will be made later. It is also further 
discussed in the 1927 report of the Transmission 
Committee of the Institute.* 

Future Data 

Dunng the past year, much more systematic record 
was kept of all cases of insulator and conductor damage 
although ev en that was not what it should be. In the 
2. Loo. eit. 

6. Report of Committee on Power Transmission and Dis¬ 
tribution, Tbans. a. I. E. E., Vol. XLVI, 1927, p. 783. 


future, however, an attempt will be made to have these 
trouble cases, so far as possible, definitely tied up with 
the cases of lightning trip-outs on the lines. The 
problem of patrolling 1000 miles of line does not lend 
jtself to ma^g a patrol after each thunderstorm, and 
it is usually the case that damage on the line can be 
assigned to some particular storm only in case such 
damage is sufficiently severe to cause a line outage that 
does not permit the line being placed back at once. 
One is faced therefore with the situation that unless an 
unusually heavy amount is spent on patrolling, it is 
impossible to tie up definitely each trip-out or to deter¬ 
mine the concomitant damage. In this case, as in 
other cases of the same tsnpe, there is undoubtedly a 
happy compromise, and an attempt will be made to 
work this out. 

Klydonograph Investigation 

During the year 1927, in conjunction with the 
Lightning Subcommittee of the Committee on Trans¬ 
mission and Distribution of the Institute, a compre¬ 
hensive klydonograph investigation was carried out on 
a portion of the above 132-kv. system. It is planned to 
continue this investigation during 1928, and at the end 
of that time, to summarize it before the Institute. 

Acknowledgment of thanks is hereby made to the 
operating organization of the Appalachian Electric 
Power Company; to that of the Indiana & Michigan 
Electric Company and of The Ohio Power Company 
for their cooperation in gathering together the field 
data, and to Mr. I. W. Gross for his assistance in cor¬ 
relating it. 


Discussion 

S. Katess Tbe statBiucnt is made tbat, **Th0 isoceruunio 
lines, i. e., lines oonueeting points of equal thunderstorm inten¬ 
sity, for the territory in question ranged from 40 to 60 in April, 
150 to 200 in June and July, and down to about 60 to 80 in 
September.” 

I shoidd like to know whether these figures refer to monthly 
periods and if they have been weighted in plotting the curve 
of Fig. 2. 

I note in Table II that reference is made to outages due to 
lightning. As Mr. Spom recognizes in his paper, the obtaining 
of accurate operating data is very difficult, and I should be 
interested to know what assumptions he made and what classi¬ 
fication was made which determined that outages were due to 
lightning. 

Mr. Sporn’s paper initiates a type of record which has been 
lacking in publication to date, yet which is much to be desired. 
I refer to Mr. Sporn’s attenipt to correlate storm data with 
transmission-line performance. 

Lack of such correlated data was apparent during a recent 
investigation of insulator protective-device performance. Pro¬ 
ponents of protective devices during such investigation repeatedly 
stated that eertmn laboratory test performances are confirmed by 
operating experience. Usually the operating experience referred 
to was the statement that operation on a certain line was better 
after the installation of such a device than previously. Usually 
such statement was supported by figures of outages per mile 
during a season. For some of the lines referred to, the towers 
and insulators were designed for 100- to 150-kv. operation, yet 
operated only at 44 to 66 kv. In many such cases the proteo- 
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tive-device instaUation was synchronous with the installation 
of the ground wire and the latter might have had equal or greater 
offect than the protective device. As Mr. Sporn differentiates, 
the ground wire is in the nature of a preventive device, whereas 
the insulator protective device is remedial. In only a very few 
operating records investigated was storm occurrence recorded or 
•correlated. Yet the number of such stornis seems a fundamental 
factor in the comparison of transmission line performance, 
because it determines the occurrence of most surges causing 
discharge. 

A very striking illustration of the extent to which storm 
ocoun*enee affects line performance when such line performance 
is stated on interruptions per mile basis is presented by the 
remark of G. H. Doan, while discussing Mr. Hemstreet’s paper 
presented to the Institute, June 21, 1927 (Trans. A. I. E. E., 
1927, p. 848). Mr. Doan mentions the operation of a 120-^. 
•system during the year of 1925 without a ground wire and wth 
114 automatic switch operations resulting. During the winter 
the line was equipped with a ground wire and the following year, 
1926, there were only 7 operations. As Mr. Doan states, 
the switch operations were reduced 94 per cent. 

From these facts as stated, and using outages per mile per 
year as a basis of comparison, it might be concluded that the 
ground wire of itself reduced automatic operation 94 per cent. 
However, Mr. Doan also states further that the storms passing 
over tlie transmission line area decreased 47 per cent in number. 
This latter statement places an entirely different complexion on 
any quantitative deductions from this operating record. 

It is interesting to note also that one large operating company 
whose interconnected capacity is several hundred thousan 
kv-a. has, after correlating storm data with outages, d^ided 
that the essential factor in the elimination of outages is not 
remedial but preventive. 

Storm intensity seems beyond determination or even approxi¬ 
mation at present. Furthermore, transmission lines are economi- 
•cally justified on the basis of operating* costs which do not 
include allowances for use of the fines as laboratones. The 
mere statement of the number of storms e^h season, however, 
would greatly enhance the value of operating records as guides 
for both designing and operating engineers. 

A. O. Austin: As indicated by Mr. Sporn, there are many 
factors which must be taken into account in oompanng the 
number ot flashovers on various systems. While the length of 
line is usually the best possible base, it is necessary to take into 
consideration other factors such as difference xn clearance, 
number of insulators or towers per mile, length of insulator 
string, and the benefit of ground wires, la addition, storms 
vary widely from year to year or in different localities. As yet 
we have no direct measure of the storm factor, but in the course 
of time we shall undoubtedly have improved means of recordmg 

and gaging this. . . _ _ 

One point to which I should like to call attention is the u^ of 
the ground wire under conditions which may change its eff^ 
tiveness materially. One of the most serious problems for the 
designer of the insulator or transmission line is to prevent the 
flashover of an insulator undOT an oscillation or after the crest 
of the wave has lowered materially. 

Dr Norinder has shown that while lightning may be apenomc, 
severe oscillations are usually set up on the system. lane 
performance together with a study of the charact^tics of the 
insulator has long indicated the presence of osciUations on many 
transmission systems which were undoubtedly causing uMhovers 
not at the highest voltages, but rather at values considerably 

below the flashover voltage of the insulator under impact. 

While there is little question as to the reduction of the 
marimum voltage at the point of disturbance by the um of 
the ground wire, its effect upon the attenuation or tad of 
the wave should be given careful consideration; otherose, 
flashovers may result where the insulator system has a relatively 


low flashover voltage for an oscillation or with a wave having a 
dow rate of decay. Lack of attention to this factor may make 
it possible for a ground wire to subject the station to higher 
effective potentials than where none is used and to cause insula¬ 
tors to flash at a distance from the point of maximum distur¬ 
bance or after the voltage has dropped materially. It is under¬ 
stood that the above applies to disturbanoM originatii^ out on 
the system. Where a ground wire is used in the vicinity of the 
station only, it will result in lower voltages on station equipment 
due to its absorbing capacity. 

Following the release of a bound charge Q, the resulting poten¬ 


tial E on the power conduotor will be F - where C is the 


effective capacitance of the conductor to ground or objects of 
lower potential. The ground wire keeps the maximum induced 
voltage down by increasing C, 30 to 40 per cent, but has little 
effect upon the ohai^ Q- The charge Q ^ upon the power 
conductor is practically the same with or without the ground 
wire, particularly where the dearances are large as in the higher- 
voltage lines. Since the losses on the power conductor are very 
high at the peak voltage, but drop off very rapidly as the voltage 
is decreased, it naturally follows that the losses on the conduotor 



Fig. 1—Study Showing Effect op Gbound Wire in 
Lowering Induced Voltage at Point of Disturbance and 
Increase in Voltage at the Station or Intermediate 
Points Over that Where No Ground Wire is Used 

Lower Loss in Ground Wire Will Decrease Voltage at 
Point of Disturbance but Tends to Reduce the Absorption 
and Attenuation 

will be reduced materially by a reduction of 30 to 40 per cent 
in the peak voltage. Since the charge on the conduotor is 
practically the same, the natural period will also be reduced 
owing to the increased capacitance, all of which tends to reduce 
the absorption of the abnormal voltage. 

This reduction in losses due to the lowering of the m^um 
voltage may result in a higher voltage at a distance in some 
oases as in B in the accompanying illustration over that where 
no ground wire is used as in C. Where the flashovOT c^tm- 
istiM of the insulator are such that they will 
.....vimTim voltage under the steep wave front in B and w not 
flash over on the tail of the wave or on a resulting oscillation, 
no flashover will take place on the line, although toe station may 
be subjected to a more severe disturbance than where no ^ound 
wire is used. This is particularly true where toe ground wire has 
a low resistance and an absorbing power insufficient to offset 
the decreased attenuation. i v i, 

If, instead of a low-resistance ground wire, several ffigh-r^ 
tanoe ground wires are used, the induced voltage and attenuation 
may 4 as shown in A. As the number and pro^ty of the 
ground wires, rather than their size, determines the mcrea^ in 
toe absorbing capacity C, a greater number of high-resistanoe 
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conductors may be used to reduce the peak voltage at the point 
of disturbance as in A. The total current induced in the high- 
resistance ground wires in A will be greater than in B, and, if 
their resistance is high enough, the P" R losses wiU be greater in 
A than in B, 

Since the energy producing a loss in the ground wire must 
come from the power conductor, it naturally follows that any loss 
in the ground wire must result in an absorption of energy in the 
power conductor which tends to cause an increased attenuation 
in the voltage on the conductor. This increased attenuation 
tends to reduce the voltage at a distance and also tends to dampen 
out an oscillation. Under this condition, the voltage at all points 
on the system will be lower where the ground wire is used than 
where none is present. Where a high-resistance ground wire is 
used, there may be an appreciable rise in voltage between the 
ground wire and ground at the center of the span. Even though 
this induced voltage may reach 100 to 200 kv. for severe dis- 
tiu'bances, it will probably not reduce the efficiency of the ground 
wire more than 10 per cent which, I believe, is negligible com¬ 
pared to the absorbing value and increased attenuation due to 
the resistance. 

As the cost of the ground wire is a very appreciable item on any 
system, its efficiency and effectiveness should be given careful 
consideration, for if improperly applied, a considerable expense 
may be incurred without any improvement in the operation of 
the system, whereas a ground wire of lower cost, but with better 
absorbing factors, might result in an improvement for all con¬ 
ditions existing on the system, not only out on the line, but in 
the station as well. 

John Murphys In the last paragraph on the fifth page 
Mr. Sporn makes a statement regarding some trouble on May 18 
on the Windsor-Canton lines. He says both line wires broke on 
that occasion. In the next sentence he says that that line had 
practically no arcing protection. I should like to know if I am 
justified in assuming that the breaks occurred at an insulator. 

Vincent* The author states that the record of damage 
to insulators, conductors, and hardware on the lines is not 
complete for 1926 so no attempt will be made to give specific 
data m the paper. This being the ease, it is evident that an 
accurate analysis cannot be made with respect to attributing 
a particular outage or interruption to a specific damage. How¬ 
ever, it would have been interesting and possibly very valuable 
at least to know what damage, that is, as a total, has occurred 
to tte insulator, and particularly the damage to individual units 
With respect to their locsitiou in the string. 

Assum^ that the primary object of the overhead ground wire 
^d insulator protective device is to reduce the number of 
flyovers, and secondly, to convert extended into momentary 
interniptions, the ideal protective device should also protect the 
porcelain from damage. 

To illustrate my point, on a recent power test of insulator 
protective devices, a device installed at both top and bottom 
of a stmg of a given number of units functioned satisfactorily, 
m ^t no porcelain was damaged. The top portion of the 
device ^ then changed to a different type. On test, this new 
M^up disclosed that 2 units in the string had broken. Yet in 
boa eases under operating conditions, in so far as interruptions 
to the system are concerned, the records would have been identi- 
undoubtedly would have held operat- 

So without a record of the physical damage, the true efficiency 
of any particular insulator protective device naturally can be 
questioned. . ^ 

The auttor in Kgs. 5 and 7 clearly shows the resulting damage 
due to ^k of arcing protection, so one could infer that with tte 
protection shown in Kg. 7 no damage would occur. 

I ^ouM like to ask, therefore, if my inference is correct 
namely, ^t in ae performance record submitted, in those lines 
protected, as m Kg. 7, no insulators have been damaged. 


E. D. Eby: Mr. Sporn’s paper is another example of the 
increasing attention being given to the line insulation and its 
relation to connected apparatus. The amount of data collected 
and its analysis according to the various factors in the prolilem, 
must be and are of vital importance in forming ooncliisions which 
are expected to influence subsequent practise. 

There is a two-fold purpose in these studies: one, tlio pro¬ 
tection of the line, the other, protection of the station apparatus. 
While statistics on line construction and performance are being 
collected and made available for study, thei.*e are practically no 
correlated data presented pertaining to the transformers, oil 
circuit breakers, and protective equipment. Of course, the cases 
of transformer failure, bushing flashover, etc., are rare compared 
to insulator trouble; but if there could be presentcul ah>iig with 
the insulator data a statistical record of connected apparatus 
as regards general t 3 ^e or design, test voltages applied, llashover 
voltage in the ease of bushings, land of protective equipimmt 
used and how installed, and the nature of failureSi when such 
occur, it should become possible to analyze the latter luucli more 
intelligently, and to decide upon both line and apparatus d(‘sigu 
more accurately. 

Might I suggest, therefore, that such tables as Mr. Sponi’s 
paper contains be supplemented in this and similar iristaiK?e» 
with a record of the characteristics and performance of cuiiiiecttjd 
apparatus. This would be very useful, for example, in (.checking 
the selection of high-voltage busMngs for tranvsforniers and oil 
circuit breakers. In the past this selection has becui made with¬ 
out reference to the line insulation, being based almost- wholly 
upon the system rating and the test voltage of the apj)aratus. 
Such data would serve to check former practise, aiifl guides the 
designers of Mgh-voltage apparatus at a time like tJiis when the 
relation of line insulation and apparatus insulation is being 
closely scrutinized and in some respects undergoing marked 
r'evision. 

J. H. Cox* (communicated after adjournment) Tu the solu¬ 
tion of any lightmng problem a large amount of data is necessary 
due to the scarcity of lightning strokes in any given spot. For 
this reason papers like Mr. Sporn’s are very dosiralde; only jiy 
the summarizing of a large amount of operating experience can 
we obtain a check on the performance of various features of lines 
in connection with lightning. 

In taking data on the performance of lines when sulijnctod to 
hghtmng, it is quite important that data on the number of 
storms be included as was done by Mr. Sporn. The United 
States Weather Bureau has found that the number of thunder¬ 
storms m any locality per year is remarkably constant. It is 
therefore possible that many of the expressions to the effect 
that the lightning in 1925 was much more severe than in 1926 
and 1927, are inspired by the improved performance of many 
lines dunng the past two years due to the installation of ground 
wires following 1925. 

Mr. Sporn has mentioned the comparison of the lightning 
strength of line insulation and of apparatus. Such a com¬ 
parison IS significant when considering the effect on apparatus 
of impulses which have been relieved by flashing over the 
^^ent line insulation. It must be remembered, however, 
that from the point of view of continuity of service the impulse 
ratio of suspension insulators is unity. That is, when any 
impulse, TOth a duration equal to those of lightning surges, is 
only shghtly higher than the 60-cycle crest flashover of the 
insulator, a flashover will result, 

Mr. Sporn has made a practise of continuing the ground wires 
into the station stimcture. I have made some calculations on the 
QUeot on a traveling wave of discontinuing the ground wire at 
the l^t tower out of a station. At such a point there is a change 
of total surge impedance and there wiU be a partial reflection 
of toe wave. Calculations indicate that this reflection will cause 
an increase of the surge of the order of 15 per cent. Therefore 
It seems well worth while to bring the ground wires into the 
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stcitidu struoUiro, or ovon to increase the number of ground wires 
on the last fow spans. 

Mr. Austin stated in liis discussion that a lightning stroke is 
folloW(*cl by an oscillation. In klydonograph tests on all types 
and vtiltagos of lines, at from 10 to 50 locations, mostly the larger 
number, over four years, not a single record has shown lightning 
to be folio wc'd by an oscillation except where a flashover has 
resulted, aixd only on isolated-neutral lines has the oscillation been 
of inore than omj or two highly damped cycles. It is recognized 
that tlio flashover of porcelain insulators is reduced when sub- 
jectiul to a sustained high-frequency oscillation, but since such 
oscdllations never exist on lines except those with ungrounded 
neutral, and l\m\ only after a flashover has already occurred, one 
cannot bo greatly alarmed at such reduction of flashover. 

M r. Austin states further that a flashover has been experienced 
when the voltage recorded was less than the 60 cycle crest 
flashover of t.lm insulation, but he did not state the circumstances. 


we do not have quite the heavy storms that are experienced in the 
South, but where we are not far from it. 

Another question that has been raised is how w-e obtain tlie 
outages due to lightning. We do not claim that the data are 100 
per cent correct, but they have been obtained and cheeked very, 
very carefully. Three soiu'ces were utilized for obtaining them. 
In the first place, arrangements had been made for a special 
record to be kept of those outages that did occur during lightning 
storms. The log of every station on the system was carefully 
scrutinized and every reference to a lightning storm checked 
with relay action. Then the relay records, w^hieh are kept 
independent of any other records, were again gone over, and 
whenever any one of the three sources show^ed possibility of light¬ 
ning action, it was checked against the other two, and if it could 
be substantiated as a lightning record, it was accepted as such. 
If the majority of the data based on the three sources indicated 
that some other cause was responsible for the trip-out that cause 


In klydonograph tests, a flashover is frequently experienced and 
tlu} corresponding voltage recorded very low. It has also been 
detcunrii 1113(1, however, that a very high-voltage surge attenuates 
to a small fraction of its magnitude in a very few miles, and there 
is absolut(3ly no r(3a,son to believe in the above mentioned cases, 
that tljo flashover was caused by a low value of voltage. Un- 
doubt(3dly a higher voltage existed at a distance from the mea¬ 
suring station, and tlu3 flashover took place at that point. 

J t is w(3ll known that tlio amount of protection afforded by 
ground win 5 S is greater, greater the geometric mean radius 
of trh (3 ground wir( 3 S and the less the geometric mean distance of 
the ground wir(3S from the conductors being protected. It is 
obvious, thond’oro, that two small ground wires are more effec¬ 
tive than 011(3 ]arg (3 ground wire, and any means of increasing the 
g(*oiuotri<» moan ratlins of the ground wire, without a proportiou- 
at (3 incroaso of tho goometrie mean distance from the conductors 
btjitig protoetc3d, is an improvement. 

Philip Sporn* Mr. Kates has raised some questions Mth 
ivgard to tho iso( 3 oraunic flgiirc38. The figures shown in Fig. 2 
wc'Ni obtaiiu'd by dividing by 20 tho isoceraunic figures as 
p(iblisht 5 fl in tho Monthly Weather Review referred to. The 
figures published in the review give the total number of storms 
jKir month over a 29-year period. That is, all the storms in that 
mouth have b(i(;n addtsd together, and the figure 80, for example, 
moans tliat. ov( 3 r a 20-vear period of Aprils, there were 80 storms, 
TJm av( 3 rag (3 for om^ y(^ar, therefore, is of course 4. 

Tim W( 3 athor Bur( 3 an, incidentally, has stopped gathering the 
data from whicdi it obtained isoeeraunio curves because their 20 
years of obsicvation liave convinced them that any further data 
would bo nnsnsly n- further check on the data obtained so far; 
that over a f«'riod of years the data repeat so closely that there is 
Tio valu (3 in continuing tho gathering of further data. 

Mr, Kat( 3 .s also brought out the point that (iata as to storm 
oecurronco are very important in the determination of the operat¬ 
ing performance of and they are particularly important 

in any attempt to draw conclusive information from the operat¬ 


ing oxporienco. ., ,. j ^ 

I wish to say that I decidedly agree with him, and on our 

system now wt3 have inaugurated 

very complete tnick of this, but I do 

any other data, tlie information as given m the 

liencio reternid to. can bo utilised, and W 

designing. That is, you don’t have to keep 

you exatnino tho information already obtained by t e 

Sel! to see that it is fallacious to 

obtainod, say. in California to line conditions m Monda or 


^‘Tn cSLia. as 1 recollect it, t^e 20-yeax 
period of maximum storm runs from about» ^ I®- ^ in 

runs around 300. Operating experience moS or 

California cannot bo applied dirMtly o e g ,j^liere 

design in territories such as those discussed in this paper, whe 


was accepted aud the lightning rejected as the cause. 

In Mr. Austin’s discussion, mention was made of a flashover 
at 400,000 volts on a system that I think could stand a crest 
voltage of 1,100,000 volts. We have had a very large number 
of Mydonographs this year on our 132-kv. system and the system 
flashover value of that order, i. e., 1100 kv., yet we have never 
obtained a record of a flashover at an insulator string where the 
klydonograph record showed as low a voltage. I think it would 
be very interesting if these data could be further substantiated. 

Another point made by Mr. Austin in connection with the 
ground wire was that beneficial effects could be obtained on a 
low-voltage system by skipping the grounding on the poles. 
We have done that to a considerable extent, but have apparently 
secured something in addition to what we expected to get. That 
is, we never did it with the idea in mind of getting better action, 
but did it to save cost of grounding, and figured that the effec¬ 
tiveness of the ground wire was still sufficiently good even with 


the skipped grounding points. 

A question has been raised as to just where the conductor 
broke, in the case of the conductor failure cited on the fifth page. 
Two wires were broken on one circuit and one on the other circuit. 
The’ middle wire was cut by lightning on No. 1 circuit at the 
point of attachment and it was apparently a clear flashover, or 
lightning break. The dropping of the middle conductor on the 
bottom phase of No. 1 circuit caused it to bum dowa and it, too, 
was broken as well as the bottom phase of circuit No. 2. 

The top insulators of the strings on both middle and bottom 
phases on circuit No. 1 were burned, as well as the top insulators 
on the string on the bottom phase of the second circuit. The 
lines at this point were equipped with arcing horns on the line 
side only, but no damage was found on these horns. 

Mr. Vincent in his discussion brought out the fact that he 
believed the function of the protective device was to hold back 
the number of flashovers, and later on, when the condition of 
flashover did occur, to prevent damage to the insulators. At 
132 000 volts, I do not believe we get enough effect on the pro¬ 
tective devices that have been developed so far, at any rate, 
to act much in the way of holding back flashovers. That we 
don’t get sufficient grading at 132,000 volts to increase the 
lightning flashover of the string at high voltages, but at -20 
kv, it indoubtedly does come into play. I do not think it comes 

into play at 132,000 volts. . , 

Regarding the performance of the insula.tor strings with and 
without protective devices, particularly in Fig. 7, we aye 
qualitative data-it is not «•. 

Lve published il^to show definitely that “general the trend is 
as shown by Figs. 5, 6, and 7; that is, we get very httle burmi^, 
and in many cases none at ah, with the protective deinoes. and 
we get considerable burning and in many oases heavy breakage 

where we don’t use them. , . 

In conclusion, we plan to continue these ^ ^ 

that in the next few years we shall get much more valuable data. 
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Synopsis.—Potential from high-voltage circuits is obtained by 
means of capacitance transformers. This potential is applied to 
the grid circuit of vacuum-tube amplifiers, the output from which 
dnves a rotating type of synchroscope. Thus the vacuum-tube 
synchronizing equipment makes unnecessary cosdy high-voltage 


transformers, which have been almost universally used for synchro¬ 
nizing in the past 

The paper describes the commercial apparatus, gives equations 
pertaining to the vacuum-tube amplifier and shows calculated and 
measured characteristic curves. 


T he increasing number of power system inter¬ 
connections makes synchronizing of high-voltage 
lines almost a necessity. Potential transformers 
for 110 kv. and above, which have been almost uni¬ 
versally used for s 3 mchroni 2 ing, are costly. A new 
method of obtaining transformation from a high voltage 
to a low voltage by means of a simple capacitance, 
the amplification of this controlling potential to an 
appreciable amount of power, the utilization of the 
output from the amplifier for operating a rotating type 
of sjmchroscope makes possible, economically and 
practically, the almost universal adaptation of high- 
voltage synchronizing. 



with capacitance transformers, (Fig. 1), are of the 
regifiar flanged-clamped oil-filled porcelain design, 
similar in external appearance and construction 
to the stand^d line of General Electric Company's 
oil-filled bushings. This added feature does not in any 
way affect the normal functions of the bushing when it 
is used with power apparatus. Where power apparatus 
bushings are not available and it is desired to use such 
a bushing, it may be mounted in a separate tank and 
installed in any convenient place, either in or out of 



^“’132,000-Volt Bushing Equipped With Capaci- 

Description of Units. The vacuum tube synchroniz- 

mg apara^ ^ developed for commercial service 
consists of the following units J 

a. Capacitance transformer bushing. 

b. Outdoor amplifier. 

c. Indoor amplifier and power supply. 
Capacita nce Transformer Bushina. Bushings equipped 

1. Both of the General Eleotric Co., Soheneotady. N. Y 
Presented at the Winter Comention of the A I P v '\r 

York. N.Y.. February 13 - 17 , tm. 


678 


doors (Fig. 2). The capacitance transformer enables 
these bushmgs to be used with vacuum-tube equipment 
m i^e of instrument potential transformers for 
synchronizing. 

The nec^ry voltage for the grid-filament circuit 
of the amphfymg tube is obtained from a high-caoadtv 
condenser within the bushing. This capacity is in 
senes wia the bushing capacity, the total line-to-ground 
potent^ of the system being impressed across both, 
i he voltage obtained across either condenser is inversely 
proportional to the capacity. The secondary potenti^ 
IS approximately 35 volts. The high-capacity con¬ 
dense consists of two layers of thin coppe sheets 
separated by a treated pape dielectric and all 
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wound on a herkolite cylinder. The outer layer of 
copper is grounded to the ground sleeve and a soldered 
connection to the inner copper layer is brought out 
through a terminal, fitted in the ground sleeve. As 
shown in cross-section drawing, Fig. 3, this terminal is 
encased by a metal housing to prevent exposure of any 
live metal. 

The outstanding features of this method for obtaining 
low potential from high-voltage transmission lines are: 

a. Since the condenser is mechanically constructed 
within the ground-sleeve boundaries, the presence of 
external metal such as power apparatus tank, etc., 
does not have any effect upon the capacity and therefore 
the ratio of transformation remains constant. 

b. Changes in atmospheric conditions, such as 
rain, snow, or air impurities deposited on the bushing 
surface do not affect the ratio of transformation. 


stage transformer which is located on the indoor ampli¬ 
fier panel. 

The secondary potential from the capacitance 
transformer is divided by means of a 600,000-ohm 
potentiometer so that 17 volts are delivered to the 




PiQ, 4 —Single-Unit Outdoor Amplifier 


grid of the tube. The amplification constant of the 
PT-210 tube and the ratio of the interstage transformer 
are such that the voltage applied to the grid of the 
second stage of amplification on the indoor panel rs 
35 volts. The potential from the capacitance trans¬ 
former cannot be successfully applied directly to the 


1 Cable 

2 Tube, , , 

3 Tube Terming 

4 Low Vbltaqe Terminal 

5 Cover 

6 Gaokefc 

7 varCambrlcTape 


8 Treated Liner 

9 Screw* 
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Pig .-I-Cross-Section Drawing ShowingMethod op Bring¬ 
ing out Terminal PROM Capacitance Transformer 

c. Any normal temperature changes either “cre^ 
or decrease both series capacities proportionally and, 
therefore the ratio remains constant. 

d Si a very amaU load to the amplifying 
eq^pment is taken off the low-voltage side, the ratio 

"rCfw se^indary potential of approniiimtdy 

85 volts in no way ^'^ig'" 

bushing or connected apparatus, eve P 

whiehmay^ov«th^^^ 

'^°™“of'te*’'Thr‘.Sris°‘a™ iplSe single- 
S1lS“^ to the primary of the into. 



Fig. 6—Double-Unit Outdoor Amplifier 


grid of the second-stage amplifier tube since the d^. 
5d current of this tube wi& nomd 
is sufficient when flowing through the eOO.OOO-ohm 
^oe across ^the low-vd^ ^ 

capacitance transformer to alter the effect 
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volt^e, so that the tube operates on an undesirable 
portion of its characteristic curve. A single outdoor 
amplifier unit is shown in Fig. 4. 

Two single outdoor amplifiers can be combined 
so as to make a double outdoor amplifier, as shown in 
Fig. 5. Double units are usually used when syn¬ 
chronizing directly across oil circuit breakers as this 
facilitates mounting and reduces the number of neces¬ 
sary connections. 



Showing Outdooe Unit and Leads 


outdoor amplifiers. An output transformer is con¬ 
nected in the plate circuit of each tube and supplies 
110 volts for operating the synchroscope. The slight 
phase shift in voltage through the amplifier and trans¬ 
former is corrected at 60 cycles by connecting the proper 
value of capacitance load across the secondary terminals 
of the output transformer. A metal grill is provided 
for covering the apparatus mounted on the back of the 
panel. The plate connections are made under the grill 
which eliminates any exposed high-voltage circuits. 

All power for operating the vacuum-tube equipment 
is obtained from a small four-unit motor-generator 
set. The power supply for operating the set can be 
taken from the station battery or any other suitable 
voltage source. An automatic starter is located on 
the indoor panel which puts the motor generator set 
in operation, as soon as the control circuit is closed, by 
insertion of the synchronizing plug in the proper re¬ 
ceptacle in the switchboard. 

^ The synchroscope is a in. diameter instrument 
giving the usual indications of fast, slow, and syn¬ 
chronism. In the experimental installation the syn¬ 
chroscope was mounted on a swinging bracket at the 
end of the switchboard. On the adjoining bracket was 
mounted a s3mchronism indicator operated from po¬ 
tential transformers which in this installation were used 
to check the operation of the vacuum-tube-operated 
synchroscope. This installation has been in daily 
service for over a year proving its simplicity and 
reliability in actual service. 

Application 

The construction and operation of the synchroscope 
equipment is such that it is easily adapted for any num- 


One capacitance transformer must be connected to 
the same phase on each side of the oil circuit breaker 
used for synchronizing, and connections made to the 
coi^onding grids of the amplifier tubes. These 
units are preferably mounted near the capacitance 
transformers (Rg. 6) in order to reduce stray capacity 
effects across the secondary side. 

Amplifier and Power Supply. The indoor 
mplifier is mounted on a panel of ^andard switch¬ 
board desi^. It is intended for moimting along side 
of the main switchboard, although it can be placed 
m any other convenient location in the station. A volt¬ 
meter for indicating the plate voltage to the tubes, a 
rheostat in the field circuit of the plate and bias- 
voltage generators, and a fused switch for opening the 
voltage supply circuit to the motor generator set are 
located on the front of the panel. 

On the back of the panel are mounted two separate 
smgle-stage power amplifiers requiring two PR-llA 
tubes. The undistorted power output which can be 
obtmed from one of these tubes is approximately ten 
vol^^per^. The grid of each tube receives its 
exiatation through the interstage transformer from the 



Fig. 7—Schematic Latout for Synchronizing Between 
Double Buses and a Number op Incoming Lines 

her of incoming lines. When synchronizing is to be 
accomplished between a number of incoming lines and 
double busses each incoming line must be equipped with 
a capacitance transformer but it is only necessary to use 
one capacitance transformer for each bus. Such an 
a^^gementis shown in Fig. 7. The act of synchro¬ 
nizing, \ising the vacuum tube equipment; is exactiy the 
same as when potential transformers are used. Thus, 
the operator inserts the synchronizing plug which 
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automatically places the tube apparatus in operation 
causing the synchroscope to revolveintheusualmanner. 

It is of importance to note that one winding of the 
synchroscope may be excited from a potential trsins- 
former and the other winding excited from the vacuum 
tube amplifier without upsetting the phase relations 
on the synchroscope. A number of such installations 
have been made. 

The life of vacuum tubes is relatively long and, from 
records of test data, should be about ten years of service 
operating on an average of fifteen minutes each day. 
Thus the maintenance of the apparatus is reduced to a 
very low degree. 

Theory and Characteristics 

The capacitance transformer has a constant ratio and 
zero phase-angle shift with varying frequency and 
voltage, provided there is no external circuit connected 
to it. When the potential of the capadtance trans¬ 
former is applied to the amplifier, a resistance, R, Fig. 
8, and the tube input impedance are connected in 
parallel with capacity, Ca. The tube imj^dance at 
60 cycles, is very high as compared with the impedance 


decrease in resistance. Therefore, the ratio is inde¬ 
pendent of leakage change within the capacitance 
transformer, which measurements show to be approxi¬ 
mately 100 megohms or more. The ratio of the capac¬ 
itance transformer mentioned above is 1547 at 60 




Fi«. 8 -Schematic Diagram op Vacuvm Tube Stnchro- 
SCOPE Equipment 

of either 0* or R and can be neglected. The relation 
between and e is expressed by the following 
equation: 

t j CO Cl B 
1 


] 


9—Ratio Chakacteristics op Capacitance 
Transformers 

cycles. At 50 cycles the ratio is increased 0.05 per cent 
and at 70 cycles it is decreased 0.04 per cent, hence 
the ratio may be conadered independent of frequency. 

There is a phase shift through the capadtoce tran^ 
former when a resistance is connected across it, and this 


-|-j 0) 1? (Cj-f Ci) J 

in which 0 , - 2 X /. and the other ^bols 

12. Both the voltage ratio and the phase-angle sMt 
of the capacitance transformer and r^stance.combma- 
tion, can be obtained from this equation. 

E 

This equation shows that the voltage ratio 

is independent ot voltage hnt 
and resistance. A numerreal 

maneitude of these variations. A particmar 110 • 

(63.5-kv. line-to-neutral) installation tos fee iojiowmg 
constants* Ci = 0.000050 nt Ot = 0,0772 /x t, an 

R = 600,000 ohms. The g 9 

with resistance is shown by the curves B and 0, J?ig. • 

The calculated cuive B checte “^’^It^^atio 
very closely. 

does not appreciably change wim 



IQOOOO 200000 300000 400000 600000 600000 700000 
Shont Rcststanca • Ohms 

Pig. IO-Phase-Angle Chabactebistics op CAPAcmNCB 
Transformers 

phase shift to dependent on bett 

auency but is independent of voltage. A c^e com 

puted from equaiion (1) showing the vana on 0 

phase-angle change with resdstoce is pv 

Thus 600,000 ohms gives a phase-angle shif 













682 


BELT AND HOARD: VACUUM TUBE SYNCHRONIZING EQUIPMENT Transactions A. I. B. E. 


deg., 500,000 ohms 3.3 deg., and 700,000 ohms 2.4 deg. 
at 60 cycles. At 70 cycles and 600,000 ohms the phase- 
angle shift is 2.4 deg. At 60 cycles the shift is 3.3 deg. 
That is, the secondary voltage Em leads the line-to- 
neutral voltage a small amount, due to resistance load, 
and changes slightly with change in frequency. 

The vacuum tube am|)lifier, which is used to supply 
the power to the synchroscope, has characteristics which 
affect the over-all operation of the equipment. The 
complete theory of a vacuum tube amplifier is beyond 
the scope of this paper, but an approximate theory will 
be developed to show its general operation. The 
schematic diagram and the equivalent diagram of the 
a-c. circuits of a single stage of transformer-coupled 
amplification is shown in Fig. 11. The expression for 
Eo, the load voltage, can he written 


• r ^0 + 3 "I 

Eo- L i2i+y Zl J 

where Ri = Ro + Rp and, hence, is always larger than 
i?o. As Zl increases with frequency, the fraction on the 
right side of equation (3) increases but approaches 
unity as a limit. This shows that the overall amplifi¬ 
cation of the stage increases with frequency, but ap¬ 
proaches a definite limit. The percentage increase in 
voltage is less, however, than the percentage increase 
in frequency. 

The phase angle between Eo and Eg can be obtained 
from equation (3) and is given by the following 
expression: 

d = tan-* — tan-* —^— (4) 


Eo A* Et (2) 

Now 

Ri 

> Eo 

where 

hence 

Zl 

z. 

Eo — Load voltage referred to primary of transformer 

Eo 

^ El 

p. = Amplification constant of tube 

Ea = Applied grid voltage 

and 

I- I 

tan-* p 
.n^o 

> tan-* 


Ri 



Rp 



Pig. 11—^Diagrams op SmaLB-STAGB Amplipibb 

^0 = Load impedance referred to p rimar y of 
transformer 

= Total impedance of tube-plate circuit. 

The negative sign of the right side of the equation 
indicates a phase shift of 180 deg. through the tube 
it^lf, but since transformer coupling is used this phase 
shift can be corrected by proper choice of transformer 
connections. 

Equation (2) diows that Uie voltage ratio of the 
amplifier is dependent on the tube-plate impedance and 
load impedance. The load impedance is independent 
of applied voltage and in a properly designed amplifier, 
the tuhe-plate impedance is independent of applied- 
grid-voltage. Under these conditions, the voltage ratio 
through the amplifier is constant for varying voltage 
input. Also, since these two impedances are indepen¬ 
dent of volt^e, the phase shift through the amplifipr 
is constant with var yiTig voltage. 

The effect of frequency changes on ihe operation of 
the amplifier can also be predicted from equation (2). 
This equation may be rewritten in the following form: 


The angle 6 is therefore positive, and Eo leads Eg hy 
this angle. As the frequency increases the two ratios 
ZL/JSo _and Zl/Ei increase in proportion and a con¬ 
sideration of the antitangent functions will show that 
the angle 6 decreases with an increase in frequency. 

The above discussion explains the general operation 
of a vacuum tube amplifier with inductive reactance 
in the load. If, however, the secondary of the trans¬ 
former is loaded with capadtance until the reactive 
component of the load iihpedance is capacitive then the 
term j Xl in equations (3) and (4) is replaced by 
— j Xg. Under this condition it can be shown in the 
same manner as before that with an increase in fre¬ 
quency the amplification of the stage decreases, and the 
phase shift through the stage increases and is always 
negative. 

The commercial apparatus utilizes a two-stage 
amplifier. Now, if Ot represents the total phase-angle 
shift from phase voltage of line to voltage across syn¬ 
chroscope, 6i, the shift through the capacitance trans¬ 
former, 6a the shift through the first stage of amplifi¬ 
cation and do the shift in the second stage then 

=* 01 03 -)- 0g 

By connecting sufficient capadtance in parallel with the 
synchroscope, the angle 08 can be made negative and 
equal to 0i plus 02 , and, hence, the total angle shift is 
zero. With a given capadty, this condition exists for 
one frequency only and the value of the capadty in the 
commercial equipment is so chosen as to compensate at 
the operating frequency. 

The curve of Fig. 12 shows the angular error in posi¬ 
tion of the syndhroscope when using the amplifier on one 
side and a potential transformer on the other. This is 
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equivalent to the shift through the amplifier, as the 
angular error due to the potential transformer is negli¬ 
gible. The maximum error within the range of 50 to 
70 cycles is only 7 deg., or only slightly greater than one 
min. on the dial of a clock. The device is, therefore, 
satisfactory when used in combination with a potential 
transformer. 



Pia. 12 —Synchboscope Chiraoteeistic 

One winding exciter from potential transformer 
One winding exciter from vacuum tube amplifier 

Fig. 13 is a curve showing the angular error when two 
amplifiers are used. In this case the ma x i mum error 
is reduced to 3.3 deg. which is scarcely disceriiible on 
the synchroscope. 


or more, operating for a period of 15 minutes each day. 

The ratio of the capacitance transformer is not 
affected by voltage change of the system; it changes 
with decrease in shunt resistance but is negligible with 
a decrease in reastance down to 300,000 ohms. The 
normal leakage resistance of the capacitance transformer 
is approximately 100 megohms, and therefore the ratio 
is independent of internal leakage. The ratio change 
is 0.05 per cent at 50 cycles and 0.04 per cent at 70 
cycles, hence may be considered independent of 
frequency. 

The phase-angle shift changes slightly with change 
in frequency, being 2.75 deg. at 60 cycles; 2.4 deg. at 
70 cycles; and 3.3 deg. at 50 cycles with a 600,000-ohm 
shunt resistance. 

The commercial apparatus utilizes a two-stage 
amplifier which introduces possible phase-angle errors 
which are compensated at operating frequency by 
connecting a capadty load across the output circuit. 
The ma.YiTniiTn angular error in position of the syn¬ 
chroscope hand between 50 and70 cycles, with one wind¬ 
ing excited from a potential transformer and the other 
winding from the amplifier, is only 7 deg. or slightly more 


Summary 

The capacitance transformer in no way affects the 
electrical characteristics or functioning of the high- 
voltage bushing in which it is mounted. The ratio is 
constant under changes in weather conditions. The 
secondary potential is 35 volts under normal operation, 
giving relatively low potentials under impulse flash- 
over of the bushing which in no way is dangerous to the 
apparatus used in conjunction with the bushi^ or to 
the circuits connected to the capacitance transformer. 
The cost of the capacitance transformer feature when 
added to a high-voltage oil-filled bushing is nominal. 

The outdoor amplifier is mounted close to the 
capacitance transformer in order to reduce ^ mm- 
mum the capacity effect introduced by connection. 
The power ampHfier may be located ^y ’[eason^le 
distance from the outdoor unit. Synchronizing wiA 
the vacuum-tube-operated synctooscope requires no 

unusual operation on the 

The life of the amplifying tubes should be ten ye 



Pia. 13 —Sthchroscope Characteristic 
Exdted from yacuum tube amplifier 

than one min. on the dial of a clock. It is th^ore 
satisfactory when used in combination with a potential 
transformer. 

Acknowledgment 

The authors wish to acknowledge the 
Mr. E. D. Eby and Mr. T. S. F^ley who kindly 
asfflsted in obtaining the information for this paper. 
Discussion 

For discussion of this paper see page 626, 




Condenser-Type Bushing 

Used With Synchronizing Equipment 
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Synopsis.—This paper describes apparatus recently developed operation of (he device for different conditions of frequency, voltage, 
for utUieing (he charging current of a condenser bushing in operating etc., thus assisting in the consideration of the adaptability of the 
a synchronoseope, thus making a simple and inexpensive method device to other applications. An account of (he first installation in 
of synchronizing at high voltage. Data are given also covering the the field is also given. 


T he rapid advancement of superpower systems 
has increased the demand for a simple and 
economical high-voltage s 3 nichronizing device. 

In order to meet this demand there has been de¬ 
veloped a condenser-bushing potential device which 
utilizes the inherent capacity potentiometer charac¬ 
teristics of the bushing in providing a source of low 
voltage which can be used in synchronizing. 

This device is relatively inexpensive, is simple, easy 
to operate, requires small space, and is accurate enough 
for most synchronizing appUcations. 

The following paper will discuss this device with 
particular reference to (1) reasons for high-voltage 
synchronizing, (2) previous methods, (3) general theory 
of bushing potentiometers, (4) commercial form of the 
device, (5) performance on test, and (6) application, 
and finally will give an account of the first installation 
of the device in the field. 

Necessity for High-Voltage Synchronizing 
The locations where high-voltage s 3 mchronizing are 
advantageous are as follows; 

1. At high voltage (110 kv. or over) switching 
stations where it is necessary to connect two systems 
and where no low-voltage circuits are available. 

2. At high-voltage transformer stations where the 
high voltage is reduced to a medium value (approxi¬ 
mately 66 kv.) and where the high-voltage synchro¬ 
nizer is less expensive than medium voltage potential 
transformers. 

3. In stations where instrument potential circuits 
are available, but where extensive switching operations 
are necessary to use these instrument potential circuits 
for synchronizing. 

Previous Methods and Their Limitations 
Hitherto there have been in general but two methods 
of reducing voltages for synchronizing. The first was 
the use of a potential ta’ansformer and the second was 
the use of a glow tube in connection with an iTiHnlatj>r 
string. The disadvantages of the potential transformer 
are that it is expensive, bulky, and usually requires 

1. Ohio Pubho Service Co., Clevelaad, Ohio. 

2. Westinghouse Elec. & Mfg. Co., East Pittsburgh, Pa. 
Presented at the Winter Convention of the A. I. E. E., New York, 
N. Y., February lS-17,1928. 


quite long high-voltage leads. Also, if used, fuses and 
current-limiting resistances add complications. 

The op^ation of the glow-tube device depends on the 
charging and leakage currents of the insulators. Three 
glow tubes are connected to intermediate points on the 
insulator strings of the three phases. This connection 
produces an apparent rotation of the light intensity of 
the three tubes thus giving an indication of the relative 
frequency of the two s 3 fBtems. 

This system has three inherent defects; the first is 
that the capacity of the insulators is small, and most of 
the current is leakage current on the svurface of the 
insulator, subject to variations depending upon the 
cleanliness and amount of moisture upon the insulators. 
The second is that the glow of the tubes is faint, thus 
making the reading of the synchronoseope difficult. 
Third, the leakage and capacity of the lead wire to the 
s 3 mchronoscope reduce the current available for the 
tube. The combination of these effects may be such 
as to render the device inoperative at times. 

General Theory op Bushing Potentiometer 

In general, a successful insulator potentiometer must 
have two qualities—it must be of a relatively high 
capacity and must be protected from the weather. 

These two requirements are met by the condenser 
bushing. Constructed, as it is, of concentric metal- 
foil cylinders about the high-voltage conductor, it 
forms an ideal capacity potentiometer wherein the 
metal-foil cylinders are plates and the micarta is dielec¬ 
tric of a series of condensers which can be considered 
as connected in series from the high voltage to ground. 
By adding a tap to the last step to ground a potenti¬ 
ometer is easily obtained. Its size assures ample 
capacity for instrument indication and it is completely 
protected from the weather. 

As these bushings are designed for a voltage drop of 
approximately 4000 volts per layer some means must 
be provided for lowering the voltage across the last 
step to the usual instrument voltage of about 110 volts. 
This may be done either by paralleling the last step 
with a condenser of sufficient size or by the use of a 
potential transformer. 

The transformer method is the better as it allows a 
greater current to be drawn from the potentiometer 
than the condenser method does. However, with 
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the transformer alone, as in Fig. 1, only devices which 
are specially calibrated can operate with accuracy. 
Any instalment having resistance in its circuit will 
cause the instrument voltage to be out of phase with 
the line voltage. This is shown in Appendix I. How¬ 
ever, a modification of this method in which the 
terminal voltage and phase-angle error are practically 
independent of the burden of the connected instrument, 
may be applied. 

fi'his modification is effected by the addition of a 


e. 


"1-,- 


The no-load voltage depends only on the potenti¬ 
ometer ratio of the condenser bushing and the ratio of 
the transformer. As the voltage across the instrument 
is approximately constant regardless of the bm^den, 
the voltage drop across the reactor and thus the voltage 
across the last step of the bushing must increase with 
load. Hence, the device operates with a variable volt¬ 
age on the last step. It is desirable to keep this voltage 
just below or slightly above normal operating voltage 
as a safety measure for the bushing. This is done with 
the additional condenser as it causes the no-load voltage 
of the last step to be lower than normal, thus the trans¬ 
former ratio is lower for a given instrument voltage and 
thus margin is given for a rise of voltage with instru¬ 
ment load. By this means the addition of the network 
does not interfere with the normal operation of 
the bulling. 

As the load is increased the voltage across the last 


Fic. 1 -Thkoukticm. Diaoba-m op Simple Potbntiometbh 

Scheme 

reactor tuned to resonance with the capacity of ^e 
last step of the bushing less the transformer exciting 
reactance. 

The theoretical circuit diagram for this connection 
is shown in Fig. 2. It differs from the circuit of Fig. 1 
only in the addition of the reactor Zu ... 

From the theoretical discussion of this drcmt bs 
given in Appendix II it is seen that the voltage ratio is 
approximately independent of instrument impedance 




and the phaee angle between line and tenninal voltage 

is approximately zero. somewhat 

The final form of the device (Fig. 3) 
differLt from the theoretical circuits so far sho^. 

A condi is added to the secondary circmt of the 
deti^^d a apark^P U connected acrosa the pnmary 

“'?“he‘^^ia added aa a cento'^ 
voltage of the device, and aa a pretection to the laat 

step of the bushing. 


Pig. 3—Complete Schematic Diageam op Cokdenseb 
• Bushing Potential Device 

step rises. As a limit, at short circuit the lower 
network becomes a parallel resonant circuit md the 
only current then flowing in the upper part of the bush¬ 
ing is that necessary to supply losses in the transformer 

^^S^res the drop through the bushing to be small; 
hence the last step voltage must increare considerably. 
To protect the bushing a spark-gap is placed across the 
last step set to break down well below the dangerous 
voltage This gap also protects the network a^inst 
IbSal vol J due to lightning or other distur- 

^^er^^ce is made for 

exfiting current and impedance, &e eqmva 

to'SSS'S one nde of^« ^ 

component, 

component of Zj. „t the onciting 

portion of thin impodanco is so^ 
wlmt in error but its effect on the perfommnee is very 

value of the iron loss resistance varies with Ite 
freSiency and the value of the exciting reactance vanes 
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with the saturation. The operating voltage of the 
transformer is known closely enough to allow these 
values to be determined by test. 

The relation between El and E is: 

= -f- + Z^ + (^« + ^ + Zi) 

+ (^ + l)(^ + Zo] ( 18 ) 

(The derivation of this expression is in Appendix III.) 



Fig. 4—Theobetical Diagkam op Complete Potential 

Device 

The effect of the various factors in the above equation 
can be more easily seen by reference to the vector di¬ 
agram, Mg. 6, which was calculated from the above 
expression for a 132-kv. (76,200 volts to ground) 



Fig. 6—^Vectok Diagram op Voltage and Currents por 
Circuit op Fig. 6 

bushing, carrjdng a 16-volt-ampere, 80 per cent power- 
factor load. 

It will be noticed that the iron loss of the trans¬ 
former is in such a direction that it plays a considerable 
part in the amoimt of the phase angle between the line 
voltage and the instrument voltage. The effect of the 
impedance of the transformer, however, is very small. 

Effect op Change in Reactance op Reactor 

It is interesting to see the effect of changing the 
reactance of the reactor on the voltage and the phase 
angle of the connected instrument. 

The curve, Mg. 6, was calculated from the above 


formula for the same 132-kv. bushing as the vector 
diagram Mg. 6. The burden was also 15 volt-ampere, 
80 per cent power factor. The no-load voltage = 110. 
The value of the reactance was changed through the 
range shown. The load voltage and its phase-angle 
variation from line voltage was determined from the 
equation and plotted. 

The curve shows that voltage regulation can be im¬ 
proved by decreasing the reactance but at the expense 
of angular accuracy. The vertical line shows the value 
of reactance for which resonance with the capacity is 
obtained. It may be seen here, and, in general, it is 
found that the best average conditions exist when the 
reactor is tuned with the condenser. 

Effect op Change in Frequency 

A change in frequency affects the characteristics of 
the circuit chiefly by disturbing the resonance of the 



Fig. 6—Change in Tbbminai. Volts and Phase-Angle 
Bbeob with Change in Reactor prom Normal Valve 

condensers and reactor. When the lower circuit is in 
resonance, the voltage on the instrument is highest. 
As the reactor is resonant with the condensers at nor¬ 
mal frequency, the resonance of the lower portion of the 
device depends upon the inductance of the load. At 
unity power factor, the resonant frequency is the vor maT 
frequmicy and for inductive load the resonant frequency 
is lower. The resonant frequency of an electric circuit, 

/» = " 2 ^ ^ T^' 

the resonant frequency must drop with increase of 
inductance. 

The curve in Fig. 7 shows the variation of voltage 
for a 110-kv. potentiometer, calculated for, 15 volt- 
ampere at both 80 per cent and 100 per cent power 
factor. It will be noticed that resonance occurs at 
normal frequen<qr for 100 per cent power factor, and. 
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at a lower value for 80 per cent power factor. As the 
frequency rises the voltage drops. 

Influence of Line-Voltage Wave Shape 
If the line voltage is not of ane-wave form the 
effect of its harmonics on the voltage of the instrument 
connected to the potentiometer may he seen as follows: 

In Fig. 7 the curve of voltage versus frequency 
shows that at 180 cycles (the third harmonic of 60 



For instance with a 10 per cent third harmonic the 
error is only 0.3 per cent. 

Commercial Form of Device 
As the name of the device implies, the condenser 
bushing is used to supply a source of potential. Fig. 8 
illustrates in detail the method of tapping the last layer 
of the condenser bushing. A flexible cable having 
7000-volt insulation is fastened to the last metal foil 
layer of the condenser and extended to a moulded 
fi.tting in the bushing flange. This fitting is of the 
“plug” and “jack” construction, having the tapped 
lead attached to the “jack.” Fig. 9 illustrates the 
ri^dity and amplicity of the tap construction. All 
material and clearances are deagned to retain the 
insulating properties of the condenser, bushings as at 
present, thus obviating any possible trouble between 
tap and ground. When the bushings are not connected 
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cycles) the voltage appearing at the terminals of the 
device is about 40 volts where the 60-cycle voltage is 
108 

The action of the circuit is such that it will not re- 
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comer of the housing. Connection is made to ground 
through the protective housing of the device. 

The low-ratio potential transformer as shown in the 
lower left hand comer of Fig. 10 is a standard indoor 
type. It is, however, equipped with a special winding 
to give the necessary variation required in adjusting 
the device to resonance. The transformer nominal 
ratio is 3800 to 200 and is designed to have vei^y small 
losses, so that all possible energy is available for instru¬ 
ment use. One side of the transformer primary is 
grounded to the housing of the device. 

The network reactor and condenser forming the 
external network is in the right hand side of the housing. 
The condenser has a maximum capacity of 4 /t f. and 
is rated and designed for 220-volt, 60-cycIe service. 
The condenser dnd reactor are made variable for the 
pxirpose of adjusting the resonant condition of the 
network. The iron-core reactor is designed to have 


Pig. 10—Housing with Cover Removed Showing 
Network 



Performance 

Variations in service and burden conditions will 
cause variations in the performance of the condenser 
bushing potential device. Extensive tests were made 
to determine the performance under different conditions 
and to obtain an idea of the limitations of the device. 
The scope of this investigation included performance 
under such conditions as: 

1. Variation of line voltage. 

2. Variation of line frequency. 

3. Variation of secondary burden. 

4. Variation of temperature of condenser bushing. 

5. Variation of line voltage wave form. 

Also conclusive tests were made to demonstrate the 
adequacy of this device for high-voltage synchronizing. 

The tests were performed on a condenser bushing 
potentiometer designed for service on 110 kv. Voltage 
across the bushing to ground was measured with a 
standard potential transformer. The voltages on the 
secondary side of the device were measured by an 
electrostatic voltmeter of the Kelvin type, whose low 
burden pe^tted accurate measurement. (Burden of 
electrostatic voltmeter is approximately 0.5 volt- 
amperes.) 

The device under test was adjusted to give minimum 
phase-angle error between the voltage across the 
bushing and the secondary voltage of the device when 
carrying rated burden.* (12 volt-amperes at 80 per 
cent power lactor, based on 110 volts at 60 cycles.) 
This WM obtained by using the transformer tap to give 
the desired no-load voltage and adjusting the condenser - 
and reactor to give proper full-load voltage and phase- 
angle error. 

Effect oj lAne-VoUage Variation. The effect of the 
variation of line voltage at 60 cycles is shown in Pigs. 11 
and^ 12. The voltage characteristic is practically a 
straight line regardless of burden showing practically 
constant ratio. These curves can very easily be 
adapted.for use as calibrations when the device is 


very high reactive factor, low energy loss, and constant 
iinpedance over the operating range of cxurent. All 
wiring on the secondary side of the transformer is 
interconnected through the terminal block located 
in the lower right hand comer of the housing. This 
facilitates adjustment of the secondary circuit to 
obtain the proper performance of the device. Instru¬ 
ment leads are brought out through a conduit fitting 
in the bottom of the housing and can be handled the 
same as secondary leads of a potential transformer. 

The outstanding point to be observed is the simplicity 
of the device. It is complete in one assembly and can 
be handled as a unit. The device is on the line at all 
times and operates continuously without any attention 
to auxiliaries or secondary potential sources. The 
actual sjmchronizing operation is accomplidied as 
easily as with a potential transformer. 


used for obtaining voltage indications from high-voltage 
systems. Phase-angle error is practically constant 
with variation in line voltage. 

Effect of Line-Frequency Variation. The gen^l 
effect of frequency variation over the commercial 
range is ^own in Kgs. 13 and 14. Here the voltage 
characteristics are illustrated for different frequencies 
for a 15-volt-ampere burden. From inspection of both 
figures it appears that a practically constant ratio is 
obtained for a given frequency. Further frequency 
effects are shown in Pigs. 15 and 16. Here it is evident 
that the resonant condition of the device is somewhat 
affected by frequency variation. Similar sets of 
curves may be drawn at other than 100 per cent voltage 
point. It is found ■ that the frequency characteristic 
becomes fl atter and thus more constant at lower 

3. Note: All burdens given in the paper arain volt-amperes 
based on 110 volts at 60 cycles. 
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values of line voltage. Another interesting perform- variation; that is, at 60 cycles the phase-angle error will 
ance is the effect of the power factor of the burden be 6 deg. regardless of the line voltage, 
on the re.sonant condition of the network. The more Effect of Secondary Burden Variation. The charac- 
resistive secomlary burden flattens out the voltage teristics illustrating the effect of burden are included’ 
frequency performance. in all of the performances mentioned above. The 

The phase-angle variation between the voltage voltage regulation over the range ot burden given is 

very satisfactory considering the rated burden of the 



Fm. 11 - Vaihation nv BvnDBN Voltage with Line 
Vur.TAiiB AT <■)» Cycles. Power Factor op Secondary 
B wttt>EN-~80 Per Cent (Test Data) 




Fig. 13 — Variation op Burden Voltage with Line 
Voltage at 16 Volt-amperes—80 Per Cent Power Factor 
Burden, for Various Frequencies (Test D.ata) 



Fig 14 — Variation op Burden Voltage with Line 
Voltage at 15 Volt-amperes-100 Per Cent Power Factor 
Burden, for Various Frequencies (Test Data) 


,d to the beshing.end 
ie illuetoted “ 


device. Although the burden is changed, the voltege 
Sacteristic remains a straight line for a given fre- 
fluency The power factor of the burden appears 
?o have Uttle effect on voltage performance as ^own 
in Figs 11 and 12. However, powa--factor change 
SS^ihe frequency-voltage characteristic and causes 
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the resonant point of the device to be slightly shifted 
resulting in curves as shown in Figs. 15 and 16. 

Effect of TemperaMre Variation. Data were obtained 
regarding this condition by heating a condenser bushing 



Fig. 15—VAitiATioNr of -Bubden Voltage With Fkb- 
QUBNCT FOB 80 Pbe Cbnt Poweh Factob Bubdens. Line 
Voltage 100 Peb Cent (Test Data) 



Fig. 16— Y abiation of Bubden Voltage with Fbbqubnct 
FOB 100 Peb Cent Poweb Factob Bubdens. Line Voltage 
100 Pee Cent (Test Data) 

up to 140 deg. fahr. While cooling, the values of 
swondary voltage and phase angle were obtained at 
different secondary burdens down to 60 deg. fahr. 
The phase-angle variation was negligible while the 
Toltage variation amounted to two and one-half per 
cent for a burden of 15 volt-amperes at 50 and 60 
•cycles. It is evident that the heating of the condenser 


bushing in service will cause little effect on the opera¬ 
tion of the device. 

Effect of Wave Form. All of the above curves and 
information are based on sine-wave form of line voltage. 
In Fig. 18 is shown an oscillogram illustrating the wave 



Fig. 17—Vabiation of Angulab Fbbob with Fbequbnct 
AT 100 Peb Cent Line Voltage foe Diffebent Secondabt 
Bubdens 
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Pig. 18—Oscillogeaphic Recoed op Cuerbnts and 
VOLTAGE IN Condenser Bushing Potential Device. Slightly 
Distorted Voltage Wave 



Pig. 19—Oscillographic Record op Currents and 
Voltage in Condenser Bushing Potential Device. Badly 
Distorted Voltage Wave 


form of current and voltage within different parts of the 
device. The supply voltage, according to analysis, 
is practically a sine wave having only three per cent 
each of the third and fifth harmonics. 

In Fig. 19 osdllographic performance is given. The 
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same conditions of voltage, frequency, and burden exist 
as before except a poor wave form of voltage was 
arbitrarily caused by inserting a regulator in the 
supply and caused to operate at high saturation. 
Analysis of the supply voltage gave: 

1st Harmonic—100 per cent of first. 


3rd 

5th 

7th 

9th 

11th 


— 22.2 “ 
— 12.0 " 

— 5.3 “ 

— 0 “ 
— 0 


CONDENSER-TYPE BUSHING 

The phase-angle error is permissible for s 3 niehronizing 
in the region of 60 cycles, but for greater ranges of 
frequency the device should not be used when balanced 
against a potential transformer. The variation of phase 
anglft in either case is practically unaffected by varia¬ 
tion in line voltage. The voltage perfo^ances ob¬ 
tained with a synchronoscope burden are illustrated in 


it 

it 

it 

it 


= V(100)2 + (22.2)* -t- (12)* -1- (5.8)* = 103.2 

per cent. 

This was checked by actual measurement of the secon¬ 
dary voltage under the two conditions of wave form. 
In general, considering the above performance, com¬ 
mercial variation of wave form will cause very httie 
affect in the operation of the device. ' 

It is interesting to note the wave form of serond^ 
burden obtained in both cases. Although considerable 
distortion is obtained in the capacity dreuits, the reactor 
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Fig. 20—Phase-Angle Ebror When Synchronizing with 
T wo CONDBNSEB BuSHING POTENTIAL DEVICES (TeST DaTA) 


smooths out all variations and results in a very good 
wave form of secondary current through the burden. 

Performance Obtained with Synehronoscope. A set-up 
was made to determine the operation of the synctoono- 
scope with this device subjected to various conditions. 
Fig. 20 shows the phase-angle performance mt may be 
obtained with variation in frequency of the line voltage. 
This information was obtained using similar condenser 
bushing potential devices on eithw side of the synchron¬ 
oscope operated from the same line voltage source. 
The angular error is the deflection of the synchronoscope 
needle. This curve diows that the ph^e angle error is 
negligible when using two potential devices for 


^ Fig. 21 is shown the phase-anglfe performance when 
an attempt is made to synchronize with a conden^ 
bushing potential device on one of the lin^ to be 
synchronized and a potential transformer on the other. 


Pig. 21—^Phase-Angle Error When Synchronizing with 
Condenser Bushing Potential Device and Potential 
Transformer (Test Data) 



Fig. 22—Voltage Across Synchronoscopb Terminals for 
Variations in Line Voltage and Frequency (Test Data) 

Fig. 22. Here, again, a constant voltage ratio is 
obtained for a given frequency. The performance with 
variable frequency is comparable to that discussed 
under effects of frequency. It appears, therefore, that 
the frequency variation will cause very little change m 
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the voltage at the synchronoscope terminals. In 
general, these performance data indicate that S 3 m- 
chronizing with the potential device on both sources to 
be synchronized will be just as reliable as is obtained 
in potential transformer practise. 

Application 

This device may be applied to the standard condenser 
bushings assembled on circuit breaks, power trans¬ 
formers or in separate containers with the following 
limitations in burden depending on primary voltage: 

1. 88-kv. Line Voltage—10 volt-ampere based on 110 
volts. 

2 . 110-kv. line Voltage—12 volt-ampere, based on 110 

volts. 

3. 182-kv. Line Voltage—16 volt-ampere, based on 110 

volts. 

4. 154-kv. Line Voltage—20 volt-ampere, based on 110 

volts. 

6 . 220-kv. Line Voltage—30 volt-ampere, based on 110 
volts. 

These limitations are given for 60-cycle service. For 
50-cyele service the burdens will be reduced to five- 
sixths of the above values. For 26-cycle service, the 
devi(M should only be applied to the higher voltage 
bushings since the maximum burden permissible is but 
40 per cent of the 60-cycle limits. 

In case greater secondary burdens than those above 
are to be used, two potential devices on the same 
breaker can be used in parallel per phase thus allowing 
double the burden given above. This will apply 
mostly to relay applications where it will be permissible 
to open the paralleled secondaries when the breaker is 
in the open position. This limitation is made because 
the condenser bushing potential device on the line side 
of the breaker will feed back into the device on the 
other side. 

If it is desired to synchronize around the breaker with 
the same two equipments used in parallel for relaying, 
axr^gements must be provided for opening the secon¬ 
daries when the breaker is open and transferring the 
voltage to the synchronoscope terminals. This all 
can be readily accomplished by use of auxiliary switches 
operated by the breako* mechanism. 

The most favorable apphcation of this device is for 
synchronizing at high voltages. The question of 
voltage regulation is not very important when operating 
a synchronoscope and several degrees phase angle error 
is permissible in the synchronizing operation. The 
voltage ratio as obtained with the condenser bushing 
device is practically constant as discussed above. In 
addition when synchronizing with the use of two identi¬ 
cal potential devices, the phase-angle error cancels out. 

The u^ of a potential transformer on one line to be 
synchronized and a condenser bushing potential device 
on the other is not recommended. Station layouts 
should be made to anticipate the use of a condenser 
bushing device on each of the lines to be synchronized. 
Under this condition the maximum phase-angle differen¬ 


tial that may be expected between any two condenser 
bushing devices throughout the commercial frequency 
range (60 to 70 cycles) is six degrees. This error is due 
to possible manufacturing variations within the poten¬ 
tial device itself and is designed to be practically zero 
at 60 cycles. This small variation in phase-angle 
error will not interfere with the usual synchronizing 
operation. 

When it is proposed to synchronize between a 
potential transformer connected between phase on one 
system and a potential device connected on a breaker 
bushing of another system, the conditions are changed 
considerably. There are two points to be considered: 

1, "When the potential transformer is connected 
between lines, the secondary voltage will be 30 deg. out 
of phase with the secondary voltage of the condenser 
bushing potential device, assuming zero phase-angle 
error in the potential device as well as in the potential 
transformer. This is due to the fact that the trans¬ 
former measures the line-to-line voltage, and the con¬ 
denser bushing potential device measures the voltage 
to ground. This difference can be readily taken care 
of by arbitrarily setting the needle on the shaft of the 
S3mchronoscope 30 deg. from its usual zero, in a direction 
depending on the relative connection to the potential 
sources. 

2. The phase-angle error of a condenser bushing 
potential device may be as high as 6 deg. when carrying 
a burden of a synchronoscope at 60 cycles. However, 
if it is contemplated synchronizing at system fre¬ 
quencies as low as 60 cycles, phase-angle error as high 
as 30 deg. may be expected. This means that the 
synchronoscope would point 30 deg. off zero at instant 
of synchronism. 

It may be feasible to synchronize under this condition 
provided p^cuiar care is taken by the operator. 
An alternative would be to mark additional sjmchro- 
nizing points on the synchronoscope dial corresponding 
to the different frequencies. This requires that the op¬ 
erator keep the frequency in mind when synchronizing. 

The usual method of symchronizing with phase 
voltage instead of wire to neutral voltage eliminates 
any possibility of incorrect synchronizing due to 
“floating neutral.” Where phase-to-neutral voltage 
is used a floating neutral, as is experienced in poorly 
grounded systems, may give false indication on the 
synchronoscope. If such a system condition is antici¬ 
pated, then synchronizing should be accomplished by 
means of line to line voltage rather than line to neutral 

voltage. This would require the use of two condenser 

bushing potential devices, one on each of the two phases, 
with interconnection of the secondary of the network 
so as to obtain the equivalent of a line-to-line voltage. 

Other Applications 

There are sev«*al other uses of the condenser bushing 
potential device in addition to synchronizing. The 
same limitations with regard to phase-angle and voltage 
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performances, as above mentioned will apply here also. 

In general on applying this device, the maximmn 
permissible burden-should not be exceeded. Otherwise 
the condenser bushing itself will be affected by in¬ 
creasing unduly the voltage across the tapped layer. 
Additional applications may be listed under three 
general headings: 

1. Voltage indication 

2. Frequency indication 

3. Relay operation. 

The potential device gives a very satisfactory indica¬ 
tion of voltage although not accurate enough for 
power measurements. Voltage indication may be 
obtained between phase and ground or between phases 
depending on the relative connection of the secondary 
of the devices on the different phases. Standard 
switchboard voltmeters can be used with this device 
for giving voltage indication and connected the same 
as when nsiug potential transformers. Curves similar 
to those given under performance can be used as a 
calibration if necessary. ... 

Frequency indication of a high-voltage line is also 
easily accomplished by use of the potential device. 
TTiaamnf»b as there is no frequency change within the 
device, a true indication of frequency will be given. 
The standard switchboard frequency meter can be 
used within the burden limitations of the device and 
handled the same as when using the potential 
t/FSiHsforiiicr* 

Probably one of the most important future applica¬ 
tions of the condenser-bushing potential device will 
be in the relay field. Generally, the device may be 
used in place of potential transformers for operation of 
potential relays provided the phase-angle and voltage 
performance characteristics are satisfactory for proper 
functioning. In view of the fact that the device 
operates continuously, a potential source is always 
present. Due to simplicity and economy as com¬ 
pared to potential transformers, the use of relay schemes 
requiring potential should become more general. It 
will be particularly useful where protection is obtained 
by voltage indication between ph^ and ground, since 
the secondary voltage of the device is proportional to 
the voltage from phase-to-ground rather than between 
phases. This type of protection is in popular use on 
low-voltage circuits and its use has been hampered on 
high-voltage circuits due largely to the expense of 
potential transformers. Protection requiting ^the 
of phase-to-phase voltage may also be obtained by 
proper interconnection of the secondary phase leads. 

First Installation 

The first installation of this high-voltage synchroniz¬ 
ing device has been made at the Bluebell Substation 
(AlHance, Ohio) of the Ohio Public Service Company 

with very satisfactory results. 

Bluebell Substation is located near the center of a 
132-kv. transmission line 45 miles long, between 


Canton, Ohio and Warren, Ohio. Since no other load 
is tapped from the line between Canton and Warren, 
synchronizing at either terminal point is possible with¬ 
out affecting the Bluebell Substation supply. This, 
however, requires that synchronizing be accomplished 
uting low voltage circuits and necessitates considerable 
switching operation. At the time the station was built 
it was considered too expensive to install 132-kv. 
potential transformers for synchronizing purposes only. 

During the spring of 1926 an Electrostatic Glow 
Meter was installed, to provide a means of synchronizing 
more rapidly, and with fewer switching operations. 
While this installation was quite economical, it was 
reliable only under favorable weather conditions. 

In order to obtain a device operative under all con¬ 
ditions, the condenser bushing potential device was 
installed in August, 1927. The cost was but slightly 
in excess of the electrostatic glow meter installation cost 
and upon investigation it was found to be less than one- 
sixth the cost of a potential transformer synchronizing 
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Fig. 23—STRtrcTrBB Diagram—Blvbbell Substation— 
Ohio Pgblic Service Company, Alliance, Ohio 

installation. This new scheme, although more simpli¬ 
fied, has all the advantages of the standard potential 
tranformer scheme but none of the irregularities of the 
glow meter scheme. 

In Fig. 23 is diown a schematic diagram of the 132- 
Icv. busses in the Bluebell Substation, indicating 
particularly the relative connections of &e condenser 
bushing potential devices. A detafied wiring diagram 
of the potential device coimections is shown in Fig. 24. 
Here is illustrated the method of handling the secondary 
circuit. Similar procedure is followed as in potential 
transformer practise. 

Fig. 25 shows one of the potential devices, with cover 
in place and with cover removed as installed on the 
132-kv.—“G-2” oil circuit breakers. The units are 
mounted on pedestals at one tank of each circuit 
breaker. The field inst^ation of the complete poten¬ 
tial device consisted of the following: 

1. Attachment of houang to pedest^ and installa¬ 
tion of pedestal. (For future installations, lugs will be 

provided on the circuit breaker tanks for bolting.) 

2. Attachment of protected flexible cable to the tap 
on the condenser bushing and to the unit. 

3. Attachment of the secondary leads from the 
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device to the synchronizing switch located on the station 
switchboard. 

In Pig. 26 the tap from the condenser bushing may be 
seen entering the top of the potential device and the 
conduit carrying the low-voltage lead from the unit to 
the switchboard may be seen entering the ground at 
the base of the supporting pedestal. From the unit 
to the switchboard the insulation through the station 
control ducts is 600 volts. The wiring diagram in 
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have been made using the two condenser bushing 
potential devices with no incorrect indications. 

Appendix I 

In the diagram. Fig. 1, the transformer is neglected 
and the constants are referred to one side of the trans¬ 
former. The symbols xised are defined by reference to 
the diagram. 


I - 

z. 

(1) 

Ib =J.-|-Ix = Ii(h--~) 

(2) 

Eb = Zb Ib = Zb 7i ^ 1 -|- ^ 

(3) 

E =ZiZ 

(4) 


Fig. 24—Schematic Diagram op Oil Circxtit BREAKaB— 
CoNDEnsBB Bushing Potential Device and Connections 
EOB Synchronizing 

Pig. 24 shows clearly the simplicity of the apparatus 
and the connections as applied.to this instsJlation. 
A standard s3mchronism indicator, except lamps and 



Fig. 25—Condenser Bushing Potential Device as In¬ 
stalled ON Breaker Tank 

standard synchronizing plugs or switches are used 
on the switchboard. 


E-l = E-b + E = Ii^Zb + * + ^) (5) 



Then the ratio of the potentiometer 


It is interesting to substitute Z = «» in equation (7) 
as a check on its accuracy. Then 



This gives the ratio of the potentiometer at open circmt 
as proportional to the total impedance of the bushing 
divided by the impedance of tiie last step. 

The effect of load may be seen as follows: 

Substitute the following terms in equation No. (7). 

Zb = — 0 Xb (capadty reactance only) 

Za = — y Xa (capadty reactance only) 

Z R dbj X (Resistive with either inductive or 
capadtive reactance) 

Then the ratio 


^ It is the intention on future installations to synchro¬ 
nize across one pole of each breaker rather than from 
breaker to breaker in order to permit a greater flexibility 
in the switching set-ups and simplify switchboard 
connections. To date, 60 s 3 mchronizing operations 


r 4 --^ 4 . 1 I 

LRdbyX^ X. + 


(9) 




In order that the ratio be a'numerical quantity. 
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that is that there be no phase angle between £?l and E, 
all j quantities in the above equation must cancel. 
By inspection it may be seen that for any value of load 
resistiince, R, except zero the j terms will not cancel 
and there will be an angular difference in phase between 
the line voltage Kl and the instrument voltage E. 
If an instrument having negligible resistance such as ^ 
electrostatic voltmeter, or some highly inductive cir¬ 
cuit, were connected to the terminals of the above device 
the value Ri - 0, and equation (9) becomes: 

r " J u + 11 

-F "L'iix + X. +^J 


[x»[ 


] + i] 


£<1, . 

here all thej terms have canceled out, is a numeri¬ 
cal value and hence the phase between Ej, and E is zero. 

It is interesting to note that if ± X =* — X*, or if 
the load is highly inductive with neghgible resistance 
and is resonant with the last step of the bushing X», 

the ratio would equal 1 and full voltage would be 

tj 

impressed across the transformer primary thus causing 
its ruin. This case is practically never attained com¬ 
pletely in practise but it can be approached closely 
enough to be dangerous. 

Appendix II 

A working knowledge of the action of the circuit in 
Fig. 2 can best be gained by dividing it into two pa^, 
considering each separately and then uniting the action 


r 


step Z,. The impedance of the network is designed so 
that its total impedance, including the last step is 
never much higher than the original impedance of the 
last step Z». With change of load the network impe¬ 
dance will fluctuate but can be considered constant and 
equal to Z* with a relatively small error. Hence, under 
all load conditions, within the rating of the device, the 
charging current can be considered as equal to: 

" (Zb + -^.) 

Substituting for Zb and Z, their values - j Xb and 
-iXo 

approximately (10a) 
The second portion of the drcuit as shown in Fig. 26 
is the same as the lower portion of Fig. 2 except that 
the constants of the circuit have been refared to one 
side of the transformer, and the transformer itself has 
been neglected. Analyzing the relation between E 


and Is 


Ib Ii "k -I** 

, . (.Zx + Z) 


.z.[: 


Zi-kZ 

z. 


• ^ ^ Substituting (12) in (13) 


Substituting Ii = 


Zi + Z 

Z. 



=^[4- 


z. J 


Now K Z, is pure inductance and equal to i Xe and tt 
Z.--iX^ W 

the relation between Ib and B becomes: 

1 i?® . — K—~\ 


. J J. —=— 

-Z- + -jXoZ'^ -iXo 
Fig. 2r.-THEOUB'«OAia Diagbam or Lowbb Portion of ^ „ bt _ _ (16) 

POTBNTIOMBTBB a= ^ j ^ J ® 

of the two to approximate the action of the whole Thus it is ^ ttat “ 

“ufthe first part he the tap^« “nd'w the ratio Be becomes: 

fmn the inner conductor to toe top (17) 

second part will then be toe rtot ottoe^J^^ ^ X. 


Thus it is seen that toe ration betoem I. « 

tattependent of toe load impedance, Z. From (10) 
and (16) the ratio Ei becomes: 

Br - j h (Xb + XoL , (17) 


— J IbXo 


“ Xo 
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between Et and E is approximately zero. The greater 
the number of steps on the bushing the better will be 
the approximation. 

A more exact solution for the circuit of Fig. 2 is 
not difficult, but any additional information it would 
give is of little value because the iron loss of the trans¬ 
former plays an important part in the characteristics 
of the device. 

Appendix III 

The derivation of Formula No. 18 is as follows: 

From Fig. 4: 

Instrument Voltage = E = hZ ( 1 ) 

Reactor Voltage =Ei<=I^Zi ( 2 ) 

Condenser Voltage == E, = E + Ei = U{Z + Zi) (3) 


+ ( + 1) (■^ + Z{) J (12) 


Condenser Current = 7c = ^ ( 4 ) 


Current Through Transformer Impedance = It 
It = Jc -f- 7i = Ji + 7j - 
Transformer Drop = Ei 


7, - J, + /,-/, + 7. <?.±A> _ j g. + Z + Z.) 

(5) 


El = ZtU = ZiIt 


(Eq -h Z -|- Zi) 


( 6 ) 


Volts on Lower Step of Bushing = E 
L. 


-^-IiiZ -|- Zi)^ 

(7) 

r Z 

L (^c + Z + Zi) + (Z + Zi) J (8) 

Current into Combined Impedance Z^ = 7, 

T _ 7i r Zt -I 

z, - z. I~z7 ^^‘ + ^ + ^^'> + (z + z{) j 

Bushing Current *= 7b = 7, -t- 7t 
r 2“t 

».+^+z.) 


'' z. / + r. 

Bushing Drop - Net Work to line = 

Zr 


]( 10 ) 


®' - + Z + Z0 


+ • 


+ Zi) , Z,+Z + Zt 


+ 


](!!) 


Z. ' Zc 

Line Volts to Neutral = Fi, = £?b + 

Adding ( 11 ) + (g) and substituting (l) » 

^ ^ ^ ^ ZrZj, \ 

-X~ + 




Discussion 

VACUUM TUBE SYNCHRONIZING EQUIPMENT 

(Belt and Hoard) 

USE OF CONDENSER TYPE BUSHING IN 
SYNCHRONIZING 

(Spracelen, Marshall, and Lanooui'h) 

New York, N. Y., February 17, 192S 
E. D. Efayt In connection with Pig. 8, it is inontioned (hat the 
value of the shunt resistance R may vary approeiably from the 
normal value of 600,000 ohms without seriously aflwding the 
ratio. If this shunt resistance sliould become very small, how¬ 
ever, the ratio would be affected. It is intorestmg to note M'hat 
effect upon the ratio would result from a low insulation ri>sis1ance 
in the condenser C^. This insulation resistance ma.v bo <fon- 
sidered a part of the total shunt resistance since it is in parallel 
with R. 

The insulation resistance of the condenser Cs itself is normally 
of the order of 100 megohms, but this resistance m.ay fall as low 
as one m^ohm without seriously affecting the ratio. With one 
megohm m parallel with a resistance R of 600,000 ohms, the uom- 
bmed value would become 375,000 ohms, which from Fig. 9 
IS seen to affect the ratio to a negligible degree. 

The phas^angle error is also dependent upon the vjiluo of R 
M shown in Pig. 10. With the insulation resistance of condenser 

megohm, and with R equal 
* ohms, the phase-angle error increases from 2.75 deg. 

“mif ^ unimportant change in the phase angle. 

IS seen that such a low value of insulation resistance of 
condenser ^2 a,nd connected leads cannot seriously affect either 
^ ratio of this capacitance transformer or its phase angle for 
S3raoliromzmg purposes. ^ 

te^Ser W demonstrated by testing capacitance- 

^ surrounding 

^eporcelam shells so that the capacitance between bashing 
conductor and external objects is greatly increased. This was 
found to Irave no effect upon the transformer ratio. This is 

deeve of the bushing which extends beyond the ends of Uie eon- 

den^ plates That is, changes in the external capSiSnee S 

latin, materiiOs in bile condeneer Os ere 
^ eeed to bbe p^tore TZ 

ilU,UOO-volt power system a parallel instaHatinr. ^ ^ 

end l.bo,..<,.^ toeto .toeb todleebe-IrS^^rS 
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former may be used for metering as weU as for synchronizing 
purposes. 

A high degree of operating safety in this device is assured by 
the high safety factors employed in the design and construction 
of the capacitance transformer. At 60 cycles, the flashover 
voltage of the bushing is about 514 times its operating voltage 
from line to ground. The puncture strength of condenser C 2 
is about 100 times its operating voltage. This gives a safety 
factor of 100 at operating stress, and 18 above 60-eycle flashover. 
With impulse voltages, the safety factor is correspondingly high. 
This design of oil-filled bushing will withstand impulse flashover 
indefinitely, and the capacitance-transformer insulation is cor¬ 
respondingly strong. This is of the greatest importance to the 
operatioii of the synchroscope which may be called upon to 
synchronize lines during lightning storms. 

EacJi capacitance-transformer bushing receives a 60-cyele 
flashoA'er test as well as the usual one-minute high-potential 
test. The capacitance transformer receives a test of 1000 volts 
for one minute. The capacitance of each transformer is 
measured and the low-tension voltage calculated from the 
measured capacitance. A variation of db 5 volts is allowed. 
Each capacitance transformer is calibrated with its vacuum-tube 
equipment. 

Ca])a('itance-transformer bushings of this type have been built 
for A^oltages from 88,000 to 220,000 volts. They can be supplied 
for lower voltages if desired. The additional cost of capacitance 
transformers in oil-circuit-breaker bushings is so small that they 
have been specified on some orders in anticipation of a possible 
installation of the synchronizing equipment at a later date. 

H. L. Crumley: I have had some very good operating 
experience with the vacuum-tube synchroscope. 

We have installed on the Metropolitan Edison system one 
outfit at the present time. We had no misgivings as to the 
reliability of the equipment. The only thing we were afraid of 
was what Avould happen Avith impulse voltages. 

We had one experience that convinced us of the reliability 
of the outfit. One evening during a severe lightning storm, the 
line to which this synchroscope was connected was knocked out 
and in a few minutes it was resynchronized at the station using 
the vacuum-tube synchroscope. An inspection showed that the 
bushing of the capacitance transformer had been cracked, 
due to a flashover. This flashover was evidently the cause of 
the line trip-out. 

Since Ave have seen what may occur from impulse voltages and 
even to the flashover of the bushing itself, we have no fear 
as to the future operations of this type of equipment. 

Philip Sporn: (by letter) It has always been realized that 
in a high-voltage station consisting of a half dozen lines or so, and 
perhaps a series of transformer banks utilized for obtaining a 
distribution voltage, it would be highly desirable to be able to 
synchronize every line. However, cost considerations of 
potential transformers primarily, although there were others, very 
often dictated the elimination of direct synchronizing facilities 
■ especially if it was possible to figure out a sequence of switching 
under which synchronizing could be done at lower potentials at 
some other point. Now this arrangement, while it often 
looked very beautiful on paper, did not work quite as smoo^y 
when put into the hands of a group of substation operators. The 
result has been that many high-tension stations that were 
originally designed without such synchronizing facilities, later had 
them put in at a very much greater expense because operating 
experience showed their almost absolute necessity. 

These two papers point out means of doing this at very much 
less expense than was thought possible a few years ago. Of the 
two, the straight condenser method is apparently simpler but it 
appears to me that vacuum-tube method has more than enoug 
other advantages to compensate. For one thing, a no pom 
outside the breaker does any high potential exist. Again, it is 
highly desirable to get operating men familiar with, and used to 


operating and relying upon vacuum-tube devices. Today, it is 
possible to synchronize, to communicate, and to supervise oper¬ 
ation with vacuum tubes; but ultimately we Avill surely use them 
for voltage regulators. Other uses are bound to follow. The 
power engineer therefore must make up his mind that the vacuum 
tube is going to be a tool and a piece of apparatus without which, 
in the years to come, he will not be able to get along on his power 
system, and that the sooner he gets the operating people thor¬ 
oughly versed with it the better off everybody Avill be. 

Messrs. SpracMen, Marshall, and Langguth point out that it 
is not recommended to use a potential transformer on one side 
to be synchronized against a condenser bushing on the other. 
Where, however, it is desired to meter at the high voltage 
and a set of potential transformers is utilized for that purpose 
connected to the bus, it would be most logical in that case to 
synchronize against the potential transformers. In such a case 
the vacuum-tube arrangement would have a slight advantage. 
On the other hand it is conceivable that the cost of the straight 
condenser arrangement may be sufficiently lower to make it 
possible to install, under such a set of conditions, an additional 
condenser bushing connected on the bus and yet not increase the 
cost over the vacuum-tube arrangement. 

Neither paper mentions any costs. I think these might be of 
interest. In a 132,000-volt sAvitching station that was cut into 
service within the last six months we had occasion to synchronize 
six circuits against either one of two buses. The cost of doing 
it by vacuum-tube arrangement ran close to $8400. The 
estimated cost of accomplishing the same thing by standard 
132,000-volt potential transformers was $34,000. 

J. H. Cox: (communicated after adjournment) The authors 
of this paper have confined themselves to normal-frequency 



Fig. 1 


appUcations of the condenser-bushing potentiometer. However, 
in addition to being useful for those applications it forms an ideal 
potentiometer for making measurements of transient voltages on 
transmission lines. In this application it is merely necessary to 
connect the measuring device between the tap and ground. 
Since the potentiometer is a capacity coupling the ratio of the 
voltages is constant regardless of magnitude or wave shape, so 
long as the measuring devise is also a capacity. Both the 
Mydonograph and the cathode-ray oscillograph come in this 
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category as the energy consumed by either is entirely negligible. 
The normal voltage on the tap, being 4000 volts, is above that 
required as the normal voltage on either of the above instruments. 
This may be reduced to any desired value by connecting a suitable 
external capacity in parallel with the instrument. This, of 
course, causes a voltage equal to the amount of the reduction to 
be impressed across the remainder of the bushing, but this should 
be negligible. 

The three principal objections to the capacity potentiometers 
as commonly used in Mydonograph tests are cost, space, and the 
change in ratio with varying weather conditions. Often a major 
part of the expense of a Mydonograph investigation has been in 
the potentiometers; when the breaker, or transf^mer, bushings 
are provided with a tap there is little added expense, and even 
when installed specially they can later be used as spare bushings. 
Due to the mutual effect between adjacent air potentiometers 
they must be separated by considerable distance; the bushing 
potentiometers do not affect each other and may be spaced as 
close as safety permits. Of course, when apparatus bushings are 
used little additional space is required. The supporting insu-, 
lators of the air potentiometers were subject to dirt and moisture, 
with a consequent change of ratio when the leakage became large 
enough to be important; the capacities in the bushing poten¬ 
tiometer are enclosed. 

When used as transient-voltage potentiometers these bushings 
are not limited to the higher-voltage classes as they are for 
normal-frequency applications. They have been applied on 
systems with voltages as low as 6600 volts. Even these bushings 
have a capacity of about 300 micro-microfarads per step, which 
is ample to supply the Mydonograph, which has a capacity of 
about 10 micro-microfarads. Also, for .voltages of 25,000 and 
less the cost of condenser-bushing potentiometers is not too high 
to prevent their being built for special tests. Fig. 1 herewith 
shows a potentiometer, with a special tank, for 66,000 volts. 

T*. A. E. Belts (communicated after adjournment) Since 
nothing is of more importance in high-tension apparatus than the 
bushing, I wish to bring out several points. 

Assun^g that the condenser bushing has a 60-cyole flashover 
of 5}4 times its normal line-to-ground potential, and that the 
impulse ratio of the bushing is 2, it can be shown that approxi¬ 
mately 60,000 volts may be obtained on the tap at the time of an 
impulse sufficient to arc over the bushing. If the tap is left 
isolated, adequate insulation and clearance must be provided for 
60,000 volts. On the other hand, if the tap is grounded, the 
dielectric of a 110,000-volt bushing will be overstressed by 
approximately 6 per cent, that is, the bushing insulation will be 
operating at a reduced factor of safety. This reduction in 
dielectric strength, however, may be compensated by increasing 
the size of the bushing. 

When the tap is used to supply potential for relays, a momen¬ 
ta^ flashover of the protective gap will cause momentary loss of 
voltage, wMch seemingly may cause incorrect relay operation. 

A circuit described in an article in the Siemans-Zeitschrift, 
Vol. 6, Oct. and Nov. 1926, makes use of the condenser bushing. 

It is reported here that temperature affects the bushing chatac- 
tenstio. One case of trouble mentioned -was caused by one 
bu^g operating continuously in the shade while the other 
bushing at times was exposed to the sun. 

T. S. Farleys (communicated after adjournment) The 
capacitance transformer described in the paper by Belt and 
Hoard produces a secondary voltage Er which has practically 
me s^e wave shape as the line voltage butreducedinmagnitude. 
Eq. (1) shows that as the frequency increases, the ratio 

E/Ejt approaches — as a limit, which for the capaci¬ 

tance teansformer mentioned equals 1545. The ratio for 60 
cycles IS 1547. Hence it is evident that the magnitude of the 
fundamental and all harmonics are reduced in the same pro¬ 


portion. Also from Eq. (1) it can be shown that as the 
frequency increases the phase shift decreases to zero as a limit. 
The phase shift for 60 cycles is only 3.3 deg. and is less for any of 
the harmonics. Therefore it is seen that the secondary voltage 
of the capacitance transformer is a true representation of the 
line voltage including all harmonics. 

Because of these characteristics of the capacitance trans¬ 
former, it is very well adapted for use in conjunction with 
properly designed vacuum-tube circuits to supply potentials 
from high-voltage lines for accurate measurement work. 

T. A. E. Belt: In addition to using the amplifying equipment 
for synchronizing, potential for other purposes may be obtained 
simply by energizing the outdoor amplifler independently of 
the indoor unit, thus obtaining the potential from a separate 
output transformer connected in the plate circuit of the amplifler 
tube. 

Mr. Eby pointed out that in the design of the capacitance 
transformer, a high factor of safety was used to avoid dielectric 
failure under lightning impulses. It is gratifying to know that 
these precautions which were thought necessary in the design 
have proved to be worth while in operation; for Mr. Crumley 
tells us that even though the porcelain of a bushing was split 
by lightning and part of the oil gone, the capacitance trans¬ 
former continued to function. 

E. E. Spracklen: Although our experience W'ith the equip¬ 
ment installed at Bluebell Substation has not covered a long 
period of time, we feel that its operation is quite dependable and 
that the voltage of the secondary circuit offers no serious hazard 
if the installation is properly made. 

The simplicity of the complete circuit and the use of standard 
switchboard apparatus highly recommends this hook-up in the 
conriderations of installation, operation, and maintenance costs. 

Since the installation was made last August nearly one hundred 
operations of the synchronizing device at Bluebell Substation 
have been performed with very satisfactory results, and entirely 
without any need for adjustments or replacements of apparatus. 

As brought out in our paper, the inistallation at Bluebell Sub¬ 
station was made partially with the idea of obtaining field experi¬ 
ence mth this synchronizing scheme and of obtaining data on the 
possibilities of the various applications for condenser bushings 
which may be accomplished economically, simplj^ and depend- 
XJp to this time nothing has occurred to change opinions 
regarding these applications and it is hoped that substantial 
data may be assembled in the near future. 

P. O. Laniiiuth: In connection with the condenser-bushing 
potential device, it is well to note the advantages that may be 
obtained with regard to use of auxiliaries on high-voltage circuit 
breakers. It is now possible to obtain both a current indication 
and a voltage indication from circuit breakers or other power 
apparatus which are equipped with condenser bushings. 

This latest development which uses the charging ciurent from a 
condenser bushing for operating synchronoscopes or other meters 
depending on voltage indication is very interesting. The device 
is rather simple and much less expensive than the usual poten¬ 
tial-transformer installation. The condenser-bushing device is 
complete in one unit as shown in Fig. 10 of the paper. This 
comprises the complete equipment for use with the tapped con¬ 
denser bushing. No separate source of power or vacuum tubes 
is required for use with this device. It is weU to note that the 
secondary leads from the outdoor housing are handled in the same • 
manner as the seconc^y leads from a potential-transformer 
installation. TMs device is sturdy, and requires no maintenance. 
Potential is available across the secondaries continuously as it 
is not necessary to disconnect the device from the primary when 
npt in use. 

There are four broad uses of this device. Due to the fact that ■ 
potential is available in the secondary circuit at all times (f. e.,. 
as long as the bushing is connected to the line) whether in a 
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circuit breaker or power transformer, this device is not limited 
to synchronizing. 

1. For operation of a synchronoscope for synchronizing high- 
tension lines between 88 kv. and 220 kv. 

2. For operation of frequency meters. Since there is no fre¬ 
quency change in the potential device the frequency indicated 
on the secondary will be the same as the frequency of the line. 

3. For operation of voltmeters. An indication of line voltage 
can be obtained since the voltage characteristic is practically 
constant. 

4. For operation of relays. 

The application of this device for relay protection of systems 
is more or less in the development stage. However, the future 
looks very bright in regard to use of this device for protection of 
systems against phase-to-phase and phase-to-ground faults. In 
fact, several large power systems are at present installing these 
devices for such protection. Reference should be made here to 
fche paper^ on ^‘Relay Protection” given by Messrs. Crichton and 
Graves at the Regional Meeting in November. Relaying, of 
course, is made possible due to the fact that the secondary voltage 
of the condenser-bushing potential device is available at all times 
without any attention to auxiliaries, such as vacuum tubes. 

I should like to say a word about the application of this device 
to relaying and synchronizing. In general, it has been the prac¬ 
tise when using potential transformers to synchronize between 
lines or between phases. However, when using the potential 
device with the condenser bushing, the voltage obtained at the 
secondary device is in phase with the line-to-ground voltage and, 
of course, in that ease synchronizing is based on the phase rela¬ 
tion between line and ground. If it is desired to synchronize 
with a potential transformer which is connected to the bus for 
metering, it is necessary to install two condenser-bushing poten¬ 
tial devices. The two devices would be installed on the phase 
to be synchronized and the secondaries connected in series, thus 
resulting in a secondary voltage, in phase with the phase-to-phase 
system voltage. In relaying between line and ground or between 
phases, it should be noted that each condenser bushing on the 
circuit breaker can be equipped with a potential device. Then 
with proper secondary interconnections all six devices may bo 
used for synchronizing, relaying, voltage indication, or frequency 
indication without overloading the device. 

In the previous discussion some mention has been made of the 
voltage tapped from the bushing. For example, the normal tap 
voltage is about 4000 volts for a 132-kv. condenser-bushing 
device. The synchronoscope or other potential instruments are 
insulated from this high voltage by the voltage transformer in 
the device. It is well to keep in mind that the impedance of the 
upper part of the bushing is in the neighborhood of 11,000,000 
ohms; thus if the primary were short-circuited the maximum 
current that would flow is about 12 milliamperes. If the 
secondary of the device were short-circuited the maximum cur¬ 
rent would be approximately 250 milliamperes,[whioh''is too low 
to cause any serious damage. 

1. L. N. Crichton and H. O. Graves, Jr., Trans. A. I. E. B., 1928, Vol. 
47, No. 1, p. 259. 


If overvoltage occurs on the last step of the bushing the gap 
discharges with the above mentioned 11,000,000 ohms in series. 
The gap is set for 5000 volts and its discharge is limited to the 
above primary cun*ent, and thus when the voltage returns to 
normal the gap automatically ceases to discharge. The high 
capacity of the condenser bushing protects it from impulse 
voltages. 

The high-voltage circuit of the device (4000 volts approxi¬ 
mately) is completely enclosed in a grounded metallic housing 
and insulated within for 7000 volts. The danger of any one’s 
coming in contact with this circuit is very remote. 

The condenser-bushing potential device is relatively inexpen¬ 
sive and can be applied at a nominal cost for either one or two 
breakers. 

In regard to Mr. Belt’s comments I should like to point out 
that the insulation of the plug tap to the bushing, for impulse 
voltages is as good as the insulation of the bushing itself. Thus 
the insulating qualities of the bushing are in no wise impaired by 
the addition of the tap and therefore no more trouble due to 
impulse voltages will be experienced in the future than in the past. 

In regard to the 6 per cent increase in stress on the upper 
portion of the bushing when the gap is discharging, I should like 
to emphasize the fact that the discharge of the gap is not an arc 
but a glow. For this reason the gap acts not as a short circuit 
but as an overflow to excess voltages. Hence the increase in 
voltage stress is not 6 pe^" cent but lower—^approaching 6 per cent 
as a maximum. The factor of safety of the bushing is great 
enough to allow this overvoltage indefinitely. Therefore the 
danger to the bushing caused by the almost infinitesimal time 
duration of an impulse is very slight. 

The same gap-discharge characteristic mentioned above pre¬ 
vents sufficient loss of potential to influence relay operation dur¬ 
ing impulse flashovers even if they were of sufficient time interval 
which is unlikely. Tests made since the writing of the paper 
have shown that the secondary voltage drops only a few per 
cent, thus substantiating the fact that the normal primary volt¬ 
age is maintained practically constant during disturbances. 
Repeated tests also demonstrate that the gap operation is 
automatic in that, when an impulse or surge “passes over,” 
the gap ceases to function. It operates only in case of over¬ 
voltage and tends to hold the primary voltage at normal value. 

Temperature variations of the condenser-bushing device are 
taken up in detail in the original paper. The eflects are so small 
as to be negligible on most applications of the device. 

All of the above is confirmed by field experience which has 
demonstrated satisfactory operation of this device in service, and 
its inherent automatic compensation for overvoltage conditions. 
The following points may be considered as being of especial 
importance from the standpoint oif installation and operation. 
The apparatus is entirely self-contained. The 4000-volt circuit 
is short, thoroughly insulated and protected from mechanical 
injury or accidental contact by grounded metal housings. No 
other circuits have a voltage in excess of approximately 110 volts. 
There is no rotating apparatus of any kind used. There is no 
apparatus used which is subject to deterioration. In short, the 
initial installation and the succeeding apparatus is on a par with 
that of a standard low-voltage instrument transformer. 



Metallic Arc Welding Electrodes 

A Study of the Effects of Surface Materials 
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Synopsis* To understand the effect of surface materials on 
metallic arc welding electrodes^ something must he known as regards 
the fundamental theory of arc heat distribution^ arc vapor resistance^ 
and siTYiilar matters which are modified by the presence of surface 
materials. The character of the arc may be changed by chemical 
and structural vanations in the surface matenals. Stability is one 
such arc characteristic. 

Two types of stability are recognized^—chemical and electrical. 
Surface materials have a significant influence on the brittleness or 
ductility of weld metal. They also can he used to control the arc 


B efore the effects produced by surface materials 
on metallic arc welding electrodes, can be under¬ 
stood, some familiarity with the arc itself must 
be gained, and an understanding of many of the funda¬ 
mentals of welding acquired. Much of the subject 
matter presented is still in the controversial stage of 
development, but, to avoid numerous modifying re¬ 
marks throughout the discussion, all reference will be 
assumed for the time being to be fact. 

The arc itself appears to be a double thermocouple, 
the two couples being the junctions of the electrode tips 
with the opposite ends of the arc vapor stream. In 
Pig. 1 the welding arc is shown with the direction of 
thermocouple voltages common in mild steel welding 



Pig. 1—The Metallic Arc showing by Arbows the 
Direction op the Thermocouple Voltages Most Common 
inJMild Steel Welding. 

indicated by arrows. The work is usually connected to 
the positive terminal of the welding generator. A volt¬ 
age rise takes place at the filler rod end of the arc stream, 
the heat energy of the arc being changed to electrical 

1. President, Fusion Welding Corporation, Chicago. 
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type, four such types being recognized. The influence of surface 
materials on the heating of electrodes is another phase of the matter of 
practical significance. Surface materials may be employed to 
control both the operating characteristics of the electrode and the 
resultant weld properties. Among the operating characteristics 
might be mentioned stability and rate of melting. Among the weld 
properties are included freedomf rom blow^holes and tensile strength. 
These and other pyt'octical applications of a comprehensive knowledge 
of surface materials are cited in this paper. 

« « 


energy while at the deposit end, the welding current 
suffers a corresponding voltage drop, electrical energy 
being changed to heat. There are eight possible 
combinations of thermocouple voltage directions and 
welding current directions. These are shown in Fig. 2, 
the eight combinations resulting from the possibility 
of running the welding current in either direction. 
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Fig. 2—^The Four Possible Combinations op Abo 
Thebmooouplb Voltage with the Two Possible Dibec- 
tions op Welding Current. 

Two possibilities of varying the character of the arc 
are presented by this theory of arc heat distribution. 
One is the variation of directions of the thermocouple 
and impressed welding current combination, and the 
other is the e. m. f. of the thermocouples and impressed 
current. 

The resistance of the arc vapor has little effect on arc 
heat distribution but it practically controls the total 
arc heat^ Besides the arc vapor resistance, considered 
as a whole, the relative resistance of the core and sheath 
of the arc stream affect the character of the arc. 

In studying both the total heat and its distribution 
in the metallic arc in connection with welding, two 
phases of the subject must be considered,—^weld 
properties and operating characteristics. To bring 
the matter of these two phases under control the 
electrode designer makes use of varying combinations 
involving the four fundamentals of design. These 
are chemical composition and structure of the filler rod 
itself together with the chemical composition and 
structure of the surface materials. 
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Heat is not. the only factor to be studied. The 
electrical enei-Rj'^ supplied by the welding generator is 
also converted into magnetic energy and light energy, 
('hemical energy, mechanical energy, and other forms 
are also I'esultants. The metallic arc and arc welding 
are so complex that to ti’y to grasp all the variables and 
their interrelations as a whole baffles even the best 
trained scientific mind. For an understanding it is 
necessary to analyze and synthesize until the field has 
been covered, always remembering that the mainte¬ 
nance of the arc depends on the equilibrium of many 
variables, the change of any one usually resulting in a 
compensating shift of all the othei-s. This is true not 
only of the arc but of the whole welding operation. 
'I’hese remarks arc introduced to indicate that within 
the scope of a di.scu.s.sion confined essentially to the 
effect, of surface materials on metallic arc welding 
electrodes completene.ss is impossible. 

'Phese surface materials fundamentally may vary 


current and the stability is restored. Increase the 
quantity of the calcium hydroxide and the stability 
increases until the arc stream beedmes saturated with 
the resultant vapor, after which further increase of 
stability ceases regardless of additions of the surface 
materials. 

A welding rod was prepared to show the significance 
of surface materials as just indicated. The bottom or 
starting end of this electrode possessed no surface 
materials, the center had the residual wire-mill lubri¬ 
cants, which became essentially calcium carbonate by 
the time the electrode was used, and the top coated with 
the usual commercial flux composed of calcium car¬ 
bonate together with siliceous materials. As such an 
electrode is run with direct current, (regular polarity),, 
the first third gives a very unstable arc, the middle 
third, an arc which is commercially acceptable, and 
the top third, a very stable arc. All this seems due to a 
combination of arc heat distribution and arc vapor 


chemu-ally or structurally. Chemically, their variation 
is almost inlinite, and structurally they may be coarsely 
or finely powdered or may be fibrous; they may be 
crystalline or amorphous; they may be applied evenly 
or unevenly, more on one side than the other, more at 
one end than the other or in single or multiple layers. 
Also, t he r(!lat.ive mass of surface to electrode material 
may be varied. HMiis relative mass has given rise to 
live classes of coatings. From the lightest to the heavi¬ 
est they are commonly designated as the inappre¬ 
ciable” coatings of Elliott, the residual coatings of 
('Inirchward, the surfacing of the author, the flux 
coatings of Hollup and Holslag, and the slag coatings of 
Kjellberg and Jones. All except the extremes are m 
(juite general commercial use in this country, while the 
.slag coatings seem preferred in Europe where alter¬ 
nating current is in common use for welding. 

Taking up first the chemistry of the surface materials, 
it is foun<l that both the arc heat distribution and total 
arc heat may be influenced through this fundamental. 
The eledrodes themselves are metallic: hence they are 
first-ckuss electrical conductors. The surface materials 
arc* most commonly non-metallic and are there¬ 
fore second-cla.ss conductors. When the vapor of a 
second-cla.ss conductor predominates in the arc stream, 
the higher the temperature, the lower the resis^ce. 
This .state of affairs tends to increase arc stability, 
since a given variation in arc length produces a, lesser 
variation in re.sistance. The arc is complex and most 
ob.served tendencies are usually the algebraic sum of 
several tendencies. For example, an absolutely dean 
iron electrode operates with greatest stability when 
made the positive terminal of a d-c. generator because 
the thermo-couple action is such that the preponderaime 
of heatappearsatthe negative end of the arc stre^. By 
applying an “inappreciable” coating of calcium hydrox¬ 
ide, this thermocouple action is reversed and the arc b^ 

comes lessstable.althoughthesuriacematendisasec^ 

cla.ss conductor. Reverse the direction of the welding 


resistance. 

To better understand the effect of surface materials, 
on arc stability something must be said of stability 
itself. This matter is quite complex, but broadly, 
there is electrical and chemical stability. As the arc 
length increases, its resistance goes up, the arc voltage 
rises and the current falls. It is inherently unstable. 
Therefore ballast resistance must be introduced in a 
constant potential source of supply emrent, or other 
stabilizing means be provided in a variable potential 
supply. Rasch has developed the equation for sta¬ 
bility with a constant potential supply and the equation 
also applies at any one instant with variable voltage 
supply. Thiseq\iationis 

El) K,L 

S =‘ r ~ T2 


where „ 

S = What might be called “Stability Umts. 

Ea = Overvoltage or generator voltage minus arc 
voltage. It is the voltage required to force 
the current through the ballast resistance. 

I = Current in amperes flowing in the welding 
circuit. 

L = Arc length in inches. ^ 

JE, = A constant of the electrode called Stability 
Constant.” 

In Fig. 3, it is plotted for extreme values of the con¬ 
stants as they appear in welding. It vriU be noted 
that as the current increases, a variation m the constats 
has Uttle effect on the stabiUty, all curves fallmg 
between 0.1 and 0.2 stability units at 600 mperes. 

Chemical stability is no doubt due to violent chernicm 
ructions taking place in the arc, usually between ^e 
electrode materials and surrounding atmosph^. It is 
weU known that as the current is increa^d from zero, 
the arc is at first silent, then the voltage drops making 
a volt—ampere curve of seemingly hyperbohe form. 
This is show in Fig. 4 from A to B. At B it drops 
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suddenly and continues on in much the same form 
from to CK The arc, after passing the critical 

point B, hisses. This drop appears to be due to the 
introduction of the vapor of a second-class conductor 
a product of chemical reaction, and this same chemical 
reaction produces the '^hiss.^* If a hissing arc is 
surrounded with a chemically inert atmosphere, the 
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OVERVOLTAGE 
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the plate, and this allowed substantially infra-red 
light only to reach the plate. At the left, in Fig. 5 
the drop has reached maximum size and is about ready 
to capillary across to the deposit. Note that the drop 
is almost completely surrounded by the arc flame and, 
just prior, it was so surrounded. In the center, the 
drop has just touched the deposit metal. Note that 
the flame has disappeared and that a white hot, but 
still solid, collar is left on the end of the electrode. At 
the right the drop is about to neck off re-establishing 
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Pig. 3—Rasch’s Equation for Stability Plotted as 
Curves, using Extreme Values op Arc Length, Ballast 
Resistance, and Stability Constant 

hiss ceases and the arc voltage rises to values indicated 
on the line S-C. 

Most surface materials affect the stability constant 
of the electrode because they are vaporized and enter 



Fia. 5 —Three Stages op the Tkansper op a Singi-k Droi- op 
Molten Metal as It Takes Place in Metalltc Arc Welding 

the arc. The collar is still in evidence. This collar 
qmte evidently represents the material receiving 
ma^mum contact with the surrounding atmosphere 
while at temperatures most apt to combine with the 
oxygen and nitrogen. An inert surface material which 
is fluid and tends to wet this white hot collar obviously 
protects it from contact with the surrounding atmos¬ 
phere. Thorium oxide is such a material and a mild 
steel electrode coated with it ^ves an arc practically 
as shent as that between carbons. 

In Mg. 6 this arc is shown at the left. Note the 
large sjm of the drop as compared with the one at the 
TOnter from the same electrode uncoated. The elec- 
trode wth thorium oxide permits the drop to form 
without being literally blown off before reaching 
maximum size by violent chemical action. At the 



AMPERES 

Fig. 4-Voli-Ampere Cvrveb op the ‘'Hissing’' and 
Silent” Arqs 

mcal stability of the areaccordmg to Rasch’s equation. 

^ ^ picture of the welding arc taken 

m h infra-r^ light showing three stages of the transfer 

paper, a light filter wa. interposed between the arc and 


Fig. 6-Abos with Three Types op Electrons 

Left coated with thodum oxide 
Oeuter uncoated 

Right coated with berylium oxide 

right is an ^c from the same electrode coated with 

is smaller than that 
from the imcoated electrode at the center. The 

deta^ed very rapidly. Each of these views^ was 
sel^ted from several thousand pictures taken as repre¬ 
senting the largest drop in each case. ^ ^ 

lead to a few remarks on arc tybbs 
aU of which may be produced by surface mateSls! 
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At any eertain current, every electrode tends to give 
some one of the four recognizable arc types. The one 
at the left is a steady core type while the one at the 
right is a sheath type; the hollow center of which 
cannot well be represented by photography. In the 
steady core type the arc tends to pull off the bottom 
center evading the upper edge of the drop. In Pig. 7 
the reverse is true, an erratic core type arc being shown 


account of resistance heating before the current density 
is raised to the point that a saturated arc results. 

The influence of surface materials on the heating of 
electrodes is another phase of the matter of practical 
significance. Most electrode heating is due to poor 
holder contact and so perfect contact must be assured 
in studying the effect of surface materials themselves 
in this respect. In Fig. 9 are shown the curves 
obtained by allowing the same dectrode to reach 



which tend.s to pull off only from the upper edge of the 
drop. Thi.s i.s a very difficult arc for the welder to 
han<lle. A saturated arc i.s shown in Fig. 8, the arc 
strouni pulling off from the entire cross-section of the 
tflcci rode. This is probably the most satisfactory are 
for t he welder to hamlle. The sheath type is probably 
tv .special form of the erratic core type, or vice versa. 



Fia. 8— Satukatkd Type Arc 


the arc merely pulling off from all Pomts of the up^r 
edge of the drop at once. This leads to the concl^ 
that the different arc types are the resultant of the 
absolute resistance of the arc vapor stream ^d tne 
relative resistance as between the central and outer 
portions. A steady core type arc often may be 
to a saturated type by merely mcreasmg 
density. Some electrodes melt m them entirety on 


equilibrium temperatures in the air at various currents, 
the surface only being varied for each curve. It will 
be noted that less current is required to heat what is 
known as a bare electrode as shown in Curve A, pos¬ 
sessing only the residual wire mill lubricants as a coat¬ 
ing, than the heavier coated Green Surface shown in 
Curve B, or the polished rod shown in Curve C which 
is free from all surface materials. Conversely, the 
Green Surface and polished rods will carry higher 
welding currents than the so-called bare finish. 
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9—Effect of Electrode Surface 

A. Bare 

B. Green surfaced 

O. Polidied 

To most people the practical application of all this 
fundamental theory is the interesting thing. Both 
operating characteristics and weld properties may be 
controUed through the inteUigent employment of sur¬ 
face materials appUed to metalUe arc welding electrode. 
Possession of the handbook data on the subject permits 
deliberately designing an electrode for a spedfic pur¬ 
pose. Not many years ago, electrodes were devel<^d 
by hit and miss experimenting and a use found for them 
after they were developed. Handbook data cannot 
very well be developed without a knowledge of the 
fundamental theory. It would be like trying to design 
structural members without a knowledge of moment 
of inertia, for example, which requires calculus to 
compute. For obvious reasons, most of the electrode 
designer’s handbook data of which the author h^ 
knowledge must, for the time beings be kept a. trade 
secret of the research laboratory of the company where 
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It originated. No attempt, therefore, will be made to 
be si^fic or give reasons, but merely a few of the 
pr^tical applications involving surface materials on 
welding electrodes will be cited. 

One of the earliest applications was in Europe where 
mtffnating current is largely used for welding. The 
bare electrode seldom gives suffident stability for a-c. 
welding as a commerdal process and so slag or flux 
coated electrodes were developed. The welding of 
imld steel has b^ome a production process subject to 
afl the competition of other such process^. The 
d^trode, therefore, must exactly fit the job. Every 
M^t set-up represents a different set of conditions 
to be met. Sometimes quality is involved. The 
wdd must be free from blow-holes. These are the 
result of a r^ betyeen the escaping gas and the solidi- 
tyng metal in which the gas loses and is imprisoned in 
the weld. Fig. 10 shows the blow-holes in a piece of 
staMess steel. Such steel offers a splendid oppor- 
tumty to study the subject of blow-holes because they 
are generally elongate and thus indicate their origin, 
their extent of travel, and direction of travel. Through 
the proper use of surface materials on the electrode 



Fio . 10—Longitudinal Cross-Section of a Chromium 
^ebl Metallic Arc Weld Deposit used to Study Blow- 
Holes in Welds 

the distribution of arc heat may be controlled and the 
blow-holes held at the bottom of the weld allowed to 
reach tne center or the top, or to escape entirely leaving 
asormdweld. 

The sigmficance of blow-hole control through the 
UM of surface materials is indicated in the report 
of a 46-mi. all metallic arc welded pipe I j n e i The 
coated dectrodes which happened to be devdoped in 
the author’s laboratory were used for welding the 46 
mil^. When completed, the entire line was tested 
at 650 lb. per sq. in. pressure without showing a single 
blow hole leak. 

Often oxides and nitrides are found in arc welds 
representing a content of 1 per cent in mild sted, 
while all other elements, other than iron, are not over 
H P&r cent. Thus in determining the physical prop¬ 
erties of the weld in so far as such properties de¬ 
pend on the chemical analysis of the deposited metd, 
these oxides and nitrides are often the predominating 
f^tor. Surface materials may be used to protect 
the transferred metal so that the brittleness incident 
to the presence of oxides and nitrides is reduced or 
ehminated. 

competition may demand that wdds be made 
at h%h rates of speed. For example, J^in. plate 
welding has been done by Jbeveling the edges and run- 
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uing three layers of weld metal, usually brushing and 
often caulking each layer as laid. For the highest 
quality work of this sort, three feet per hour per opera¬ 
tor is good practise. By using the surfaced electrode 
developed in the author’s laboratory, which alters the 
arc h^t distribution, sound welds fuzing clear through 
a J^-in. plate have been made at a rate of over 20 ft. 
per hour on plates butted together without beveling 
and with one passage of the electrode. 

Some feats which are at least impractical in any other 
way imy be accomplished through the use of surface 
materials on electrodes. For example, safes and 
vaiflts are often lined with stainless steel because the 
oxyg^ cutting torch will not successfully cut it. In 
forming stainless steel into tanks and other articles it 
bwomes desirable to cut it, (say, for a manhole), 
where shearing is impractical. The author’s laboratory 
has developed a metallic cutting electrode which, on 
account of the structure of its surface materials, readily 
cuts stainless steels. It also cuts and welds under 
many extreme conditions. It has even been used to 
lay down a weld deposit under water. 

These^ are only a few out of the very many practical 
applications of a knowledge of surface materials on 
metallic arc electrodes. Furthermore, the effect of 
surface materials is only one consideration of arc weld¬ 
ing. Metallic arc phenomena are extremely complex 
and when used for welding, the complexity is tre¬ 
mendously increased. Knowledge of the subject is 
very far from complete and probably the greatest 
opportumty for future fundamental research lies in 
discovering adequate means for measuring the arc 
thermocouple voltages. 

Discussion 


to discussion by Mr. Green is to answer 

repTOterCri presentation of the paper. The questions are not 

J. A. Oreent The diameter of all the electrodes shown in 
the pictures was */i6 in. and we used a lower current value than 
would be considered proper in practical welding, about 12.5 or 
160 amperes. 

The low current was used to give slower melting of the elec¬ 
trodes so that the moviiig pictures could be taken more satis¬ 
factorily. If the currents had been different the pictures would 
^obably be different. We were searching along broader linos , 
We were trying to find out, first, whether or not these four 
i^damentals had any effect at all, whether the chemical compo- 
sition and structure of the rod and surface materials really did 
affect the wel<hng rod. If we go into the subject still deeper 
such matters will certainly be taken into account. 

Thorium oxide and berylium oxide were used as coatings but in 
practise those materials are too'expensive and they are not 
suitable for other reasons. For example, thorium oxide will 
permit the production of an extreme example of a steady core- 
type are. It protects the neck of the drop of molten metal from 
air contact. In those two respects it might be considered an 
excellent surface material for electrodes, but unfortunately it 
forms a very bad slag on the weld deposit. This is a ooky slag 
which is very adherent and difficult to remove in the case of 
multiple-layer welding. The thorium oxide used for these 
experiments costs #48 a pound which would prohibit its com- 
m^ialuse. 
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For these pictures we have endeavored to use extreme eases, 
not picking necessarily the commercial case, but endeavoring to 
go as far as we could in any one direction. 

The question was raised as to why the are sometimes passed 
to the top of the puddle and sometimes to the bottom. 

I have done a great deal of speculating on that point and up to 
the present have been unable to devise any experiments 
either to prove or disprove a hypothesis. I believe that to be a 
matter of relative, and what I might call absolute resistance of the 
arc stream. The relative resistance refers to the core and the 
sheath, if you can imagine the space between the electrode ends 
and the weld deposit as having a core and a sheath. If the 
core has a relatively high electrical resistance, the are will pull 
off from the upper rim, because the outside sheath is of relatively 
low resistance. If there is not sufficient current flowing so that 
the arc can pull off from all points at once, it naturally will 
jump around from one point to another, forming the erratic 
core-type arc. However, if there is enough current flowing so 
that it pulls off all points at once, it forms a sheath-type arc. 
At any one current density, it might form either an erratic core¬ 
type or a sheath-type, depending on the absolute resistance of 
the vapor. 

All of these pictures are of hand welding. We didn’t find the 
automatic welding so favorable for taking these pictures. It 
may be we didn’t have the proper control devices. 

The same source of current was used for all the pictures, a 
constant-potential source with a large excess of ballast resistance. 

Fluxes used in gas welding, I think, are employed very largely 
to dissolve the oxide, while in electric welding (and this is more 
or less my theory) I believe that they protect the welding rod 
from air contact and therefore formation of embrittling oxides 
and nitrides, but they have also another function, and that is 
the distribution of heat. I think in metallic arc welding the 
solution of the oxides is probably their least function. 

E. Herzog: (by letter) Mr. Green has done pioneering work 
of great importance in his arc photographs. In his theoretical 
work, however, the assumption of various thermocouple com- 
]>inations requires further explanation. Thermocouples as 


usually defined in physios do not seem to be able to generate 
the voltages or convert the quantities of energy appearing in the 
arc, even at- arc temperatures. Can Mr. Green explain just 
why he has east overboard all accepted explanations of arc 
phenomena in favor of his theory? 

J. B. Greens Mr. Herzog refers to accepted explanations of 
arc phenomena, which I infer he feels apply to arc-heat distribu¬ 
tion, and asks why I have cast these explanations overboard. 
While probably I am familiar with much of the explanatory 
matter which has been published concerning arc phenomena as it 
relates to arc-heat distribution, I do not know that this has been 
accepted. Furthermore, I did not intend to leave the impres¬ 
sion that I have cast overboard these explanations. My thermo¬ 
couple theory of arc-heat distribution is merely an effort to add 
another explanation and, if possible, make it more rational. 
From the days of the classic investigation of Hertha Ayrton, 
investigators have observed arc phenomena which could be 
interpreted as voltage drop or elevation at the arc terminals. 
The theory of thermocouple action seems to be a rational explana¬ 
tion of these voltage changes, except on one count, and that is 
the apparent magnitude of the voltage change. It is an estab¬ 
lished fact that the voltage change occurring in thermocouples 
composed of solid metals is quite small. In the metallic arc, 
new conditions are introduced. The junctions are between 
molten metal and a vapor. Usually they are also operating at 
extremely high temperatures. , Until someone actually measures 
the thermocouple voltages in the metallic arc, who can tell just 
what effect these factors have on the action? My attitude to¬ 
wards my own thermocouple theory is neither to accept nor reject 
it until someone has actually measured the voltage changes. 

My theory has been deduced by reasoning from incomplete 
experimental data but, so far as I know, the same applies to all 
other theories covering the same subject. I am inclined to the 
opinion that when the matter is completely worked out and 
proved, the theories previously advanced will be found useful 
in explaining all thermocouple action, while thermocouple action 
itself will be found to be the true explanation of arc-heat 
distribution. 
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however, only the first item has been disetbssed in an attempt to show 
that the cooling of the electrode and the arc core by dissociation of the 
surrounding gas has the preponderent influence on the stability of 
the arc. 

4c « « « « 


Introduction 

T he term ‘‘stability” of the welding arc can be 
interpreted in various ways and in accordance 
used ‘^o^'litions under which the welding arc is 

In this paper, only one phase of this problem is 
iscussed, namely, the influence of the various gases 
on the arc conduction of the current and on the voltage 
nece^ry to maintain the arc. The stability of the arc 
IS judpd here by the average voltage drop across the 
short iron welding arc. 


Arc Conduction 

The metellic welding arc is a combination of two 
metors, distinct, yet depen<ieiit upon one another. 
The conduction of the electric current is one factor and 
the transfer of the material across the are stream is 
another factor. Both these factors are greatly in¬ 
fluenced by the gas surrounding the arc. The first 
factor, perhaps, is more directly affected; therefore, 
only the first one will be discussed in this paper. 

It is a well established fact that the conduction of the 
electric current in the arc is an ionic phenomenon. 
At any instant in a given volume of the arc core, th^ 
IS about an equal number of electrons and positive 
ions. These carriers of the electric charges travel 
under the influence of the electrostatic field in opposite 
directions. The electrons migrate towards the anode, 
while the positive massive ions hombard the surface of 
the cathode spot. 

It is this bombardment by the positive ions that keeps 
the temperature of the cathode sufficiently hi gh to 
permit the thermionic emission of the electrons. 

Since the electrons are moving at a much hi gher 
velocity than the positive ions, the relative number of 
these carriers is not the same. The number of electrons 
greatly exceeds the number of positive ions passed 
through the arc in a unit of time, so that practically the 
total current is carried by the electrons.' Yet without 
the continual production of the positive ions, the arc 
phenomena would be impossible; hence both factors 
play equally important roles and any condition affect¬ 
ing one of these factors (or both e.t the same time) will 
have great influence on the stabili ty of the arc. 

•Research Engr., General Eleolrio, "West Lynn, Mass. 

1. For numerical roforonees stie Dilbliography. 
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Thermionic Emission op Electrons from the 
Cathode 

The first factor,—that is, the thermionic emission of 
the electrons from the cathode,—is a function of tem¬ 
perature and is expressed by the well-known Richard- 

_ Q_ 

son’s formula! I = A e ^ The temperature is the 
first and the most important factor. 

The second factor is the nature of the material of 
the cathode. Various substances at the same tempera¬ 
ture will emit vOTy different electronic currents. Among 
the substances giving the largest thermionic emissions, 
calcium oxide holds a marked place. If calcium oxide 
be present in sufficient amount on the surface of the 
electrode of a vacuum tube the thermionic emission may 
increase several hundred times over that produced by 
an electrode made, for example, of pure iron. In the case 
of the arc conduction of the current, it can be expected 
that CaO present on the surface of the electrode will also 
greatly facilitate the maintenance of a stable arc. 

The third factor affecting the thermionic emission 
froip the cathode is the gas surroimding the cathode. 
Various gases infiuence this emission to different degrees. 
The gas that has the most marked effect is hydrogen. 
Owing to its strong electropositive nature the first 
gaseous layer next to the cathode creates such a steep 
potential gradient, that the electrons will escape the 
surface of the cathode with great facility. 

Taldng, again, the example of calcium oxide, it is 
established that the thermionic emission from that 
compound surrounded with hydrogen increases very 
considerably. The thermionic current from incan- 


v 

t* / ^ ^ 2 a represents the general law of thermionic 

emission and is applicable to the various substances. 

I represents current in amperes 

d represents absolute temperature which is given bv 
(9 « 273 H-deg. cent. 

6 represents 2,718 

A and Q are constants which have various values for different 
substances. Thus for thermionic emission in air at low pressure: 


Substance Q ^ 


Platinum. 131 X 10^ 6.& X 10^ 

Carbon. 196 X lO* 10^® 

Sodium. 63 X103 20* 

Baryta. 83 X 10* 7 X 10^ 

Bime. 80 X 10* 5 X lO^^ 

Magnesia. 79 X10* 4 
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descent calcium oxide in air at low pressure is 0.05 am- 
pere.s per .sq. cm. If hydrogen replaces the atmos¬ 
pheric gases, the thermionic current at the same tem¬ 
perature will be 1000 amperes per sq. cm. of the cathode 
.spot. Even a trace of hydrogen is sufficient to increase 
the thermionic einksion. 

Ionization 

I*as.sing now to the con.sideration of ionization, 
the first factor to be analyzed is the ionizing potentials 
of the materials pre.sent in the state of gas or vapor in 
the space between the electrodes. 

The ionizing potential expressed in equivalent 
volts is the potential through which the electron must 
fall to acquire a sufficient energy to ionize the gaseous 
atom or molecule, fi'he amount of energy necessary 
to produce this effect is proportional to the stability 
of the at omic structure. Since the helium atom pos- 
.sesses the most .stable atomic structure, the ionizing 
po1,ential for that gas is the highest. After helium 
comes neon, and .so on, until calcium, and finally 
(ruesium 1 which recjuires the least energy for ionization) 
is reached. 
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From examination of Table I it may be concluded 
that if the vapors of alkaline earths or alkali metels 
be present in the space between the electrodes striking 
and maintaining the arc would be much easier than in 
air. The voltage required to strike the arc and the 
voltage across the established arc will be lower. This 
conclusion is quite in accord with the experimental 
data.^ 


From Table I it may also be seen that the ionizing 
potentials of certain monatomic gases are very much 
higher than those of molecular gases. Helium, for 
instance, has the highest ionizing potential—^namely, 
24.5 volts—whereas the ionizing potential of nitrogen is 
only 16.9 volts. 

At first glance it would seem to be much easier 
to strike and maintain the welding arc in nitrogen than 
in helium; yet experiments indicate that the contrary 
is true; in fact, it requires much lower open-circuit 
voltage to strike the arc in helium than in nitrogen. 
With certain precautions, 20 volts are sufficient to strike 
the arc in helium, whereas at least 30 volts are necessary 
to strike the arc in nitrogen.® 

This apparent paradox can be explained by the fact 
that in monatomic gases the electron impacts below 
the ionizing or radiating potentials are elastic. In 
helium, for instance, the electron impacts below 20 
volts (minimum radiating potential) are elastic. The 
electron does not lose its energy at the first or second 
collision, but rebounds and proceeds in a zigzag course 
until it falls through the potential giving it sufficient 
energy to bring the helium atom into an excited state 
at the next impact. If an excited atom which already 
had absorbed 20 volts is again hit with an electron of 
sufficient energy, then the helium atom will be ionized. 

This preservation of the energy of the bombarding 
electron during the successive impacts explains the 
possibility of drawing the arc in helium with lower open 
circuit voltage than in nitrogen. 

In nitrogen as in all diatomic gases the electron 
impacts are not elastic. In that case the accumula¬ 
tion of energy by an electron falling through the po¬ 
tential should be fast enough so that in spite of con¬ 
tinual losses during the encounter with the molecules, 
it will be able to acquire energy suflicient to ionize. 
Therefore the striking voltage in molecular gases must 
be considerably higher than in monatomic gases. 

Cooling op the Arc 

The next factor affecting the ionization is the dis¬ 
sipation of energy and therefore the cooling of the 
crater and the arc core. It is a well established” fact 
that it requires much greater voltage to strike the arc 
with water cooled electrodes than with electrodes 
allowed to become incandescent.® 

• The gases surrounding the electrodes and the arc 
core in certain cases cause such effective cooling that 
the arc voltage or the voltage necessary to strike the 
arc is very much higher. If the open-circuit voltage 
of the welding generator is not increased the arc becomes 
very unstable. 

From an examination of the tables giving the physical 
constants of the gases, it may be seen that helium has 
the highest coefficient of heat conductivity: namely, 
0.000339 calories per deg. cent. Yet the cooling effect 
of that gas on the arc is not greatly different than that 
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of air of which the coefficient of heat conductivity is 
only one-sixth as great; namely, 0.0000568. On the 
other hand, if helium be compared with hydrogen, 
which has about the same coefficient of heat conduc¬ 
tivity (0.000327) it will be found that the cooling effect 
of hydrogen is many times greater than that of helium. 
This indicates that the cooling effect of the gas is a 
function of some other much more powerful factor than 
the mere dissipation of heat by conduction.'^ 

The well-known experiments conducted by Dr. 
Langmuir on heat losses from incandescent tungsten 
filaments placed in hydrogen established that the power- 
fid cooling effect of that gas is due to the absorption of 
energy by dissociation at high temperature of the 
molecular hydrogen into the atomic state.* However, 
the mere fact of the dissociation of the molecules into 
the atomic state is not sufficient to produce the cooling 
effect. To produce that, the dissociation products 
should diffuse away from the arc core so that the re¬ 
combination of the atoms into molecules with the 
inevitable restoration of the absorbed energy will occur 
at a sufficient distance from the arc core. Otherwise 
there will be an immediate restitution of the absorbed 
energy which excludes the possibility of the cooling 
effect. The most energetic cooling effect produced by 
hydrogen is due not only to the fact that the whole mass 
of that gas in the first gaseous layers next to the arc 
core is dissociated into atonoic state, but also to the 
fact that the atomic hydrogen rapidly diffuses away 
from the arc core. 


per mol.® If, in spite of this enormous heat of 
dissociation, this gas does not produce any appreci¬ 
able cooling of the arc, it either is not dissociated by the 
arc or the products of dissociation cannot be blown off 
the arc, but recombine in the immediate vicinity of the 
arc core with full restoration of the absorbed energy. 

For purposes of elucidation if possible on this interest¬ 
ing point, the writer made the following series of ex¬ 
periments: 

After preparing and purifsdng a sufficient amount of 
carbon monoxide, a steam of that gas was passed as 
shown in Fig. 1 tlmough a cylindrical clear fused quartz 
vessel in the middle of which were disposed two tung^n 
electrodes. The flow of the gas was adjusted so as to 
duplicate as nearly as possible the conditions of an 
actual welding operation, if such be made with carbon 
monoxide as a shielding gas. The out-flowing gas, 
after passing through a vessel filled with an aqueous 
solution of NaOH, was conducted to a quartz nozzle 
and burned in contact with the atmosphere. By bring¬ 
ing into contact and then withdrawing the tungsten 


Arc Voltcge of on Iren lAfclding Arc of 100 Amperes ,3 ^/m, 



The most common gas met in welding is, of course, 
nitrogen, since it constitutes 78 per cent of the atmos¬ 
pheric air. This gas also dissociates into the atomic 
state in the first gaseous layers next to the are core. 
The heat of dissociation of nitrogen is 274,000 calories 
per mol, that is, almost three times as great as 
that of hydrogen, (98,000 cal. per mol), so that it 
has the greatest capacity for absorbing energy from the 
arc. If the products of dissociation, that is, the atomic 
nitrogen, could be blown away from the arc in the gamp 
way as the atomic hydrogen is blown away from the 
arc, the atomic nitrogen would be three times as 
efficient a heat transmission medium as the atomic 
hydrogen. However, the dissociation of nitrogen into 
the atomic state does hot begin until the temperature 
is 3500 deg. cent., whereas the dissociation of hydrogen 
is appreciable at 1800 deg. cent. A small percentage 
of nitrogen is dissociated in the first gaseous layer 
next to the arc core, but as soon as it leaves that region 
it recombines into the molecular state, with a complete 
restoration of the absorbed energy. Therefore the 
cooling effect of this reaction is neglible. 

Carbon monoxide presents an interesting subject for 
study because, in spite of a very high heat of dissocia¬ 
tion it is the gas in which the welding arc can be main¬ 
tained with the greatest ease. 

The heat of dissociation of carbon monoxide as 
calculated from the band spectra is 258,000 calories 


M/xrttres /fydrsfsn mVh Mixtures ef Or/fen with 

eiihsr Crrhtn piucidotr OtrAsn, either Mtrefen »r Aryen, 

Fig. 1 

electrodes, an arc of 30 amperes and 28 volts was 
established in the stream of gas for one minute. At 
the end of 60 sec. the arc was hardly visible through 
the black deposit on the inside walls of the vessel. 

The color of the flame of the outflowing gas was 
changed from the characteristic pale blue of carbon 
monoxide to yellow. 

The following condusions may be drawn from the 
above observations. Since the three known oxides of 
carbon—namely, CO, CO 2 , and C 2 O 3 —are not solids 
at room temp^-ature, the black deposit could be either 
pure carbon, a mixture of carbon and condensed tung¬ 
sten vapor, or tungsten carbide. The chemical analy¬ 
sis of the deposit indicated, however, that the black 
deposit was carbon. 

The experiments repeated with various mixtures of 
Hj and CO indicated that the presence of H 2 does not 
prevent the formation of the black deposit. The 
dilution of CO merely reduces the amount of the de¬ 
posit per unit time. However, when the experiment 
was repeated in pure argon, the walls of the vessel 
remained perfectly clear. 

It may be conduded that carbon monoxide is dis¬ 
sociated by the arc and that one of the products of 
dissodation was diffused away. 




H>2.S 


ALEXANDER: THE STABILITY OF THE WELDING ARC 


709 


I'his IS an apparent contradiction to the well-known 
I'act that the dissociation of carbon monoxide begins 
only at an extremely high temperature. Therefore, the 
gas should behave in this respect like nitrogen. This 
contradiction, however, is apparent only, since that 
react ion took place in the presence of readily oxidizable 
inalerials, and the heat of formation of the secondary 
reactions of the liberated oxygen (and probably a part 
of carbon) (:onipen.sates for the cooling effect of the 
first reaction. 

However, since the gas has a smoky appearance in the 
immediate vicinity of the arc core it may be inferred 
that the liberated carbon was condensed into the solid 
state in tlie region next to the arc core. Since the heat 
of sublimation of carbon is quite accurately Icnown, it is 
pu.ssibleto represent theitbovereaction by theequation:®' 
(’/ (gaseous) - C(solid) + 141,000 calories 
.s(» t hat even in the absence of other secondary reactions 
of oxidation and carburation of the electrodes, the 
<‘on«len.sation of carbon alone restores the greatest 



arc in that gas, by observing that only a certain percentage 
will be dissociated. Therest of the gaswill be in molecular 
form and that with regard to the ionization by succes¬ 
sive electron impacts carbon monoxide behaves in an 
astonishingly similar manner to mercury vapor.“ 
Owing to the existence of several critical potentials 
both these gases may accumulate the energy neces¬ 
sary for ionization by steps, and as in mercury vapor, 
so in carbon monoxide gas it is possible to maintain an 
arc with a very low voltage. 

Carbon dioxide gas is dissociated in the arc into 
oxygen and carbon monoxide. A part of the produced 
carbon monoxide will undergo further dissociation into 
carbon and oxygen. However, in the presence of an 
excess of carbon dioxide, the amount of dissociated 
carbon monoxide will be very small. 

The heat of dissociation of carbon dioxide into 
oxygen and carbon monoxide is 68,000 calories per 
mol. If the products of dissociation are blown 
off the arc, the arc will be always binning in carbon 
dioxide, which through its dissociation will produce a 
very strong cooling effect causing instability of the arc. 

The voltage drop may be as high as 30-35 volts and 
the arc will be very unstable. If, however, the arc is 
maintained in a more or less stationary atmosphere of 
the dissociated carbon dioxide, it will be stable, and the 
arc voltage of an are of say 176 amperes will be only 
19 volts. 

Fig. 2 shows the relationship between the compo¬ 
sition of the gaseous atmosphere and the arc voltage 
at an iron welding arc of 100 amperes, three milli- 


parf. of the energy previously absorbed from the arc core. 

'I'he oxidation of tungsten, that is formation of 
WO.! or WO:i give respectively 131,400 and 196,300 
calorie.s per mol. 

In the case of iron the formation of Fea O 3 or Fe» O 4 
produces 197,700 and 270,800 calories, respectively. 
In other words, the condensation of the gaseous carbon 
and the oxidation reaction supply an amount of heat 
almost sufficient to neutralize the cooling effect of the 
first reaction. The as yet unpublished results obtained 
by other experimentators, communicated to the writer, 
indicate that in the arc maintained in C O thereareformed 

products of poly merization such as C# Off or (C C)) a. 

If this is correct, then the mechanism of dissociation 
of Cl 0 may be explained in a different way, namely, 
the products of polymerization diffuse away from the 
arc core without absorption of energy, and being unsta¬ 
ble, break up in the cooler regions of the arc. This ex¬ 
planation of the mechanism of dissociation seems to 
the author to be the most plausible. 

The most remarkable property of carbon monoade is 
its stabilizing influence of the welding arc burning in 
any gas to which carbon monoxide is added in sufficient 

amount. . . , .i • • * 

This property is quite astonishing because the ionizing 

potential of this gas is high; namely, 14.3 volts. This 
fact, however, can be reconciled with the stabihty of the 


meters long. 

Conclusion 

The stability of the iron welding arc is influenced by a 
number of factors, such as the nature and the aerody¬ 
namic state of the surrounding atmosphere, the stren^h 
and distribution of the magnetic field, the composition 
of the electrode, the nature and the amount of gases 
included in the electrode, etc. In this paper however, 
only the first item has been discussed in an attempt to 
show that the cooling of the electrode and the arc core 
has the preponderent influence on the stability of the arc. 
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Discussion 

Elihu Thomsons The paper is one which sums up in a 
brief way the result of a lot of study that has been given to the 
subject by Mr. Alexander. 

^ Mr. Alexander, of course, has made a great point of dissocia¬ 
tion. Dissociation in the way that he deals with it means simply 
that a molecule by the delivery of electric energy is broken up 
into atoms. He deals with hydrogen dissociation, which forms 
the basis of the Langmuir atomic-hydrogen process of welding, 
where an arc is formed and is fed with hydrogen, which passing 
tlirough the arc is dissociated into atomic hydrogen. Conse¬ 
quently, the process is called the atomic-hydrogen method. It is 
known that a very large amount of energy is required to separate 
hydrogen from hydrogen, and as the atoms leave the arc and the 
gas falls in temperature slightly they recombine and there is 
enormous restoration of the energy which was demanded to 
dissociate them. 

Mr. Alexander deals with such a process and applies it to other 
gases and compounds. Let us take the case of carbon monoxide. 
Carbon monoxide, as he shows, requires for its dissociation a 
large amount of energy. This would indicate rather high voltage 
in the arc. But he also studies it in this way. Does the energy 
come back, and where does it come back? It comes back at once 
close to the locus of dissociation. He shows that the gases do not 
diffuse away, and calls attention to that property of carbon it¬ 
self, which being vaporized, is immediately condensed into the 
solid form, in the form of what we might call “soot,” if we could 
see it. He shows that in the condensation of the vaporized 
carbon we have also an enormous output of energy. The carbon 
might be visible, if we could separate it from the oxygen, but 
the oxygen dissociated from the carbon monoxide is there to 
recombine, and it also represents a store of energy given out when 
it recombines with the carbon. Mr. Alexander so accounts for 
the properties of the carbon-monixide are, which has been found 
to be one of the best stabilizers for arcs drawn in other gases. 
A mixture of carbon monoxide with hydrogen, for example, gives 
an excellently stabilized arc as compared with what you would 
get with hydrogen alone. 

Eugene Herzog: It is only in one minor point that I fee^ 
obliged to disagree with the author, z.e., in his application of 
Langmuir’s dissociation theory to carbon monoxide. It does not 
seem logical to me to assume that the fact of no energy absorption 
would explain the stabilizing influence of carbon monoxide on 
the arc; a more active participation of carbon monoxide through 
easier ionization probably due to resonance potentials seems a 
necessary assumption. A hasty search of literature did not dis¬ 
close the existence of any resonance potential, but data seem 
entirely lacking on the subject. 

F. Alexanders Referring to Mr. Herzog’s question, I will 
say that in Table I, I give the ionizing potentials not only of 
atoms but also of molecules. For instance, if we take oxygen, the 
ionizing potential of atomic oxygen is given as 13.56. When 
oxygen is in a molecular state it requires a slightly higher energy 
to ionize the molecule. The value given is 15.5. And so on. 
Most of the given values refer to the atoms, because when these 
elements are vaporized they are in an atomic state, not in a 
molecular state. The molecular state of these elements is not 
stable. 

Undoubtedly certain molecules are what most of the physicists 
in this country call in an excited state. That is, they have 
already absorbed & certain amount of energy. Ionization of these 


excited molecules is easier, so that energy necessary for a bom¬ 
barding electron to ionize them will be less. 

The absence of absorption of energy does not explain the 
stabilizing properties of carbon monoxide. It explains only why 
in spite of the observed dissociation of a certain amount of carbon 
mono^de the arc core is not cooled by this reaction. In certain 
oases it may happen that the subsequent reactions of the dissocia¬ 
tion products with other materials present in the arc may 
liberate more energy than the amount absorbed from the arc 
core. In sych a case the arc core will be heated instead of cooled; 
thus the dissociation of one mol that is one gram-molecule of 
carbon monoxide absorbs 248,445 calories which can be expressed 
by the equation: 

CO = Of, H- 0 — 248,445 calories 
The (Cfl) gaseous carbon condenses immediately'^ into solid 
carbon thus: 

C (gaseous) = C (solid) plus 141,000 calories 
Also the atomic oxygen recombines into molecular state with 
evolution of energy thus: 

^ (O -1- O) « MOi + 81,000 calories. 

And finally if the molecular oxygen combines with tungsten 
vapor that reaction will yield: 

H W -j- O 2 = WO 2 4* 65,700 calories 
so that the total amount of the liberated energy will be 141,000 
+ 81,000 H- 65,700 which equals 287,700. However, the stabiliz¬ 
ing property of eai'bon monoxide depends not on the absorption 
or evolution energy, but as I stated “owing to the existence of 
several critical potentials.” 

With regard to the literature on this subject, I would refer to 
the reference (11) given at the end of my paper. 

C. H. Keels I think that two years ago Mr. Alexander pre¬ 
sented a paper describing the use of tHe metallic electric welding 
process in an atmosphere of hydrogen. I wonder if there has 
been as much development in that process as there has been.in 
the case of tunpteu electric welding in hydrogen, and if there are 
any practical limitations to that process. 

P. Alexander: The development of the shielded-arc process 
is going on in our works, but as is the case with all the new proc¬ 
esses it is not sufficient to establish the fundamental facts about 
the process before it is commercialized. It is necessary also to 
evolve the technic of handling that process. The present work 
which we are doing in our factories consists of the development of 
the technic. 

We also find that there are certain limitations to the process. 
For certain work, this process is not suitable. We find that in 
other fields, unexpected fields, this process is very suitable and 
gives better results than we expected it would. 

A. P. Wood, in his paperi tells of the application of this i)roc- 
ess to large generators. 

J. W. SheKer: Does the atomic-hydrogen process produce 
welds free from oxides? 

P. Alexander: It does. The resistance to corrosion of 
atomic-hydrogen welds is not definitely ascertained as yet, but I 
believe that it should give higher resistance to corrosion than 
welds with oxides and other impurities. 

Experimentally, atomic hydrogen was used on welding plates 
up to 2 in. thick, but in practical work I believe much lower 
thicknesses should be used. If you wiU notice, in the pamphlet 
issued by the General Electric Co., thicknesses up to in. only 
are recommended. 

1. Welding and Manufacture of Large Electrical Apparatus, A. P, Wood, 
see p. 717. 
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Synopais, -Thr of ore uu’ldiny far couHlruclinq buildings^ 
oiovhitivtg^ Jindgr^t vtr,^ haa eomt: into yroinincncc during the 
jKist eighirt n mouihi^^ due to thr merits of the process becoming 
recognized by a number of designers. Undoubtedly within the 
next fen^ years the. ajtplications tf the process will be extended 
rapidly as one aeatlablc data are corroborated and amplified and 
as the limitations of the process become well defined. 

The are welding proeess of joining steel viemhers to produce, a 
fabrieaied strnetnre^ either to replace rweting or to take the place 
of eastings^ will prodnee resnlis not obtainable in any other way 
known at pre,sent. Among the advantages of arc welding are the 
following: 

t. The weight of materbds reffuired in a member or slructure 
con he redueed by as much as IS per cent, 

■I*, No material is removed from mv7nhers for welded connections 
snrh tts eieti holts fttr riveted eonsirnetinn. 


5. The weight of connecting material in some cases can be 
reduced 50 per cent to 90 per cent, 

4, Absolute fiixalion of one member to another can he easily 
and economically oh tamed. 

5, Continuity of members intersecting others can he readily 
obtained, 

6, Greater rigidity can be obtained in a ,^truclure. 

7, Overlapping members can he completely sealed by weld 
metalt thereby excluding moisture^ preventing corrosion^ and making 
a structure easier to paint, 

8, Changes in or additions to structures can he made with a 
great savhig in both time and expen"c, 

9, More pleasing designs and in some cases, designs impossible 
by other processes, can he produced, 

10, The welding process is practically noiseless. 


I N the ptist when beams or columns were required of 
section Kreater than the largest commercial rolled 
shapes available, they were constructed of angles 
for flanges and stifrenera and a plate for a web as shown 
in Fig. 1. Today, by using the arc weld process, a 
similar beam can be made from plate material exclu¬ 
sively (See Fig. 2). The former girder weighs798lb., 
and carried a maximum central load of 68,900 lb. The 
latter weighed 18 per cent less, or 656 lb., and carried a 
maximum load 18 per cent greater, or 78,000 lb. The 
loa<l deflection diagrams of these two girders are shown 
by Fig. 8, as 20 and 20-A, for riveted construction using 
angles and plates whereas 21 and 21-A are designed for 
welding u.sing plate material only. This latter desugn 
WHS used for the large second floor girders in the Sharon 
are wehled building (Fig. 4.) These occurred in pairs 
over the erane itjnway illustrated in Fig. 5. These 
girders weighed S) tons each, whereas girdera made of 
angles for flanges and stiffeners for riveted design had 
an e.stimat.<Ki weight of 11 tons which shows 18 per cent 
saving. Since there are 22 of these girders in the build¬ 
ing, a total of 44 tons of .steel is saved by the welded 
tlesign. 

For the fir-st are wehled girder type railroad bridge, 
this .sjime eonstruction is u.sed for the main .side girders, 
each weighing 6 tons, (Fig. 6). This bridge has a 
span of 58 ft. 9 in. and is 62 ft. 4 in. long over all, 
requiring 20 tons of steel. 

One of the advantoges observed in the design and 
eon.strucik>n of this bridge was the ease of connecting 
the inside sketch stiffeners to the main girder webs 
and top faces of the floor beams as compared with the 
connection details which would be required for riveted 
construction. 


J, Weldiug Kiigineer, Westinghouse Electric & Mfg. Co., East 

Pittelmrgli, I'a. . r w n 

PrrHfHlnl at the Winkr Coneenlion of the A. /. a. E., New 

Yorl:, K. r.. F>h. 1.1-17,1928. 


The advantages of not punching holes in members 
for welded construction are almost too obvious to 
mention as indicated by the following example: 

To show the advantages gained by simply substi¬ 
tuting arc welding for riveting in tension members, two 
specimens were prepared as shown by Nos. 17 and 18 
in Fig. 7. Specimen No. 17 comprises two angles 2J4 
in. by 2 in. by 3/16 in. by 4 ft. long with their 2}^ in. 
legs located against two shank plates % in. by 5 in. 
by 1 ft. long, with the angles overlapping the plate 
ends four inches. The heel and toe of each angle was 
welded along the 4-in. length and across the ends of 
each angle to the shank plates. Specimen No. 18 was 
slightly different in that the angles were 4 ft. 2)4, in. 
long, overlapping the shank plates hy 6)4 in., and were 
riveted to the shank plates with 6 rivets of ^ in. 
diameter, power driven in 11/16 in. diameter holes. 

The comparative failures of these specimens are 
.shown by Fig. 8. The welded specimen first failed 
through the 2)4-io- leg followed by tearing through the 
2 -in. leg adjacent to the end of the shank plates. Tlie 
riveted specimen failed through the first rivet hole at 
the end of the shank plate. 

The following tabulation gives the pertinent data: 


Bpuclmen 

Lb. elastic 

Lb. ultimate 

Ultimate load In 
' lb. pei^ sq, in. of 
sectional area 

number 

limit. 

load 

of the 2 anglo.s 

17 

70,000 

94,000 

58,000 

18 

, 60.000 

72,000 

44,500 


In addition to the fact that the welded specimen was 
more than 80 per cent stronger than the riveted speci¬ 
men, it is interesting to note, in passing, that the elonga¬ 
tion of the welded specimen was 168 per cent greater 
than the riveted specimen, the values being 1.12 in. 
over a length of 4 ft. Z)4 in. for the riveted specimen, 
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and 3 in. for the welded specimen measured over a 
length of 40 in. 

lit The weight of connecting material for welded joints 
is very much less than for equivalent riveted con¬ 
nections. For example, the 9-in. I-beam, (Fig. 9), 
required only two poun^ of weld metal to attech it to 
the columns and it withstood a maximum central load 
of 67,200 lb. In the case of the specimen. Fig. 10, 
the connecting angles and rivets weighed 22 lb. and the 



Pig. 1—Riveted Girder 

Girder 16 ft, long, 14-15/16 in. deep, weight 798 lb. Four ilange angles 
4 by 3 by 5/16 In. 10 web stiffener angles 3 by 2 by 1/4 in. 12 filler 
plates 2-1/2 by 5/16 in. and two 5 by 6/16 in. Web plate 14 in. by 5/16 
in. Performance is shown in Pig. 3, curve No. 20. 







Pig. 2—Arc-Welded Girder 

Girderjl6 ft. long, 14-3/4 in. deep, weight 666 lb. Two flange plates 
10 in. by 3/8 in. 16 web stiffener plates 3 by 1/4 in. Web plate 14 by 5/16 
in. Performance is shown in Pig. 3, curve No. 21. 
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Pig. 4—Largest Arc-Welded Building Produced to Date 

Five stories and mezzanine floor 70 ft. by 220 ft. by 80 ft. high, 790 tons of 
steel; saving 96 tons of steel since a riveted building of same design would 
require 886 tons of steel. Location, Sharon. Pa. 



157912 



Eia. 5—^ViBW Down Crane Runway op 790-Ton 
Abc-Welded Building 

Showing 9-ton girders made up of plate material, only saving 2 tons of 
steel a^ each would require 11 tons of steel for riveted construction. 


Pig. 


u OA o;3 0.12 0.16 0.20 0.24 0.28 

DEFLECTION IN INCHES 

3—^Load-Dbplbction Curves op Riveted and Welded 
Girders Shown in Pigs. 1 and 2 

Curve 20a is a specimen duplicating the riveted girder in Pig. l. Curve 
No. 19 is a specimen using identical material except that the connections 
were made with weld metal Instead of rivets which reduced the weight of 
complete spedmen to 786 lb. Instead of 798 lb. Curve No. 21a is a speci¬ 
men si milar to arc-welded girder shown in Pig. 2, except that 4 additional 
web stiffener plates were used and all stiffeners were made 4-1/2 in. wide; 
also atop cover plate 9 In. by 6/16 in. by 6 ft. long was added, maJdtag the 
total weight 795 lb. 



Pig. 6—All Arc-Welded Railroad Bridge op Through- 
Girder Type 
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specimen carried only a central load of 58,700 Ib. or 
12 ’ 2 per cent less capacity with 11 times the weight of 
connecting material. 

The load dellection diagi’ams of these specimens 
are shown by Pig. 11 curves No. 8 and No. 9, 
respectively. 

'J’hese ssimc specimens illustrate the fact that com- 
l>lete iixation of the 9-in. /-beam to the column was 



obtained in case of the welded specimen as all failure 
was due to buckling of the beam top flange and crippling 
of the web. In the case of the riveted specimen the first 
failure was the bending of the top angles followed by 



Pi«. }>—^Aiic-WKi.PED Beam 


Beam mtunbor is a 0 in. 21.S lb, 7 ft-11-3/8 in. lonj? woldod at ends bo 
10 in. H columns 40-1/2 lb. por foot. JPorforniance shown by 9 

curve No. 8. 



Fjc;. 


'rKNMION-TK.^^T iSPKOIMKNS WmLDKO /\Nt) lllV’^KTlOD 


Fig. 10—Rivktro Beam 


No. 17 is ttrc-W4»IiIrtl, No. 1.8 Is rivohtd. I >ofU*cMou curves aro shown 
III KIk N. 



TJm wcWM »iK-clin<.n No. 17 folliKl Just ouUiWo the shank plate tlirough 
1 he nnRhsi at 9t,(Kl(» Ib. and elonKhUon of 3 In. on 3 ft-41n. contera. Blvo^l 
.sp.<dm.it So. IS failed Ihrotigh Brat rivet hole at 72.000 Ib. and elongation 
ofonly 1.12ln.on4(t 3-l,'2lo ei^nleif. 


Specimen same as shown in Fig. 0. except that beam is secured to column 
by 1 /2 in. thick angles and 20 rivois 3/4 in. dlamotor. Porfomance shown 
by Fig. 9 curve No. 9. 



0,12 0,16 0j20 0.24 

PEaECTION IN INCHES 


0.28 0,32 


Pio. 11 —Load-Defleotion Cubves op Beams 
IN Figs. 7 and 8 


Also Ourvo 7 shows a specimen similar to Fig. 7 except that seat angles 
Z) 4 in, by 3 In. by 3/8 In. by 6 in. long and top plates C 4 by 7/16 by 6 in. 
long were used as shown in sketch. 
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Beam member 6 in. 1-12-1/2 lb. 18 in. long arc welded fco columns. Beam 
deflected 3-S/S in. with 100-ton load. 



Fig, i3 —Riveted Beam Construction 


Beam member .same as for Elg. 8 but secured to column by 1/2 in. angles 
and 32 rivets 6/8 in. diameter. Beam deflected 1 in. with 60-ton load when 
top angles failed, 



Fig. 14—^Typicaii Column Connections in 790^Ton 
Arc-Welded Sharon Building 


. .Oontinuity of^2Q in. l^jSflJlh. heskder g^ders secured by plates in column 
just above the 16 in. I floor beams. Continuity at bottom of 20 in. -I 
secured through seat angles under 16 in. I floor beams. 


flange buckling and web crippling. These character¬ 
istics are shown possibly even better in Fig. 12, which 
specimen carried a maximum load of 100 tons whereas 
specimen Fig. 13 carried only 60 tons when the top 
angles failed. In these cases, the connecting material 
ratio is ten to one in favor of welded connections which 



Fig. 15 —Welded Beam Construction 


Two cantilever 9 in. Bethlehem I-beam.s 20-1/2 lb. secured to 8 in. H 
column 32 lb. using seat angles 4 in. by. 3 in. by 3/8 by 5 in. long, top reen- 
foiuing plates 4 in, by 1/2 in. by 4-1/2 in. long. Continuity plates, 3 ip. 
by 6/8 in, by 6-5/8 in. long located in column, give the effect of mAWfag 
beams continuous thi*ough the column. Failure took place by crippling of 
beam webs. Performahce shown in Fig. 13 Curve No., 2. 



Fig, 16—Close-Up op Specimen Duplicate op Fig. 11 

Shows stress lines on beam webs and no failure of welded connections. 
This specimen was coated with cement to accentuate the stress lines. 
Performance shown by Curve 2 of Fig. 13. 



Fig. 17—Specimen Simi;lar to Fig. 11 Except Continuity 
Plates were Omitted in Column ; 

As a result of onodtting oontlaulty plates the column web buckled. Per¬ 
formance shovm in Fig. 13 Curve No. 4. 

involved lb. of weld metal arid 15 lb. of angles and 
rivets, with improved performance for the welded 
stimeture.' 

The advantage of obtaimng continuity of lines of 
beams or girders by welded ebnriectiorie lifes in the frict 
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KlCi. IS—LoAD-DbpLECTION CuitVBS op Specimbn’s in 
Flos. 10 AND 12 


that the designer can save weight in the structure. 
For example, in the 790-ton Sharon building, 61 tons of 
steel was saved by designing floor beams and header 
girders for continuity. The continuity of the girders 
through the columns was obtained by welding con¬ 
tinuity plates in the columns in line with the top flanges 
of the girders as per Fig. 14. That this construction 
will produce continuity is illustrated by Figs. 15 and 16, 
which show failure by crippling of the 7-beam web with¬ 
out any sign of weld failure whereas if the plates in the 
column are omitted as per Fig. 17, the column web will 
fail as indicated. The loads in these cases being 70,000 
lb. for the former and 53,400 lb. for the latter. The 
load deflection curves for Figs. 16 and 17 are shown by 
No. 2 and No. 4, respectively, of Fig. 18. 

The application of continuity and reduction of con¬ 
nection details for the design of the first arc welded 
truss-type railroad bridge Mg. 19 resulted in a saving 


Also Curve 3 shovtrs u spocimon similar to Fig. 10 nxcopt that no ami, an- 
gles or top roonforcing platns wore used. 



Fitj. 11) -First Tuttss-Type Arc-Wklpi3d Railroad Bridqb 
AT CiiicorwK Falls, Mass. 


W<?ldoa bridge uso.s SO tons of stool. Rlvotod bridge dasign spoclflod 
120 tons of sterol. 



Fia. 21 —Closb-dp View of Addition, Fio. 15 



Pig. 20— Two Bays Being Added by Arc Welding to a 
Small Arc-Welded Building 

Making structure 40 ft. by 100 ft. by 40 ft. to tops of columns. A saving 
of over 10 per cent was made compared with estimated riveted cost. 


Shows small amount of disturbance in masonry whoro members aro added 
to an existing structure by arc welding. 

of 33 per cent by weight in the steel required in 
the structure. The welded bridge involves 80 tons of 
steel whereas the riveted design requires 120 tons of 
steel. In the case of the welded design, the connection 
details are only about 5 per cent of the weight of the 
structure, whereas the connection details for the 
riveted design are about 30 per cent of the weight of the 
structure. 

Where corrections in, or additions to, existing struc¬ 
tures are to be made, the arc process will show tre¬ 
mendous savings, and as a result, much workof this type, 
such as the reenforcing of the Great Western Railroad 
Bridge, at Leavenworth, Kansas, over the Missouri 
River, has been performed recently. In this ca.se, over 
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110 tons of plate material, etc., were added to the struc- 
ture at a figure considerably below the riveting cost. 

In the case of the 3-bay welded building, Fig. 20, 
it was decided to add two bays. To do this, only a 
relatively small amount of outside masonry was re¬ 
moved to permit of the welding being done as illustrated 
by Fig. 21. 

The major saving in this class pf work is in the 
elimination of drilling holes for rivets and tearing away 
masonry on the rear side of the members to 
permit backing up the rivets while being driven. 

Due to its many, merits, such as lower costs, absence 
of noise, etc., the arc welding process will undoubtedly 
corne into gi’eater and greater use. The information 
which is accumulating from its use on relatively simple 
buildings will make it available in combination with 
riveting for larger and more complicated structures, and 
should lead eventually to the possibility of its use almost 
exclusively on the largest and most complicated struc¬ 
tures built of structural steel. 


Discussion 

J. W. Owenss Mr. Candy brought up two points to which I 
should like ton^fcr; 

Tim lirst. ono is that he partially admitted the advantage, or so- 
calU^d advantage, claimed for the riveted joint, namely, the 
possibility of its adjustment by slippage under load as against the 
II on-slippage of the welded joint. This is a point which welding 
engiiuiers have not conceded. 

In the first place, if a structural engineer could produce an 
intcgi’al building or one without a joint, in other words the most 
perfect building that could be constructed, he would do it. 
Jle d(H»8 not do so because of mechanical and commercial con- 
sidoratioiis in thc^ manufacture, shipment, fabrication, and 
erection of the steel. The nearer then that we can approach the 
ideal of a homogeneous structure, the more perfect will be our 
buildings, au<l welded construction approaches this ideal very 
closely. 

Again, a rivetf'd joint is known, from tests to slip at 16 to 20 
piir cent of its ultimate strength, and once a riveted joint starts 
to slip, you do not know what results such slippage will have on 
the loads which other parts of the structure will be required to 
stand and for which such parts were probably not designed. In 
(healing with naval architects I have found that they have a 
tendency to stress tho so-called advantage of joint slippage 
becausf» of the comidex stresses that the ship*s hull is subjected 
to in service. My point of view is that if welded joints have a 
working strength greater than the elastic limit of the material 
welded, the elasticity of tho base metal will take care of such 
stresses. Any stress beyond the elastic limit of the material 
welded will permanently deform the structure regardless of 
whether it is welded or riveted. Practically, then, the most 
perfect Kiructurc that can bo made is one in which all the joints 
are welded. However, it should be designed specifically for 
welding. 

The second point I should like to call attention to is Mr. 
Candy’s remarks about tho slotted joint. This joint was, I 
think, first introduced in airplane construction and is today 
used extensively in this class of work, the tubing being slotted for 
an insert plate as shown in the accompanying Pig. 1 at A. The 
Newport News Shipyard has recently extensively employed the 


slotted joint in the construction of the hull structure of the 
S. S. Virginia, This ship is a sister ship of the California, 
and the largest merchant ship to be built in the United 
States to date. In this case, the tops and bottoms of her tubular 
pillars, some of which were 22 in. in diameter and of % in. 
material, were slotted for plates as shown in C, thus making 
possible a joint which was twice as strong as the original riveted 
joint obtained by means of a forged angle-ring riveted to the 
pillar. This welded connection was made at about one-fourth 
of the cost of the riveted one. Two of the other applications to 
which I have applied this joint are shown in B and D. This 
type of joint will be found very useful in the development of 
various structural designs. This was called to the attention of 
the American Welding Society at its fall meeting in Detroit, 
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Pig. 1—^Various Applications op the Slotted Joint 


I should like to emphasize that, in all my experience with 
practically every type of welded structure, I have rarely come 
across a case in which the structure would not be cheaper if 
welded instead of riveted, provided it had been specifically 
designed for welding. In my opinion, the time is not far distant 
(perhaps it vdll be within the next seven or ten years) when we 
shall have completely welded ships. The Newport News Siiip- 
yard is now welding the major portion of non-strength parts of 
ships constructed at this yard and a number of the important 
strength members, e. g,, pillars, rudders, frames, etc. Before 
long, it is expected, we shall be completely welding bulkheads. 

A* M. Candy s Referring to Mr. Owen’s remarks relative to 
flexibility in structural steel connections, I wish to make the 
following comments. In riveted designs for beam-to-column 
conneetions as the beam is loaded it will be deflected to a certain 
point, depending upon the loading on the beam, which results in a 
certain amount of bending in the connection angles which secure 
the beam end to the column. The very act of bending of the 
connecting angles relieves the stresses which would otherwise be 
imposed on the connecting material. In designing steel struc¬ 
tures for welding the amount of weld metal which may secure the 
beam to the column in so far as handling the shear load on the 
connection, may be entirely inadequate to take care of the stresses 
which may result at the connection if this amount of metal is 
placed where it will restrain the end of the beam from separating 
from the column by the amount which it would have separated 
had a standard riveted connection been employed. If, for 
example, the top and bottom flanges of a given beam are to be 
welded to a column the amount of welding used must be sufficient 
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to eaiTy all of the stresses which will be thrown into the connec¬ 
tion point when the beam is loaded, said stresses to be calculated 
upon the basis that the beam end is fixed to the column and can¬ 
not move with the deflection, of the beam under load. These 
secondary stresses which are produced through the connection 
due to the fixation of one member to the other may in some eases 
be several times the normal loading which would result on a 
standard riveted connection. I believe that if Mr, Owens j^ves 
this point some little thought, he will readily see the idea which 
the speaker had in mind when briefly mentioning this very 
characteristic. 


Relative to the slotted construction used in airplane-fuselage 
manufacture, I believe that Mr. Owens will find that the gusset 
plates used at the connection points are not slotted but that the 
tubular members are slotted so that they will slip on over the 
gusset plates, which are solid, welding being performed around the 
edges of the tubes whore they come in contact with the gusset 
plates. As a matter of fact, .slotting the gusset plates in this type 
of joint would defeat the very purpose which it is desired to 
accomplish, namely, to have a solid continuous web member 
throughout the tubing sections, which are joined by the gusset 
plate. 


Welding and Manufacturing of Large Electrical 

Apparatus 

BY A. P. WOODi 

Associate. A. 1. E. E. 


Synopsis.—The object of this paper is to show how extensively supplanting the casting and machinery of parts and describee 
electric welding is being wsed in the fabrication of large elcdrical briefly Uie welding eguipment developed for this purpose and sottis 
apparatus. It outlines the use and advantages of welding for of the electrical machines produced by this method. 


T he steps required in producing an electrical 
machine of iron or steel castings consist chiefly of 
engineering, drafting, making patterns and cast¬ 
ings, machining, assembling, and finally, filling and 
painting. 

The tendency of the present day, however, is to 
produce machines, particularly the larger electrical 
machinery, of welded steel plates. It is possible now by 
following the new modern process of fabricating a 
machine practically to eliminate the pattern shop as 
well as the foundry. 

Welding passed beyond the experimental stage 
several years ago. Previously, it was principally used 
for repair work. Automatic welding equipment has 
recently been developed, which guarantees a much 
better weld, thus greatly reducing the possibility of 
personal error present in hand welding and insuring 
uniformity throughout the length of the weld. Con- 
aderable time and money is saved by resorting to 
automatic welding wherever possible, as it is more 
rapid than hand welding and there is no loss of welding 
wire as in the case in hand welding. 

A drafting depiartment can quickly produce simpli¬ 
fied drawings calling for steel plates to be cut by flame, 
some of which are easily rolled circular, and then rhostly 
automatically welded together, thus producing a stator 
or rotor. 

By making these large structures of fabricated plates, 

1. A-o. Engg- Dept., General Bleotrio Co., Soheneotady, N. Y. 
Presented at Oie Winter ConvenHon of the A. I. E. E., New 
York, N. Y., Feb. lS-17,19IS8. 


no expensive patterns are required. Valuable pattern 
storage space, which had to be increased as time went 
by is thereby released and can be used for other manu¬ 
facturing purposes. Foundry space is reduced and the 
substitution of welded forms for castings results in a 
great saving of time and eliminates the possibility of a 
defective casting due to cores diifting, blow holes, cold 
shots, and pouring gates, which require time to bum and 
machine off. 

The work of the machine shop is reduced to a mini¬ 
mum, as the plates arc-welded together have approxi¬ 
mately the finished dimensions, while in a casting there 
is of necessity a great amount of excess metal which is 
never twice alike and which requires excessive 
machining. 

The first use of welding in a-c. machine construction 
was spot welding the armature-core air-duct spacers 
to the laminations instead of riveting them on. The 
next development was the adoption about 11 years ago 
of welded clamping flanges for holding the stator 
laminations. These flanges consist of sheared-off steel 
fingers arc-welded to steel retmning plates.' About 
this time, arc-welded air deflectors made of sheet iron 
and angle iron were introduced. 

In 1924, the General Electric Co. designed and built a 
1400-kv-a. machine having the stator frame of welded 
steel plates. This stator conristed of two side plates 
having the supporting feet as part of the plate. The 
outride wrapper plate, foot plates, and ribs for retaining 
stator punchings, were then hand-welded in place. 
It was lighter than a similar cast machine, and deflec- 
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tion tests proved it to be much stronger. The chance 
of breakage due to handling while in the course of 
manufacture, or to short circuits after being installed, 
was greatly reduced. During the three intervening 
years, practically all stator frames of our machines 
have been changed over to this new form of construction. 

When the steel plate frame is ready for painting it is 



Pig. 1 —Stator-Frame Automatic Welder for Frames up 
TO 14 Ft. Diameter 

of nice appearance, as any scale attached to the plates 
has. been removed by sand blasting. No filler being 
required, the surface is quickly finished with a paint gun. 

These years of experience have justified the making 
of arc welded steel-plate machines as large as 40 ft. in 



Pig, 2—Stator-Prame Automatic Welder for Frames 
< Exceeding 14 Pt. Diameter 

diameter for slow speed, and as high as 10 ft. for high 
speed, and up to the present writing, of capadty up to 
100,000 kv-a. 

Very extensive tests have been made on samples of 
plates welded together with single-, double-, and triple¬ 
layer welding—both hand and automatic—so that 
there is no question about the sort of welding to use for 
any particular design. 

Wherever possible, on vertical or horizontal stators, 
rotors, bearing brackets, etc., hand welding has been 
superseded by automatic welding. On large diameter 
stators two or tnore circular plates made of segments, 
when in the same plane, are welded together by a semi¬ 


automatic hydrogen-enveloped arc. This results in a 
ductile weld that is easy to machine or grind and will not 
break if accidently stressed by being dropped in 
handling. 

For general work, three principal types of automatic 
welding machines have been developed. On the first 
type of welding machine, the welding heads are station¬ 
ary and the piece to be welded is rotated past the heads. 
It is, however, only practical to rotate the work up to a 
certain diameter (see Fig. 1). With the second tsrpe 
of automatic welding, used for larger diameters, the 



Pig. 3— Stator with Punchings fob 50,000-Kv-a. 
Synchronous Condenser 


radial arms of the automatic welding mac hinp jtre 
made to rotate by a motor drive. Fig. 2. The 
third type of automatic welding is a straight-line 
welder in which the work is stationary and the welding 
head is moved. 

The large automatic welding machines shown in Figs. 
1 and 2 weld from 6 to 8 ft. per minute. The current 



Pig. 4—^A Welded Rotating Stator Frame for Super- 
synchronous Motor 

used is between 300 and 400 amperes at 20 to 30 volts, 
depending on the gap between the pieces to be welded. 
Direct current is used. 

The semi-automatic hydrogen-enveloped welding 
uses approximately 250 amperes at 40 to 60 volts, as it 
requires a higher voltage to maintain the arc. 
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The welding rod, or reel, on the automatic machines 
is of G. E. Type-B shielded wire, which consists of a 
steel core and outer steel layer between which is the 
flux. A high speed of welding is possible with this wire. 

A large horizontal stator of 50,000 kv-a. is shown, 
Fig. 3. You will note the supporting feet are cut out as 
part of the side plates and welded to a heavy plate which 
is drilled for the holding down and adjusting bolts. 
The stator is split horizontally to aid in shipping, the 



Pig. 5 —^Welded Beam Base fob 2600-Kv-a. Synchkonous 
Condenser 

two halves being held together by bolts and dowels 
inserted in the rectangular blocks, which were com¬ 
pleted as a unit before welding in the stator. As a 
result of arc welding, we have produced large stator 
frames in 90 deg., 120 deg. and 180 deg., sections that 



Fig. 6—Vertical Water-wheel Driven Generator 
Practically Entirely Welded 

require no setting up on expensive iron floors for 
machining or dowelling at the splits, as this operation 
is entirely eliminated. The ventilating air openings 
are located in the circular outer apron, or wrapper 
sheet, and are covered with punched metal covers. The 
laminations are mounted on the welded ribs and 
clamped tightly together by welded non-magnetic 
steel clamping flanges. 

A rotating stator frame for a G. E. super-synchronous 


motor built up of arc welded rolled plates is shown in 
Fig. 4. 

The next step in the elimination of castinp on the 
horizontal machine was to replace the cast iron base 



Pig. 7—^Welded Rotor Spider fob 19,700-Kv-a., Rev. per 
Min. Generator 

with one of welded beams. (See Fig. 5.) This design 
has been developed and built for machines up to 60,000 
kv-a. 

Fig. 6 shows a medium sized vertical alternator, the 
mechanical parts of which are almost entirely of welded 
construction. The stator frame is similar in consfa:nc- 
tion to the horizontal stator previously described. 



Pig. 8—Welded Air Deflector 


except that the bottom plate is of larger diameter, to 
permit of fastening to the foundation plates. A heavy 
rolled ring is welded to the top of the outside wrapper 
plate for supporting the top bearing bracket. 

A structural steel welded uppo* bearing bracket con¬ 
sisting of two rolled I-beam girders between which is 
bolted a welded housing carries the upper guide bearing 
and supports the thrust bearing which carries the weight 
of tiie rotor, waterwheel runner, and thrust. The ends 
of these girders are cut off to a rather large radius and a 
steel plate is rolled to this radius and welded to the web 
of the beam. This construction does not appredably 
affect the strength of the beam and gives the structure 
a more plGn.<ring appearance. The platform around the 
exciter is made of plates, welded together, and the exciter, 
itself, has a frame made of a steel slab rolled to shape. 
Where the load on the uppo* bearing bracket is so large 
that rolled steel beams of sufficient aze cannot be 
obtained, these brackets are made up by plates welded 
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together. We have recently finished two such fabri- 
eated beams similar in section to the rolled I-beam 
which are 30J4 ft* long and 6 ft. high. The flanges and 
webs are welded together throughout their entire 
length. Between these beams is carried a welded 
thrust bearing housing designed to support a load of 
850 tons. 

A large number of cast rotor spiders has been 
replaced by various designs of welded plate construc¬ 
tion. On the smaller spiders the hub is cut from thick 
steel plate or made from casting stock, to which is 
welded a center web-cut out of heavy rolled plate. 
The rotor rim is steel plate rolled to the proper diameter 
and welded to the center web. This outside rim may 
be either a single plate with a butt welded joint or 
made of two rolled plates having the joints staggered 
and welded together completely around the outer 
edges. Since the rim plate is welded to both sides of 
the web plate around the complete periphery, the 
welded joint of the rim does not have to take the entire 
load of the centrifugal force of the poles. 

For the larger class of rotors a welded-plate spider is 
used to support a rim built up of thin laminations. 
Sudi a design for a 19,700-kv-a. generator is shown in 
Fig. 7. The center spider consists of circular plates 
for the top and bottom members which are welded to 
a center hub. Plates are spaced around the outer 
periphoy of the plates which serve as a backing sup¬ 
port for the rim laminations and are slotted for keys 
which transmit the torque from the shaft to the rim. 
Bolted to the bottom drcular plate are segments of 
heavy plate which act as a braking surface and in 
addition support the wdght of the rim. This type of 
design has been quite generally adopted as standard 
for the larger slow-speed va*tical generators. 

Welded structural-steel bearing brackets for support¬ 
ing the^ lower guide bearing have been standard on 
large diameter vertical machines since about 1922. 
Ordinarily, these brackets are built of rolled shapes 
fabricated by flame cutting and welding. Mounted on 
the lower bracket are combined brakes and jacks which 
are also fabricated of parts welded together. 

The original cast iron enclosing shields for positive 
ventilation on horizontal machines have been replaced 
by a combination welded and riveted sheet iron sh iel d. 
Fig. 8. dearly shows the method of obtaining a large 
radius to the shields which is pleasing to the eye a nd 
seems so necessary when castings were used. An open- 
type spot-welded shield has been standard for a good 
many years. 

The development of the art of welding and flame 
cutting has marked a new era in the design of electrical 
machines, particularly those which are either very 
large or special. The advantages of obtaining a struc¬ 
ture which is homogeneous, free from possible casting 
defects, long and costly machining, and which lends 
itself so admirably to changes in design without any 
more expense than the change of a drawing, are, in the < 
writer’s opinion, so great that they cannot be ignored. 


Discussion 

F. D. Newbury: I wish to endorse and, if I can, emphasize 
what Mr. Wood has just said about the fundamental importance 
of this change in our machinery construction. 

The introduction of welding and the use of rolled sections, 
instead of castings, has given the designer an entirely new basis 
for his design. Instead of the foundry and the pattern shop 
we have substituted the steel rolling mill, the gas torch, and 
welding equipment. As one man has recently expressed it, a 
fabricating shop for electrical machinery now is something like 
a carpenter's shop: it contains a stock of standard shapes, 
something to cut them to the proper size, and something to nail 
them together into the shape desired. 

I would also emphasize the fact that to obtain the advantage 
of this new construction, the designer must design his structure 
for welding rather than for casting. 

Mr. Wood also pointed out, I believe, that unless the designer 
does so take advantage of the new method, there is apt to be 
little saving in cost in the structural parts over corresponding 
ca^t parts. The great saving, and the ob'sdous saving, is in the 
elimination of patterns. So this new method is applicable 
generally to special designs for larger machines that are seldom 
duplicated. 

To take full advantage of this new method, raacliine operations 
as such must be eluninated as much as possible, and in our own 
experience we have found it possible already to build frames for 
machines of very large size with no machining operations 
except drilling the holes for certain through-bolts. 

But, while there are obvious advantages from a cost and 
delivery standpoint in the elimination of patterns and in the 
eliimnation of eastings, this very fact has introduced rather 
serious problems for the factory administrator. It is not an easy 
thing for the factory manager to become reconciled to the fact 
that he is losing his foundry load, and it is a real problem for the 
manager to face, to scrap millions of dollars of factory equip¬ 
ment due to the introduction of a new method. But American 
managers have always boasted of their willingness to scrap 
obsolete equipment and they are now faced with the fact that a 
great deal of the foundry equipment of the electrical manufac- 
facturers and undoubtedly other manufacturers, as they take up 
this new work, must be scrapped in favor of a newer and less 
expensive method of construction. 

We have also found an incidental, ad vantage in the changed 
attitude of mind of our foundry friends. Since they have 
experienced this new competition there has been less thought 
about tonnage and more attention .has been given to methods of 
reducing foundry costs, as for example, through use of thinner 
sections. 

Of course, this new method will not completely eliminate 
castings by any means. The casting method will show lower 
costs, for parts of smaller diameters, and for parts that require 
considerable fabrication work, and particularly where the size 
and volume of the output warrant machine-foundry methods. 

There is just one more point I should like to call to your 
attention, that the advantages of structural materials in our 
electrical machinery have been recognized for many years. 
Some 28 years ago the 5000-kw. engine-type generators that were 
built for the Interborough elevated and subway plants in New 
York City had a completely fabricated rotating part, with 
riveted built-up spiders. About 18 years ago we attempted to 
design a line of d-c. machines with entirely structural parts, 
but that plan was abandoned because there was no satisfactory 
low-cost method of assembling available at that time. 

About 15 years ago I was interested in a structural frame 
design that we gave up because of cost. There riveting was 
contemplated instead of welding. 

So it should be placed to the credit of the welding process 
that we are now able to make these savings and achieve these 
very desirable results in electrical machinery design. 

B. L. Barns: A very important advantage of welded 



Feb. 1928 


WOOD: WELDING OF LARGE ELECTRICAL APPARATUS 


721 


eonstnietion is the greater freedom of the designer in using 
dimensions and proportions best suited for the electrical charac¬ 
teristics that are desired. When large and expensive patterns 
were used the electrical designs were often compromises. When 
a particular rating was required the proportions of the machine 
were oft(‘n largely determined by existing patterns with the 
result that the active material was not always used to the best 
advantage or some characteristic was not as good as it might 
have been. With this new construction the designer has greater 
freod(mi in choosing the proportions of the active material and 
as a result better machines are being built. 

Another advantage that has been experienced in the factory 
with which I am connected is a material reduction in delays in 
manufacture duo to defective castings. Even though great care 
may b(^ exercised in the inspection of eastings in the foundry, 
oc(‘asionally defects or flaws are discovered after the machine 
work is partly done. If the defect is of a sufficiently serious 
nature it- is necessary to sctrap the casting and order a new one. 
This, of course, upsets tlu^ whole schedule of production and a 
delay in shipment probably results. On the other hand the 
welded constnudion is free from hidden defects and maniifac- 
t-uring delays an^ correspondingly reduced. The absence of 
dt^lays from these causes is an economy that is incidental to this 
t.yp<‘ of construction. 

H. M. Hobaris In spite of all the nice things said about these 
rna-chincss, I think the designs they have been turning out recently 
are quite unbeautiful. I wonder if they can’t, without abandon¬ 
ing all these advantages, bring in a little less unloveliness. 

F, D* Newbury: We have often had this point about 
app('aran(n> of tlu^ machines brought up. My answer has 


always been that a thing is good-looking if it is designed accord¬ 
ing to correct mechanical principles, if there is no imitation 
about it. A straightforward design is always good-looking to an 
engineer. 

B. L. Barns: Our company just recently received an order for 
several large low-speed machines. The standard which was set on 
the floor was flat, like a pancake, and had a large diameter. My 
assistant, Mr. Sills, got the happy idea of building the frame 
with flat sides, a polygon. The purpose of that was to add* 
vertical lines to the frame and make it look higher. The upper 
bearing bracket for supporting the thrust-bearing, we intend 
to build of the girder type, two girders side by side with the 
thrust bearing support in between. So we carried out the same 
idea and made all the lines on the girder straight. We built a 
small model which I took to the customer’s office and exhibited, 
and the enthusiasm for the general appearance was unbounded. 
They didn’t want a round machine after that. 

A. P* Wood: I might answer Mr. Hobart by saying that 
the new generation of designers has probably beeii influenced 
by modern cubist tendencies in art. 

In order to help beautify the welded steel construction you will 
note by photographs in the paper that the effect of rounded 
corners is. obtained by flanging the thinner sheet-metal enclosing 
hoods. In some cases a curve as large as 6 in. is used which 
eliminates the square appearance. But from a manufacturing 
point of view, the heavy plates which are passed through large 
rolls, cold, must remain squared, as in this shape they best lend 
themselves to automatic welding. 

I believe that, as many others have, the more you see of ma¬ 
chines of this construction the better you will like them. 



